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PREFACE 

It is the object of this text to provide fundamental instruction in heat 
transfer while employing the methods and language of industry. This 
treatment of the subject has evolved from a course given at the Poly­
technic Institute of Brooklyn over a period of years. The possibilities 
of collegiate instruction patterned after the requirements of the practicing 
process engineer were suggested and encouraged by Dr. Donald F. 
Othmer, Head of the Department of Chemical Engineering. The inclu­
sion of the practical aspects of the subject as an integral part of the 
pedagogy was intended to serve as a supplement rather than a substitute 
for a strong foundation in engineering fundamentals. These points of 
view have been retained throughout the writing of the book. 

To provide the rounded group of heat-transfer tools required in process 
engineering it has been necessary to present a number of empirical calcula­
tion methods which have not previously appeared in the engineering 
literature. Considerable thought has been given to these methods, and 
the author has discussed them with numerous engineers before accepting 
and including them in the text. It has been a further desire that all the 
calculations appearing in the text shall have been performed by an 
experienced engineer in a conventional manner. On several occasions the 
author has enlisted the aid of experienced colleagues, and their assistance 
is acknowledged in the text. In presenting several of the methods some 
degree of accuracy has been sacrificed to permit the broader application of 
fewer methods, and it is hoped that these simplifications will cause neither 
inconvenience nor criticism. 

It became apparent in the early stages of writing this book that it could 
readily become too large for convenient use, and this has affected the plan 
of the book in several important respects. A portion of the material 
which is included in conventional texts is rarely if ever applied in the solu­
tion of run-of-the-mill engineering problems. Such material, as familiar 
and accepted as it may be, has been omitted unless it qualified as impor­
tant fundamental information. Secondly, it was not possible to allocate 
space for making bibliographic comparisons and evaluations and at the 
same time present industrial practice. Where no mention has been 
made of a recent contribution to the literature no slight was intended. 
Most of the literature references cited cover methods on which the author 
has obtained additional information from industrial application. 

vii 



Vlll PREFACE 

The author has been influenced in his own professional development by 
the excellent books of Prof. W. H. McAdams, Dr. Alfred Schack, and 
others, and it is felt that their influence should be acknowledged separately 
in addition to their incidence in the text as bibliography. 

For assistance with the manuscript indebtedness is expressed to Thomas 
H. Miley, John Blizard, and John A. Jost, former associates at the Foster 
Wheeler Corporation. For checking the numerical calculations credit is 
due to Krishnabhai Desai and Narendra R. Bhow, graduate students at 
the Polytechnic Institute. For suggestions which led to the inclusion or 
exclusion of certain material thanks are due Norman E. Anderson, 
Charles Bliss, Dr. John F. Middleton, Edward L. Pfeiffer, Oliver N. 
Prescott, Everett N. Sieder, Dr. George E. Tait, and to Joseph Meisler 
for assistance with the proof. The Tubular Exchanger Manufacturers 
Association has been most generous in granting permission for the repro­
duction of a number of the graphs contained in its Standard. Thanks are 
also extended to Richard L. Cawood, President, and Arthur E. Kempler, 
Vice-President, for their personal assistance and for the cooperation of 
The Patterson Foundry & Machine Company. 

DoNALD Q. KERN 
NEW YORK, N.Y. 

April, 1950 



CONTENTS 

PREFACE ....•............... 

INDEX TO THE PRINCIPAL APPARATUS CALCULATIONS. 

CHAPTER 

1. Process Heat Transfer. 
2. Conduction. 
3. Convection. . 
4. Radiation . . 
5. Temperature . . 
6. Counterflow: Double-pipe Exchangers . 
7. 1-2 Parallel-counterflow: Shell-and-Tube Exchangers. 
8. Flow Arrangements for Increased Heat Recovery . 
9. Gases ............... . 

10. Streamline Flow and Free Convection . 
11. Calculations for Process Conditions . 
12. Condensation of Single Vapors . 
13. Condensation of Mixed Vapors . . . 
14. Evaporation . . . . . . . . . . . 
15. Vaporizers, Evaporators, and Reboilers. . 
16. Extended Surfaces .......... . 
17. Direct-contact Transfer: Cooling Towers. 
18. Batch and Unsteady State Processes. 
19. Furnace Calculations. . . . . . . . . . 
20. Additional Applications . . . . . . . . 
21. The Control of Temperature and Related Process Variables. 

APPENDIX OF CALCULATION DATA. 

AUTHOR INDEX. 

SUB.Jl!lCT lNDmx. 

ix 

vii 

xi 

1 

6 
25 
62 
85 

102 
127 
175 
190 
201 
221 
252 
313 
375 
453 
512 
563 
624 

674 
716 

765 

791 

847 

851 



INDEX TO THE 
PRINCIPAL APPARATUS CALCULATIONS 

ExcHANGERS 

Double"pipe counterflow exchanger (benzene-toluene) . 
Double-pipe series-parallel exchanger (lube oil-crude oil) 
Tubular exchanger (kerosene-crude oil) 
Tubular exchanger (water-water) ....... . 
Tubular cooler (K.PO, solution-water). . . . . . 
Tubular heater, unbaf!led (sugar solution-steam) 
Tubular 2-4 cooler (33.5° API oil-water) . . . . 
Tubular exchangers in series (acetone-acetic acid) . 
Tubular gas aftercooler (ammonia gas-water) . . . 
Tubular gas intercooler (C02-water vapor-water). . . 
Tubular streamline flow heater (crude oil-steam). 
Tubular free convection heater (kerosene-steam). 
Core tube heater (gas oil-steam) . . . 
Tank heater (aniline-steam) . . . . . . 
Tubular exchanger (straw oil-naphtha.) . 
Tubular 4-8 exchanger (lean oil-rich oil) . 
Tubular cooler (NaOH solution-water) . 
Tubular heater (alcohol-steam). . . . . 
Tubular split-flow cooler (flue gas-water) 
Jacketed vessel (aqueous solution-steam) 
Tube coil (aqueous solution-steam) . 
Pipe coil cooler (slurry-water) . . . . . 
Trombone cooler (S02 gas-water). . . . 
Atmospheric cooler (jacket water-water). 
Electric resistance heater . . . . . . . 

CONDENSERS (TUBULAR) 

Condenser, horizontal (propanol-water). . . . . . 
Condenser, vertical (propanol-water) . . . . . . . 
Desuperheater-condenser, horizontal (butane-water) 
Condenser-sub cooler, vertical (pentanes-water) . . . 
Condenser-sub cooler, horizontal (pentanes-water). . 
1-1 Reflux condenser, vertical (carbon disulfide-water) 
Surface condenser (turbine exhaust steam-water). . 
Condenser, horizontal (hydrocarbon mixture-water) .. 
Condenser, horizontal (steam, C02 mixture-water) .. 
Condenser, horizontal (hydrocarbon mixture, gas, steam-water) 

EvAPORATORS (T\Jl!ULAR) 

Raw water evaporator. 
Power plant makeup evaporator 

xi 

113 
121 
151 
155 
161 
167 
181 
184 
193 
346 
203 
207 
211 
217 
231 
235 
238 
241 
246 
719 
723 
725 
729 
736 
758 

274 
277 
285 
290 
295 
299 
308 
331 
346 
356 

381 
388 



xii INDEX TO THE PRINCIPAL APPARATUS CALCULATIONS 

Process multiple effect evaporator. 
Heat transformer evaporator . . . 
Salt water distiller . . . . . . . 
Cane sugar multiple effect evaporator. 
Paper pulp waste liquor multiple effect evaporator 
Caustic soda multiple effect forced circulation evaporator 
Thermocompression cane sugar evaporator. . . . . . . 

VAPORIZING ExcHANGERS (TUllULA.R) 

Vaporizer, forced circulation (butantHltea.m). 
Kettle reboiler (hydrocarbons-steam) • . . . 
Thermosyphon reboiler, horizontal (naphtha-gas oil) 
Thermosyphon reboiler, vertical (butane-steam) 

ExTENDED SuRFACEs 

Longitudinal fin double-pipe cooler (gas oil-water) 
Tubular longitudinal £n cooler (oxygen-water). 
Transverse £n crossflow cooler (air-water). 

DIRECT CoNTACT TRANSFER 

Cooling tower requirement. 
Cooling tower guarantee. . 
Cooling tower rerating . . . 
Gas cooler (nitrogen-water) 
Gas cooler, approximate solution (nitrogen-water) 

RADIANT HEATERS 

Tube still . . 
Direct fired vessel. 

389 
390 
393 
418 
427 
437 
447 

464 
475 
482 
488 

530 
535 
556 

602 
605 
609 
615 
620 

702 
709 



CHAPTER 1 

PROCESS HEAT TRANSFER 

Heat Transfer. The science of thermodynamics deals with the quanti­
tative transitions and rearrangements of energy as heat in bodies of matter. 
Heat transfer is the science which deals with the rates of exchange of heat 
between hot and cold bodies called the source and receiver. When a 
pound of water is vaporized or condensed, the energy change in either 
process is identical. The rates at which either process can be made to 
progress with an independent source or receiver, however, are inherently 
very different. Vaporization is generally a much more rapid phenome­
non than condensation. 

Heat Theories. The study of heat transfer would be greatly enhanced 
by a sound understanding of the nature of heat. Yet this is an advantage 
which is not readily available to students of heat transfer or thermo­
dynamics because so many manifestations of heat have been discovered 
that no simple theory covers them all. Laws which may apply to mass 
transitions may be inapplicable to molecular or atomic transitions, and 
those which are applicable at low temperatures may not apply at high 
temperatures, For the purposes of engineering it is necessary to under­
take the study with basic information on but a few of the many phe­
nomena. The phases Qf a single substance, solid, liquid, and gaseous, are 
associatedwith its energy content. In the solid phase the molecules or 
atoms are close together, giving it rigidity. In the liquid phase sufficient 
thermal energy is present to extend the distance of adjacent-molecules 
such that rigidity is lost. In the gas phase the presence of additional 
thermal energy has resulted in a relatively complete separation of the 
atoms _or molecules so that they may wander anywhere in a confined 
space. It is also recognized that, whenever a change of phase occurs 
outside the critical region; a large amount of energy is involved in the 
transition. 

For the same substance in its different phases the various thermal 
properties have different orders of magnitude. As an example, the spe­
cific heat per unit mass is very low for solids, J:righ for liquids, and usually 
intermediate for gases. Similarly in any body absorbing or losing heat, 
special consideration must be given whether the change is one of sensible 
or latent heat or both. Still further, it is also known that a hot source is 

1 



2 PROCESS HEAT TRANSFER 

capable of such great subatomic excitement that it emits energy without 
any direct contact with the receiver, and this is the underlying principle 
of radiation. Each type of change exhibits its own peculiarities. 

Mechanisms of Heat Transfer. There are three distinct ways in which 
heat may pass from a source to a receiver, although most engineering 
applications are combinations of two or three. These are conduction, 
convection, and radiation .. 

Conduction.· Conduction is the transfer of heat through fixed material 
such as the stationary wall shown in Fig. 1.1. The direction of heat 

Hof 
face 

?empemfllre Direction 
of of netT/ fl< 

flow will be at right angles to the wall 
if the wall surfaces are isothermal 
and the body homogeneous and iso­
tropic. Assume that a source of 
heat exists on the left face of the 
wall and a receiver of heat exists on hofbody 

t Temp:f*'re the right face~ It has been known 
~ ~ld body and later it will be confirmed by 
~ derivation that the flow of heat per 
~ ~ ·'~--~ hour is proportional to the change 
x=O x=x DistAnce- in temperature through the wall and 

FIG. 1.1. Heat flow through a wall. the area of the wall A. If t is the 
temperature at any point in the wall 

and x is the thickness of the wall in the direction of heat flow, the·quantity 
of heat flow dQ is given by 

dQ = kA (- :!) Btu/hr (1.1) 

The term -dtjdx is called the temperature gradient and has a negative 
sign if the temperature has been assumed higher at the face of the wall 
where x = 0 and lower at the face where x = X. In other words, the 
instantaneous quantity of heat transfer is proportional to the area and 
temperature difference · dt, which drives the heat through the wall of 
thickness dx. The proportionality constant k is peculiar to conductive 
heat transfer and is known as the thermal conductivity. It is evaluated 
experimentally and is basically defined by Eq. (1.1). The thermal con­
ductivities of solids have a wide range of numerical values depending 
upon whether the solid is a relatively good conductor of heat such as a 
metal or a poor conductor such as asbestos. The latter serve as insu:.. 
lators. Although heat conduction is usually associated with heat transfer 
through solids, it is also applicable with limitations to gases and liquids. 

Convection. Convection is the transfer of heat· between relatively hot 
and cold portions of a fluid. by mixing. Suppose a can of liquid were 
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placed over a hot flame.. The liquid at the bottom of the can becomes 
heated and less dense than before owing to its thermal expansion. The 
liquid adjacent to the bottom is also less dense than the cold upper portion 
and rises through it, transferring its heat by mixing as it rises. The 
transfer of heat from the hot liquid at the bottom of the can to the 
remainder is natural or free convection. If any other agitation occurs, 
such as that produced by a stirrer, it is forced convection. This type .of 
heat transfer may be described in an equation which imitates the form 
of the conduction equation and is given by 

dQ=hAdt (1.2) 

The proportionality constant h is a term which is influenced by the nature 
of the fluid and the nature of the agitation and must be evaluated experi­
mentally. It is called the heat-transfer coefficient. When Eq. (1.2) is 
written in integrated form, Q = hA t:.t, it is called Newton's law of cooling. 

Radiation. Radiation involves the transfer of radiant energy from a 
source to a receiver. When radiation issues from a source to a receiver, 
part of the energy is absorbed by the receiver and part reflected by it. 
Based on the second law of thermodynamics Boltzmann established that 
the rate at which a source gives off heat is 

dQ = UE dA T4 (1.3) 

This is known as the fourth-power law in which Tis the absolute tempera­
ture. U is a dimensional constant, but E JS a factor peculiar to l'adiation 
and is called the emissivity. The emissivity, like the thermal conduc­
tivity k or the heat-transfer coefficient h, must also be determined 
experimentally. 

Process Heat Transfer. Heat transfer has been described as the study 
of the rates at which heat is exchanged between heat sources and receivers 
usually treated independently. Process heat transfer deals with the rates 
of heat exchange as they occur in the heat-transfer equipment of the 
engineering and chemical processes. This approach brings to better 
focus the importance of the temperature difference between the source 
and receiver, which is, after all, the driving force whereby the transfer 
of heat is accomplished. A typical problem of process heat transfer is 
concerned with the quantities of heats to be transferred, the rates at 
which they may be transferred because of the natures of the bodies, the 
driving potential, the extent and arrangement of the surface separating 
the source and receiver, and the amount of mechanical energy which may 
be expended to ~acilitate the transfer. Since heat transfer involves an 
exchange in a system, the loss of heat by the one body will equal the heat 
absorbed by another within the confines of the same system. 
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In the chapters which follow studies will first be made of the three 
individual heat-transfer phenomena and later of the way in which their 
combination with a simultaneous source and receiver influences an appa­
ratus as a whole. A large number of the examples which follow have 
been selected from closely related processes to permit gradual com­
parisons. This should not be construed as limiting the broadness of the 
underlying principles. 

Many of the illustrations and problems in the sueeeeding chapters refer to liquids 
derived from petroleum. This is quite reasonable, since petroleum refining is a major 
industry, petroleum products are an important fuel for the power industry, and petro­
leum derivatives are the starting point for many syntheses in the chemical industry. 

Petroleum is a mixture of a great many chemical compounds. Some can be isolated 
rather readily, and the names of common hydrocarbons present in petroleum may be 
identified on Fig. 7 in the Appendix. But more frequently there is no need to obtain 
pure compounds, since the ultimate use of a mixture of reiated compounds will serve 
as well. Thus lubricating oil is a mixture of several compounds of high molecular 
weight, all of which are suitable lubricants. Similarly, gasoline which will ultimately 
be burned will be composed of a number of volatile combustible compounds. Both of 
these common petroleum products were present in the crude oil when it came from 
the ground or were formed by subsequent reaction and separated by distillation. 
When dealt with in a process or marketed as mixtures, these products are called frac­
tions or cuts. They are given common names or denote the refinery operation by 
which they were produced, and their specific gravities are defined by a scale established 
by the American Petroleum Institute and termed either degrees API or • API. The 
• API is related to the specific gravity by 

(1.4) 

Being mixtures of compounds :the petroleum fractions do not boil isothermally like 
pure liquids but have boiling ranges. At atmospheric pressure the lowest temperature 
at which a liquid starts to boil is identified as the initial boiling point, IBP, °F. A list 
of the common petroleum fractions derived from crude oil is given below: 

Fractions from crude oil Approx Approx 
0 API IBP, °F 

Light ends and gases ............. . 114 
Gasoline ....................... . 75 200 
Naphtha ...... · ................. . 60 300 
Kerosene ....................... .' 45 350 
Absorption oil .................. . 40 450 
Straw oil ....................... . 40 500 
Distillate .... : .................. . 35 550 
Gas oil ......................... . 28 600 
Lube oil ........................ . 18-30 
Reduced crude .................. . 
Paraffin wax and jelly ............ . 
Fuel oil (residue) ................ . 25-35 500 
Asphalt ........................ . 
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A method of defining the chemical character of ·petroleum and correlating the 
properties of mixtures was introduced by Watson, Nelson, and Murphy.! They 
observed that, when a crude oil of uniform distilling behavior is distilled into narrow 
cuts, the r.atio of the cube root of .the absolute average boiling points to the speeifio 
gravities of the cuts is a constant or 

where K = characterization factor 
TB =average boiling point, oR 

8 = specific gravity at 60°/60° 

TB~ 
K=-

8 

NOMENCLATURE FOR CHAPTER 1 

A Heat-transfer surface, ft2 

h Individual heat-transfer coefficient, Etu/(hr)(ft•)("F) 
K Characterization factor 
k Thermal conductivity, Btu/(hr) (ft•)(°F /ft) 
Q Heat fiow, Btu/hr 
8 Specific gravity, dimensionless 
T Temperature, 0 R 
Ta Absolute average boiling temperature, 0R 
t Temperature in general, °F 
z, X Distance, ft . 
11' A constant, Btuj(hr)(ft"WR«) 

Emissivity, dimensionless 

(1.5) 

1 Watson, K. M., E. F. Nelson, and G. B. Murphy, Ind. Eng. Chem., 26, 880 (1933 
27, 1460 (1935). 



CHAPTER 2 

CONDUCTION 

The Thermal Conductivity. The fundamentals of heat conduction 
were established over a century ago and are generally attributed to 
Fourier. In numerous systems involving flow such as heat flow, fluid 
flow, or electricity flow, it has been observed that the flow quantity is 
directly proportional to a driving potential and inversely proportional to 
the resistances applying to the system, or 

Fl potential 
ow cc resistance (2.1) 

In a simple hydraulic path the pressure along the path is the driving 
potential and the roughness of the pipe is the flow resistance. In an 
electric circuit the simplest applications are expressed by Ohm's law: 

. The voltage on the circuit is the driving potential, and the difficulty 
· with which electrons negotiate the wire is the resistance. In heat flow 

through a wall, flow is effected by a temperature difference between the 
hot and cold faces. Conversely, from Eq. (2.1) when the two faces of a 
wall are at different temperatures, a flow of heat and a resistance to heat 
flow are necessarily present. The conductance is the reciprocal of the 
resistance to heat flow and Eq. (2.1) may be expressed by 

Flow cc conductance X potential (2.2) 

To makeEq. (2.2) an equality the conductance must be evaluated in such 
a way that both sides will be dimensionally and numerically correct. 
Suppose a measured quantity of heat Q' Btu has been transmitted by a 
wall of unknown size in a measured time interval 0 hr with a measured 
temperature difference t:.t °F. Rewriting Eq. (2.2) 

Q = ~' = conductance X t:.t Btujhr (2.3) 

and the conductance has the dimensions of Btu/(hr)(°F). The conduct­
ance is a measured property of the entire wall, although it has also been 
found experimentally that the flow of heat is influenced independently 
by the thickness and the area of the wall. If it is desired to design a wall 
to have certain heat-flow characteristics, the conductance obtained above 

6 



CONDUCTION 7 

is not useful, being applicable only to the experimental wall. To enable 
a broader use of experimental information, it has become conventional 
to report the conductance only when all the dimensions are referred to 
unit values. When the conductance is reported for a quantity of material 
1 ft thick with heat-flow area 1 ft2, time unit 1 hr, and temperature differ­
ence 1 °F, it is called the thermal conductivity k. The relationship between 
the thermal conductivity and the 
conductance of an entire wall of 
thickness L and area A is then 
given by 

and 

A 
Conductance = k y; 

A 
Q = k L ilt (2.4) 

where k has the dimensions 
resulting from the expression 
QL/A At or Btu/(hr)(ft2 of flow 
area) (°F of temperature differ­
ence)/(ft of wall thickness).1 

Wafer ovf Wafer in 

t~~ 
Chamber · He()ffin1 

~~~~n?~~~~ p~fe 

Guard rimy 
~~-

Auxibixry 
henter 

Experimental .Determination 
of k: * Nonmetal Solids. An 
apparatus for the determination 
of the thermal conductivity of 
nonmetal solids is shown in Fig. 
2.1. It consists of an electrical 
heating plate, two identical test 
specimens through which heat Fla. 2.1. Guarded conductivity apparatus. 

passes, and two water jackets which remove heat. The temperatures 
at both faces of the specimens and at their sides are measured by thermo­
couples. A guard ring is provided to assure that all the measured heat 
input to the plate passes through the specimens with a negligible loss 
from their sides. The guard ring surrounds the test assembly and con­
sists of an auxiliary heater sandwiched between pieces of the material 
being tested. While current enters the heating plate, the input to the 

1 In the metric system it is usual to report the thermal conductivity as cal/(sec)­
(cm2) (0 0/cm). 

* An excellent review of experimental methods will be"found in Saba and Srivastava, 
"Treatise on Heat," The Indian Press, Calcutta, 1935. Later references are Bates, 
0. K., Ind. Eng. Chern., 26,432 (1933); 28, 494 (1936); 38, 375 (1941); 37, 195 (1945). 
Bollimd, J. L. and H. W. Melville, Trans. Faraday Soc, 33, 1316 (1937). Hutchinson, 
E., Trans. Faraday Soc., 41, 87 (1945). 
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auxiliary heater is adjusted until no temperature differences exist between 
the specimens and adjacent points in the guard ring. Observations are 
made when the heat input and the temperatures on both faces of each 
specimen remain steady. Since half of the measured electrical heat 
input to the plate flows through each specimen and the temperature 
difference and dimensions of the specimen are known, k can be computed 
directly from Eq. (2.4). 

Liquids and Gases. There is greater difficulty in determining the 
conductivities of liquids and gases. If the heat flows through a thick 

layer of liquid or gas, it causes free con­
vection · and the conductivity is decep­
tively high. To reduce convection it is 
necessary to use very thin films and small 
temperature differences with attendant 
errors of measurement. A method appli­
cable to viscous fluids consists of a bare 
electric wire passing through a horizontal 

Ouler tube filled with test liquid. The tube is 
cylinder immersed in a constant-temperature bath. 

The resistance of the wire is calibrated 
against its temperature. For a given rate 
of heat input and for the temperature of 

FIG. 2.2. Liquid conductivity ap- the wire obtained from resistance measure-· 
paratus. (After J. F. D. Smith.) t th d · • b 1 1 d men s e con uct1v1ty can e ca cu ate 
by suitable equations. A more exact method, however, is that of Bridg­
man and Smith, 1 consisting of a very thin fluid annulus between two 
copper cylinders immersed in a constant-temperature bath as shown in 
Fig. 2.2. Heat supplied to the inner cylinder by a resistance wire flows 
through the film to the outer cylinder, where it is removed by the bath. 
This apparatus, through the use of a reservoir, assures that the annulus 
is full pf liquid andis adaptable to gases. The film is U4 in. thick, and 
the temperature difference is kept very small. 

Influence of Temperature and Pressure on k. The thermal conductivi­
ties of solids are greater than those of liquids, which in tum are greater 
than those of gases. It is easier to transmit heat through a solid than a 
liquid and through a liquid than a gas. Some solids, such as metals, have 
high thermal conductivities and are called conductors. Others have low 
conductivities and are poor conductors of heat. These are insulators. In 
experimental determinations of the type described above the thermal 
conductivity has been assumed independent of the temperature at any 
point in the test material. The reported values of k are consequently 

t Smith, J. F. D., Ind. Eng. Chern., 22, 1246 (1930); Trans. ASME, 68, 719 (1936). 
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the averages for the entire specimen, and the error introduced by this 
assumption can be estimated by an examination of Tables 2 to 5 in the 
Appendix. The conductivities of solids may either increase or decrease 
with ·temperature and in some instances may even reverse their rate 
of change from a decrease to an increase. For the most practical prob­
lems there is no need to introduce a correction for. the variation of 
the thermal conductivity with temperature. However, the variation 
can usually be expressed by the simple linear equation 

k = ko + "(t 
where ko is the conductivity at 0°F and 'Y is a constant denoting the 
change in the conductivity per degree change in temperature. The con­
ductivities of most liquids decrease with increasing temperature, although 
water is a notable exception. For all the common gases and vapors 
there is an increase with increasing temperature. Sutherland 1 deduced 
an equation from the kinetic theory which is applicable to the variation 
of the conductivity of gases with temperature 

492 + ck ( T )~' 
k = k~2 T + ck 492 

where Ck = Sutherland constant 
T = absolute temperature of the gas, 0R 

ksz = conductivity of the gas at 32°F 
The influence of pressure on the conductivities of solids and liquids 

appears to be negligible, and the reported data on. gases are too inexact 
owing to the effects of free convection and radiation to permit generaliza­
tion. From the kinetic theory of gases it can be concluded that the 
influence of pressure should be small except where a very low vacuum is 
encountered. 

Contact Resistance. One of the factors which causes error in the deter­
:mination of the thermal conductivity is the nature of the bond formed 
between the heat source and the fluid or solid specimen which contacts 
it and transmits heat. If a solid receives heat by contacting a solid, it is 
almost impossible to exclude the presence of air or other fluid from the 
contact. Even when a liquid contacts a metal, the presence of minute 
pits or surface roughness may permanently trap infinitesimal bubbles of 
air, and it will be seen presently that these may cause considerable error. 

Derivation of a General Conduction Equation. In Eqs. (2.1) to (2.4) 
a picture of heat conduction was obtained from an unqualified observation 
of the relation between heat flow, potential, and resistance. It is now 
feasible to develop an equation which will have the broadest applicability 

1 Sutherland, W., PMl. Mag., 36, 507 (1893). 
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and from which.other equations may be deduced for special applications. 
Equation (2.4) may be written in ilifferential form 

dQ' dt 
do = k dA dx (2.5) 

In this statement k is the only property .of the matter and it is assumed 
to be independent of the other variables. Referring to Fig. 2.3, an ele­
mental cube of volume dv = dx dy dz receives a differential quantity of 
heat dQ~ Btu through its left yz face in the time interval dO. Assume all 

z 

y 

FIG. 2.3. 
X 

but the left and right yz faces are 
insulated. In the same interval 
the quantity of heat dQ~ leaves at 
the right face. It is apparent that 
any of three effects may occur: dQ~ 
may be greater than dQ~ so that 

\.~-i-•dQ~ the elemental volume stores ·heat, 
.. ~~--X increasing the average temperature 

Unidirectional heat flow. 

of the cube; dQ~ may be greater 
than dQi so that the cube loses 
heat; and lastly, dQi and dQ; may 
be equal so that the heat will simply 

pass through the cube without affecting the storage of heat. Taking 
either of the first two cases as being more general, a storage or depletion 
term dQ' can be defined as .the difference between the heat entering and 
the heat leaving or 

(2.6) 

According to Eq. (2.5) the heat entering on the left face may be given by 

dQ~ ( at) - = kdydz -­
d8 ox (2.7) 

The temperature gradient - ~~ may vary with both time and position in 

the cube: The variation of - ~t as f(x) only is - a(afax) · Over the 
. uX X 

distance dx from x to x + dx, if dQ~ > dQi, the total change in the tem-

per.ature gradient will be - a(a~ax) dx or - :;
2 

dx. Then at x the 

gradient is - !!• and at x + dx the temperature gradient is 

-at - ()2t dx 
ox oX2 
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dQ~ out of the cube at the right face and in the same form as Eq. (2. 7) 
is given by 

dQ' ( at o2t ) 
.-

2 = k dy dz - - - -. - dx dO . ox iJx2 (2.8) 

from which 

dQ' dQ~ dQ~ (i1 2t) 
dO = de - de = k dy dz i)x2 dx (2.9) 

The cube will have changed in temperature by -dt deg. The change in 
temperature per unit time will be dtjd6 and over the time interval dO it 
is given by (dt/dO) dO deg. Since the analysis has been based on an 
elemental volume, it is now necessary to define a volumetric specific heat, 
cv, Btu/(ft3WF) obtained by multiplying the· weight specific heat c 
Btu/ (lb) (°F) by the density p. To raise the volume dx dy dz by 

dt d8 OF 
dO 

requires a heat change in the cube of 

dQ' at 
dO = cp dx dy dz ao 

and combining Eqs. (2.9) and (2.10) 

at (a2t) cp dx dy dz ao = k dy dz ax2 dx 

from which 

:~ = ;p(:;2) 

(2.10) 

(2.11) 

(2.12) 

which is Fourier's general equation, and the term kjcp is called the thermal 
diffusivity, since it contains all theproperties involved in the conduction 
of heat and has the dimensions of ft2/hr. If the insulation is removed 
from the cube so that the heat travels along the X, Y, and Z axes, Eq. 
(2.12) becomes 

at _ k (a2t a2t a2t) 
{)(} - Cp oX2 + iJy2 + i'Jz2 (2.13) 

When the flow of heat into and out of the cube is constant as in the steady 
state, t does not vary with time, and dtjdO = 0, .in Eq. (2.12). atjax is a 
constant and CJ 2tjax2 = 0. dQ~ = dQ~, and Eq. (2.8) reduces to Eq. (2.5) 
where dx dy = dA. Substituting dQ for dQ'(dfJ, both terms having 
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dimensions of Btu/hr, the steady-state equation is 

dQ = k dA dt 
dz 

(2.14) 

Equation (2.14) applies to many of the common engineering problems. 
Thermal Conductivity from Electrical-conductivity Measurements. 

The relationship between the thermal and electrical conductivities of 
metals demonstrates an application of Fourier's derivation incorporated 

t t, 

Fra. 2.4. Heat flow in a metal. 

in Eq. (2.9) and is a useful method 
of determining the thermal conduc­
tivities of metals. An insulated 
bar of metal as shown in Fig. 2.4 
has its left and right cross-sectional 
faces exposed to different constant­
temperature baths at h and t2, re­
spectively. By fastening electric 
leads to the left and right faces, re­
spectively, a current of I amp may· 
be passed in the direction indicated, 
generating heat throughout the 
length of the bar. The quantities 

of heat leaving both ends of the bar in the steady state must be equal 
to the amount of heat received as electrical energy, l 2R"', where R"' is the 
resistance in ohms. From Ohm's law 

where E1 - E2 is the voltage difference, u the resistivity of the wire 
in ohm-ft and K; the reciprocal of the resistivity, is the electrical 
conductivity. 

I- KA dE - 4 
u dz dx 

R"'=-y=KA 

Substituting Eqs. (2.15) and (2.16) for I 2R"', 

(dE) 2 
dx (dE)2 

dQ- J2R"'- K 2A 2 - --- KA - dx - - dx KA- dx 

(2.15) 

{2.16) 

(2.17) 

But this is the same as the heat transferred by conduction and given by 
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Eq. (2.9). When t1 = t2 and equating (2.9) and (2.17), 

(2.18) 

But 

(2.19) 

Differentiating, 

d2
t = (dE)2 

~ ~ (d2E) 
dx 2 dx dE2 + dE dx2 (2.20) 

If I and A are constant for the bar, then K(dEjdx) is constant. Since K 
does not vary greatly with t or x, dE/dx is constant, d2E/dx2 = 0, and 
from Eq. (2.18) substituting Eq. (2.20) for d2t/dx2 

(2.21) 

(2.22) 

(2.23) 

where C1 and C2 are integration constants. Since there are three con­
stants in Eq. (2.23), C1, C2, and k/K, three voltages and three tempera­
tures must be measured along the bar for their evaluation. C1 and 0 2 

are determined from the end temperatures and k is obtained from k/K 
using the more simply determined value of the electrical conductivity K. 

Flow of Heat through a Wall. Equation (2.14) was obtained from the 
general equation when the heat flow and temperatures into and out of the 
two opposite faces of the partially insulated elemental cube dx dy dz were 
constant. Upon integration of Eq. (2.14) when all of the variables but Q · 
are independent the steady-state equation is 

Q = kt At (2.24) 

Given the temperatures existing on the hot and cold . faces of a wall, 
respectively, the heat flow can be computed through the use of this 
equation. Since kA/L is the conductance, its reciprocal R is the resist­
ance to heat flow, orR= L/kA (hrWF)/Btu. 

Example 2.1. Flow of Heat through a Wall. The faces of a 6-in. thick wall measur­
ing 12 by 16ft will be maintained at 1500 and 300~F, respectively. The wall is made 
of kaolin insulating brick. How much heat will escape through the wall? 

SolutiQn. The average temperature of the wall will be 900°F. From Table 2 in the 
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Appendix the thermal conduetivity at 932°F is 0.15 Btu/ (hr) (ftS) (°F /ft). Extrapola­
tion to 900°F will not change this value appreciably. 

Q kA .. =r; .... 

Where At = 1500 - 300 = l200°F 
A = 16 X 12 = 192ft' 
L = X2 = 0.5 ft 

. 192 
Q = 0.1~ X O.S X 1200 = 69,200 Btujhr 

Flow of Heat through a Composite Wall: Resistances in Series. 
Equation (2.24) is of interest when a wall consists of several materials 
placed together in series such as in the construction of a furnace or 
boiler firebox. Several types of refractory brick are usually employed, 

since those capable of withstanding the higher 
inside temperatures are more fragile and 
expensive-than those required near the outer 
surface, where the temperatures are consider-

Q. Q ably lower. Referring to Fig. 2.5, three 

Fio. 2.5. Hea.t flow through 
a composite wall. 

different refractory materials are. placed 
together indicated by the. subscripts a, b, and 
c. For the entire wall 

Q = ilt 
R 

(2.25) 

The heat flow in Btu per hour through material a. must overcome the 
resistance R". But in passing through material a the· heat must also 
pass through materials b and c in series. The heat flow entering at the 
left face must be equal to the heat flow leaving the right face, since the 
steady state precludes heat storage. If Ra, Ro, and Ra are unequal, as 
the result of differing conductivities and thicknesses, the ratio of the 
temperature difference across each layer to its resistance must be the 
same as the ratio of the total temperature difference is to the total 
resistance or 

(2.26) 

For any composite system using actual temperatures 

(2.27) 
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Rearranging and substituting, 

Q llt to - ts 
= R = (L./koA) + (Lb/k,A) + (L./k.A) (2.28) 

Example 2.2. Flow of Heat through a Composite Wall. The wall of an oven con­
sists of three layers of brick. The inside is built of 8 in. of firebrick, k = 0.68 Btu/ 
(hr)(ft1)(°F/ft), surrounded by 4 in. of insulating brick, k = 0.15, and an outside layer 
of 6 in. of building brick, k = 0.40. The oven operates at 1600°F and it is anticipated 
that the outer side of the wall can be maintained at 125°F by the circulation of air. 
How much heat will be lost per square foot of surface and what are the temperatures 
at the interfaces of the layers? 

Solution: 

For the firebrick, R. = L./k.A = 8/12 X 0.68 X 1 = 0.98 (hr)(°F)/(Btu) 
Insulating brick, Rb = Lb/kbA = 4/12 X 0.15 X 1 = 2.22 
Building brick, R. = L./k.A = 6/12 X 0.40 X 1 = 1.25 

R = 4.45 
Heat loss/ft2 of wall, Q = l:l.t/R = (1600 - 125)/4.45 = 332 Btujhr 
For the individual layers: 

At = QR and I:J.t. = QR., etc. 
I:J.t. = 332 X 0.98 = 325°F t, = 1600 - 325 = 1275°F 
I:J.tb = 332 X 2.22 "" 738•F t2 = 1275 - 738 = 537•F 

Example 2.3. Flow of Heat through a Composite Wall with an Air Gap. To 
illustrate the poor conductivity of a gas, suppose an air gap of X in. were left between 
the insulating brick and the firebrick. How much heat would be lost through the 
wall if the inside and outside temperatures are kept constant? 

Solution. From Table 5 in the Appendix at 572°F air has a conductivity of 0.0265 
Btu/(hr)(ft2)(°F/ft), and this temperature is close to the range of the problem. 

Rair = 0.25/12 X 0.0265 = 0.79 (hT)(°F)/Btu 
R = 4.45 + 0.79 = 5.24 

Q = 1600 - 125 = 281 Btu/hr 
. 5.24 . 

It is seen that in a wall 18 in. thick a stagnant air gap only X in. thick reduces the 
heat loss by 15 per cent. 

Heat Flow through a Pipe Wall. In the passage of heat through a flat 
wall the area through which the heat flows 

is constant throughout the entire distance of ~G~~v=L=Ift-j 
the heat flow path. Referring to Fig. 2.6 " 
showing a unit length of pipe, the area of the 
heat flow path through the pipe wall increases 
with the distance of the path from r 1 to r 2• !':;~!·!an~eat flow through 
The area at any radius r is given by 211'1'1 
and if the heat flow~ out of the cylinder the temperature gradient for the 
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incremental length dr is dt/dr. Equation (2.14) becomes 

q = 2~k(- ~~) Btu/ (hr) (lin ft) (2.29) 

Integrating, 

t = - ;:k In r + C1 (2.30) 

When r ·= r;, t = t;; and when r = r., t = t.; where i and o refer to the 
inside and outside surfaces, respectively. Then 

q = 211-k(t; - t.) 
2.3 log r.jr, 

and if D is the diameter, 

(2.31) 

Fm. 2. 7. Cylindrical re­
sistances in series. 

Referring to Fig. 2.7 where there is a composite 
cylindrical resistance, 

Adding, 

t t _ 2.3q I Dz + 2.3q l Da 
1- a-- og- - og-

211-ka D1 2?rko D2 

(2.32) 

(2.33) 

(2.34) 

Example 2.4. Heat Flow through a Pipe Wall. A glass pipe has an outside diame­
ter of 6.0 in. and an inside diameter of 5.0 in. It will be used to transport a fluid 
which maintains the inner surface at 200°F. It is expected that the outside of the 
pipe will be maintained at 175°F. What heat flow will occur? 

Solution. k = 0.63 Btu/(hr)(ft2)(°F/ft) (see Appendix Table 2). 

q = Z,.k(t, - t.) = 2 X 3.14 X 0.63(200 - 175) = 538 Btujlin ft 
2.3log D./D; 2.3 log 6.0/5.0 

If the inside diameter of a cylinder is greater than 0.75 of the outside 
diameter, the mean of the two may, be used. Then per foot of length 

llt llt 
q = - = -;--,~-

R La./kaAm (D2.,.. Dt)/2 
1rka(D1 + Dz)/2 

(2.35) 

where (D2 - Dt)/2 is the thickness of ~he pipe. Within the stated 
limitations of the ratio Dz/D1, Eq. (2.35) will differ from Eq. (2.34) by 



CONDUCTION 17 

about 1 per cent. Actually there are 1.57 ft2 of external surface per linear 
foot and 1.31 ft 2 of internal surface. The heat loss per square foot is 
343 Btu/hr based on the outside surface and 411 Btu/hr based on the 
inside surface. 

Heat Loss from a Pipe. In the preceding examples it was assumed that 
the cold external surface could be maintained at a definite temperature. 
Without this assumption the examples would have been indeterminate, 
since both Q and ~t would be unknown and independent in a single equa­
tion. In reality the temperature assigned to the outer wall depends not 
only on the resistances between the hot and cold surfaces but also on the 
ability of the surrounding colder atmosphere to remove the heat arriving 
at the outer surface. Consider a 

-pipe as shown in Fig. 2.8 covered 
(lagged) with rock wool insulation 
and carrying steam at a tempera­
ture t. considerably above that of 
the atmosphere, ta. The overall 
temperature difference driving heat 

ta 

~~-
out of the pipe is t. - ta. The Fra. 2.8. Heat loss from an insulated pipe. 
resistances to heat flow taken 
in order are (1) the resistance of the steam to condense upon and 
give up heat to the inner pipe surface, a resistance which has been 
found experimentally to be very small so that t. and t: are nearly the 
same; (2) the resistance of the pipe metal, which is very small except for 
thick-walled conduits so that t: and t~' are nearly the same; (3) the resist­
ance of the rock wool insulation; and ( 4) the resistance of the surrounding 
air to rei:nove heat from the outer surface. The last is appreciable, 
although the removal of heat is effected by the natural convection of 
ambient air in addition to the radiation caused by the temperature differ­
ence between the outer surface and colder air. The natural convection 
results from warming air adjacent to the pipe, thereby lowering its density. 
The warm air rises and is replaced continuously by cold air. The com­
bined effects of natural convection arid radiation cannut be represented 
by a conventional resistance term R,. == La! KaA, since La is indefinite and 
the conductance of the air is simultaneously supplemented by the trans­
fer of heat by radiation. Experimentally, a temperature difference may 
be created between a known outer surface and the air, and the heat pass­
ing from the outer surface to the air can be determined from measure­
ments on the fluid flowing in the pipe. Having Q, A, and ~t, the combined 
resistance of both effects is obtained as the quotient of ~t/Q. The flow 
of heat from a pipe to ambient air is usually a heat loss, and it is therefore 
desirable to report the data as a unit conductance term k/L Btu/(hr)(ft1 of 
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external surface)(°F of .temperature difference). The unit conductance 
is the reciprocal of the unit resistance L/k instead of the reciprocal of the 
resistance for the entire surface LjkA. In other words, it is the con­
ductance per square foot of heat-flow surface rather than the con­
ductance of the total surface. The unit resistance has the dimensions 

0 
0 200 300 500 600 

TemperOiture difference ct,-10), °F 
700 

FIG. 2.9. Heat transfer by convection and radiation from horizontal pipeS at temperature 
t1 to air at 70°F. · 

(hr)(ft2)(°F)/Btu. The reciprocal of the unit resistance, ha, has the 
dimensions of Btu/(hr)(ft2)(°F) and is sometimes designated the surface 
coefficient of heat transfer. Figure 2.9 shows the plot of the surface 
coefficient from pipes of different diameters and surface temperatures 
to ambient air at 70°F. It is based upon the data of Heilman,1 which 
has been substantiated by the later experiments of Bailey and Lyell.'2 

The four resistances in terms of the equations already discussed are 

Condensation of steam; 
q = h.1rD~(t. - t~) (1.2) 

1 Heilman, R. H., Ind. Eng. Ohem., 16, 445-452 (1924). 
2 Bailey, A., and N. C. Lyell, Engineering, 14'1:, 60-62 (1939). 
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Pipe wall: 

21f-kb ( 1 "} 
q = 2.3 log D';;n. t,- t, (2.31) 

Insulation: 
2-n-kc ( 11 ) 

q = 2.3log DdD': t. - t1 (2.31) 

Radiation and convection to air: 

(1.2) 
or combining· 

( 
1 + 2.3 l D~' + 2.3 I Dt + 1 ) 

t, - ta. = q h,1rD~ 2-n-kb og D~ 2-n-kc og D:' h,.1rD1 

The terms inside the parentheses are the four resistances, and of these 
the first two can usually be neglected. The equatic;m then reduces to 

7r(t. - ta.) 
q = 2.3 Dt 1 

2k
0 

log D~' + ha.Dt 

From the abscissa of Fig. 2. 9 it is seen that h,. depends upon not only 
the temperature difference but the actual temperatures at the outside 
of the insulation and of the air. Its reciprocal is also one of the resistances 
necessary for the calculation of the total temperature difference, and 
therefore the surface coeffibient ha cannot be computed except by trial­
and-error methods. 

Example 2.J. Heat Loss from a Pipe to Air. A 2-in. steel pipe (dimensions in 
Table 11 in the Appendix) carries steam at 300°F. It is lagged with ;!.i in. of rock 
wool, k = 0.033, and the surrounding air is at 70°F. What will be the heat loss per 
linear foot? 

Solution. Assume t1 = l50°F, t, - 70 = 80°F, ha = 2.23 Btu/(hr)(ft2)(°F) .. 

q = 2.3 
3·~~~;~ -

70
) 1 = 104.8 Btu/(hr)(lin ft) 

z· X 0.033 log 2.S75 + 2.23 X 3.375/12 

Check between t, and t1, since At/R = At,jR,: 

_ 
104 8 

_ 2 X 3.14 X 0.033(300 - t1) 
q - · - 2.3-.log 3.375/2.375 

t1 = 123.5°F No check 

Assume tl = 125°F; f, - 70 = 55°F, h. = 2.10 Btu/(hr)(ft')(°F). 

q = 2.3 
3·i~~~~ - 70

) 1 = 103.2 Btu/(hr)(lin ft) 

2 X 0.033 log 2.375 + 2.10 X S.375/12 
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Check between t. and h. 

= 103 2 _ 2 X 3.14 X 0.033(300 - t,) 
q • - 2.3log 3.375/2.375 

t1 = 125.s•F Check 

The total heat loss q does not appear to vary significantly for the different assumed 
values of t~o This is because the insulation and not the small surface coefficient affords 
the major resistance to heat flow. When the variation in q is considerable for different 
assumed temperatures of t1, it indicates insufficient insulation. 

The Maximum Heat Loss through Pipe Insulation. It would seem at 
first that the thicker the insulation the less the total heat loss. This is 
always true for flat insulation but not for curved insulation. Consider a 
pipe with successive layers of cylindrical insulation. AB the thickness of 

the insulation is increased, the surface area 
from which heat may be removed by air 
increases and the total heat loss may also 
increase if the area increases more rapidly 
than the resistance.. Referring to Fig. 2.10, 
the resistance of the insulation per linear foot 
of pipe is 

(2.36) 
FIG. 2.10. The critical ra­
dius. and the resistance of the air per linear foot of 
pipe, although a function of the surface and air temperatures, is given by 

1 
Ra = h:Jnrr (2.37) 

The resistance is a minimum and the heat loss a maximum when the 
derivative of the sum of the resistances R with respect to the radius r is 
set equal to zero or 

dR 1 r 1 1 
dr = 0 = 21rkb d ln r;: + h,.21r d r (2.38) 

1 1 
= 2-rrkbr - h,.21rr2 

At the maximum heat loss r = rc, the critical radius, or 
kb 

r. = h;. (2.39) 

In other words, the maximum heat loss from a pipe occurs when the 
critical radius equals the ratio of the thermal conductivity of the insula­
tion to the surface coefficient of heat transfer. The ratio has the dimen­
sion of ft. It is desirable to keep the critical radius as small as possible 
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so that the application of insulation will result in a reduction and not an 
increase in the heat loss from a pipe. This is obviously accomplished by 
using an insulation of small conductivity so that the critical radius is loos 
than the radius of the pipe, or r. < '1'1. 

The Optimum Thickness of Insulation. The optimum thickness of 
insulation is arrived at by a purely economic approach. If a bare pipe 
were to carry a hot fluid, there would be a certain hourly loss of heat 
whose value could be determined from the cost of producing the Btu 
in the plant heat-generating station. The lower the heat loss the greater 
the thickness and initial cost of the insu- · 
•lation and the greater the annual fixed 
charges (maintenance and depreciatio~} ] 
which must be added to the annual heat .:g 
loss. The fixed charges on pipe insulation § 
will be about 15 to 20 per cent of the ini­
tial installed cost of the insulation. By 
assuming a number of thicknesses of insu­
lation and adding the fixed charges to the ~ 
value of the heat lost, a minimum cost 
will be obtained and the thickness corre­

"' ::s 
c: 
c: 
IS 

Thickness of insuiGltion 

sponding to it will be the Qptimum eco. FIG. 2.11. Optimum thickness 
of insulation. 

nomic thickness of the insulation. The 
form of such an analysis is shown in Fig. 2.11. The most difficult part is 
obtaining reliable initial-installation-cost data, since they vary greatly 
with plant to plant and with the amount of insulating to be done at a 
single time. 

Graphical Solutions of Conduction Problems. Thus far in the treat­
ment of conduction, only those cases have been considered in which the 
heat input per square foot of surface was uniform. It was also char­
acteristic of these cases that the heat removal per square foot of surface 
was also uniform. This was likewise true for the cylinder, even though 
the internal al).d external surfaces were not identical. Some of the com­
mon problems of steady-state conduction in solids involve the removal or 
input of heat where it is not uniform over a surface, and although the solu­
tion of such problems by mathematical analysis is often complicated it is 
possible to obtain close approximations graphically. The method 
employed here is that of Awbery and Schofield1 and earlier investigators. 

Consider the section of a metal-sheathed wall, as shown in Fig. 2.12, 
with hot side ABC at the uniform temperature h. At recurring intervals 
DF on the cold side DEF at the uniform temperature tz, metal bracing 

1 Awhery, J. and F. Schofield, P:roc. Intern. Congr. Refrig., 5th Confll'., 3, 591-610 
(1929). 
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ribs are attached to the outer sheath and imbedded two-thirds into the 
thickness of the wall. Since the sheath and metal rib both have a high 
thermal conductivity compared with the wall material itself, the rib and 
sheath may both be considered to be at very nearly the same temperature. 
The predominantly horizontal lines indicated on the drawing represent 
isothermal planes perpendicular to the plane of "the drawing. Conse­
quently there is no heat flow to be considered in the direction perpendicu­
lar to the plane of the drawing. 

B 

tz E 
FIG. 2.12. Graphical representation of heat conduction. 

Since the drawing is symmetrical about the vertical line BE, consider 
only the right half of the drawing bounded by BCFE. Assume an arbi­
trary number of isotherms n, in the direction from B to E so that, if k 

is constant, t.t = n, l::.t.,. If k varies with t then k t.t., = ..!_ {
2 

k dt. The . n,Jl 
greater the assumed number of isotherms the greater the precision of the 
solution. Next, consider the heat to flow from t1 to metal at t2 through 
n1 lanes emanating from BC and forming the network indicated. Now 
refer to any small portion of any lane, such as abed with length x, mean 
width y, where y = (ab + cd) /2, and unit depth z = 1 perpendicular to 
the drawing. The steady-heat flow into each lane is Q1• The conduction 
equation is then Q1 = k(yz) t.t,jx. The temperature difference from one 
isotherm to the next is naturally the same, and since Q1 is constant for the 
lane it is evident from the conduction equation that the ratio y/x must 
also be constant, although y and x may vary. The network of the draw­
ing is constructed such that, for each quadrilateral, y = x. Where x is 
small it is because the isotherms are crowded together owing to the high 
heat removal by the rib. The heat flow per lane is then given by 

k (tl- t2). 
n. 
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The total heat flow from BC thus requires nz = Qn,Jk(tl- l2) lanes, 
where Q is the total heat flow. Figure 2.12 was constructed in this 
manner starting with six isotherms. 

Although the individual portions of the network are neither squares 
nor rectangles their corners are at right angles in accordance with the 
steady-state principle that the flow of heat is always at right angles to the 
isotherms comprising the temperature difference. In Fig. 2.12 it is seen 
that 11 lanes were obtained for each half of a symmetrical section. If 
the isotherms were undisturbed by the rib, the portions abed would then 
be squares and the heat entering BC would flow normal to it and 8.3 lanes 
would be required. The rib is therefore equivalent to increasing the heat 
removal by 33 per cent. When the ribs are spaced more closely together, 
the fractional heat removal increases. 

PROBLEMS 

2.1. A furnace is enclosed by walls made (from inside out) of 8 in. of kaolin firebrick, 
6 in. of kaolin insulating brick, and 7 in. of fireclay brick. What i!> the hea~ loss per 
square foot of wall when the inside of the furnac(l is maintained at 2200°F and the 
outside at 200°F? 

2.2. A furnace wall is to consist in series of 7 in. of kaolin firebrick, 6 in. of kaolin 
insulating brick, and sufficient fireclay brick to reduce the heat loss to 100 Btu/ (hr) (ft•) 
when the face temperatures are 1500 and 100°F, respectively. What thickness of 
fireclay brick should be used? If an effective air gap of % in. can be incorporated 
between the fireclay and insulating brick when erecting the wall without impairing 
its structural support, what thickness of insulating brick will be required? 

2.3. A furnace wall consists of three insulating materials in series. 32 per cent 
chrome brick, magnesite bricks, and low-grade refractory bricks (k = 0.5). The 
magnesite bricks cannot withstand a face temperature above 1500°F, and the low­
grade bricks cannot exceed 600°F. What thickness of the wall will give a heat loss 
not in excess of 1500 Btu/(hr) (ft2) when the extreme face temperatures are 2500 and 
200°F, respectively? 

2.4. A 6-in. IPS pipe is covered with three resistances in series consisting from the 
inside outward of 72 in. of kapok, 1 in. of rock wool, and 72 in. of powdered magnesite 
applied as a plaster. If the inside surface is maintained at 500°F and the outside at 
100°F, what is the'heat loss per square foot of outside pipe surface? 

2.6. A 2-in. IPS line to a refrigerated process covered with 72 in. of kapok carries 
25% NaCl brine at 0°F and at a flow rate of 30,000 lb/hr. The outer surface of the 
kapok will be maintained at 90°F. What is the equation for the flow of heat? Calcu­
late the heat leakage into the pipe and the temperature rise of the fluid for a 60-ft 
length of pipe. 

2.6. A vertical cylindrical kiln 22 ft in diameter is enclosed at the top by a hemi­
spherical dome fabricated from an 8-in. layer of interlocking and self-supporting 
32 per cent chrome bricks. Derive an expression for .conduction thTough the dome. 
When the inside and outside of the hemispherical dome are maintained at 1600 and 
300°F, respectively, what is the heat loss per square foot of internal dome surface? 
How does the total heat loss for the dome compare with the total heat loss for a fiat 
structurally supported roof of the same material when exposed to the same difference 
in temperature? 
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2. 7: A 4-in. steel pipe carrying 450°F steam is lagged with 1 in. of kapok surrounded 
by 1 in. of powdered magnesite applied as a plaster. The surrounding air is at 70•F. 
What is the loss of heat from the pipe per linear foot? 

2.8. A 3-in. IPS main carries steam from the powerhouse to the process plants at a 
linear velocity of 8000 fpm. The steam is at 300 psi (gage), and the atmosphere is 
at 70°F. What percentage of the total heat How is the bare-tube heat loss per 1000 ft 
of pipe? If the pipe is lagged with half a thickness of kapok and half a thickness of 
asbestos, what total thickness will reduce the insulated heat loss to 2 per cent of the 
bare-tube heat loss? 

2.9. In a 6-in. steam line at 400°F the unit resistance for the condensation of steam 
at the inside pipe wall has been found experimentally to be 0.00033 (hr)(ft2)("F)/Btu. 
The line is lagged with 3-2 in. of rock rool and 3-2 in. of asbestos. What is the effect. 
of including the condensation and metal pipe-wall resistances in calculating the total 
heat loss per linear foot to atmospheric air at 7o•F? 

c. 
c 
D 
E 
h. 
I 
K 
k 
L 
nz 
n~ 

Q 
Qz 
Q' 
q 
R 
R"' 
r 

At 
T 
IJ 

x, y, z 
'Y 
(J 

p 

(}" 

NOMENCLATURE FOR CHAPTER 2 

Heat-How area, .ft2 

Constants of integration 
Sutherland constant 
Volumetric specific heat, Btu/ (ft3) (°F) 
Specific heat at constant pressure, Btu/(lb)(°F) 
Diameter, ft 
Voltage or electromotive force 
Surface coefficient of heat transfer, Btu/(hr)(ftt)(°F) 
Current, amp 
Electrical conductivity, 1/ohm-ft 
Thermal conductivity, Btu/(hr)(ft2)(°F/ft) 
Thickness of wall or length of pipe, ft 
Number of heat-How lanes 
Number of isotherms 
Heat How, Btu/hr 
Heat How per lane, Btu/hr 
Heat, Btu 
Heat How, Btu/(hr)(lin ft) 
Resistance to heat How, (hr)(°F)/Btu 
Resistance to electric How, ohms 
Radiuth ft 
Temperature at any point, °F 
Temperature difference promoting heat How, °F 
Absolute temperature, 0 R 
Volume, ft3 
Coordinates of distance, ft 
Change in thermal conductivity per degree 
Time,hr 
Density, lb/fta 
Resistivity, ohm-ft 



CHAPTER 3 

CONVECTION 

Introduction. Heat transfer by convection is due to fluid motion. 
Cold fluid adjacent to a hot surface receives heat which it imparts to the 
bulk of the cold fluid by mixing with it. Free or natural convection 
occurs when the fluid motion is not implemented by mechanical agitation. 
But ·when the fluid is mechanically agitated, the heat is transferred by 
forced convection. The mechanical agitation may be supplied by stir­
ring, although in most process applications it is induced by circulating 
the hot and cold fluids at rapid rates on the opposite sides of pipes or 
tubes. Free- and forced-convection heat transfer occur at very different 
speeds, the latter being the more rapid and therefore the more common. 
Factors which promote high rates for forced convection do not necessarily 
have the same effect on free convection. It is the purpose of this chapter 
to establish a general method for obtaining the rates of heat transfer 
particularly in the presence of forced convection. 

Film Coefficients. In the flow of heat through a pipe to air it was seen 
that the passage of heat into the air was not accomplished solely by con­
duction. Instead, it occurred partly by radiation and partly by free 
convection. A temperature difference existed between the pipe surface 
and the average temperature of the air. Since the distance from the pipe 
surface to the region of average air temperature is indefinite, the resist­
ance cannot be computed from Ra = La/koA., using k for air. Instead 
the resistance must .. be determined experimentally by appropriately 
measuring the surface temperature of the pipe, the temperature of the air, 
and the heat transferred from the pipe as evidenced by the quantity of 
steam condensed in it. The resistance for the entire surface was then 
computed from 

R 
_ !:..ta 

a- Q (hrWF)/Btu 

If desired, La can also be calculated from this val~e of Ra and would be 
the length of a fictitious conductiop. film of air equivalent to the com­
bined resistance of conduction, free convection, and radiation. The 
length of the film is of little significance, although the concept of the 
fictitious film finds numerous applications. Instead it is preferable to 

25 
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deal directly with the reciprocal of the unit resistance h, which has an 
experimental origin. Because the use of the unit resistance L/k is so 
much more common than the use of the total surface resistance L/kA, 
the letter R will now be used to designate L/k (hr)(ft2WF)/Btu and it 
will simply be called the resistance. 

Not all effects other than conduction are necessarily combinations of 
two effects. Particularly in the case of free or forced convection to liquids 
and, in fact, to most gases at moderate temperatures and temperature 

0 
differences the influence of radiation may be 
neglected and the experimental resistance 
corresponds to forced or free convection alone 
as the case may be. 

Consider a pipe wall with forced convec­
tion of different magnitudes on both sides 
of the pipe as shown in Fig. 3.1. On the 

to inside, heat is deposited by a hot flowing 
· liquid, and on the outside, heat is received by 
·a cold flowing liquid. Either resistance can 
be measured independently by obtaining the 
temperature difference between the pipe sur­
face and the average temperature of the 
liquid. The heat transfer can be determined 

FIG. 3.1. Two convection from the sensible-heat change in either fluid 
coefficients. 

over the length of the pipe in which the heat 
transfer occurs. Designating the resistance on the inside by R; and on 
the outside by R., the inside and outside pipe-w·all temperatures by tp 
and tw, and applying an expression for the steady state, 

Q = A,(T, - tp) = A.(t,, - t.) 
R, R.· 

(3.1) 

where T, is the temperature of the hot fluid on the inside and t. the 
temperature of the cold fluid on the outside. Replacing the resistances 
by their reciprocals h; and h., respectively, 

(3.2) 

The reciprocals of the heat-transfer resistances have the dimensions of 
Btu/(hr)(ft2)(°F of temperature difference) and are called individual film 
coefficients or simply film coefficients. 

Inasmuch as the film coefficient is a measure of the heat flow for unit 
surface and unit temperature difference, it indicates the rate or speed 
with which fluids havi11:g a variety of physical properties and under 
varying degrees of agitation transfer heat. Other factors influence the 
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film coefficient such as the size of the pipe and whether or not the fluid is 
considered to be on the inside or outside of the pipe. With so many 
variables, each having its own degree of influence on the rate of heat 
transfer (film coefficient), it is fairly understandable why a rational 
derivation is not available for the direct calculation of the film coefficient. 
On the other hand, it is impractical to run an experiment to determine the 
coefficient each time heat is to be added or re­
moved from a fluid. Instead it is desirable to 
study some method of correlation whereby sev­
eral basic experiments performed with a wide 

· range of the variables can produce a relation­
ship which will hold for any other combina­
tions of the variables. The immediate problem 
is to establish a method of correlation and then 
apply it to some experimental data. 

The Viscosity. It is not possible to proceed 
very far in the study of convection and fluid 
flow without defining a property which has 
an important bearing upon both, viscosity. 
In order to evaluate this property by fluid 
dynamics two assumptions are required: (1) 

£1 I 
1-.---c~x--l 

?JJ/77777 //7777 7 
(or) 

:;z I 
tl--dx--.1 
y 

h.r///777/7,?)7 //7 
<bi 

FIG. 3.2. FhJid strain. 

Where a solid-liquid interface exists, there is no slip between the solid 
and liquid, and (2) Newton's rule: Shear stress is proportional to the rate 
of shear in the direction perpendicular to motion. An unstressed particle 

v 
of liquid as shown in Fig. 3.2a will 
assume the form in Fig. 3.2b when a 
film of liquid is subjected to shear. 

The rate of shear is proportional 
to the velocity gradient du/dy. Ap­
plying Newton's rule, if r is the shear 
stress, 

du 
FIG. 3.3. Fluid shear. T =p.-

dy (3.3) 

where J.L is the proportionality constant or 

T 

p,= dujdy {

In solids it results in deformation and is equivalent 
to the modulus of elasticity. 

In liquids it results in deformation at a given rate. 

To evaluate p. refer to Fig. 3.3 where shear is produced by maintaining 
the liquid film between a stationary plate at .distance Y and a moving 
plate with velocity V. At any point in the film the velocity u- is given 
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byu = Vy/Y. 
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du V 
Rate of shear = dy = y 

v 
r=J.Iy 

where J.' is called the viscosity when V and Y have unit values. 

(3.3) 

(3.4) 

The actual force required to move the plate is rA. IfF is thepound­
force, L the length, and 0 the time, the dimensions of the viscosity are 

Y F L F8 
p, = T v = £2 L/0 = £2 

or using the pound-mass M, where F = Mg and g = L/02, the accelera­
tion of gravity, 

ML L M 
p. = £202Lj8 = L8 

When evaluated in cgs metric units p, is commonly called the absolute 
viscosity. 

_ gram-mass 
p, - centimeter X second 

This unit has been named the poise after the French scientist Poiseuille. 
This is a large unit, and it is customary to use and speak of the centi­
poise, or one-hundredth poise. · In engineering units its equivalent is 
defined by 

pound-mass 
P. = foot X hour 

Viscosities in centipoises can be converted to engineering units on multi­
plying by 2.42. This unit has no name. Another unit, .the kinematic 
viscosity, is also used because it occurs frequently in physical systems and 
produces straighter graphs of viscosity vs. temperature on logarithmic 
coordinates. The kinematic viscosity is the absolute viscosity in centi­
poises divided by the specific gravity. 

Kin t . . 't absolute viscosity 
ema lC VlSCOSl y = 'fi 't speCl c grav1 y 

The unit of kinematic viscosity is the stokes, after the English mathe­
matician Stokes, and the hundredth of the stokes is the centistokes. 

The viscosity can be determined indirectly by measuring the time of 
efflux from a calibrated flow device having an orifice and a controlled 
temperature. The commonest is the Saybolt viscometer, and the time 
of efflux from a standard cup into a standard receiver is measured in 
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seconds and recorded as Saybolt Seconds Universal, SSU. Conversion 
factors from the time of efflux to centistokes for the Saybolt and other 
viscometers are given in Fig. 13.1 

Heat Transfer between Solids and Fluids: Streamline and Turbulent 
Flow. The Reynolds Number. When a liquid flows in a horizontal 
pipe, it may flow with a random eddying motion known as turbulent flow, 
as shown in Fig. 3.4 by a plot of the local velocity in the pipe vs. the 
distance from its center. H the linear velocity of the liquid is decreased 
below some threshold value, the nature of the flow changes and the 
turbulence disappears. The fluid particles flow in lines along the axis 

• of the pipe, and this is known as streamline flow. An experiment used 
for the visual determination of the type of flow consists of a glass tube 

-um""=-1.21.1"". --+Umax"2Uav. 

FrQ. 3.4. Turbulent flow in pipes. FIG. 3.5. Streamline flow in pipes. 

through which water flows. A thin stream of ink is injected at the 
center of the tube, and if the ink remains at thk center for a reasonable 
distance, it is indicative of streamline flow. S~nyms for streamline 
flow are viscous, laminar, and rodlike flow. Additional experimentation 
has indicated that streamline flow proceeds as if by the sliding of con­
centric thin cylinders of liquid one within the other a$ shown in Fig. 3.5. 
It appears that the distribution of the velocities of the cylinders is para­
bolic with the maximum at the center and approaching zero at the tube 
wall. 

Reynolds2 observed that the type of flow assumed b>y a liquid flowing in 
a tube was influenced by the velocity, density, and viscosity of the liquid 
and the diameter of the tube. When related as the quotient of Dupjp., 
called the Reynolds number, it was found that turbulent flow always 
existed when the numerical value of Dupfp. exceeded about 2300 and 
usually when it exceeded 2100. By definition, the transfer of heat by 
convection proceeds mainly as the result of mixing, and while this require­
ment appears to be satisfied by turbulent flow, it is not fulfilled by stream-

1 Figure numbers which are not preceded by a chapter number will be found in the 
Appendix. 

ll Reynolds, 0., "Scientific Papers of Osborne Reynolds," p. 81, Cambridge Uni­
versity Press, London, 1901. 
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line flow. Streamline flow is, in fact, a form of conduction whose study 
will be deferred to a later chapter. The speed with which heat is trans­
ferred to or from a given liquid to a tube is considerably less for stream­
line than for turbulent flow, and in industrial practice it is almost always 
desirable to avoid conditions such as low liquid velocity which promote 
streamline flow. 

Dimensional Analysis. A method of correlating a number of variables 
into a single equation expressing an effect is known as dimensional analy­
sis. Certain equations describing physical phenomena can be obtained 
rationally from basic laws derived from experiments. An example is the 
time of vibration of a pendulum from Newton's second law and the 
gravitational constant. Still other effects can be described by differ-

. entia! equations, and the course or extent of the phenomena deduced by 
means of the calculus. Numerous examples of this type are encountered 
in elementary physics. In still other types of phenomena there is insuffi­
cient information to permit the formulation of either differential equations 
or a clear picture by which fundamental laws may be applied. This last 
group must be studied experimentally, and the correlation of the observa­
tions is an empirical approach to the equation. Equations which can 
be obtained theoretically can also be obtained empirically, but the reverse 
is not true. 

Bridgman1 has presented by far the most extensive proof of the mathe­
matical principles underlying dimensional analysis. Because it operates 
only upon the dimensions of the variables, it does not directly produce 
numerical results from the variables but instead yields a modulus by 
which the observed data can be combined and the relative influence of 
the variables established. As such, it is one of the important cornerstones 
of. empirical study. It recognizes that any combination of a number 
and a dimension, such as 5 lb or 5 ft, possesses two identifying aspects, one 
of pure magnitude (numerical) and the other quantitative (dimensional). 
Fundamental dimensions are quantities such as length, time, and tempera­
ture which are directly measurable. Derived dimensions are those 
which are expressed in terms of fundamental dimensions such as veloc­
ity = length/time or density = mass/length3• The end· results of a 
dimensional analysis may be stated as follows: If a dependent variable 
having given dimensions depends ·Upon some relationship among a group 
of variables, the individual variables of the group must be related in such 
a way that the net dimensions of the group are identical with those of 
the dependent variable. The independent variables may also be related 
in such a way that the dependent variable is defined by the sum of several 

1 Bridgman, P. W., "Dimensional Analysis," Yale University Press, New Haven, 
1931. ' 
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different groups of varial:lles, each group having the net dimensions of 
the dependent variable. As a very simple illustration consider the con­
tinuity equation which is frequently written in elementary physics and 
thermodynamics texts in the form 

ua 
w=­

v 

where w = fluid flow rate, weight/time 
u = fluid velocity in conduit, length/time 
a = cross section of the conduit, length X length = length2 

(3.5) 

v = specific volume, length X length X length/weight = length 3 j 
weight 

Why does Eq. (3.5) have this particular form? u, a, and v must be 
related so that their net dimensions are the same as those of the depend­
ent variable w, namely, weight/time. An equation involving both pure 
numbers and dimensions must be correct with respect to either and both. 
Checking the dimensions alone, writing for the variables in Eq. (3.5) 
their individual dimensions, 

W~ight = le?gth X len th2 X __ 1 __ weight 
T1me t1me g length3 - time (3.6) 

weight 

It is seen that the dimensions on the left side are identical with the net 
dimensions of the group only when the variables of the group are arranged 
in the particular manner indicated by the formula. The three inde­
pendent variables above give an answer in weight/time only when 
arranged in a single way, uajv. Conversely it may be deduced that the form 
of an equation is determined only by its dimensions; the form which pro­
duces dimensional equality represents the necessary relationship among 
the variables. Any physical equation may be written and evaluated in 
terms of a power series containing all the variables. If the form were not 
known in the illustration above and it was desired to find a relationship 
which must exist between the variables w, u, a, and v, it may be expressed 
by a power series such as · 

cp(w, u, a, v) = awbu•aitv• + a'wb'u•'ad'v"' + · · · = 0 (3.7) 

The factors a and a' are dimensionless proportionality constants. Since 
the dimensions of all the consecutive terms of the series at:e identical, it is 
not necessary to consider any of the terms beyond the first. Accordingly 
one can write 

(3.8) 

where q/ indicates the function. Arbitrarily setting b = -1 so that u; 
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will not appear in the final equation raised to a fractional exponent, 

(3.9) 
Substituting dimensions, 

W~ight = a (le~gth)" X (len th2)<~ X (le~gth3)" 
Time time g weight (3.10) 

If a group of independent variables will establish numerical equality 
with a dependent variable, the same is true of their dimensions. Equa­
tion (3.6) imposes this condition. The exponents c, d, and e may then 
assume such values as are necessary to effect the ·dimensional equality 
between the left and right sides. The remainder of the solution is merely 
to evaluate c, d, and e by simple algebra. Sillnming the exponents of the 
dimensions on both sides and recalling that an exponent of zero reduces a 
number to unity, 

~ length, 0 = c + 2d + 3e 
~ weight, 1 = -e 
~time, -1 = -c 

Solving for the unknown, dis found to be +1. The three exponents are 
then c = +1, d = +1, and e = -1. Substituting these in Eq. (3.9), 

(3.11) 

Inasmuch as this is an exact relationship, the proportionality constant a 
is equal to 1.0 and 

ua 
w=­v 

Thus by purely algebraic means the correct form of the equation has been 
established. This has been an extremely elementary illustration in which 
all of the exponents were integers and the dependent and independent 
variables were expressed in only three kinds of dimensions: weight, length, 
and time. In systems involving mechanics and heat it is often necessary 
to employ other dimensions such as temperature and a derived heat unit 
H, the Btu or calorie. 

In mechanical and chemical engineering it is customary to use a set of 
six dimensions: force F, heatH, length L, mass M, temperature T, and 
time 8. One of the important alternatives, however, hinges about the 
unit of force and the unit of mass. In the preceding illustration the weight 
was employed. The relationship would hold whether the pound-mass or 
gram-mass or the pound-force (poundal) or gram.;,force (dyne) were used 
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. TABLE 3.1. DIMENSIONS AND UNITS 

Dimensions:* Force = F, heat = H, length = L, mass = M, temperature = T, 
time = fJ. The force-pound is the poundal, the force-gram is the dyne 

Sym­
bol 

g 
A 
KH 
KM 
p 
D 
kd 
F 
H 
L 
M 
w 
G 
J 

p 
PG 
T 

c 
v 
7" 

11 

T 
k 

a 
{3 
R1 
() 

u 
p.g 

p. 

M 
Wo 

Quantity: consistent engineering and metric units. 

Acceleration of gravity, ft/hr2, cm/sec1 

Area or surface, ft', cm2 

Conversion from kinetic energy to heat 
Conversion from force to mass 
Density, lb/ft•, g/cm3 

Diameter, ft, em 
Diffusivity (volumetric), ft2/hr, cm2/sec 
Force, force-pound (poundal), force-gram (dyne) 
Heat, Btu, cal 
Length, ft, em 
Mass, lb, g 
Mass flow, lb/hr, g/sec 
Mass velocity, lb/(hr)(ft2), g/(sec)(cm2) 

Mechanical equivalent of heat, (force-lb)(ft)/Btu, (force-g)(cm)/ 
cal 

Pressure, force-lb /ft2, force-g/cm 2 

Power, (force-lb) (ft) /hr, (force-g) (em) /sec 
Radius, ft, em 
Specific heat, Btu/(lbWF), cal/(g)(OC) 
Specific volume, ft 3/lb, cm3/g 
Stress, force-1b/ft 2, force-g/cm 2 

Surface tension, force-lb/ft, force-g/cm 
Temperature, •F, •c 
Thermal conductivity, Btu/(hr)(ft2)(°F/ft), cal/(sec)(cm2)(°C/ 

em) 
Thermal diffusivity, ft2/hr, cm2/sec 
Thermal coefficient of expansion, 1/"F, 1/"C 
Th~rmal resistivity, (•F)(ft)(hr)/Btu, (•C)(cm)(sec)/cal 
Time, hr, see 
Velocity, ft/hr, em/sec 
Viscosity (force-lb) (hr) /ft2, (force-g) (sec) I em 1 

Viscosity (abs), lb/(ft)(hr), g/(cm)(aee) 
Mass, lb, g 
Work, (force-lb)(ft), (force-g)(cm) 

*For & system without heat ch&ng<ll! these. automatically reduce tc FLM 11. 

Dimen­
sion 

L/8' 
L' 
ML2/Ho• 
ML/F0 2 

M/L' 
L 
L 2/8 
F 
H 
L 
M 
M/e 
MjeL• 
FL/H 

F/L2 

FL/8 
L 
H/MT 
L 3/M 
F/L' 
F/L 
T 
H/LTO 

L•;o 
1/T 
LTIJ/H 
0 
Ljo 
FO/L2 

MjLo 
M 
FL 

as long as the weight was always treated in the same way. Consider a 
system in which the mass is a fundamental dimension as M, L, T, 8. 
From the acceleration equation, force == mass X acceleration, 

F = MLrr2• 

In another set of dimensions it may be more convenient to consider force 
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the fundamental dimension, in which case mass is expressed by 

M = FL-102• 

When some of the variables are commonly expressed in units of force 
such as pressure FL-2 and other variables by units of mass such as the 
density ML-3, it is necessary to introduce a dimensional constant into the 
series expression before solving for the exponents. The constant relating 
M and F naturally has the dimensions of the· gravitational acceleration 
constant Lo-2• A similar situation also arises when describing a phe.:. 
nomenon by which a work or kinetic energy change occurs in a system. 
Some of the variables may ordinarily be expressed in terms of foot-pounds 
(force-pound X foot) and others in terms of heat energy such as the 
Btu. A conversion factor which is the heat equivalent of work must be 
introduced to convert FL to H, or vice versa. The constant is the kinetic 
energy equivalent of the heat ML2/H02• A number of common variables 
and dimensional constants are given in Table 3.1 together with their net 
dimensions in a six-dimension system. Typical sets of engineering and 
metric units are included. 

Analysis for the Form of a Fluid-flow Equation. When an incompressi­
ble fluid flows in a straight horizontal uniform pipe with a constant mass 
rate, the pressure of the fluid decreases along the length of the pipe 
owing to friction. This is commonly called the pressure drop of the 
system, AP. The pressure drop per unit length is referred to as the 
pressure gradient, dP / dL, which has been found experimentally to be 
influenced by the following pipe and fluid properties: diameter D, veloc­
ity u, fluid density p, and viscosity JL. What relationship exists between 
the pressure gradient and the variables? 

Solution. The pressure has dimensions of force/area, whereas the 
density is expressed by mass/volume so that a dimensional . constant 
relating M to F must be included, KM = ML/F02• The same result 
may be accomplished by including the acceleration constant g along with 
the variables above. While the viscosity is determined experimentally 
as a force effect and has the dimensions FO/L2

, it is a very small unit, and 
it is more c'ommon in the engineering sciences to use the absolute vis­
cosity M /L8 in which the conversion from force to mass has already been 
made. . 

Using the same method of notation as before, 

(3.12) 

(3.13) 
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Substituting dimensions and arbitrarily setting the exponent of dP / dL 
equal to 1, 

F (L)b (M)c (M)d (ML)• 
£3 = a(L)" e £3 LO FrP 

Summing exponents, 
T-F, 1 = -e 
T-L, -3 = a + b - 3c - d + e 
ZM, 0 = c + d + e 
T-8, 0 = - b - d - 2e 

Solving simultaneously, 
a= -1- d 
b= 2-d 
c= 1-d 
d= d 
e = -1 

Substituting back in Eq. (3.13), 

dP - D-1-d z-d 1-d aK-t _· auzp (Dup)-a 
dL - a u P !1. M - DKM 7 

(3.14) 

(3.15) 

where a and -d must be evaluated from experimental data.. A con­
venient term of almost universal use in engineering is the mass velocity G, 
which is identical with 1lp and corresponds to the weight flow per square 
foot of flow aJ;ea. To obtain the pressure drop from Eq. (3.15), replace 
dP by AP, dL by the length of pipe L, or AL, and substituting for Kllf its 
equivalent g, 

aG2L(DG)-a l!.P =-- --
Dpg !1. 

(3.16) 

where Dupfp, or DG/p, is the Reynolds number. 
Analysis for the Form of a Forced-convection Equation. The rate of 

heat transfer by forced convection to an incompressible fluid traveling in 
turbulent flow in a pipe of uniform diameter at constant mass rate has 
been found to be influenced by the velocity u, density p, specific heat c, 
thermal conductivity k, viscosity p,, .as well as the inside diameter of the 
pipe D. The velocity, viscosity, density, and diameter affect the thick­
ness of the fluid film at the pipe wall through which the heat must first 
be conducted, and they also influence the extent of fluid mixing. k is 
the thermal conductivity of the fluid, and the specific heat reflects the 
variation of the average fluid temperature as a result of unit heatabsorp-
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tion. What relationship holds between the film coefficient or rate of 
heat transfer, h; = H/8L2T [such as Btu/(hr)(ft2)(°F)], and the other 
variables? 

Solution. It is not known whether all energy terms will be expressed 
mechanically or thermally by the dimensions of the variables so that the 
dimensional constant K H = M£2 / H 62 must be included. If all the dimen­
sions combine to give only thermal quantities such as the Btu, which 
appears in the dimensions of h;, the exponent of KH in the series expression 
should be zero and the constant will reduce dimensionally to 1.0, a pun: 
number. 

Summing exponents, 

J;H, 1 = d + f - i 
J;L, -2 = a - 3b + e - f- g + 2i 
J;M, 0 = b - d + g + i 
J;T, -1 = -d- f 
~6, -1 = -a - f- g - 2i 

Solving simultaneously, 

Substituting back, 

or collecting terms, 

a=a 
b =a 
d=1-f 
e=a-1 
f=f 
g=1-f-a 
i=O 

(3.17) 

(3.18) 

(3.19) 

(3.20) 

where a, a, and 1 - f must be evaluated from a minimum of three sets of 
experimental data. Substituting the mass velocity for up in the above, 

hif = Cl (~ay (c: y-' (3.21) 

The dimensionless groups hD /k and cp.jk, like the Reynolds number 
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Dupjp, or DGjp,, have been assigned names to honor earlier investigators 
in the field of fluid mechanics and heat transfer. A list of the common 
groups and the names assigned to them are included in Table 3.2. 

TAllLE 3.2. CoMMON DIMENSIONLEss GRouPs 

Symbol Name Group 

Bi Biot number hr/k 
Fa Fourier number k9jpcr2 

Gz Graetz number wcfkL 
Gr Grashof number D 3p2g{J t..t/ p.2 

Nu Nusselt numbet hD/k 
Pe Peclet number DGc/k 
Pr Prandtl number cp.jk 
Re Reynolds number DG/p,, Dupjp. 
Be Schmidt number p,jpk& 
St Stanton number hjdl 

One of the useful aspects of dimensional analysis is its ability to pro­
vide a relationship among the variables when the information about a 
phenomenon is incomplete. One may have speculated that both fluid 
friction and forced convection are influeneed by the surface tension of the 
fluid. The surface tension could have been included as a variable and 
new equations obtained, although the form of the equations would have 
been alter~ considerably. Nevertheless it would have been found that 
the exponents for any dimensionless groups involving the surface tension 
woul~ be nearly zero when evaluated from experimental data. By the 
same token, the equations obtained above may be considered to be predi­
cated on incomplete information. In either case a relationship is 
obtainable by dimensional analysis. 

Consistent Units. In establishing the preceding formulas the dimen­
sions were referred to in general terms such as length, time, temperature, 
etc., without specifying the units of the dimensions. The dimension is 
the basic measurable quantity, and convention has established a number 
of different basic units such as temperature, °F and °C; area, square 
foot, square inch, square meter, square centimeter; time, second or hour; 
etc.· In order that the net dimensions of the variables may be obtained 
by cancellation among the fundamental an.d derived dimensions, all must 
employ the same basic measured units. Thus if severa.l variables employ 
dimensions containing length such as velocity L/8, density M/£3, and 
thermal conductivity H/BLT, each must employ the same basic unit of 
length such as the foot. Accordingly, when substituting values of the 
variables into a dimensionless group, it is not permissible to signify the 
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dimensions of some variables in feet, some in inches, and still others in 
centimeters. However, any unit of length is acceptable provided all 
the lengths involved in the variables are expressed in the same unit of 
length. The same rule applies tc. the other fundamental and derived 
dimensions. When a group of dimensions are expressed in this manner, 
they are called consistent units. Any group of consistent units will yield 
the same numerical result when the values of the variables are substi­
tuted into the dimensionless groups. 

The Pi Theorem. One of the important mathematical proofs of dimen­
sional analysis is attributed to Buckingham, 1 who deduced that the num­
ber of _dimensionless groups is equal to the difference between the number 
of variables and the number of dimensions used to express them. Dimen­
sional constants are also included as variables. The proof of this 
statement has been presented quite completely by Bridgman. 2 Desig­
nating dimensionless groups by the letters 1r1, 1r2, 1r3, the complete physical 
statement of a phenomenon can be expressed by 

(3.22) 

where the total number of 11" terms or dimensionless groups equals the 
number of variables minus the number of dimensions. In the preceding 
example there were, including hi, eight variables. These were expressed 
in five dimensions, and the number of dimensionless groups consequently 
was three. There is a notable exception which must be considered, how­
ever, or this method of obtaining the ·number of dimensionless groups by 
inspection can lead to an incorrect result. When two of the variables 
are expressed by the same dimensJon such as the length and diameter of a 
pipe, neither is a unique variable, since the dimensions of either are 
indistinguishable, and to preserve the identity of both they must be com­
bined as a dimensionless constant ratio, L/D or D/L. When treated in 
this manner, the equation so obtained will apply only to a system which 
is geometrically similar to the experimental arrangement by which the 
coefficients and exponents were evaluated, namely, one having the same 
ratio of L/D or D/L. For this reason the form of a fluid-flow equation, 
Eq. (3.15), was solved for the pressure gradient rather than the pressure 
drop directly. Although the solution for a forced-convection equation 
has already been obtained algebraically, it will be solved again to demon­
strate the Pi theorem and the extent to which it differs from the direct 
algebraic solution. In general, it is desirable to solve for the dimension­
less groups appearing in Table 3.2. 

1 Buckingham, E., Phys. Rev., 4, 345-376 (1914). 
2 Bridgman, op. cit. 
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Analysis for a Forced-convection Equation by. the Pi ·Theorem. 

1/>('ITt, 'IT27 'ITs ••• ) = 0 
'IT = q,'(hfubpdc•DikuJLmKk) = 1 

( H )a (L)b (M)d ( H )' ( H )a (M)m (M£2)' 
'IT = a FJL2T 0 £3 MT (L)I eLT Le H82 . 

Summing exponents, 

~H, 0 = a + e + g - i 
~L, 0 = - 2a + b - 3d + f - g - m + 2i 
~M, 0 = d - e + m + i 
~T, 0 = -a - e - g 
~8, 0 = -a - b - g - m - 2i 
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(3.23) 

(3.24) 

'1Tt1 1T2, and 'ITs may be evaluated by simple algebra. All the exponents 
need not be summed up in one operation, since it has been seen in Eq. 
(3.20) that the dimensionless groups comprising it are only composed of 
three or four variables each. It is requisite in summing for the three 
groups individually only that all the exponents be included at some time 
and that three summations be made equal to the difference between 
the eight. variables and five dimensions or three groups, 'ITt, 'IT2, and 'ITs. 

'IT1• Since it is desired to establish an expression for h; as the dependent 
variable, it is preferable that it be expressed raised to the first power 
or a = 1. This will assure that in the final equation the dependent 
variable will not be present raised to some odd fractional power. Since 
all the exponents need not be included in evaluating 'ITt, assume b = 0 and 
e = 0. Referring to Eq. (3.20) it will be seen that as a result of these 
assumptions neither the Reynolds number nor the Prandtl number will 
appear as solutions for 'ITz. When b = 0, ub = 1 and Dupj p. = 1; and 
when e = 0, c• = 1 and CJL/k = 1. 

Assume a = 1, b = 0, e = 0. Solving the simultaneous equations 
above, d = 0, f = + 1, g = -1, m = 0, i = 0, 

(
hJ)) 'ITt= q,' T 

1r2• Having ·already obtained h; it is desirable not to have it appear 
again in either 1r2. or 1r3• This ·can be accomplished in solving for the next 
group by assuming a = 0. -The entire Nusselt number hJ)/k will then 
reduce to 1. If a Reynolds number is desired, because it is a useful 
criterion of fluid flow, assume b or f = 1. Lastly, if the Prandtl number 
is to be eliminated, assume that the exponent of c or k is zero. If the 
exponent of the viscosity is assumed to be zero, it will not be possible to 
obt~in either a Reynolds number or a Prandtl number. 
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Assume f = 1, a = O, e = 0. Solving the siniultaneous equations 
above, b = 1, d = 1, g = 0, m = -1, i = 0, 

_ ,~,.1 (Dup) 
11'2- 'I' -­

J.I. 

7ra. To prevent the hi term and the velocity or density from appearing 
again, assume a = 0, e = 1, f = 0. All the exponents will have now 
appeared in one or more solutions. 

Assume a = 0, e = 1, f = 0. Solving the simultaneous equations 
above, b = 0, d = 0, g = -1, m = 1, i = 0, 

1 (Cp.) 
11"3 = q, k 

The final expression is 

q, (h», Dup
1 

cp.) = O 
k J.l. k 

(3.25) 

or 

(3.26) 

where the proportionality constant and the exponents must be evaluated 
from experimental data. 

Development of an Equation for Streamline Flow. Since streamline 
flow is a conduction phenomenon, it is subject to rational mathematical 
analysis. On the assumption that the distribution of velocities at any 
cross section is parabolic, the inside surface of the pipe is uniform, and 
the velocity at the wall is zero, Graetz1 obtained for radial conduction 
to a fluid moving in a pipe in rodlike flow 

t2 - tr = 1 _ Sq, (we) 
tp-h kL 

(3.27) 

where t1 and t2 are the inlet and outlet temperatures of the fluid, tp is the 
uniform inside pipe surface. temperature, tp - tr the temperature differ­
ence at the inlet, and q,(wc/kL) is the numerical value of an infinite series 
having exponents which are multiples of wc/kL. Equation (3.27) may 
be replaced through dimensional analysis with an empirical expression 
which must be evaluated from experiments. If t2 - t1, the rise in the 
temperature of the fluid flowing in the pipe, is considered to be influenced 

1 Graetz, L., Ann. Physik, 26, 337 (1885). For a review of the treatment of conduc­
tion in moving fluids see T. B. Drew, Trans. AIOhE, 26, 32 (193i). 
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in radial conduction by the length of path L, the rate of flow w, specific 
heat c, thermal conductivity k, and the temperature difference between 
the pipe inside surface and the fluid temperature so that /S.li = tp - t1, 

t2 - t1 = aLauf>cdk• At{ 

Solving by the method of dimensional analysis 

t2 - t1 = a (~lY !S.t; 

or 

t2 - t1 = (wc)d 
At; a kL 

(3.28) 

(3.29) 

(3.30) 

which is similar to Eq. (3.27). Now note that neither Eq. (3.28) nor 
(3.29) contains h; or the viscosity 1-'· But Q = h;A; At; or 

wc(t2 - h) = h,"'r DL At; 

and substituting G = -rrD~/4 in Eq. (3.30), 

h;L = a (D2Gc)d 
DGc kL 

(3.31) 

Now synthetically introducing the viscosity by multiplying the right term 
of Eq. (3.31) by (J.I/1-')d, one obtains 

(3.32) 

This is a convenient means of representing streamline flow using the 
dimensionless groups incidental to turbulent flow and including the 
dimensionless ratio D fL. It should not be inferred, however, that 
because of this method of .representation the heat-transfer coefficient is 
influenced by the viscosity even though the Reynolds number, which is 
the criterion of streamline flow, is inversely proportional to the viscosity.· 
The values of J.l in Eq. (3.32) actually cancel out. 

The "Temperature Difference between a Fluid and a Pipe Wall. 
Before attempting to evaluate the constants of a forced-convection equa­
tion from experimental data, an additional factor must be taken into 
account.. When a liquid· flows along the axis of a tube and absorbs or 
transmits sensible heat, the temperature of. the liquid. varies over the 
entire length of the pipe. In the case of heat flow through a flat wall, the 
temperature over the entire area of each face of the flat wall was identical 
and the temperature difference was simply the difference between any 



42 PROCESS HEAT TRANSFER 

points on the two faces. If the temperature of the inner circumference 
of a pipe wall is nearly constant over its entire length, as it might be when 
the fluid inside the tube is heated by steam, there will be two distinct 
temperature differences at each end: one between the pipe wall and the 
inlet liquid and one at the other enq between the pipe wall and the heated 
liquid. What is the appropriate temperature difference for use in the 
equation Q = h;A;(tp - t) = h~; llt;, where tp is the constant tempera­
ture of the inside pipe wall and tis the,varying temperature of the liquid 
inside the pipe? 

Referring to Fig. 3.6, the constant temperature of the inside pipe wall 
is shown by the horizontal line t'P. If the specific heat is assumed con-

FIG. 3.6. Temperature difference between a fluid and a pipe wall. 

stant for the liquid, the rise in temperature is proportional to the total 
heat received by the liquid in passing from the ihlet temperature t1 to the 
outlet temperature t2 and if h1 is considered constant 

(3.33) 

The slope of the lower line defining the temperature difference llt; as a 
function of Q is 

(3.34) 

where fllz = tP - t1 and llt1 = tp - tz. Eliminating dQ from Eqs. (3.33) 
and (3.34), 

(3.35) 

Integrating 

Q = h;A;(lltz - llt1) 
ln lltz/ llt1 (3·36) 

Th · fltz -lltt · h l 'th · te t d'-tr e expressiOn ln lltz/ llt
1 

lS t e ogan mw mean mpera ure ~JJerence, 

abbreviated LMTD, and the value of h;, which has been computed from 
Q = h;A; llt; when llt; is the logarithmic mean, is a distinct value of 
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h;. If the value of t:.t;. were arbitrarily taken as the arithmetic mean of 
t:..t2 and !J.h, the value of h; would have to be designated to show that it 
does not correspond to the logarithmic mean. This is usually accom­
plished by affixing the subscript a or m for arithmetic mean, as ha or hm. 
When t:.t2 and !J.h approach equality, the arithmetic and logarithmic 
means approach each other. 

&qlerimentation and Correlation. Suppose experimental apparatus 
was available with known diameter and length and through which liquid 
could be circulated at various measurable flow rates. Suppose, further­
more; that it was equipped w~th suitable devices to permit measurement 
of the inlet and outlet liquid temperatures and the temperature of the 
pipe wall. The heat absorbed by the liquid in flow through the pipe 
would be identical with the heat passing into the pipe in directions at 
right angles to its longitudinal axis, or 

(3.37) 

From the observed values of the experiment and the calculation of t:.t;, as 
given in Eq. (3.36), h;. can be computed from 

h· _ wc(t2 - t1) 
'- A,t:.t; (3.38) 

The problem encountered in industry, as compared with experiment, is 
not to determine h; but to apply experimental values of h; to obtain A;, 
the heat-transfer surface. The process flow sheet ordinarily contains 
the heat and material balimces about the various items of equipment 
which enter into a process. From these balances are obtained the condi­
tions which must be fulfilled by each item if the process is to operate as a 
unit. Thus between two points in the process it may be required to 
raise the temperature of a given weight flow of liquid from h to t2 while 
another fluid is cooled from T1 to T2. The question in industrial prob­

·lems is to determine how much heat-transfer surface is required to fulfill 
these process conditions. The clue would appear to be present in Eq. 
(3.38), except that not only A; but also h; is unknown unless it has been 
established by former experiments for identical conditions. 

In order to prepare for the solution of industrial problems it is not 
practical to run experiments on all liquids and under an infinite variety 
of experimental conditions so as to have numerical values of h; available. · 
For example, h; will differ for a single weight flow of a liquid absorbing 
identical quantities of heat when the numerical values of t1 and t2 differ, 
since the liquid properties are related to. these temperatures. Other 
factors which affect h; are those encountered in the dimensional analysis 
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such as the velocity of the liquid and the diameter of the tube through 
which heat transfer occurs. It is here that the importance of the equa­
tions obtained through dimensional analysis becomes apparent. If the 
values of the exponents and coefficients of the dimensionless equation 
for extreme conditions of operation are established from experiments, the 
value of h, can be calculated for any intermediate combination of velocity 
and pipe and liqUid properties from the equation. 

A typical apparatus for the determination of the heat-transfer coeffi­
cient to liquids flowing inside pipes or tubes is shown in Fig. 3.7. The 
principal part is the test exchanger, which consists of a test section of 
pipe enclosed by a concentric pipe. The annulus is usually connected 

Thermocoupte E M f' measurement 

l1h;ter 
1n 

FIG. 3.7. Test apparatus for the tube transfer coefficient. 

to permit the condensation of steam for liquid-heating experiments or the 
rapid circulation of water for liquid-cooling experiments. The auxiliary 
exchanger is connected to perform the opposing operation of the test 
section and cools when the test section is used for heating. For a heat­
ing experiment, cold liquid from the reservoir is circulated through the 
circuit by a centrifugal pump. A by-pass is included on the pump dis­
charge to permit the regulation of flow through the flow meter. The 
liquid then passes through a temperature-measuring device, such as a 
calibrated thermometer or thermocouple, where t1 is obtained. t1 is 
taken at some distance in the pipe before the test section, so that the 
temperature-measuring device does not influence the convection eddies 
1n the test section itself. The liquid next passes through the test section 
and another unheated length of pipe before it is mixed and its temperature 
t2 is measured. The unheated extensions of the test pipe are referred to 
as calming sections. Next the liquid passes through a cooler where its 
temperature is returned to tt. The annulus of the test section is con-



CONVECTION 45 

nected to calibrated condensate drain tanks where the heat balance can 
be checked by measuring the steam, Dowtherm (a fluid which permits 
the attainment of high vapor temperatures at considerably lower pres­
sures than are obtained with steam), or other vapor quantity. The 
pressure of steam can be adjusted by a pressure-reducing valve, and in the 
event that the heating vapor does not have a well-established tempera­
ture-pressure saturation curve, thermocouples or thermometers can also 
be inserted in the shell. The temperature of the outside surface of the 
heated length of the pipe is obtained by attaching a number of thermo­
couples about the pipe surface and obtaining their average temperature. 
The thermocouples may be calibrated by circulating preheated oil through 
the tube while the annp.lus outside the test pipe is kept under vacuum. 
The temperature at the outside of the test-pipe surface can then be 
calculated from the uniform temperature of · the preheated oil after 
correcting for the temperature drop through the pipe wall and calibrating 
temperature against emf by means of a potentiometer. The leads from 
the pipe~surface thermocouples are brought out through the gaskets at 
the ends of the test section. 

The performance of the experiment requires the selection of an initial 
reservoir temperature t1 which may be attained by recirculating the 
liquid through the exchanger at a rapid rate until the liquid in the reser­
voir reaches the desired temperature. A flow rate is selected and cooling 
water is circulated through the cooler so that the temperature of the oil 
returning to the reservoir is also at h. When steady conditions of tr 
and t2 have persisted for perhaps 5 min or more, the temperatures tr and 
t2 are recorded along with the flow rate, readings of the pipe-surface 
thermocouples, and gain in condensate level during the test interval. 
With versatile apparatus using good regulating valves an experiment can 
usually be carried out in less than an hour. 

Several important points must be safeguarded in the design of experi­
mental apparatus if consistent results are expected. The covers at the 
ends of the test section cannot be connected directly to the test pipe, since 
they act as gatherers of heat. Should they touch the test pipe in a metal­
to-metal contact, they add large quantities of heat in local sections. To 
prevent inaccuracies from this source the covers and the test pipe ·should 
be separated by a nonconducting packing gland. Another type of error 
results from the accumulation of air in the annulus, which prevents the 
free condensation of vapor on the test pipe. This usually is apparent 
if there is a lack of uniformity in the readings of the pipe-surface thermo­
couples and annulus thermocouples when the latter are employed. This 
can be overcome by providing a bleed for the removal of any trapped air. 
Problems incidenta;l to the installation and calibration of thermocouples 
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and thermometers appear elsewhere.1 The same is true of equations to 
correct for fluid flow through standard orifices when the properties of the 
liquid vary. 

Evaluation of a Forced Convection Equation from Experimental Data. 
As an example of correlation, data are given in Table 3.3 which were 
obtained by Morris and Whitman2 on heating gas oil and straw oil with 
steam in a ~-in. IPS pipe with a heated length of 10.125 ft. 

The viscosity data are given in Fig. 3,8 and are taken from the original 
publication. The thermal conductivities may be obtained from Fig. 1, 
and the specific heats from Fig. 4. Both are plotted in the Appendix 
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FIG. 3.8. Viscosities of test oils. 

with o API as parameters. The thermal conductivity of the metal was 
taken by Morris and Whitman to be 35 Btu/ (hr) (ft2) (°F /ft) and constant, 
although this is higher than the value given in Appendix Table 3. Only 
columns 2, 3, 4, and 5 in Table 3.3 were observed where 

t1 = oil inlet temperature, °F 
t2 = oil outlet temperature, °F 
tw = temperature of outer pipe surface averaged from thermocouples 
w =weight flow, lb/hr 

The first step in correlating a forced convection equation is to determine 
that the data are in turbulent flow, otherwise an attempted correlation by 
Eq. (3.26) would be incorrect. In column 11 the Reynolds numbers 
have been calculated using the diameter and flow area of a ~-in. IPS pipe 
which may be found in Table 11. Fluid properties have been obtained 
at the mean temperature Ct1 + t2)j2. The Reynolds numbers all exceed 

1 American Institute of Physics, "Temperature: Its Measurement and Control in 
Science and Industry," Reinhold Publishing Corporation, New York, 1941. 

• Morris, F. H., and W. G. Whitman, Ind. Eng. (]hem., 20, 234 (1928). 



(1) (2) (3) (4) 

Run No. w tl t, 

-------
B1 722 77.1 106.9 
B2 890 77.9 109.3 
B3 1056 85.6 117.6 
B4 1260 89.8 121.9 
B5 1497 91.6 123.3 
B6 1802 99.1 129.2 
B7 2164 102.3 131.7 
B8 2575 106.5 134.3 
B9 3265 111.5 137.1 
B10 3902 113.9 138.2 
Bll 4585 116.8 139.7 
B12 5360 122.2 142.9 
B13 6210 124.8 144.1 

C8 2900 100.0 115.4 
C9 2920 86.7 99.3 
C10 3340 101.7 117.6 
C11 3535 100.5 115.7 
C12 3725 163.0 175.1 
C13 3810 160.5 173.6 
C14 3840 109.0 124.4 
C15 4730 112.0 127.3 
C16 5240 154.9 167.6 
C17 5270 150.9 164.3 
C18 5280 142.3 156.8 
Cl9 5320 132.3 148.1 
C20 5620 118.8 133.1 
C21 6720 122.2 135.9 
C22 8240 124.1 137.0 

TABLE 3.3. DATA oF MoRRIS AND WHITMAN 
Runs Heating 36.8° API Gas Oil with Steam 

(5) (6) (7) (8) (9) (10) 

t,. Q tit, h, h,D G T 
---

210.1 10,150 115.7 53.6 35.5 342,000 
209.0 13,150 112.6 71.4 46.3 421,000 
208.9 16,100 104.0 94.5 62.3 501,000 
208.0 19,350 98.5 120 79.5 597,000 
207.5 22,700 96.0 144 95 709,000 
207.2 26,200 88.5 181 120.5 854,000 
206.9 30,900 84.7 223 147.5 1,026,000 
206.4 35,000 80.3 266 176.5 1,220,000 
205.0 41,100 74.2 338 223 1,548,000 
203.8 46,600 70.6 403 266.5 1,850,000 
203.0 51,900 66.9 474 313 2,176,000 
202.9 54,900 62.3 538 356 2,538,000 
202.2 59,500 59.1 615 407 2,938,000 

Runs Heating 29.4°API Straw Oil with Steam 

206.3 20,700 95.8 132 87.5 1,375,000 
208.0 16,800 112.7 91.1 60.4 1,387,000 
206.0 24,800 92.9 163 108 1,585,000 
205.5 25,000 94.0 162 107.5 1,675,000 
220.1 22,600 47.9 288 191 1,767,000 
220.5 24,900 50.0 304 201.5 1,805,000 
205.7 27,800 85.2 199 131.5 1,820,000 
205.3 34,100 81.0 257 170 2,240,000 
217.7 33,100 51.9 389 257.5 2,485,000 
217.0 34,900 54.7 389 257.5 2,500,000 
216.7 37,500 62.0 369 244 2,510,000 
215.9 40,600 70.2 353 234 2,520,000 
204.7 38,200 73.5 317 210 2,660,000 
204.3 43,900 69.2 387 256 3,185,000 
204.4 47,900 67.3 434 287 3,905,000 

(11) (12) 
DG CJ.< - k J.< 

2,280 47.2 
2,825 46.7 
3,710 43.3 
4,620 41.4 
5,780 40.7 
7,140 38.7 
8,840 37.7 

10,850 36.5 
14,250 35.3 
17,350 35.1 
20,950 '34.1 
25,550 32.9 
30,000 32.7 

3,210 133 
2,350 179 
3,820 129.5 
3,880 133.3 

10,200 57.8 
10,150 59.3 
4,960 115 
6,430 110 

13,150 62.9 
12,520 65.6 
11,250 72.6 
9,960 81.5 
8,420 100.4 

10,620 95.6 
12,650 93.3 

(13) (14) 
Nu . Nu 

is= Pr JH = PrH• 

0.75 9.83 
0.99 12.85 
1.44 17.75 
1.92 23.0 
2.33 27.7 
3.12 35.5 
3.91 44.0 
4.83 53.2 
6.32 68.0 
7.60 81.4 
9.18 96.5 

10.82 111.2 
12.43 127.5 

0.66 17.2 
0.34 10.7 
0.83 21.4 
0.81 21.1 
3.30 49.5. 
3.39 51.6. 
1.15 27.1 
1.55 35.5 
4.08 64.7 
3.92 63.7 
3.36 58.5 
2.87 54.1 
2.09 45.Z 
2.68 56 0 
3.08 6~.3 

~ 
~ 
~ 

~ 
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2100 in substantiation of turbulent :flow. Equation (3.26) is given as 

and a, p, and q can be found algebraically by taking the data for three 
test points. 

Algebraic Solution. This method of correlation is demonstrated by 
using the three points B4, B12, and 012 in Table 3.3 which include a 
large range of h;D/k, DG/p,, and cp,jk as calculated presently from flow 
and fluid properties and tabulated in columns 9, 11, and 12. 

hf =a (~Gr (c:r 
012: 191 = a{10,200)P(57.8)q 
B12: 356 = a(25,550)P(32.9)q 
B4: 79.5 = a(4,620)P(41.4)q 

Taking the logarithms of both sides, 

012: 2.2810 =log a+ 4.0086p + 1.7619q 
B12: 2.5514 =log a+ 4.4065p + 1.5172q 
B4: 1.9004 = log a + 3.6646p + 1.6170q 

Eliminating the unknowns one by one gives a = 0.00682, p = 0.93, and 
q = 0.407, and the final equation is 

h;D (D.G)o.9a (cp,)o.4o7 
k = 0.00892 p: k 

When the equation is to be used frequently, it can be-simplified by fixing 
q as the cube root of the Prandtl number and solving for new values of 
a and p. The simplified equation would be 

hi[= 0.0089 (~G)o.9ss (c:)~ 

Graphical Solution. For the correlation of a large number of points the 
graphical method is preferable. Rewriting Eq. (3.26), 

(3.39) 

which is an equation of the form 

y =ax~' (3.40) 
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Taking the logarithms of both sides, 

log y = log a + p log x 

49 

which reduces on logarithmic coordinates to an equation of the form 

y=a+px (3.41) 

On logarithmic coordinates the entire group (hJ)/k)(cp./k)-q is the ordi­
nate yin Eq. (3.41), the Reynolds number is x, pis the slope of the data 
when plotted as y vs. x, and a is the value of the intercept when 

p log x = .0 

which occurs when the Reynolds number is 1.0. To plot values of 
fH = (hJJ/k)(cJ.I/k)-v., the exponent q must be assumed. The most 
satisfactory assumed value of the exponent will be the one which permits 
the data to be plotted with the ;:;mallest deviation from a straight line. 
A value of q must be assumed for the entire series of the experiments, and 
je computed accordingly. This is a more satisfactory method than an 
algebraic solution, particularly when a large number of tests on different 
oils and pipes are being correlated. If q is assumed too large, the data 
will scatter when plotted as y vs. x. If q is assumed too small, the data 
will not scatter but will give a large deviation by producing a curve. 
Preparatory to a graphical solution, run B1 in Table 3.3 will be computed 
completely from observed data alone. Run B1 consists of a test employ­
ing a 36.8° API gas oil in a %-in. IPS pipe. 

Observed test data: 

Weight flow of gas oil, w = 722 lbjhr 
Temperature of oil at pipe inlet, h = 77.1°F 
Temperature of oil at pipe outlet, t2 = 106.9°F 
Average temperature of outside pipe surface, tw = 210.1°F 

Physical data and calculated results:. 

Heat load, Btu/hr: 

A .1 t t 77.1 + 106.9 92 ooF . verage 01 empera ure = 2 = · 

Average specific heat, c = 0.472 Btu/(lb)(°F) 
Q = wc(t2 - t1) = 722 X 0.472(106.9 - 77.1) = 10,150 Btu/hr 

Temperature of pipe at inside surface, tp: 

l.D. of %-in. IPS = 0.62 in.; O.D. = 0.84 in. 
Length, 10.125 ft; surface, 1.65 ft2 



50 PROCESS HEAT TRANSFER 

Thermal conductivity of steel, 35 Btu/ (hr) (ft2
) (°F /ft) 

Q per lin ft, q = ~~:~~~ = 1007 Btu 

2.3q l D2 0 1 2.3 X 1007 l 0.84 208 7oF 
tp = iw - Znrk og D

1 
= 21 . - 2 X 3.14 X 35 og 0.62 = . ' 

At; in expression Q = h.;A.; flt;: 

At inlet, flt2 = 208.7 - 77.1 = 131.6°F 
At outlet, fll! = 208.7 - 106.9 = 101.8°F 

LMTD 131.6 - 101.8 115 7oF 
flt; = = 2.3 log (131.6/101.8) = · (3.36) 

h; = A~flt; = 1.6i0~;~5_ 7 = 53.6 Btu/(hr)(ft2WF) 

The thermal conductivity of the oil will be considered constant at 
0.078 Btu/(hr)(ft2WF/ft). 

N lt b N h;}) 53.6 X 0.62 35 5 d" . nl usse num er, u = T = 0_078 X 12 = . , 1mens10 ess 

. w 722 
Mass velocity, G = 1rD2/ 4 = (3.14 X 0_622)/(4 X 122) = 342,000 

lb / (hr) (ft2) 

The viscosity from Fig. 3.8 at 92°F is 3.22 centipoises fgram-mass/100 
(cm)(sec)] or 3.22 X 2.42 = 7.80 lb/(ft)(hr). 

DG . 0.62 · 1 
Reynolds number, Re = -;;: = l2 X 342,000 X 7_80 

= 2280, dimensionless 

P d 1 b P CJ.£ 0.472 X 7.80 47 2 d" . l ran t num er, r = k = 
0

_
078 

= . , 1mens10n ess 

Assume values of q of 1.0 and .73 respectively. 
First trial: jii = Nu/Pr = 0.75 plotted in Fig. 3.9 
Second trial: jii = Nu/Pr'/.! = 9.83 plotted in Fig. 3.10 

The values of the first trial in which the ordinate is j H = hf: I ( c:) 
for an assumed value of q = 1 are plotted in Fig. 3.9 where two distinct 
lines result, one for each of the oils. It is the object of .a good correlation 
to provide but one equation for a large number of liquids and this can be 
accomplished by adjusting the exponent of the Prandtl number. By 

assuming a value of q = .73 and plotting the ordinate jii = hf: I (c%)'/.1, 
it is possible to obtain the single line as shown in Fig. 3.10. By drawing 
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the best straight line through the points of Fig. 3.10,. the slope can be 
measured in the same way as on rectangular coordinates, which in this 
particular case is found to be 0.90. By extrapolating the straight line 
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until the Reynolds number is 1.0, a value of a = 0.0115 is obtained as the 
intercept. The equation for all the data is thus 

h~ = 0.0115 (~ay·ga (cf)v. (3.42) 

A value of q == 0.40 would cause less bowing and a smaller deviation. 
The correlation of data need not be confined to heating or cooling runs on 
liquids separately. It is entirely possible to combine both types of data 
into a single correlation, called the isothermal heat-transfer equation, 
but the procedure involves an additional consideration which is deferred 
until Chap. 5. 

Correlation of Fluid Friction in Pipes. When a fluid flows in a pipe 
isothermally, it undergoes a decrease in pressure. From Eq. (3.16) it 
is seen that for isothermal turbulent flow this pressure drop is a function 
of the Reynolds number and, in addition, to the roughness of the pipe 
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Rewriting Eq. (3.16) in dimensionless form, 

f ' ...:. I:.P gpD _ (DG)-d 
-~-a.-;: 

where f' is one of the dimensionless factors found in the literature to 
designate the friction factor and I:.P is the pressure drop in pounds per 
square foot. For combination with other hydrodynamic equations it is 
more convenient to use a friction factor f so that 

I:.P 2gpD a. 
f = 4G2L =Red (3.43) 

When experimental data are available, it is thus convenient to obtain a 
correlation by plotting f as a function of the Reynolds number and the 
conventional Fanning equation as shown in Fig. 3.11. The Fanning 
equation comprises the first and second terms of Eq. (3.43) and is usually 
written as AF = 1:.P I p where AF is the pressure drop expressed in feet of 
liquid, or 

For the portion of the graph corresponding to streamline flow 

(Re < 2100 to 2300), 

{3.44) 

the equation for the pressure drop may be deduced from theoretical con­
siderations alone and has been verified by experiment. The equation is 

AF = 32.uG 
gp2D2 (3.45) 

By equating (3.44) and (3.45), since each applies at the transition point 
from .streamline to turbulent flow, the equation of this line, known as the 
Hagen-Poiseuille equation, where f is used with Eq. (3.44), is 

16 
f = DG/.u (3.46) 

To the right of the transition region in turbulent flow there are two 
lines, one for commercial pipes and the other for tubes. Tubes have 
smoother finishes than pipes and therefore give lower pressure drops when 
all other factors are the same. This is not so of streamline flow where 
the fluid at the pipe or tube wall is assumed to be stationary or nearly 
stationary and the pressure drop is not influenced by roughness. The 
equation off in Eq. (3.44) for flujds in tubes in turbulent flow is given by 
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Drew, Koo, and McAdams1 within ±5 per cent by 

0.125 
f = 0.00140 + (DG/p.) 0•32 (3.47a) 

For clean commercial iron and steel pipes an equation given· by Wilson, 
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FIG, 3.11. Friction factors for flow-in pipes and tubes. 

McAdams, and Seltzer2 within ± 10 per cent is 

0.264 
f = 0.0035 + (DG/p.) 0•42 (3.47b) 

It can be seen that, if the transition from streamline to turbulent flow 
is given by Dupfp. = 2300, approximately, then the velocity at which a 
fluid in a pipe changes from streamline to turbulent flow is 

2300p. 
U.rit = --r5P" 

For water flowing in a l-in. IPS pipe at 100°F, the viscosity is 0.72 centi-

1 Drew, T. B., E. C. Koo, and W. H. McAdams, Trans. AIChE, 28, 56-72 (1932). 
2 Wilson, R. E., W. H. McAdams, and M. Seltzer, Ind. Eng. Chem., 14, 105-119 

(1922). 
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poise or 0.72 gram-mass X 100 (cm)(sec) or 0.72 X 2.42 = 1.74 lb/(ft) 
(hr), and the inside diameter of the pipe is 1.09 in., or 1.09/12 = 0.091 ft. 

2300 X 1.74 
Uorit = 0.091 X 62.3 = 707 ft/hr, or 0.196 fps 

For air at 100°F the viscosity is 0.0185 X 2.42 = 0.0447 lb/(ft)(hr) and 
the density is approximately 0.075lb/ft. 3 Then for the same pipe 

2300 X 0.0447 
U.rit = 0.091 X 0.075 = 15,100 ft/hr, or 4.19 fps 

The Reynolds Analogy. Both heat transfer and fluid friction in 
turbulent flow have been treated empirically, whereas their streamline-

Tube 
,wcr/1 

FIG. 3.12". Momentum transfer between a fluid and a boundary layer. 

flow equivalents may be stud.ied theoretically with reasonable accuracy. 
Turbulent flow is of greater importance to industry, yet this empiricism 
exists because of the lack of simple mathematics by which derivations 
might be obtained. As early as 1874, however, Osborne Reynolds1 

pointed out that there was probably a relationship between the transfer 
of heat and the fluid friction between a hot fluid and a surface. 

There are several advantages which might accrue from an equation 
relating heat transfer and fluid friction. For the most part fluid-friction 
experiments are simpler to perform than are heat-transfer experiments, 
and the understanding of both fields could be increased by experimenta­
tion in either. The fundamentals of the mechanism of both might also 
be better understood if they were directly related. The analogy between 
thP- two is made possible by the fact that the transfer of heat and the 
transfer of fluid momentum can be related. A simplified proof follows. 

Referring to Fig. 3.12 a fluid in amount W lb/hr and specifi~ heat 0 
flows through a tube of radius r. In the section of the pipe bet~een L and 

1 Reynolds, op. cit., pp. 81-85. 
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L + dL the temperature of the fluid is T, and the temperature at the 
inside surface of the pipe wall is tp. Of the total fluid flow along the axis 
of the pipe, assume that m lb/(hr)(ft2) impinges on the pipe wall where 
its velocity falls to zero and its temperature approaches the temperature 
of the pipe wall, tp. Each particle of fluid which thus contacts the wall 
gives up its axial momentum and upon returning to the main body of the 
fluid has its a:l(ial momentum renewed at the expense of the energy of the 
main stream. The constant loss and renewal of momentum are the 
cause of the pressure drop. The traction or drag on unit area of the pipe 
wall is obtained by equating the drag on unit length of pipe wall to the 
product of the pressure gradient and the cross-sectional area of the pipe, 
which reduces to 

r = 1 puz 
2 (3.48) 

where r is the drag. Since the drag is assumed to be equal to the loss of 
momentum of the fluid, 

mu = r = ipu2 
2 (3.49) 

The rate of heat transfer between the fluid and the wall is given by 

mC'hr dL(T - tp) = WC dT 

or from Eqs. (S.49) and (3.50) 
WdT T 

m = 'hrdL(T- tp) = u 
In simple terms the last two members of Eq. (3.51) state 

Heat actually given up to pipe wall 
Total heat available to be given up 

(3.50) 

(3.51) 

momentum lost by skin friction to pipe wall 
= total momentum available 
=a constant 

Rewriting Eq. (3.50) to include the heat-transfer coefficient, 

WC dT = h;'hr dL(T - tp) 
WCdT rC j jOG 

h; = 'hr dL(T - t ) = u = 2 puC = 2 
p ' 

or in dimensionless form, 
hi - f 
CG- 2 

(3.52) 

(3.53) 

It is interesting to note in Eq. (3.53) that an equation has ·been obtained 
for the heat-transfer coefficient which involves the friction factor and 



56 PROCESS HEAT TRANSFER 

which can be determine_d from an experiment in which no heat was trans­
ferred. Like most derivations which require a number of assumptions, 
the use of Eq. (3.53) applies only to a small range of fluids, particularly 
permanent gases. 

It was Reynolds as quoted by Stanton1 who predicted that the coeffi­
cient of heat transfer obtained from Eq. (3.53) should be affected by the 
ratio of the thermal conductivity and viscosity of a specific fluid. While 
the presence of the thermal conductivity suggests the influence. of con­
duction, it was observed experimentally that the entire cross section of a 
fluid in turbulent flow is not turbulent. Instead it has been found that 
a laminar layer exists near the pipe wall through which conduction must 
occur. Prandtl2 and Taylor3 independently included this layer. If it 
is assumed that the layer has a thickness b and that the temperature 
of its inner circumference is t'J the heat flow per square foot of layer is 
given by 

Q = k(t'- tp) 
b 

(3.54) 

where k is the mean conductivity for the layer. Assume that the transfer 
of heat and momentum is carried through this layer by molecular motion 
without disturbing its laminar flow. The inner surface of the layer moves 
with a velocity u' in streamline flow, and writing (u - u') for u in Eq. 
(3.53), 

Q = h·(T _ t') = rC(T - t') 
' (u- u') (3.55) 

From the definition of viscosity given by Eq. (3.4), 

u' 
T = fl. b (3.56) 

where JL is the viscosi-ty of the fluid in the layer. From Eq. (3.54), 

t' - tp = Qb = p.u'Q (3.57) 
k rk 

And from Eq. (3.55), 

T - t' = Q(u - u') 
rC 

Combining Eqs. (3.57) and (3.58), 

(
p.u' u u') 

T - tp = Q -:;k + -rC - rC 

1 Stanton, T. E., Phil. Trans. Roy. Soc. (London), A 190, 67-88 (1897). 
2 Prandtl, L., Physik. Z., 29, 487-489 (1928). 
a Taylor, G. I., Brit. Adv. Comm. Aero., Rept. and Memo 272 (1917). 

(3.58) 

(3.59) 
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The corrected value of h; becomes 

Q 
h; = (T- t

11
) 

T (3.60) 

Substituting r' for the ratio u' /u and eliminating r by means of Eq. (3.48), 

fCG 
h; = 2 [1 - r' + r'(CJl-/k)] (3.61) 

or in dimensionless form using c for (J and h for h; as usually given in the 
literature, 

h f 1 
cG = 2 1 - r' + r'(cJl-/k) 

(3.62) 

Equation (3.61) is the Prandtl modification of the Reynolds analogy, 
which is sometimes called the Prandtl analogy. The dimensionless 
Prandtl group CJl-/k has appeared earlier in this chapter, and when it is 
numerically equal to 1.0, Eq. (3.61) reduces to Eq. (3.53). This is 
approxima~ely the case for permanent gases. While Eq. (3.61) is a 
notable extension of the Reynolds analogy, it too has definite limita­
tions. Modern theory now presumes that the distribution of velocities 
no longer ends abruptly at the laminar layer but that there is instead a 
buffer layer within the laminar layer in which the transition occurs. 
Other extensions of the analogies also appear in the literature. 

PROBLEMS 

3.1. The heat-transfer coefficient h from a hot horizontal pipe to a gas by free con­
vection has been found to be influenced by the specific heat c, thermal conductivity k, 
density p, viscosity p, thermal coefficient of expansion {J of the gas, pipe diameter D, 
·gravitational constant g, and the temperature difference At between the surface of the 
pipe and the main body of the gas. Establish the form of a dimensionless equation 
for the heat-transfer coefficient. 

3.2. The heat-transfer coefficient for the condensation of a vapor on a horizontal 
pipe !).as been found to be influenced by .the diameter of the pipe D, acceleration of 
gravity g, the temperature difference At between the saturated vapor and the pipe 
wall, thermal conductivity k, latent heat of vaporizati<:>n X, viscosity p., and the 
density p of the vapor. Establish a dimensionless expression for the heat-transfer 
coefficient. 

3.3. The rate of cooling of a hot solid in still air has been found to be influenced by 
the specific heat c, thermal conductivity k, density p and viscosity p. of the gas, the 
length of the solid l, and the temperature difference At between the surface of the solid 
and the bulk temperature of the gas. Establish a dimensionless equation for the rate 
of cooling h. 

3.4. When a fluid flows around a sphere, the force exerted by the fluid has been 
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found to be a function of the viscosity p., density p and velocity u of the gas, and the 
diameter D of the sphere. Establish an expression for the pressure drop of the fluid 
as a function of the Reynolds number of the g_as. 

3.5. The heating of gas oil and straw oil in a pipe has been founq for a 72-in. IPS 
pipe to follow Eq. (3.42). 

h'f = 0.0115 ( n;y-•o ( ~ Y" 
It is desired to circulate 5600 lb/hr of the 36.8°API gas oil·through a l-in. IPS pipe 
while its temperature is raised from 110 to 130°F. In the absence of any additional 
heat-transfer data, calculate the heat-transfer coefficient in the l-in. IPS pipe. How 
does this compare with the value of h; when the same quantity of gas oil flows in a 
72-in. IPS pipe as calculated by the same equation? The data will be found in the 
illustration in the chapter. 

3.6. Using Eq. (3.42), it is desired to circulate 4000 lb/hr of amyl acetate through 
a %-in. IPS pipe while its temperature is raised from 130 to l50°F. (a) From data 
available in the Appendix on the physical properties of amyl acetate calculate the 
heat-transfer coefficient. It may be necessary to extrapolate some of the data. (b) 
Do the same for 6000 lb/hr of ethylene glycol in the same pipe when heated from 170 
to 2oo•F. 

If only one point is given for a property, such as the thermal conductivity, and it is 
lower than the average temperature, its use will actually introduce a slight factor of 
safety. 

3.7. On a 72-in. IPS pipe 10.125 ft long Morris and Whitman reported the following 
for heating water in a pipe while steam is circulated on the outside.. Note that G', 
the re'Ported mass velocity, is not in consistent units. 

G', lb/(sec)(ft2) t,, °F t., °F t,., °F 

58.6 91.6 181.5 198.4 
60.5 92.7 180.3 198.0 
84.3 102.2 175.3 196.5 

115 103.1 171.3 194.5 
118 103.4 168.2 194.9 
145 105.0 165.9 194.0 
168 107.2 163.3 192.4 
171 106.7 164.6 191.1 
200 108.5 160.1 190.0 
214 106.3 158.9 188.3 
216 110.~ 160.2 190.2 
247 107.6 158.2 186.3 

Viscosities and conductivities can be found in the Appendix. The specific heat and 
gravity should be taken as 1.0. Establish an equation of the form of Eq. (3.26) using 
all the data. (Hint. To save time in the selection of the exponent of the Prandtl 
number, take three random points such as the first, last, and an intermediate one and 
solve· algebraically.) 

3.8. On cooling a 35.8° API gas oil with water Morris and Whitman reported the 
following for 10.125 ft of _%-in. IPS pipe: 



CONVECTION 59 

G', lb I (sec) (ft2) tl, °F t., °F t.,, °F 
82.6 150.3 125.5 66.0 

115 138.7 118.7 68.0 
164 130.5 113.9 70.0 
234 141.2 124.2 79.2 
253 210.0 179.8 115.4 

316 197.6 173.3 122.9 
334 132.3 119.4 82.1 
335 191.1 168.4 116.3 
413 194.4 173.0 121.6 
492 132.5 122.1 89.5 

562 200.2 182.4 139.4 
587 188.6 171.9 127;7 
672 190.0 175.1 140.7 
682 191.8 176.4 139.5 
739 132.6 124.6 97.2 

The viscosity of the oil is 2.75 centipoises at 100°F and Ul5 centipoises at 200°F, To 
obtain intermediate values of the viscosity plot temperature vs. viscosity on loga­
rithmic paper. Establish an equation of the form of Eq. (3.26) using all the data. 
(The hint given in Prob. 3.7 is applicable.) 

3.9. On the cooling of the 29.4°API straw oil with water 1\forris and Whitman 
renorted the following for 10.125 ft of 72-in. IPS pipe: 

G', lb I (sec) (ft2) tl, °F t., °F t.,, °F 
141 362.3 296.3 139.8 
143 477.6 385.7 194.8 
165 317.8 270.0 116.9 
172 163.7 148.2 60.2 
252 140.5 130.1 62.9 

292 142.3 131.5 66.9 
394 133.0 124.6 69.6 
437 244.9 218.7 141.4 
474 130.6 123.1 71.7 
474 376.1 330.6 232.9 

485 181.1 166.5 102.3 
505 134.9 126.8 75.4 
556 171.9 159.5 99.8 
572 137.9 129.6 80.6 
618 310.8 281.6 217.0 

633 244.1 222.8 160.4 
679 162.4 152.0 99.3 
744 196.6 182.7 129.1 
761 155.4 146.0 97.6 

·~a) Establish an equation of the form of Eq. (3.26) for all the data. (b) Combine this 
data with that of Prob. 3.8 to obtain one correlation for both oils. (c) Calculate iH 
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when the exponent of the Prandtl number is%, and plot together with the data for 
the illustration in the text on heating. What conclusion may be· drawn? 

3.10. Sieder and Tate1 obtained data on the cooling of a 21 o API oil flowing on the 
inside of copper tube having an inside diameter of 0.62 in. and 5.1 ft long: 

w, lb/hr tt, °F t2, °F tp 

1306 136.85 135.15 73.0 
1330 138.0 136.2 74.0 
1820 160.45 158.5 76.5 
1388 160.25 157.9 75.5 
231 157.75 149.5 77.0 

239 157.5 148.45 78.0 
457 212.8 203.2 89.0 
916 205.5 200.4 86.0 
905 205.0 200.0 85.5 

1348 206.35 202.9 87.5 

1360 207.6 204.0 87.5 
1850 206.9 203.7 88.5 
1860 207.0 204.0 90.0 
229 141.6 134.65 82.5 
885 140.35 138.05 77.0 

1820 147.5 146.0 79.8 
473 79.6 84.75 118.5 
469 80.2 86.5 136.0 
460 80.0 82.0 137.0 

The temperature t, is for the inside surface of the tube. Inasmuch as these data fall 
below a Reynolds number of 2100, obtain an equation of the form of Eq. (3.32). The 
viscosity of the oil is 24.0 centipoises at 200°F and 250 centipoises at 100°F. Inter­
mediate viscosities can be obt!!-ined by drawing a straight line on logarithmic paper as 
shown in Fig. 3.8. (The hint of Problem 3.7 is applicable.) 

NOMENCLATURE FOR CHAPTER 3 

A Heat-transfer surface, ft9 
a Fluid flow area, ft2 
b Thickness of laminar layer, ft 
0 Specific heat of hot fluid in derivations, Btu/(lb)(°F) 
c Specific heat of cold fluid, Btu/(lb)(°F) 
D Inside diameter of pipe or tube, ft 
F Fundamental dimension of force, force-lb 
AF Pressure drop, ft of liquid 
f Friction factor in the Fanning equation, dimensionless 
f' Friction factor, dimensionless 
G Mass velocity, lb/(hr)(ft2) 

1 Ind. Eng. Ohem., 28, 1429-1435 (1936). 
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g Acceleration of gravity, ft/hr2 

H Heat unit, Btu 
k Heat-transfer coefficient in general, Btu((hr)(ft2)(°F) 
k; Heat-transfer coefficient based on the inside pipe surface, Btu/(hr)(ft2)(°F) 
k. Heat,.transfer coefficient based on the outside pipe surface, Btu/(hr) (ft2)(°F) 
ja Factor for heat transfer, dimensionless 
Kn Conversion factor between kinetic energy and heat, (mass-lb)(ft)/Btu 
KM Conversion factor between force and mass, mass-lb /force-lb 
k Thermal conductivity, Btu/(hr)(ft2)("F /ft) 
L Length, ft 
lo1 Fundamental dimension of mass, mass-lb 
m Mass velocity perpendicular to inside pipe surface, lb/(hr)(ft2) 

bP Pressure drop, lb /ft2 

Q Heat flow, Btu(hr 
R; Thermal resistance on inside of pipe, (hr) (ft2) (°F) /Btu 
R. Thermal resistance on outside of pipe, (hr)(ft2)(°F)/Btu 
r Radius, ft 
r' Ratio of u' ju, dimensionless 
T Temperature of hot fluid, °F 
T; Temperature of hot fluid inside a pipe, •F 
t' Temperature of inner surface of laminar layer, °F 
t. Temperature of cold fluid outside a pipe, °F 
t, Temperature at inside surface of a pipe, °F 
t,. Temperature at outside surface of a pipe; op 
t,, t, Inlet and outlet cold fluid temperatures, op 
At Temperature difference for heat tralllifer, op 
At; Temperature difference between inside pipe fluid and inside pipe wall, °F 
At. Temperature difference between outside pipe fluid and outside pipe wall, °F 
u Velocity in general, ft/hr 
u' Velocity of laminar layer, ft/hr 
v Specific volume, ft 3/lb 
W Weight flow of hot fluid, lb/hr 
w Weight flow of cold fluid, lb/hr 
x, y Coordinates, ft (y is also used to indicate an ordinate) 
Y Distance, ft 
a: Any of several proportionality constants, dimensionless 

Time, hr 
1-' Viscosity, lb I (ft) (hr) 
,. Dimensionless group 
p Density, lb/ft3 
T Shear stress, lb /ft2 
q, Function 

Superscripts 

p, q Constants 

Subscripts (except as noted above) 

i Inside a pipe or tube 
o Outside a pipe or tube 



CHAPTER 4 

RADIATION 

Introduction. All too often radiation is regarded as a phenomenon 
incidental only to hot, luminous bodies. In this chapter it will be seen 
that this is not the case and that radiation, as a third meap.s of trans­
ferring heat, differs greatly from conduction and convection. In heat 
conduction through solids the mechanism consists of an energy transfer 
through a body whose molecules, except for vibrations, remain continu­
ously in fixed positions. In convection the heat is first absorbed from a 
source by particles of fluid immediately adjacent to it and then trans­
ferred to the interior of the fluid by mixture with it. Both mechanisms 
require the presence of a med.ium to convey the heat from a source to a 
receiver. Radiant-heat transfer does not require an intervening medium, 
and heat can be transmitted by radiation across an absolute vacuum. 

Wavelength and Frequency. It is convenient to mention the charac­
teristics of radiant energy in transit before discussing the origins of 
radiant energy. Radiant energy is of the same nature as ordinary visible 
light. It is considered, in accordance with Maxwell's electromagnetic 
theory, to consist of an oscillating electric field accompanied by a mag­
netic field oscillating in phase with it. College physics texts usually 
treat the theory in detail. 

The variation with time of the intensity of the electric field passing a 
given point can be represented by a sine wave having finite length from 
crest to crest and which is "A, the wavelength. The number of waves 
passing a given point in unit time is the frequency of the radiation, and 
the product of the frequency and wavelength is the velocity of the wave. 
For travel in a vacuum the velocity of propagation of radiation is very 
nearly 186,000 miles/sec. For travel through a medium the velocity is 
somewhat less, although the deviation is generally neglected. 

The wavelength of radiation may be specified in any units of length, 
but the micron, 1 X 10-4 em, is common. All the known waves included 
in the electromagnetic theory lie between the short wavelengths of cosmic 
rays, less than 1 X 10-6 micron, and the long wavelength of radio above 
1 X 107 microns. Of these, only waves in the region between the near 
and far infrared with wavelengths of% to 400 microns are of importance 
to radiant-heat transfer as found in ordinary industrial equipment. 

62 
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The Origins of Radiant Energy. Radiant energy is believed to origi­
nate within th~ molecules of the radiating body, the atoms of such mole­
cules vibrating in a simple harmonic motion as linear oscillators. The 
emission of radiant energy is believed to represent a decrease in the ampli­
tudes of the vibrations within the molecules, while an absorption of energy 
represents an increase. In its essence the quantum theory postulates 
that for every frequency of radiation there is a small minimum pulsation 
of energy which may be emitted. This is the quantum, and a smaller 
quantity cannot be emitted although many such quanta may be emitted. 
The total radiation of energy of a given frequency emitted by a body is an 
integral number of quanta at that frequency. For different frequencies, 
the number of quanta and thus the total energy n:iay be different. Planck 
showed that the energy associated with a quantum is proportional to the 
frequency of the vibration or, if the velocity of all radiation is considered 
constant, inversely proportional to the wavelength. Thus radiant energy 
of a given frequency may be pictured as consisting of successive pulses 
of radiant energy, each pulse of which has the value of the quantum 
for a given frequency. . 

The picture of the atom proposed by Bohr is helpful to a clearer under­
standing of one possible origin of radiant energy. Electrons are pre­
sumed to travel about the nucleus of an atom in elliptical orbits at vary­
ing distances from the nucleus. The outermost orbital electrons possess 
definite energies comprising their kinetic and potential energies, by virtue 
of their rotation about the nucleus. The potential energy is the energy 
required to remove an electron from its orbit to an infinite distance from 
the nucleus. A given electron in an orbit at a given distance from the 
nucleus will have a certain energy. Should a disturbance occur such as 
the collision of the atom with another atom or electron, the given electron 
may be displaced from its orbit .and may (1) return to its original orbit, 
(2) pass to another orbit whose electrons possess a different energy, or (3) 
entirely leave the system influenced by the nucleus. If the transition is 
from a]l orbit of high energy to one of lower energy, the readjustmentis 
affected by the radiation of the excess energy. 

Another origin of radiant energy may be attributed to the changes in 
the energies of atoms and molecules themselves without reference to their 
individual electrons. If two or more nuclei of the molecule are vibrating 
w:ith respect to each other, a change in the amplitude or amplitudes of 
vibration will cause a change in energy content. A decrease in amplitude 
is the result of an emission of radiant energy, while an increase is the result 
of the absorption of radiant energy. The energy of a molecule may be 
changed by an alteration of its kinetic energy of translation or rotation, 
and this will likewise result in the emission of radiant energy. A decrease 
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in velocity corresponds to the emission of radiant energy, while an increase 
corresponds to the absorption of radiant energy. 

Since temperature is a measure of the average kinetic energy of mole­
cules, the higher the temperature the higher the average kinetic energy 
both of translation and of vibration. It can therefore be expected that· 
the higher the temperature the greater the quantity of radiant energy 
emitted from a substance. Since molecular movement ceases com­
pletely only at the absolute zero of temperature, it may be concluded that 
all substances will emit or absorb radiant energy provided the tempera­
ture of the substances is above absolute zero. 

For radiant energy to be emitted from the interior of a solid it must 
penetrate the surface of the solid without being dissipated by producing 
other energy changes within its molecules; There· is little probability 
that radiant energy generated in the interior of a solid will reach its sur­
face without encountering other molecules, and therefore all rlj.(].iant 
energy emitted from the surfaces of solid bodies is generated by energy­
level changes in molecules near and on their surfaces. The quantity 
of radiant energy emitted by a solid body is consequently a function of 
the surface of the body, and conversely, radiation incident on solid bodies 
is absorbed at the surface. The probability that internally generated 
radiant energy will reach the surface is far greater for hot radiating gases 
than for solids, and the radiant energy emitted by a gas is a function of the 
gas volume rather than the surface of the gas shape. In liquids the situ­
ation is intermediate between gases and solids, and radiation may orig­
inate somewhat below the surface, depending on the nature of the liquid. 

The Distribution of Radiant Energy. A body at a given temperature 
will emit radiation of a whole range of wavelengths and not a single wave­
length. This is attributed to the existence of an infinite variety of linear 
oscillators. The energy emitted at each wavelength citn be determined 
through the use of a dispersing prism and thermopiles. Such measure­
ments on a given body will produce curves as shown in Fig. 4.1 for each 
given temperature. The curves are plots of the intensities of the radiant 
energy Ix Btu/(hr)(ft2)(micron} against the wavelengths in microns>. as 
determined at numerous wavelengths and connecting points. For any 
given temperature each curve possesses a wavelength at which the amount 
of spectral energy given off is a maximum. For the same body at a lower 
temperature the maximum intensity of radiation is obviously less, but 
it is also significant that the wavelength at which the maximum occurs is 
longer. Since the curve for a single temperature depicts the amount of 
energy emitted for a single wavelength, the area under the curve must 
equal the sum of all the energy radiated by the body at all its wavelengths. 
The maximum intensity falls between % and 400 microns, indicating that 
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red heat is a far better source of energy than white heat. Were it not 
for this fact, the near-white incandescent lamp would require more 
energy for illumination and give off uncomfortable quantities of heat. 

When dealing with the properties of radiation, it is necessary to differ­
entiate between t'ivo kinds of properties: monochromatic and total. A 
monochromatic property, such as the maximum values of Ix in Fig. 4.1, 
refers to a single wavelength. A total property indicates that it is tha 
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Fm. 4.1. Intensity of monochromatic radiation for a hot body at different temperatures. 

algebraic sum of the monochromatic values of the property. Mono­
chromatic radiation literally means "one color" or one wavelength, but 
experimentally it actually refers to a group or band of wavelengths, since 
wavelengths cannot be resolved individually. Monochromatic values 
are not important to the direct solution of engineering problems but are 
necessary for the derivation of basic radiation relationships. 

The Emissive Power. The total quantity of radiant energy of all 
wavelengths emitted by a body per unit area and time is the total emissive 
power E, Btu/ (hr) (ft2). If the intensity of the radiant. energy at any 
wavelength in Fig. 4.1 is l;. "Btu/(hr)(ft2)(micron), the total emissive 
power is the area under the curve and may be computed by 

(4.1) 
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A relationship between h and A was the subject of many investigations 
both experimental and mathematical during the nineteenth century. 
Planck was the first to recognize the quantum nature of radiant energy 
and developed an equation which fits the spectral energy curve of Fig. 4.1 
at any temperature. It is given by 

(4.2) 

where IA = monochromatic intensity of emission, Btu/(hr)(ft2) 

(micron) 
A = wavelength, microns 

C1 and C2 = constants :with values 1.16 X 108 and 25,740 
T = temperature of the body, 0 R 

Wien postulated another law known as Wien's displacement law, which 
states that the product of the wavelength of the maximum value of the 
monochromatic intensity of emission and the absolute temperature is a 
constant, or 

"AT = 2884 micron °R 

Equation (4.3) may be derived from Eq. (4.2) as follows, 

By trial and error, the first term equals -5 when XT = 2884. 

(4.3) 

(4.4) 

(4.5) 

Spectral measurements of the radiation received on the earth's surface 
from the sun and allowing for absorption by the atmosphere indicate that 
the peak h lies approximately at 0.25 micron, which is well in the ultra­
violet. This accounts for the high ultraviolet content of the sun's rays 
and the predominance of blue in the visible portion of the spectrum. The 
location of the peak allows an estimation of the sun's temperature from 
Eq. (4.3) at 11,000°F. 

The Incidence of Radiant Energy: The Black Body. The preceding 
discussion has dealt with the generation of radiant energy. What hap­
pens when radiant energy falls upon a body? In the simple case of light 
it may be all or partially absorbed or reflected. If the receiving medium 
is transparent to the radiation, it wm transmit some of the energy through 
itself. The same effects are applicable to radiant energy, and an energy 
balance about a receiver on which the total incident .energy is unity is 
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given by 
a+r+T=l (4.6) 

where the absorptivity a is the fraction absorbed, the reflectivity r the frac­
tion reflected, and the transmissivity T the fraction transmitted. The 
majority of engineering materials are opaque substances having zero 
transmissivities, but there are none which completely absorb or reflect 
all the incident energy. The substances having nearly complete or unit 
absorptivities are lampblack, platinum black, and bismuth black, absorb~ 
ing 0.98 to 0.99 of all incident radiation. · 

If an ordinary body emits radiation to another body, it will have 
some of the emitted energy returned to itself by reflection. When Planck 
developed Eq. (4.2), he assumed that none of the emitted energy was 
returned, this was equivalent to an assumption that bodies having zero 
transmissivity also had zero reflectivity. This is the concept of the 
perfect black body and for which a = 1.0. . 

Relationship between Emissivity and Absorptivity: Kirchhoff's Law. 
Consider a body of given size and shape placed within a hollow sphere of 
constant temperature, and assume that the air has been evacuated. 
Mter thermal equilibrium has been reached, the temperature of the body 
and that of the enclosure will be the same, inferring that the body is 
absorbing and radiating heat at identical rates. Let the intensity of 
radiation falling on the body be I Btuj(hr)(ft2), the fraction absorbed 
a1, and the total emissive power E1 Btuj(hr)(ft2). Then the energy 
emitted by the body of total surface A1 is equal tothat received, or 

E1A1 = Ia1A1 
E1 = Ia1 

(4.7) 
(4.8) 

If the body is replaced by another of identical shape and equilibrium is 
again attained, 

E2 = Ia2 

If a third body, a black body, is introduced, then 

Eb =lab 

But by definition the absorptivity of a black body is 1.0. 

E1 = E2 = Eb 
a1 a2 

(4.9) 

(4.10) 

(4.11) 

or at thermal equilibrium the ratio of the total emissive power to the 
absorptivity for all bodies is the same. This is known as Kirchhoff's law. 
Since the maximum absorptivity of the black body is taken as 1.0 from 
Eq. (4.6), its reflectivity must be zero. Absolute values of the total 
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emissive power are not obtainable, but 

E1 = a1Eb 
E2 = a2Eb 
E1 
Eb = a1 = e1 

E2 
Eb = a2 = e2 

(4.12) 
(4.13) 

(4.14) 

(4.15) 

The use of the ratio of the actual emissive power to the black-body emis­
sive power under identical conditions is the emissivity e. Since it is the 
reference, the emissivity of the black body is unity. The emissivities of 
common materials cover a large range and are tabulated in Table 4.1. 
Emissivities are influenced by the finish or polish of the surface and 
increase with its temperature. Highly polished and white surfaces 
generally have lower values than rough or black surfaces. From Eq. 
(4.12) it can be seen that any body having a high emissivity as a radiator 
will have a high absorptivity when acting as a receiver. The usual state­
ment is as follows: Good radiators make good :;tbsorbers. 

Experimental Determination of the Emissivity. The experimental 
determination of the eniissivities of materials is particularly difficult at 
high temperatures. The problems of maintaining a system free of con­
duction, convection, and a radiation-absorbing medium. require careful 
analysis. A method is given here which is satisfactory for the measure­
ment of emissivities in the range of room temperatures and might be 
applicable to the calculation of such problems as the loss of heat from a 
pipe to air by radiation alone. A hollow, opaque, internally blackened 
cylinder is maintained in a constant-temperature bath as shown in Fig. 
4.2. A total radiation receiver is mounted by a bracket to the wall of the 
cylinder. The radiation receiver consists of a copper cylinder a, which 
is blackened on the inside and highly polished on the outside. Two 
extremely thin, blackened, and highly conducting copper discs b and b' 
are mounted in the receiver for the purpose of absorbing radiation. By 
mounting the discs at equal distances from the top and bottom of the small 
cylinder, the angles "a1 and a2 are equal and the discs have equal areas for 
receiving radiation. The lower disc receives radiation from the blackened 
constant-temperature walls of the vessel. The upper disc receives radia­
tion from a plate of specimen material c which is electrically maintained . 
at a fixed temperature. The two discs are wired together by a sensitive 
thermocouple so that they oppose .each other, and only net differences 
in the quantity of radiation are measured by the galvanometer. By 
wiring them to oppose each other, any effects within the receiver itself 
are also canceled. If the galvanometer deflection for the specimen non-
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black body is measured and then cis replaced by a perfect black body, the 
ratio of the two galvanometer deflections is the emissivity of the specimen. 
Data obtained in this manner are the normal total emissivity as given 
in Table 4.1. They may also be used in the solution of problems 
having hemispherical radiation except in the presence of highly polished 
surfaces. 

Consfanf femperafure bafh 

FIG. 4.2. Apparatus for roeasuring emissivities. 

Infl.uence of Temperature on the Emissive Power: Stefan-Boltzmann 
Law. If a perfect black body radiates energy, the total radiation may be 
determined from Planck's law. Starting with the monochromatic black­
body equation 

it may be applied to sum up all the energy by integration of the area 
under a curve in Fig. 4.1 or at a fixed temperature 

(4.16) 

E~ = - - 1
- :n3(e"' - 1)-1 dx a T•h .. 

Ot o 
(4.17) 
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TAllLlil 4.1. THE NoRMA:r, ToTAL EMISSIVITY oF VARIOUS SuRFACEs (HOTTEL) 

A. Metals and Their Oxides 

Surface t, °F"' Emissivity* 

Aluminum 
Highly polished plate, 98.3 % pure .............. . 440-1070 0:039-0.057 
Polished plate ................................ . 73 0.040 
Rough plate ................................. . 78 0.055 
Oxidized at 1110°F ........................... . 390-1110 0.11-0.19 
Al-surfaced roofing ........................... . 100 0.216 
Calorized surfaces, heated at 1110°F 

Copper .................................... . 390-1110 0.18-0.19 
Steel. ..................................... . 390-1110 0.52-0.57 

Brass 
Highly polished ............................... . 

73.2% Cu, 26.7% Zn ....................... . 476-674 0.028-{).031 
62.4% Cu, 36.8% Zn, 0.4% Pb, 0.3% AI ...... . 494-710 0.033-0.037 
82.9% Cu, 17.0% Zn ....................... . 530 0.030 

Hard rolled, polished, but direction of polishing 
visible ................ . 70 0.038 

but somewhat attacked ... . 73 0.043 
but traces of stearin from 

polish left on .......... . 75 0.053 
Polished ..................................... . 100-600 0.096-0.096 
Rolled plate, natural surface ................... . 72 0.06 

Rubbed with coarse einery .................. . 72 0.20 
Dull plate ................................... . 120-660 0.22 
Oxidized by heating at 1110°F ................. . 390-1110 0.61-0.59 

Chromium (see Nickel alloys for Ni-Cr steels) ...... . 100-1000 0.08-0.26 
Copper 

Carefully polished electrolytic copper ............ . 176 0.018 
Commercial emeried, polished, but pits remaining 66 0.030 
CommerCial, scraped shiny but not mirrorlike .... . 72 0.072 
Polished ..................................... . 242 0.023 
Plate, heated long time, covered with thick oxide 

layer ...................................... . 77 0.78 
Plate heated at 1110°F ........................ . 390-1110 0.57-0.57 
Cuprous oxide' ............................... . 1470-2010 0.66-{).54 
Molten copper ............................... . 1970-2330 0.16-{).13 

Gold ..................................... . 
Pure, highly polished ......................... . 440-1160 0.018-0.035 

Iron and steel 
Metallic surfaces (cir very thin oxide layer) 

Electrolytic iron, highly polished ............. . 350-440 0.052-0.064 
Polished iron .............................. . 800-1880 0.144-0.377 
Iron freshly emeried ........................ . 68 0.242 
Cast iron, polished ......................... . 392 0.21 
Wrought iron, highly polished ............. . 100-480 0.28 
Cast iron, newly turned .................. . 72 0.435 
Polished steel casting ....................... . 1420-1900 0.52-0.56 
Ground sheet steel. ... · ..................... . 1720-2010 0.55-0.61 
Smooth sheet iron ................... . 1650-1900 0.55-0.60 
Cast iron, turned on lathe .................... . 1620-1810 0.60-0.70 
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TABLE 4.1. THE NoRMAL ToTAL EMisSIVITY oF VARIOUS SuRFACES (HOTTEL).­

(Continued) 

Surface 

Iron. ~J.J;J.d ~tElel:-(Co~in~) 
Oxidized surfaces 

Iron plate, pickled, then rusted red ........... . 
Completely rusted ........................ . 

Rolled sheet steel. . . . . . . . . . . . . . . . .......... . 
Oxidized iron .....•......................... 
Cast iron; oxidized at 1100°1!' ................ . 
Steel, oxidized at 1100°F .................... . 
Smooth oxidized electrolytic iron ............. . 
Iron oxide ...•••.•..••...................... 
Rough ingot iron ........................... . 

Sheet steel, strong, rough oxide layer. .. 
Dense, shiny oxide layer .................. . 

Cast plate, smooth ....•..................... 
Rough ............................ : ..... . 

Cast iron, rough, strongly oxidized ........... . 
Wrought iron, dull oxidized .................. . 
Steel plate, rough .......................... . 
High-temperature alloy steels (see Nickel alloys) 

Molten metal 
Cast iron .......................... , ....... . 
·Mild steel. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 

Lead 
Pure (99.96'%)., unoxidized .................... . 
Gray oxidized ................................. . 
Oxidized at 390°F ............................ . 

lVIercury ...........•............................ 
Molybdenum filament............. . . . . . . . . . ..... 
Monel metal, oxidized at lll0°F ............ . 
Nickel 

Electroplated on polished iron, then polishetl .... , 
Technically pure (98.9% Ni, + Mn), polished ... . 
Electroplated on pickled iron, not polished ...... . 
Wire ..•...................................... 
Plate, oxidized.by heating at 1110•F .... · ........ . 
Nickel oxide ................................. . 

Nickel alloys 
Chr<imnickel ................................. . 
Nickelin (18-32 Ni; 55-68 Cu; 20 Zn), gray oxidized 

KA-2S alloy steel (8% Ni; 18% Cr), light silvery, 
rough, brown, after heating ........... , ... . 

after 42 hr. heating at 980°F ............... . 
NCT-3 alloy (20 Ni; 25 Cr). Brown, splotched, 

oxidized from service ..................... . 
NCT-6 alloy (60 Ni; 12 Cr). Smooth, black, 

firm adhesive oxide coat from service ....... . 
Platinum 

Pure, polished plate ........................... . 
Strip ........................................ . 
Filament .................................... . 
Wire ........................................ . 

t,. •F* Emissivity* 

68 0 .. 612 
67 0.685 
70 0 .. 657 

212 0.736 
390-1110 0.64-0.78 
39Q-1110 0.79-0.79 
260-980 0.78-0.82 
930-2190 0.85-0.81) 

1700-2040 0.87-0.95 
75 0.80 
75 0.82 
73 0.80 
73 0.82 

100--480 0.95 
70-680 0.94 

100-'(00 0.94-0.97 

2370-2550 0.29-0.29 
2910-3270 0.28-0.28 

260-440 0.057-0.075 
75 0.281 

390 O.G3 
32-212 0.09-0.12 

1340-4700 0.096-0.292 
390-1110 0.41-0.46 

74 0.045 
4:-lQ-710 0.07-0.087 

68 0.11 
368-1844 0.096-0.186 
390-1110 0.37-0.48 

1200-2290 0.59-0.86 

125-1894 0.64-0.76 
70 0.262 

420-914 0.44-0.36 
420-980 0.62-0.73 

420-980 0.90-0.97 

520-1045 0.89-0.82 

44Q-1160 0 0 054-0.104 
170Q-2960 0.12-0.17 

80-2240 0.036-0.192 
440-2510 0 0 073-0.182 
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TAllLE 4.1. THE NoRMAL TOTAL EMISSIVITY OF VARIOUS SURFACES (HOTTEL).­

(Continued) 

Surface t, 6 F* Emissivity* 

Silver 
Polished, pure ..................... ' .......... . 440-1160 0.0198-{).0324 
Polished .................................. . 100-700 0.0221-{).0312 

Steel (see Iron) 
Tantalum filament ............................. . 2420-5430 0 .194--o .31 
Tin, bright tinned iron sheet....... . . . . . . ....... . 76 0.043 and 0.064 
Tungsten 

Filament, aged ............................... ·I 
Filament .................................... . 

Zinc · 

80-6000 0.032-().35 
6000 0.39 

Commercial 99.1% pure, polished ............... . 440-620 0.045-().053 
Oxidized by heating at 750°F .................. . 750 0.11 
Galvanized sheet iron, fairly bright ............. . 82 0.228 
Galvanized sheet iron, gray oxidized ............ . 75 0.276 

B. Refractories, Building Materials, Paints, and Miscellaneous 

Asbestos 
Board ....................................... . 
Paper ................................ . 

Brick 
Red, rough, but no gross irregularities .... . 
Silica, unglazed, rough .................. . 
Silica, glazed, rough ................. . 
Grog brick, glazed ....................... . 
(See Refractory materials) 

Carbon 
T-carbon (Gebruder Siemens) 0.9% ash ......... . 
This started with emissivity at 260°F of 0.72, but 

on heating changed to values given ........... . 
Carbon filament •.............................. 
Candle soot •........•......................... 
Lampblack-water-glass coating. . . . ........ . 
Same ......•...•............ ···.·.··········· 

Thin layer on iron plate ..................... . 
Thick coat ....•............................ 

Lampblack, 0.003 in. or thicker ................ . 
Enamel, white fused, on iron ............. . 
Glass, smooth ........................... . 
Gypsum, 0.02 in. thick on smooth or blackened plate 
Marble, light gray, polished ...................•.. 
Oak, planed ................................... : 
Oil layers on polished nickel (lub. oil), ............ . 

Polished surface, alone ........................ . 
+0.001 in. oil ............................ , ... . 
+0.002 in. oil.' .............................. . 
+0.005 in. oil ................................ . 
.o thick oil layer ............................. . 

74 0.96 
100-700' 0.93-0.945 

70 0.93 
1832 0.80 
2012 0.85 
2012 0.15 

260-1160 0.81-().79 

1900-2560 0.526 
206-520 0.952 
209-362 0. 959-o. 947 
26Q-440 0.957-{).952 

69 0.927 
68 0.967 

100-700 0.945 
66 0.897 
72 0.937 
70 0.903 
72 0.931 
70 0.895 
68 

0.045 
0.27 
0.46 
0.72 
0.82 
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TABLE 4.1. THE NORMAL TOTAL EMISSIVITY OF VARIOVS SVRFA.CES (HOTTEL).­
(Continued) 

Surface t, •F* Emissivity* 

Oil layers on aluminum foil (linseed oil) ............ 
AI foil ....................................... 212 0.087t 
+1 coat oil ................................... 212 0.561 
+2 coats oil. ................................. 212 0.574 

Paints, lacquers, varnishes 
Snow-white enamel varnish on rough iron plate ... 73 0.906 
Black shiny lacquer, sprayed on iron ............. 76 0.875 
Black shiny shellac on tinned iron sheet .......... 70 0.821 
Black matte shellac ............................ 170-295 0.91 
Black lacquer ................................. 100-200 0.80-Q.95 
Flat black lacquer ............................. 100-200 0.96-Q.98 
White lacquer .............................. · ... 100-200 0.80-Q.95 
Oil paints, 16 different, all colors ................ 212 0.92-Q.96 
Aluminum paints and lacquers 

10% Al, 22% lacquer body, on rough or smooth 
surface ................................... 212 0.52 

26% AI, 27% lacquer body, on rough or smooth 
surface ..... ~ ............................. 212 0.3 

Other AI paints, varying age and AI content ...... 212 0.27-Q.67 
Allacq11er, varnish binder, on rough plate ...... 70 0.39 
Al paint, after heating to 62o•F ............... 300-600 0.35 

Paper, thin 
Pasted on tinned iron plate ..................... 66 0.924 

Rough iron plate ............................ 66 0.929· 
Black lacquered plate ........................ 66 0.944 

Plaster, rough lime .............................. 50-190 0.91 
Porcelain, glazed ................................ 72 0.924 
Quartz, rough, fused ............................. 70 0.932 
Refractory materials, 40 different .................. 1110-1830 

Poor radiators ................................ . . . . . . . . . 
[g:::}-o" l 

Good radiators ................................ . .. . . . . . . 0. 80 }-{ 0. 85 
0.85 0.90 

Roofing paper ................................... 69 0.91 
Rubber 

Hard, glossy plate ............................. 74 0.945 
Soft, gray, rough (reclaimed) ................... 76 0.859 

Serpentine, polished ............................. 74 0.900 
Water ......................................... 32-212 0.95-0.963 

NoTE, The results of many investigators have been. omitted because of.obvious defects in experi­
mental method. 

*When two temperature8 and two emissivities are given, they correopond, first to first and second to 
second, and linear interpolation is permissible, · 

t Although this value is probably high, it is given for comparison with the data, by the same investi­
gator, to show the effect of oil layers (see Aluminum, part A of this table), 
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Expanding the term in parentheses, 

CtT4 r·., 
Eb = -c C~ }o x 3(e-"' + e-2

" + e-3
" + e-4

" + · · ·) dx (4.18) 

Integrating each term and summing only the first four as significant, 

CrT4 

Eb = C~ X 6.44 (4.19) 

Evaluating constants, 
Eb = 0.173 X I0-8T 4 (4.20) 

Equation (4.20) being the area under a curve in Fig. 4.1 from A = 0 to 
A = oo states that the total radiation from a perfect black body is pro­
portional to the fourth power of the absolute temperature of the body. 
This is known as the Stefan-Boltzmann law. The constant 0.173 X 10-s 
Btu/ (hr) (ft2) (

0 R 4) is known as the Stefan-Boltzmann constant, usually 
designated by u. The equation was also deduced by Boltzmaim from the 
second law of thermodynamics. Equation (4.20) serves as the principal 
relationship for the calculation of radiation phenomena and is to radiation 
what Q = hA At is to convection. However, Eq. (4.20) was derived for 
a perfect black body. From Eq. (4.14) if a body is nonblack, the emissiv­
ity is the ratio E / Eb and E can! be written E = EbE. Equation ( 4.20) 
becomes 

(4.21) 
and 

(4.22) 

Exchange of Energy between Two Large Parallel Planes. Quantita­
tive considerations so far have dealt with the energy change when radia­
tion occurs only from a single body, and it has been assumed that energy 
once radiated is no longer returned to its source. This is true only if one 
black body radiates to another black body with no medium between them. 
or no absorption occurs by the medium between them. Of the gases, 
chlorine, hydrogen, oxygen, and nitrogen are classified as nonabsorbing. 
Carbon monoxide, carbon dioxide, and organic gases and vapors are 
absorbing to greater or lesser extents. From earlier discussions it should 
be conceded that radiation from a small plate proceeds outwardly in a 
hemisphere with the plate as center and that the radiation incident upon 
unit area of a body at great distance is very smalL In radiation it is 
necessary to qualify the condition under which all the radiation from the 
source is completely received by the recejver. It will occur if two plates 
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or radiant planes are nifinitely large, so that the amount of radiation 
which fans out from the edges of the source and over the edges of the 
receiver is insignificant. If both of the plates or planes are black bodies, 
the energy from the first is Ebt = uTt and from the second Eb2 = uT~. 
By the definition of a black body, all the energy it receives is absorbed 
and the net exchange per square foot between two planes maintained a1 
constant temperatures is 

(4.23) 

(4.24) 

Example 4.1. Radiation between Two Large Planes. Two very large walls are 
at the constant temperature of 800 and 1000°F. Assuming they are black bodies, how 
much heat must be removed from the colder wall to maintain a constant temperature? 

Solution: 
T 1 = 1000 + 460 = 1460°R T 2 = 800 + 460 = 1260°R 

~ = 0.173 [(14.6) 4 - (12.6) 41 = 3,500 Bt~/(hr)(ft2) 

Exchange of Energy between Two Parallel Planes of Different Emis­
sivity. 'l'he preceding discussion applied to black bodies. If the two 
planes are not black bodies and have different emissivities, the net 
exchange of energy will be different. Some of the energy emitted from 
the first plane will be absorbed, and the remainder radiated back to the 
source. For two walls of infinite size the radiation of each wall can be 
traced. Thus if energy is emitted by the first wall per square foot of an 
amount E 1 and emissivity Et, the second wall will absorb E 1e2 and reflect 
1 - e2 of it. The first wall will then again radiate but in the amount 
E1(l - e2)(1 - e1). The changes at the two planes are 

Hot plane 
Radiated: E1 
Returned: Et(l - e2) 
Radiated: E1(l - e2)(l - e1) 
Returned: Et(l - e2)(l - Et)(l - e2) 

Cold plane 
Radiated: E2 

Returned: E2(l - e1) 
Radiated: E2(l - e1)(l - e2) 
Returned: E2(l - ft)(l - E2)(1 - Et) 
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and 
Q' A = [E1 - E1(1 - E2) - E1(1 - El)(l - E~)2 

- E1(l _: e2)(l - E1) 2(1 - e2)2 + · · ·] - [e1E2 
- E1E2(l - EI)(1 - E2) - E1E2(l - E1) 2(1 - E2)2 + • • •] (4.25) 

E1 is given by e1(1'Tt, E2 by E2(1'T~, and Eq. (4.25) is a series whose solution 
is 

(4.26) 

Example 4.2. Radiation between Planes with Different Emissivities. If the two 
walls in Example 4.1 have emissivities of 0.6 and 0.8, respectively, what is the net 
exchange? 

Solutirm: 

~ = (1/0.6) !·~~~0_8) _ 1 [(14.6)' - (12.6)2
] = 1825 Btu/(hr)(ft2) 

-
Shield 

FIG. 4.3. Radiation 
with a shield. 

For perfect black bodies "the value was 3500 Btu/(hr)(ft2). 

Radiation Intercepted by a Shield. Suppose 
two infinite and parallel planes are separated by a 
third plane which is opaque to direct radiation 
between the two and which is extremely thin (or 
has infinite thermal conductivity) as shown in Fig. 
4.3. The net exchange between the two initial 
planes is given by Eq. {4.26). 

Q - (I'A (T4 - T') (4 27) 
- (1/e1) + (1/ea) - 1 1 3 

• 

If e1 = ea but e1 ? e2, the net exchange from 1 to 3 is given by 

from which 

Then 
T~ = ~(Tt + Ti) 

Q - (I'A ! (T4 - T4 ) 
1 

- (1/el) + (l/e2) - 1 2 1 8 

(4.29) 

(4.30) 

When e1 = e2, Q1 = ~Q, and for the simple case wher~ n shields are 
employed, each having the same emissivities as the initial planes, 

1 
Q" = n + l Q 
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where Q is. the exchange if the initial planes were not separated. 
Spheres or Cylinders with Spherical or Cylindrical Enclosures. The 

radiation between a sphere and an enclosing sphere of radii r 1 and r 2 

may be treated in the same manner as Eq. (4.26). The radiation emitted 
initiaUy by the inner sphere is E1A1, all of which falls on A2. Of this 

total, however, (1 - e2)E1A1 is reflected of which (~Y (1 - e2)E1A1 

falls on A1 and [ 1 - (~YJ (1 - e2)E1A1 falls on A2. If this analysis is 

continued as before, the energy exchange will again be represented by a 
geometrical series and the net exchange between the inner and outer 
sphere is given by 

~ + ~:(~- 1
) (Tf- TV 

(4.31) 

The same relation will be seen to hold for infinitely long concentric cylin­
ders except that Ad A2 is rdr2 instead of rVr~. 

Radiation of Energy to a Completely Absorbing Receiver. In Exam­
ple 2.5, calculations were made on the loss of heat from a pipe to air. 
When a heat source is small by comparison with the enclosure it is custom­
ary to make the simplifying assumption that none of the heat radiated 
from the source is reflected to it. In such cases, Eq. (4.26) reduces to 

9 = Etu(T1 - Tt) 
L:l.l 

(4.32) 

Sometimes it is convenient to represent the net effect of the radiation in 
the same form employed in convection; namely, 

(4.33) 

where h, is a fictitious film coefficient representing the rate at which the 
radiation ·passes from the surface of the radiator. The values of Q in 
Eqs. (4.32) and (4.33) are identical, but the value in Eq. (4.32) is related 
to the mechanism by which the heat was transferred. Eq. (4.33) is a 
statement of the heat balance. as applied before in the Fourier equation to 
conduction and convection. Fishenden and Saunders1 ·have treated a 
number of interesting aspects of the subject. 

1 Fishenden, M., and 0. A. Saunders, "The Calculation of Heat Transmission," 
His Majesty's Stationery Office, London, 1932. 
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Example 4.3. Calculation of Radiation from a Pipe. In Example 2.5 the outside 
temperature of a lagged pipe carrying steam at 300°F was 125°F and the surrounding 
atmosphere was at 70°F. The heat loss by free convection and radiation was 103.2 
Btu/(hr)(lin ft), and the combined coefficient of heat transfer was 2.10 Btu/(hr)(ft2)­
{0F). How much of the heat loss was due to radiation, and what was the equivalent 
<ooeflicient of heat transfer for the radiation alone? 

Area/lin ft = 1r X 
3-~~5 X J = 0.88 ft2 

From Table 4.1B, the emissivity is approximately 0.90. 

T, = 125 + 460 = 585°R T2 = 70 + 460 = 530°R 
q = 0.90 X 0.88 X 0.173[(58;Yt 00)4 - (539-J:oo) 4] = 52.5 Btu/(hr)(lin ft) 

h, = A(T,Q- T.) 0.88(~:s5 -70) = 1.08 Btu/(hr)(ft2)(•F) 

Exchange of Energy between Any Source and Any Receiver. The 
three preceding illustrations· have been extremely limited. The study 
of two planes was directed only to sources and receivers which were 
infinitely large so that every point on one plane could be connected 
with every point on the second and no radiation from the one 
"leaked'' past the other and out of the system. A slighly more 
complex arrangement can be achieved between two concentric spheres 
or two concentric cylinders. In either of these all the radiation from the 
source may be seen to fall on the receiver. But this is very rarely the 
case in practical engineering problems, particularly in the design of 
furnaces. The receiving surface, such as the banks of tubes, is cylindrical 
and may partially obscure some of the surface from "seeing" the source. 

e 

01 

e' 

In a system composed of walls and pipes 
running in different arrangements the geom­
etry by which the radiation falls on the sur­
faces and the manner in which these surfaces 
reflect their energy are difficult to evaluate. 
The simplest elements are treated here, but 
many practical applications require the em­
pirical methods of Chap. 19. · 

Consider the arrangement of two radiat­
ing plates at temperatures T1 and T2 as 

FIG. 4.4. Radiation between h h 1 
two plates. s own in Fig. 4.4, T e two p ates are not 

face-to-face and therefore have . only an 
askance view of each other. The lower plate, represented isometrically 
in the horizontal plane, radiates in all directions upward and outward. 
Some of the radiation from the surface of the hot plate, dA1 falls upon the 
second plate but not perpendicular to it. The second plate dA2 will 
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reflect some of the incident energy, but only a part of it will return to the 
first plate. What is the. net exchange of energy between the two? 

The lines eo and e'o' are perpendiculars to the two plates, respectively, 
on their mutually exposed surfaces. The length of the shortest line 
joining the two plates at their centers is r. When viewed from o', a fore­
shortened picture of dA1 is obtained. Instead of isometrically, the plate 
dA 1 may be viewed from its end as in Fig. 4.5, where dA2 is assumed 
perpendicular to the plane of the paper for simplicity, the line ab repre­
sents a side of dA1, and the line a'b represents the width ofab in the view 
obtained from o'. Since eo and oo' are mutually perpendicular to its 

e 

G1 
Fro. 4.5. Section view between two plates. Fra. 4.6. Solid angle. 

sides, angle aba' must equal a1 and the side a'b corresponding to 
dA~ is dA~ = dA1 cos a1. For the second plate, dA~ = dA2 cos a 2. 
The center of surface dA~ may be considered to lie in the hemisphere 
receiving radiation from dA 1, and the quantity falling on a surface in the 
hemisphere consequently diminishes with the square of the radius. If 
both are black bodies, tp.e radiation from plate 1 to plate 2 is proportional 
to the normal surfaces exposed to each other and inversely to the square 
of the distance between them. 

dQ1-2 =I~ dA~ dA~ r (4.34) 

where I 1 is the proportionality constant dimensionally equal to the 
intensity of radiation. Substituting the original surfaces, 

11 . 
dQ1-2 = 2 cos IXl cos IX2 dAl dA2 r ~4.35) 

An important relationship exists between the intensity I 1 and the emissive 
power E. In Fig. 4.6 let dw1 be the solid angle which is by definition 
the intercepted area on a sphere divided by r 2• dA 1 is a small plate in 
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the center of the isometric plane of the base. Then 

dw
1 

= dA~ = r sin a d/3 r da 
r2 r2 

= sin ada d/3 

From Eqs. (4.35), (4.35a), and (4.36), 

dQ ("12 (2" 
dA = Eb = I 1 } 

0 
sin a cos a da } 

0 
d{j 

= Irrr 
Il =Eo= qT4 

11' 11' 

(4.36) 

(4.37) 

(4.38) 

Substituting Eq. (4.38) in Eq. (4.35) the net exchange between T1 and T2 
is 

(4.39) 

If cos 01.1 cos a2 dA2/1l'r2 is written FA, FA is known as the configuration or 
geometric factor. For some systems it is very difficult to derive, but for 

1.0 

f.- --:::.. f...---- -y ~ .--:::::; ~ ~ ~ - f...---- -= -0.8 

/ ~ ~ ~ ...... v ...... 
~ ~ ..... -//) ~ v / -:?' ;...- Radiation between parallel 

....--::: 

/ 'f y v ~ v plcmes,(jirectly opposed -
1·2<>-4 Direct mdiation 

I!J I X ~ between the planes -
5-6-7-8 Planes connected b"i -

'// /I fi non-conductinq but 
rer.:1diatinq walls -r; I/ 1-$ Discs 2-6 Squ.:1res 

~, 
3-7 2 :.I Rectangle -
~-8 Lonq,narrowrecmngles 

~0.6 
,__-
£ 
<.) 

Ll: 0.4 

0.2 

2 3._, _,. 4 6 
Ratio . S~<.ce or ,rameter 

' Drsf<mce between planes 

7 

FIG. 4, 7. Radiation between parallel planes. (Hottel.) 

several basic arrangements it is fairly simple. I:IotteP has integrated a 
number of cases, the commonest of which are plotted in Figs. 4.7, 4.8 and 
4.9. Equation (4.39) can thus be written in integrated form 

Q = FAA1G'CTt - Tn 
1 Hottel, H. C., Meek. Eng., 62, 699 (1930). 

~4.40) 
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Fru. 4.8. Radiation between an element and a parallel plana. (Ho!!e!.) 

'" 

Dimension ratio, .Rz 
FIG. 4.9. Radiation between perpendicular planes. (HoUel.) 
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If the two surfaces are gray and therefore nonblack, from Eq. (4.26) 

Q - . FAAtcr (T' T') (4 41) 
- (1/el) + (1/e2) - 1 1 - 2 . • 

Writing F, for the emissivity correction, Eq. (4.41) becomes 

Q = FAF,Atcr(T1 - T~) (4.42) 

The summary in Table 4.2 gives the values of FA and F, for a number of 
the common cases derived here and elsewhere. 

TABLE 4.2. VALUES OF FA AND F, 

(a) Surface A, small compared with the 
totally enclosing surface A, 

(b) Surfaces A 1 and A," of parallel discs 
squares, 2: 1 rectangles, long rec­
tangles 

(c) Surface dA1 and parallel rectangular 
surface A, with one corner of rec­
tangle above dA 1 

(d) Surfaces A 1 or A, of perpendicular 
rectangles having a common side 

1 

Fig. 4.7 

Fig. 4.8 

Fig. 4.9 

., 

E1E2 

EJ E2 

EI E2 

1 

(e) Surfaces A 1 and A 2 of infinite parallel 
planes qr surface A, of a completely 
enclosed body is small compared 
with A. 

(f) Concentric spheres or infinite con­
centric cylinders with surfaces A, 
and Ao 

(-!+.!)-1 
El E2 

1 
1 

_! +A,(.! - 1) 
" Ao <2 

Example 4.4. Radiation from a Pipe to a Duct. Calculate the radiation from a 
2-in. IPS steel pipe carrying steam at 300°F and passing through the center of a 1- by 
1-ft galvanized sheet-iron duct at 75°F and whose outside is insulated. 

Solution. From Table 11 in the Appendix A = 0.622 ft2 of external surface per 
linear foot of pipe. The emissivity of oxidized steel from Table 4.1 is <t = 0.79. 

The surface of the duct is A 2 = 4 (1 X 1) = 4.0 ft 2/lin ft. 
The surface of the pipe is not negligible by comparison with that of the duct, and 

(f) of Table 4.2 !J.pplies most nearly. 

•• = 0.276 (oxidized zinc in Table 4.1) 
FA= 1 

1 
F, = _"1-+---,A',-("_!.--_-1'") 

,, A, ., 
Q = F AF.A<T(T: - T~) 

1 0.622 ( 1 ) = 0·
60 

0.79 + "4":0 0.276 - 1 

1 

= 1 X 0.60 X 0.622 X 0.173 X I0-8(7604 - 5354) 

= 164 Btu/(hr)(lin ft) 

(Table 4.2) 

(Table 4.1) 

(4.42) 
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PROBLEMS 

4.1. A 2-in. IPS steel pipe carries steam at 325°F through a room at 70°F. What 
decrease in radiation occurs if the bare pipe is coate~ with 26 per cent aluminum paint? 

4.2. One wall of a corridor 8 by 28 by 4.ft wide between a drying chamber and an 
outside wall of thebuilding is at 200°F, and the 8~ by 28-ft wall of the buildjng will be 
at 40°F during normal winter weather. What will be the heat passing across the 
corridor in winter if the drying chamber is surfaced with unglazed silica brick and the 
building wall is plastered? 

4.8. A chamber for heat-curing steel sheets lacquered black on both sides operates 
by passing the sheets vertically between two steel plates 6ft apart. One of the plates 
is at 600°F, and the other, exposed to the atmosphere, is at 80°F. What heat is trans­
ferred between the walls, and what is the temperature of the lacquered sheet when 
equilibrium ha.s been reached? · 

4.4. A 3-in. IPS lagged pipe carries steam at 400°F through a room at 70°F. The 
lagging consists of a ~-in. thick layer of asbestos. The use of an overcoat of 26 per 
cent aluminum paint is to be investigated. What percentage savings in heat loss can 
be effected? 

4.6. A molten organic compound is carried in the smaller of two concentric steel 
pipes 2- and 3-in. IPS. The annulus can be flooded with. steam to prevent solidifica­
tion, or the liquid can be heated somewhat and circulated without steam so that the 
annulus acts as an insulator. If the molten fluid is at 400°F and the outer pipe is at 
room temperature (80°F), what heat loss occurs from the molten material in 40 lin ft 
of pipe? 

4.6. Calculate the radiant-heat loss from a furnace through a 2-in.-diaineter peep 
door when the inside temperature is 1750°F and the outside temperature is 70°F. 
Consider the emission due to a black body. 

4.1. A bare concrete pump house 10 by 20 by 10-ft high is to be heated by pipes 
laid in the concrete floor. Hot water is to be used as the heating medium to maintain 
a floor surface temperature of 78°F. The walls and ceiling are of such thickness as to 
maintain temperatures of 62°F on all inside surfaces in the winter. (a) What is the 
rate of radiation between the floor and the ceiling if the walls are considered noncon­
ducting and reradiating? The pumps cover a negligible area of the .floor. (b) What 
additional heat. will be required if the floor area is doubled by enlarging the room to 
20 by 20ft? 

4.8. A bath of molten zinc is located in the corner of the floor of a zinc dipping room 
20 by 20 by 10ft high. Zinc melts at 787"F, and the ceiling could be maintained at 
90°F in the summer by conduction through the roof. ~a) What heat will be radiated 
from a 1-ft2 bath? (b) If the bath is moved to the center of the room, what heat will 
be radiated? 

A 
A' 
a 
9•, Cz 
E 
FA 
F, 
h, 

NOMENCLATURE FOR CHAPTER 4 

Heat-transfer of emitting or absorbing surface, ft 2 

Effective surface, ft2 
Absorptivity, dimensionless 
Constants in Planck's law 
Emissive power, Btu/(hr)(ft•) 
Geometric factor, dimensionless 
Emissivity factor, dimensionless 
Heat-transfer coefficient equivalent to radiation, Btu/(hr) (ft2)(°F) 
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I Intensity of r~~:diation, Btu/(hr)(ft2) 

h Monochromative intensity of emission, Btu/(hr)(ft2)(micron) 
n Number of radiation shields 
Q Heat flow or net heat exchange, Btu/(hr) 
r Reflectivity, dimensionless; radius, ft 
T Temperature, 0 R 
a, fJ, "' Angle, deg 
E Emissivity, dimensionless 
}.. Wavelength, microns 
tr Stefan-Boltzmann constant, 0.173 X 10-• Btu/(hr)(ft2)(

0R 4) 

.. Transmissivity, dimensionless 

Subscripts 

b Black body 
1 Source 
2 Receiver 



CHAPTER5 

TEMPERATURE 

The Temperature Difference. A temperature difference is the driving 
force by which heat is transferred from a source to a receiver. Its influ­
ence upon a heat-transfer system which includes both a source and a 
receiver is the immediate subject for study. 

In the experimental data of Chap. 3 the temperature of the inside pipe 
wall tp was calculated from the reported value of the outside pipe-wall 
temperature t,. The logarithmic mean of the differences tp - t1 and 
tp - t2 was used to calculate 11ti. The reported temperature of the pipe 
was the average of a number of thermocouples which were not actually 
constant over the length of the pipe. It is not ordinarily possible in 
industrial equipment to measure the average pipe-wall temperature. 
Only the inlet and outlet temperatures of the hot and cold fluids are 
known or can be measured, and these are referred to as the process 
temperatures. 1 

Plots of temperature vs. pipe length, t vs. L, for a system of two con­
centric pipes in which the annulus fluid is cooled sensibly and the pipe 
fluid heated sensibly are shown in Figs. 5.1 and 5.2. When the two 
fluids travel in opposite directions along a pipe as in Fig. 5.1, they are in 
counterflow. Figure 5.1 can be compared with Fig. 3.6 to which it is 
similar except that one is a plot oft vs. L and the other is a plot oft vs. Q, 
the heat transferred. When the fluids travel in the same direction as In 
Fig. 5.2, they are in parallel flow. The temperature of the inner pipe fluid 
in either case 'v11ries according to one curve as it proceeds along the length 
of the pipe, and the temperature of the annulus fluid varies according to 

1 In the remainder of this book the subscript I always denotes the inlet and sub­
script 2 the outlet. The cold terminal difference t.t1 or t.t. is given by Tz - It, and 
the hot terminal difference t.t2 or At, by Tt - t2. There are two additional terms 
which are often used in industry. These are the range and the approach. By "range" 
js meant the actual temperature rise or fall, which for the hot fluid is T 1 - T 2 and for 
the cold fluid e~ - t1. The "approach" has two different meanings depending upon 
whether counterflow equipment such as concentric pipe! or other types of equipment 
are intended. :For counterflow the approach is the number of degrees between the 
hot-fluid inlet and cold-fluid outlet, T, - ·t~, or hot-fluid outlet and cold fluid inlet, 
T, - t1, whichever is smaller. Thus a close approach means that one terminal differ­
ence will be very small, a significant factor in heat transfer. The definition of approach 
for other types of equipment will he discussed in Chap. 7. 

85 
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another. The temperature difference at any length from the origi~ where 
L = 0 is the vertical distance between the two curves. . .~ 

Overall Coefficient of Heat Transfer. The concentric pipes in Figs. 5.1 
and 5.2 bring together two streams each having a particular film coeffi­
cient and whose temperatures vary from inlet to outlet. For con­
venience, the method of calculating the temperature difference between 
the two should employ only the process temperatures, since these alone 
are generally known. To establish the temperature difference in this 
manner between some general temperature T of a hot fluid and some 
general temperature t of a cold fluid, it is necessary to account also for all 
the resistances between the two temperatures. In the case of two con-

T,t•F 

Tz 
t, .__ __ ..,....,co__ __ _. 

FIG. 5.1. Counterflow. FIG. 5.2. Parallel flow. 

centric pipes, the inner pipe being very thin, the resistances encountered 
are the pipe fluid-film resistance, the pipe-wall resistance, Lm/km, and the 
annulus fluid-film resistance. Since Q is equal to llt/~R as before, 

~R = !. + Lm + _!. (5.1) 
hi km ho 

where ~R is the overall resistance. It is customary to substitute 1/U 
for ~R where U is called the overall coefficient of heat transfer. Inasmuch 
as a real pipe has different areas per linear foot on its inside and outside 
surfaces, h, and h. must be referred to the same heat-flow area or they will 
not coincide per unit length. If the outside area A of the inner pipe is 
used, then h, must be multiplied by AJ A to give the value that h, would 
have if originally calculated on the basis of the larger area A instead· of 
A;. For a pipe with a thick wall Eq. (5.1) becomes 

_!. = 1 + 2.3D.l~gD• +.!. = 1 + 2.3DologD. + _! (5.2) 
U h,(A,j A) 2km D, h. h,(D./D.) 2km D, h. 

The integrated steady-state modification of Fourier's general equation 
may then be written 

Q = UA !lt (5.3) 
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where At is the temperature difference between the two streams for the 
entire surface A. Using the simplification that the thin metal pipe-wall 
resistance is negligible, Eq. (5.2) becomes 

1 1 +..!. 
U- h;(AJA) ho (5.4) 

Hereafter Eq. (5.3) will be referred to simply as the Fourier equation. 
Just as k, was obtained from h; = Q/ A, il.t .. in Eq. (3.2) using thermo­
couples, so U can be obtained from U = Q/ A At using process tempera­
tures alone. In experiments involving sensible heat transfer between two 
fluids, Eqs. (5.2) and (5.4) can be used to obtain either individual film 
coefficient from the overall coefficient U only if some supplementary 
means are available for computing the other film coefficient. Fortu­
nately, the condensation o£ steam can provide a negligible resistance, so 
that h, or ho can usually be determined individually with suitable accuracy 
from an experiment using either of the fluids and steam. 
Equati~n (5.3) is o£ particular value in design when the individual film 

coefficients can both be calculated through the use of equations of the 
types obtained by dimensional analysis such as Eq. (3.26) or (3.32), and 
U can be solved for accordingly. Then Eq. (5.3) is used in computing 
the total area or length o£ path required when Q is given and At is calcu­
lated from the process temperatures. When the process temperatures 
of the two respective streams are given, the total heat transfer Q Btu/hr 
is also given, being computed from Q = wc(t2 - t1) = WC(T1 - T2). 

The Controlling Film Coefficient. When the resistance of the pipe 
metal is small by comparison with the sum of the resistances of both film 
coefficients, and it usually is, it may be neglected. If one film coefficient 
is small and the 'other very large, the small coefficient provides the major 
resistance and the overall coefficient of heat transfer for the apparatus is 
very nearly the reciprocal of the major resistance. Suppose h;( A,j A) = 10 
and ho = 1000 Btu/(hr)(ft2)(°F) R, = Mo = 0.1, Ro = Mooo = 0.001, 
and !.R = 0.101. A variation of 50 per cent in Ro does not materially 
influence Q, since a value of ho = 500 will change ~R only from 0.101 to 
0.102. When a significant difference exists, the smaller coefficient is the 
controUing film coefficient. 

Logarithmic Mean Temperature Difference : Counterflow. Generally 
both fluids undergo temperature variations which are not straight lines 
when temperatures are plotted against length as in Figs. 5.1 and 5.2. At 
every point T - t between the two streams differs, yet this should lead 
to the same result. as Eq. (3.36), in which the logarithmic mean tempera­
ture difference was obtained from a study ofT - t vs. Q. However, there 
is an advantage to a derivation based on T - t vs. L, since it permits 
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identification of the temperature difference anywhere along the pipe 
length. Later, when more complex flow patterns are encountered, this 
information will be essential. Although two fluids may transfer heat 
in a concentric pipe apparatus in either counterfl.ow or parallel flow, the 
relative direction of the two fluids influences the value of the temperature 
difference. This point cannot be overemphasized: Any flow pattern 
formed by two fluids must be identified with its unique temperature 
difference. For the derivation of the temperature difference between the 
two fl.uids of Fig. 5.1 in counterflow, the following assumptions must be 
made: 

1. The overall coefficient of heat transfer U is constant over the entire 
length of path. 

2. The pounds per hour of fl.uid flow is constant, obeying the steady­
state requirement. 

3. The specific heat is constant over the entire length of path. 
4. There are no partial phase changes in the system, i.e., vaporization 

or condensation. The derivation is applicable for sensible-heat changes 
and when vaporization or condensation is isothermal over the whole 
length of path. 

5. Heat losses are negligible. 
Applying the differential form of the steady-state equation, 

dQ = U(T - t)a" dL 

where a" is the square feet of surface per foot of pipe length or 

a" dL = dA. 

From a differential heat balance 

dQ = WC dT = we dt 

(5.5) 

(5.6) 

where Q is the limit as dQ varies from 0 to Q. At any-point in the pipe 
from left to right the heat gained by the cold fluid is equal to that given 
up by the hot fluid. Taking a balance from L = 0 to L = X 

from which 

T = T2 + ;~ ;(t - t1) 

From Eqs. (5.5) and (5.6) substituting for T, 

dQ = we dt = U [ T2 + ;~ (t - h) - t 1 a" dL 

(5.7) 

(5.8) 
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t and L are the only variables. Collecting terms of t and L, 

J Ua" dL = J dt (5.9) 

we T2 - {;~ t1 + (;~- 1) t 
This rig4t-hand term is of the form 

f dt 1 
a

1 
+ b

1
t = ~log (a1 + b1t) 

Integrating dL between 0 and L and dt between t1 and t2, 

UA (5.10) 
we 

To simplify this expression substitute for T2 in the numerator the expres­
sion from Eq. (5.7), expand the denominator, and cancel terms 

UA 1 l T1- t2 
we (we/WC) - 1 n T2 - t1 

(5.11) 

Substitute for we/WC the expression from Eq. (5.7) 

UA 1 I T1- t2 n---
we (T1 - T2)/(t2 - h) - 1 T2 - it 

t2 - it In T1 - t2 (5 12) 
(T1 - t2) - (T2 - h) T2 - it . 

Since we(t2 - h) = Q and substituting At2 and Att for the hot and cold 
terminal temperature differences T1 - t2 and T2 - t1, 

Q = UA (At2- Att) 
In At2/At1 

(5.13) 

If the difference between the two terminals At2 - At1 is written so as to be 
positive then the ratio of the two terminals taken in the same order is 
numerically greater than unity and any confusion due to negative signs 
is eliminated. The expression in parentheses in Eq. (5.13) again is the 
logarithmic mean or log mean temperature difference and is abbreviated 
LMTD. Equation (5.13) for counterflow may be written 

Q =·UAAt = UA XLMTD (5.13a) 
and 

At = LMTD = (T1 - t2) - (T2 - t1) = At2 - At1 
In (T1- t2)/(T2- t1) In AtdAt1 

(5.14) 
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Parallel Flow. Referring to Fig. 5.2 for the case where both fluids 
flow in the same direction, the basic equations are essentially the same. 
For the steady state, 

but 
dQ = U(T - t)a" dL 

dQ = WCdT = -wcdt 

since t declines in the direction of increasing values of T. Taking the 
heat balance between X and the left end, 

JVC(T - Tz) = wc(tz - t) 

Again considering the hot terminal difference Atz = T1 - t1 as the greater 
temperature difference in parallel flow and At1 = T~ - tz the lesser tem­
perature difference, the result is 

Q = UA (Tt- it) - (T2- tz) = VA At2- Ait (5.15) 
ln (T1 - it)/(T2- t2) In At2/At1 

Relation between Parallel Flow and Counterflow. It may appear 
from the final form of the derivations for the two flow arrangements that 
there is little to choose between the two. The examples which follow 
demonstrate that except where one fluid is isothermal (such as condensing 
steam) there is a distinct thermal disadvantage to the use of parallel flow. 

Example 6.1. Calculation of the LMTD. A hot fluid enters a concentric-pipe 
apparatus at a temperature of 300°F and is to .be cooled to 200°F by a cold fluid 
entering at 100°F and heated to 150°F. Shall they be directed in parallel flow or 
counterflow? 

Solution. It is convenient to write the temperatures in the form employed here 
and to realize that the log mean is always somewhat less than the arithmetic mean 
(A~, + Att)/2. 

(a) Counterflow: 
Hot fluid Cold fluid 
(T1) 300 150 (tz) == 150 (At2) 
(Tz) 200 - 100 (tr) = 100 (Att) 

LMTD = At, - Aft 
2.3log t.t./ t.tx 

(b) Parallel flow: 
Hot fluid Cold fluid 
(Tt) 300 - 100 (tt) = 200 (Atz) 
(Tz) 200 - 150 (tz) = ~ (Att) 

150 (/1t2 - Att) 

LMTD = 2 31 15~oo~ = 108oF . og 7 o 

The LMTD for the same process temperatures in parallel flow is lowel' 
than for counterflow. 
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Example 5.2. Calculation of the LMTD with Equal Outlet Temperatures. A hot 
fluid enters a concentric-pipe apparatus at 300°F and is to be cooled to 200°F by a cold 
fluid entering at 150°F and heated to 200°F. 

(a) ClYUnterflow: 

(b) Parallel flow: 

Hot fluid Cold fluid 
300 200 = 100 (At2) 
200 150 = ~ (At,) 

50 (At2 - At1) 

50 
LMTD = 2 31 1oo~ = 72 . og 7 o 

Hot fluid Cold fluid 
300 150 = 150 (At2) 
200 200 ~ (At,) 

150 (At2 - At,) 
150 

LMTD = 2.3log 15% = 0 

In parallel flow the lowest temperature theoretically attainable by the 
hot fluid is that· of the outlet temperature of the cold fluid, t2. If this 
temperature were attained, the LMTD would be zero. In the Fourier 
equation Q = U A t.t, since Q and U are finite, the heat-transfer surface 
A would have to be infinite. The last is obviously not feasible. 

The inability of the hot fluid in parallel flow to fall below the outlet 
'temperature of the cold fluid has a marked effect upon the ability of 
parallel-flow apparatus to recover heat. Suppose it is desired to recover 
as much heat as possible from the hot fluid in Example 5.1 by using the 
same quantities of hot and cold fluid as before but by assuming that 
more heat-transfer surface is available. In a counterflow apparatus it 
is possible tohave the hot-fluid outlet T2 fall to within perhaps 5 or 10° 
of the cold-fluid inlet t1, say l10°F. In parallel-flow apparatus the heat 
transfer would be restricted by the cold-fluid outlet temperature rather 
than the cold-fluid inlet and the difference would be the loss in recover­
able heat. Parallel flow is used for cold viscous fluids, however, since 
the arrangement may enable a higher value of U to be obtained. 

Consider next the case where the hot terminal difference (t.t2) in the 
preceding examples is not the greater temperature difference. 

Example 5.3. Calculation of the LMTD When At. > Ath. While a hot fluid is 
cooled from 300 to 200°F in counterflow, a cold fluid is heated from 100 to 275°F. 

ClYUnterftow: 
Hot fluid Cold fluid 

300 275 
200 100 

25 (AtA) 
= 100 (Ate) 
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Lastly, when one of the fluids proceeds through the apparatus isother­
mally (condensing steam), parallel flow and counterflow yield identical 
temperature differences. 

Example 5.4. Calculation of the LMTD with One Isothermal Fluid. A cold fluid 
is heated from 100 to 275°F by steam at 300°F. . 

(a) Counterflow: 
Hot fluid Cold fluid 

300 275 25 
300 100 = 200 

(b) Parallel flaw: 
Hot fluid Cold fluid 

300 100 = 200 
300 275 = 25 

These are identical. 

Hereafter, unless specifically qualified, all temperature arrangements 
will be assumed in counterfl9w. Many 'industrial types of equipment are 
actually a compromise between parallel flow and counterflow and receive 
additional study in lat€r chapt€rs. 

Heat Recovery in Counterflow. Very often a counterflow apparatus is 
available which has a given length L and therefore a fixed surface A. 
Two process streams are available with inlet temperatures Tt, t1 and 
flow rates and specific heats W, C and w, c. What outlet temperatures. 
will be attained in the apparatus? 

. This problem requires an estimate of U which can be checked by the 
methods of succeeding chapters for different types of counterflow heat.­
transfer equipment. Rewriting Eq. (5.12), 

( ) UA 
(Tt - t2) - (T2 - tt) 

we t2 
- t1 = In (TJ. - t2)/(T2- h) 

Rearranging 

(5.16) 

Since WC(Tt - Tz) = wc(t2 - t1), wcjWC = (Tt - T2)/(t2 - lt). This 
means that the ratio of the temperature ranges can be established with­
out recourse to actual working temperatures. Calling this unique ratio 
R without a subscript 

R = ~ = Tt- T2 
we t2- t1 

Substituting in Eq. (5.16) and removing logarithms, 

(5.17) 



TEMPERATURE 

To obtain an expression for T2 alone. 

Substituting in Eq. (5.17) and solving, 

(1 - R)Tt + [1 - e<U.Mwc)(R-l)]Rtl 
T2 = , 1 _ Re<UA!wc)(R-1) 

For parallel flow it becomes 

(R + e<uA.twc)(R+l!)Tt + (e<uMwc)(R+ll - 1]Rtt 
T2 = (R + 1)e<uMwc)(R+l) 

t2 may be obtained from T 2 by applying the heat balance 

WC(Tr - T2) = wc(t2 - it) 
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(5.18) 

(5.19) 

The Caloric or Average Fluid Temperature. Of the four assumptions 
used in the derivation of Eq. (5.14) for the LMTD, the one which is sub­
ject to the largest deviation is that of a constant overall heat-transfer 
coefficient U. In the calculations of Chap. 3 the film coefficient was 
computed for the properties of the fluid at the arithmetic mean tempera­
ture between inlet and outlet, although the correctness of this calculation 
was not verified. In fluid-fluid heat exchange the hot :fluid possesses a 
viscosity on entering which becomes greater as the fluid cools. The 
cold counterflow fluid enters with a viscosity which decreases as it is 
heated. There is a hot terminal Tr - t2 and a cold terminal T2 - t1, and 
the values of ho and h;(A;/A) vary over the length of the pipe to produce 
a larger U at the hot terminal than at the cold terminal. As a simple 
example, take the case of an individual transfer coefficient at the inlet 
and outlet as obtained from the data of Morris and Whitman through use 
of Eq. (3.42). 

Example 5.6. Calculation of h1 and h2. Calculation of point B-6: 

t1 = 99.1° t2 = 129.2°F 
Inlet at 99.1"F: 

c = 0.478 Btu/lb (DG)•·• = ( 0.622 X 854,000 )•·• = 
p. 12 X 2.95 X 2.42 2570 

p. = 2.95 cp 

k = 0.078 Btu/(hr)(ft)("F /ft) (c~-') 14 
.., ( 0·478 X 2·95 X 2·42)

14 = 3 S2 
k 0.078 • 

h; = 0.078 X 0.~2 X 0.0115 X 2570 X 3.52 = 156 at inlet 
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Outlet at 129.2°F: 

c = 0.495 <
DG) 0

·' _ ( 0.622 X 854,000 ) 0
•
9 

_ 

-;;- - 12 X 2.20 X 2.42 - 3390 

p. = 2.20 
k = 0_078 (~)~' = (0.495 X 2.20 X 2.42)~" = 3 23 k O.Q78 . 

12 
h, = 0.078 X 

0
_622 X 0.0115 X 3390 X 3.23 = 190 at outlet 

At the arithmetic mean (114.3°F) h. = 174.5, which is only 3.6 per cent in error of the 
expecimental value of 181 but the variations against h; at the arithmetic mean are 

(
156 - 174.5) (190 - 174.5) 

174
_
5 

100 = -10.6 per cent and 
174

_
5 

· 100 = +8.9 per cent. 

From the above it is seen that under· actual conditions the variation 
of U may be even greater than that of hi alone, since the outside film 
coefficient h. will vary at the same time and in the same direction as h;. 
The variation of U can be taken into account by numerical integration of 
dQ, the heat transferred over incremental lengths of the pipe a" dL = dA, 
and using the average values of U ftom point to point in the differential 
equation dQ = Uav dA t..t. The summation from point/to point then 
gives Q = UA t..t very closely. This is a time-consuming method, and 
the increase in the accuracy of the result does not warrant the effort. 
Colburn 1 has undertaken the solution of problems with varying values of 
U by assuming the variation of U to be linear with temperature and by 
deriving an expression for the true temperature difference accordingly. 
The ratio of the LMTD for constant U and the true temperature difference 
for varying U is then used as the basis for establishing a single overall 
coefficient which is the true mean rather than the arithmetic mean. 

Assume: 
1. The variation of U is given by the expression U = a'(I + b't) 
2. Constant weight flow 
3. Constant specific heat 
4. No partial phase changes 

Over the whole transfer path 

Q = WC(Tt - T2) = wc(t2 - t1) 

Since R = wc/WC = (T1 - T2)/(t2 - t1) or generalized as in Fig. 5.1, 

R = (T- T2) 
(t - tl) 

The heat balance for the differential area dA is given by 

dQ = U(T - t) dA = we dt 
1 Colburn, A. P., Ind. Eng. Ghem., 35, 873-877 (1933). 
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where U is the average value for the increment or 

dt dA 
U(T....:. t) we 

Since U == a'(1 + b't), substitute for U. 

dt dA 
a'(l + b't)(T- t) = we 

From the heat ·balance obtain the expression for T in terms of t and 
separate into parts. 

1 . t· [ (R - 1) dt b' dt ] I dA 
a'(R- 1- b'T2 +b'Rt1) ) 11 T2- Rh + (R- 1)t- 1 + b't = we 

(5.20) 
Integrating, 

1 [I T2 - Rtt + (R - l)t2 I 1 + b't2] A 
a'(R - 1 - b'T2 + b'Rtt) n T2 - Rt1 + (R - l)t1 - n 1 + b't1 =we 

(5.21) 

Using the subscript 1 to indicate the cold terminal and 2 the hot terminal 
as heretofore 

ul = a'(1 + b'tt) 
As before, 

!:J.tt = T2 - t1 

and factoring Eq. (5.21) 

tz- t1 In U1!:J.t2 = .:'!_ 
U 1 !:J.tz - U 2 !:J.h U z !:J.h we 

Combining with Q = wc(t2 - lt), 

Q Ut!:J.t2- U2Alt 
A= In UtAt2/Uz Att 

(5.22) 

(5.23) 

Equation (5.23) is a modification of Eq. (5.13) which accounts for the 
variation of U by replaci,ng it with· U 1 and U 2, where A = 0 and A = A, 
respectively. · This is still unsatisfactory, however, since it requires twice 
calculating both individual film coefficients to obtain Ut and U2. Col­
burn chose to obtain a single overall coefficient, U,., .at which all the 
surface can be regarded to be transferring heat at the LMTD. U,. is then 
defined by 

Q _ U1 At2 - U2 !:J.t1 _ U (!:J.tz - !:J.t1) (S 24) 
A - ln ui l:!.tz/U2 Atl - "' In At2/!:J.tt . 
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Substituting U,. = a'(l + b'tc), 

a'(l + b'tt) t.t2 - a'(l + b't2) !::..t1 
U = '(I + b't) = ln [(1 + b'tt) t.t2]/[(1 + b't2) t.t1] 

"' a c t.t2 - t.t1 (5.25) 

ln t.t2/ t.tl 

U,. will now be identified by finding tc, the temperature of the properties 
at which h, and ho are computed and at which such a value of U., exists. 
Let Fe be a fraction. By multiplying the temperature rise of the con­
trolling (film) stream by Fe and adding the resulting fractional rise to 
the lower terminal temperature of the stream, a temperature is obtained 
at which to evaluate heat transfer properties and calculate h;, ho, and 
u,.. 

F _ tc- t1 
c - t2- tl 

tc is the caloric temperature of the cold stream. By definition, let 

and substituting the equivalents in Eq. (5.25), 

1 + b't2 
1 + b'lt = Kc + 1 1 + b'lc 

1 + b'it = KcFc + 1 

from which 
F = (1/Kc) + [r/(r - 1)] _ _!_ 

c 1 + In (Kc + 1) Kc 
In r 

Equation (5.27) has been plotted in Fig. 17 in the Appendix with 

U2- Ut U,.- Uc Kc = = ___:.:_-=-___; 
Ut Uc 

(5.26) 

(5.27) 

as ·the parameter, where c and h refer to the cold and hot terminals, 
respectively. The caloric fraction F. can be obtained from Fig. 17 by 
computing K. from U,. and U. and t.tc/llt11 for the process conditions. 
The caloric temperature of the hot fluid T. is 

(5.28) 
and for the cold fluid 

(5.29) 

Colburn has correlated in the insert of Fig. 17 the values of K, where the 
~ontrolling film is that of a petroleum cut. A correlation of this type can 
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be made in any industry which deals with a particular group of fluids by 
obtaining a' and b' from prop€rties and eliminates the calculation of ulr. 
and u.. If an apparatus transfers peat between two petroleum cuts, 
the cut giving the largest value of K. is controlling and can be used 
directly to establish F. for both streams from the figure. Thus, whenever 
there is a sizeable difference between U,. and U. the LMTD is not the 
true temperature difference for counterflow. The LMTD may be retained, 
however, if a suitable value of U is employed to compensate for its use 
in Eq. (5.13). 

Example 5.6. Calculation of the Caloric Temperature. A 20• API crude oil is 
cooled from 300 to 200°F by heating cold 60°API gasoline frolll 80 to 120°F in a 
counterflow apparatus. At what fluid temperatures should U be evaluated? 

Solution: 
Shell Tubes 
20°API crude· eo• API gasoline 

242.5 Caloric temp. 97 

250 Mean 100 

300 Higher temp. 120 

200 Lower temp. 80 

100 Diff 40 

180 
---

120 
---

Crude, Tt - T2 = 300 - 200 = l00°F, K. = 0.68 from Fig. 17 insert 
Gasoline, t2- t1 = UO- 80 = 40•F, K. ;:;; 0.10 
The larger value of K. correspQnds to the controlling heat-transfer coefficient which 

is assumed to establish the variation of U with temperaj;ure. Then 

t:.t. 200- 80 
t:.th = 300 - 120 = 0·667 

F. = 0.425 from Fig. 17 

Caloric temperature of crude, T. = 200 + 0.425(800- 200) = 242.5°F. 
Calotic temperature of gasoline, t. =" 80 + 0.425(120 - 80) = 97. o•F. 
It should be noted that there can be but one caloric mean and that the factor F. 

applies to both streams but is determined by the controllillg.stream. 

The Pipe-wall Temperature. The temperature of the pipe wall can 
be computed from the caloric temperatures when both hi and ho are 
known. Referring to Fig. 5.3 it is customary to neglect the temperatur& 
difference across the pipe metal t,.. - tp and to consider the entire pipe 
to be at the temperature of the outside surface of the wall t,... If the out­
side caloric temperature is T. and the inside caloric temperature t. and 
1/R;o = h;o = h;(A;/A) = h; X (ID/OD), where the subscript.io refers 
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to the value of the coefficient inside the pipe referred to the outside sur-
face of the pipe. · 

(5.30) 

Replacing the resistances in the last two terms by film coefficients, 

Tc- tc t,.- tc 
1/ho + 1jh;0 = 1/h;0 

Solving for t.. 
(5.31) 

and 

tw = Tc - h;o h~ ho (Tc - tc) 

When the hot fluid is inside the pipe these become 

(5.32) 

h;. (T ) 
t,. = tc + h;o + ho c - tc (5.31a) 

and 

(5.32a) 

Isothermal Representation of Heating and Cooling. In streamline 
flow when a fluid flows isothermally, the velocity distribution is assumed 

Tc 
ho 

R..-4--Rio 

to be parabolic. When a given quantity of liq­
uid is heated as it travels along a pipe, the vis­
cosity near the pipe wall is lower than that of the 
bulk of the fluid. The fluid near the wall trav­
els at a faster velocity than it would in isother­
mal flow and modifies the parabolic velocity 

Veloci y u -r~ 

FIG. 5.3. Pipe-wall tern- FIG. 5.4. Heating, cooling, and isothermal streamline 
perature. flow. 

distribution as indicated by the heating curve in Fig. 5.4. If the liquid 
is cooled, the reverse occurs: The fluid near the wall flows at a lower 
velocity than in isothermal flow, producing the velocity distribution 
indicated for cooling. For the liquid to flow more rapidly at the wall 
during heating some of the liquid near the center axis of the pipe must 
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flow outward toward the wall to maintain the increased velocity. This 
is a radial velocity component which actually modifies the nature of the 
'streamline flow. If data for heating an oil in a given temperature range 
are plotted as in Fig. 3.10 together with data for cooling the oil in the 
same temperature range, two families of points are obtained. The data 
on heating give higher heat-transfer coefficients than those on cooling. 
Colburn1 undertook to convert both heating and cooling data to a single 
isothermal line. He was able to employ a basic equation of the form of 
Eq. (3.32) by multiplying the right-hand term by the dimensionless ratio 
(p.fp.1)" where p. is the viscosity at the caloric temperature and p.~ is the 
viscosity at an arbitrary film temperature defined for streamline flow by 

~=~+%~-~ ~~ 

and for turbulent flow by 

tr = tAv + 7f(tw - t.v) (5.34) 

Sieder and Tate2 undertook the correlation of a large quantity of data 
in tubes, rather than pipes, and obtained a dimensionless factor (p.f p.~)"'' 
where P,., is the viscosity at the tube-wall temperature t,. Using the 
Sieder and Tate correction, Eq~ (3.32) for streamline flow becomes 

(5.35) 

Equation (3.26) for turbulent flow becomes 

h~ = a (~ay (c: r (;;Y" (5.36) 

By incorporating the correlation factor for heating and cooling in this 
manner a single curve is obtained for both heating and cooling, since the 
value of p./JLw is greater than 1.0 for liquid heating and lower than 1.0 for 
liquid cooling. Inasmuch as the viscosities of gases increase rather than 
decrease with higher temperature, the deviations from the isothermal 
velocity distribution are the reverse of liquids. 

PROBLEMS 

5.1. For a concentric-pipe heat-transfer apparatus having a l-in. IPS mner pipe 
the film coefficient h.; has been computed to be 10.0 Btu/(hr)(ft2)(°F). By suitable 
calculation three different fluids, when circulated through the annulus. mil have film 
coefficients of 10.0, 20.0, and 200, respectively. Neglecting the resistance of the pipe, 
how does the value of the annulus coefficient affect the. value of the vverall coefficient? 

6.2. (a) For values of h; = 100 and ho = 500, what error results in the calculated 
value of U for a concentric-pipe }).eat-transfer apparatus havil'g a 2-in. IPS inner 
pipe when the metal resistance is obtained from R,. = Lm/k.r.A instead of (2.3/211'k.,) 

1 Colburn, A. P., Tram. AIChE, 29, 174:-210 (1933). 
'Sieder, E. N., and G. E. Tate, Ind. Eng. Ohem., 28, 1429-1436 (1936). 
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log D,jD1 and when the pipe resistance is omitted entirely. (b) What are the errorR 
when the coefficients are h; = 10 and h. = 50? 

6.3. Calculate the LMTD for counterflow in the following cases in which the hot 
:fluid is cooled from 200 to l00°F and the cold fluid, heated through an equal range in 
each case, is (a) 90 to 140°F, (b) 80 to 130°F, and (c) 60 to l10°F. Observe the nature 
of the deviation of the LMTD from the arithmetic means of the· two terminal differ­
ences in each case. 

6.4. A hot fluid is cooled from 245 to 225°F in each case. Compare the advantage 
of counterflow over parallel flow in the size of the LMTD when a cold fluid is to be 
heated from (a) 135 to 220°F, (b) 125 to 210°F, and (c) 50 to 135°F. 

5.6. 10,000 lbjhr of cold benzene is heated under pressure from 100°F by cooling 
9000 lb/hr of nitrobenzene at a temperature of 220°F. Heat transfer will occur in a 
ooncentric-pipe apparatus having a 1~-in. IPS inner pipe 240 ft long. Tests on 
similar equipment transferring heat between the same liquids indicates that a value of 
U = 120 based on the outside surface of the inner pipe may be expected. (a) What 
outlet temperatures may be expected in counterflow? (b) What outlet temperatures 
may be expected in parallel flow? (c) If part of the concentric pipe is removed leav­
ing only 160 lin ft, what outlet temperatures may be expected in counterflow? 

5.6. Benzene is to be heated in a concentric-pipe apparatus having a 1~-in. IPS 
inner pipe from 100 to 140°F by 8000 lb /hr of nitrobenzene ha:.:ing an initial temper­
ature of Iso•F. A value of U = 100 may be expected based on the outside surface of 
the pipe. How much cold benzene can be heated in 160 lin ft of concentric pipe (a) in 
counterflow, (b) in parallel flow? (Hint. Trial-and-error solution.) · 

5.7. Aniline is to be cooled from 200 to 150°F in a concentric-pipe apparatus having 
70ft' of external pipe surface by 8600 lb/hr of toluene entering at l00°F. A value of 
U = 75 may be anticipated. How much hot aniline can be cooled in counterflow? 

6.8. In a counterflow concentric-pipe apparatus a liquid is cooled from 250 to 
200°F by heating another from 100 to 225°F. The value of U,, at the cold terminal, 
is calculated to be 50.0 from the properties at the cold terminal, and U, at the hot 
terminal is calculated to be 60.0. At what fluid temperatures should U be computed 
to express the overall heat transfer for the entire apparatus? 

5.9. In a counterflow concentric-pipe apparatus a liquid is cooled from 250 to 150°F 
by heating another from 125 to 150°F. The value of U, at the cold terminal is 52 and 
at the hot terminal U 2 is 58. At what liquid temperatures should U for the overall 
transfer be computed? 

5.10. The calculation of the caloric temperatures can be accomplished directly by 
evaluating a' and b' in U = a'(l + b't) for a given temperature range. If the hot 
liquid in Prob. 5.8 always provides the controlling film coefficient, what are the 
numerical values of the constants a' and b'? 

5.11. A 40° APJ kerosene is cooled from 400 to 200°F by heating 34 o API crude oil 
from 100 to 200"F. Between what caloric temperatures is the heat transferred, and 
how do these deviate from the mean? 

5.12. A 35° API distillate used as a heating oil is cooled from 400 to 300°F by fresh 
35° API distillate heated from 200 to 300°F. Between what caloric temperatures ie 
the heat transferred, and how do these deviate from the mean? 

A 
a" 
a', b' 

NOMENCLATURE FOR CHAPTER 5 

Heat-transfer surface or outside surface of pipes, ftl 
External pipe surface per foot of length, ft 
Constants in the equation U = a'(l + b't) 



a,, b, 
(J 
c 
[) 

F, 
G 
h 
h;, h. 
h;, 

K, 
k 
L 
LMTD 
Q 
R 
'ZR 
r 
T 
T, 
T,, T. 
t 
t, 
t, 
t1J 
t,. 
t,, ~ 
At 
A!,, Atn 

A!; 
u 
U,, u. 
u,, u, 
u% 
w 
w 

Superscripts 

TEMPERATURE 

Constants 
Specific heat of hot tiuid in derivations, Btu/(1b)(°F) 
Specific heat of cold fluid, Btu/ (lb) (°F) 
Inside diameter of pipe, ft 
Caloric fraction, dimensionless 
Mass viiocity, lb / (hr) (ft') 
Heat-transfer coefficient, Btu/ (hr) (ft2) (°F) 
Inside and outside film coefficients, Btu/ (hr) (ft2) (°F) 
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h;A;j A, inside film coefficient referred to outside surface, Btu/ 
(hr)(ft')(°F) 

Caloric factor, dimensionless 
Thermal conductivity, Btu/ (hr) (ft•) (°F /ft) 
Length, ft 
Log mean temperature difference, °F 
Heat flow, Btujhr 
Ratio of wcjW(J = (Tt - T,)j(t2 - t1), dimensionless 
Overall resistance to heat flow, (hr)(ft2)(°F)/Btu 
Ratio of cold to hot terminal differences, dimensionless 
Temperature of the hot fluid, °F 
Caloric temperature of hot fluid, °F 
Hot-fluid inlet and outlet temperatures, respectively, °F 
Temperature of the cold fluid, °F 
Caloric temperature of cold fluid, °F 
Film temperature in Eqs. (5.33) and (5.34), °F 
Inside pipe-wall temperature, °F 
Outside pipe-wall temperature, °F 
Cold-fluid inlet and outlet temperatures, respectively, °F 
Temperature difference at a point or mean over an area, °F 
Temperature difference at the cold and hot terminals, respectively, 

OF 
Logarithmic mean of t, - t1 and t, - t2, °F 
Overall coefficient of heat transfer in general, Btu/ (hr) (ft2) (°F) 
Overall coefficient of heat transfer at cold and hot terminals, 

Btu/(hr) (ft') ("F) 
Value of U at t,, Btu/(hr)(ft'WF) 
Weight flow of hot fluid, lb/hr 
Weight flow of cold fluid, lb/hr 
Proportionality constant, dimensionless 
Viscosity at mean or caloric temperature, lb/(ft)(hr) 
VIScosity at the film and pipe-wall temperatures, respectively, 

lb/(ft)(hr) 

a, p, q, r', r", r111 Constants 

Subscripts (except as noted above) 

i 
0 

io 

Inside a pipe or tube 
Outside a pipe or tube 
Value based on inside of a pipe or tube referred to the outside of 

the tube. 



CHAPTER 6 

COUNTERFLOW: DOUBLE PIPE EXCHANGERS 

Definitions. Heat-transfer equipment is defined by the function it 
fulfills in a process. Exchangers recover heat between two process 
streams. Steam and cooling water are utilities and are not considered 
in the same sense as recoverable process streams. Heaters are used pri­
marily to heat process fluids, and steam is usually employed for this 
purpose, although in oil refineries hot recirculated oil serves the same 
purpose. Coolers are employed to cool process fluids, water being the 
main cooling medium. Condensers are coolers whose primary purpose 
is the removal of latent instead of sensible heat. The purpose of reboilers 
is to supply the heat requirements of a distillation process as latent heat. 
Evaporators are employed for the concentration of a solution by· the 
evaporation of water. If any other fluid is vaporized besides water, the 
unit is a vaporizer. 

Double Pipe Exchangers. For the derivations in Chap. 5, a concen­
tric-pipe heat-transfer apparatus was employed. The industrial counter-

FIG. 6.1. Double pipe exchanger. 

part of this apparatus is the double pipe exchanger shown in Fig. 6.1. 
The principal parts are two sets of concentric pipes, two connecting Tees, 
and a return head and a return bend. The inner pipe is supported within 
the outer pipe by packing glands, and the fluid enters the inner pipe 
through a threaded connection located outside the exchanger section 
proper. The Tees have nozzles or screwed connections attached to them 
to permit the entry and exit of the annulus fluid which crosses from one 
leg to the other through the return head. The two lengths of inner pipe 
are connected by a return bend which is usually exposed and does not 
provide effective heat-transfer surface. When arranged in t~o legs as in 
Fig. 6.1, the unit is a hairpin. · 
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The double pipe exchanger is extremely useful because it can be 
assembled in any pipe-fitting shop from standard parts and provides 
inexpensive heat-transfer surface. . 'fhe standard sizes of Tees and return 
heads are givep. in Table 6. L 

TABLE 6.1. · DouBLE PIPE ExcHANGER FITTINGs 

Outer pipe, IPS Inner pipe, IPS 
2 IX 
2~ IX 
3 2 
4 3 

Double pipe exchangers are usually assembled in 12-, 15-, or 20-ft 
effective lengths, the effective length being the distance in each leg over 
which heat transfer occurs and excludes inner pipe protruding beyond 
the exchanger section. When hairpins are employed in excess of 20 ft in 
length corresponding to 40 effective linear feet or more of double pipe, 
the inner pipe tends to sag arid touch the outer pipe, thereby causing a 
poor flow distribution in the annulus. The principal disadvantage to 
the use of double pipe exchangers lies in the small amount of heat-transfer 
surface contained in a single hairpin. When used with distillation equip­
ment on an industrial process a very large number are required. These 
require considerable space, and each double pipe exchanger introduces 
no fewer than 14 points at which leakage might occur. The time and 
expense required for dismantling and periodically cleaning are prohibitive 
compared with other types of equipment. However, the double pipe 
exchanger is of greatest use where the total required heat-transfer surface 
is small, 100 to 200 ft2 or less. 

Film Coefficients for Fluids in Pipes and Tubes. Equation (3.42) was 
obtained for heating several oils in a pipe based on the data of Morris and 
Whitman. Sieder and Tate1 made a later correlation of both heating 
and cooling a number of fluids, principally petroleum fractions, in hori­
zontal and vertical tubes and arrived at an equation for streamline flow 
where DG/J.t < 2100 in the form of Eq. (5.35). 

h~ = 1.86 [(~G) (c:) (~) r C:Y.14 = 1.86 (~ ~lY" (:,)0.14 (6.1) 

where Lis the total length of the heat-transfer path before mixing occurs. 
Equation (6.1) gave maximum mean deviations of approximately ± 12 
per cent from Re = 100 to Re = 2100 except f01; water. Beyond the 
transition range, the data may be extended to turbulent flow in the form 
of Eq. (5.36). 

k;D _ (DG)0·8 
(C!J.)~" (J)0·14 

- - 0.027 - - - (6.2) 
k 1-' k w 

1 Sieder, E. N., and G. E. Tate, Ind. Eng. Chem., 28, 1429-1436 (1936). 
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Equation (6.2) gave maximum mean deviations of approximately + 15 
and -10 per cent for the Reynolds numbers above 10,000. While Eqs. 
(6.1) and (6.2) were obtained for tubes, they will also be used indiscrimi­
nately for pipes. Pipes are rougher than tubes and produce more turbu­
lence for equal Reynolds numbers. Coefficients calculated from tube-data 
correlations are actually lower and safer than corresponding· calculations 
based on pipe data and there are no pipe correlations in the literature so 
extensive as tube correlations. Equations (6.1) and (6.2) are applicable 
for organic liquids, aqueous solutions, and gases. ·They are not conserva­
tive for water, and additional data for water will be given later. In 

l!: 
d 
!-
:tl:f .._.. 
~ 

\...-.; 

ejx 

~ 
II 

"' . ., 

Streamline 
flow 

Eq.(6.!) 

TrttnS· 
ifton [Turhulenf . flow 

regton £q. (6.Z). 

S!ope=as 

2100 
DG p: 

Fm.· 6.2. Tube-side heat-transfer curve. 

order to permit the graphical representation of both equations on a single 
pair of coordinates, refer to Fig. 6.2. Using the ordinate 

and the abscissa (DG/JJ-) only Eq. (6:2) can be shown. By using D/L or 
L/D as a parameter, Eq. (6.1) can also be included. The transition 
region joins the two. Working plots of Eqs. (6.1) and (6.2) are given in 
Fig. 24 of the Appendix together with a line of slope 0.14 to facilitate the 
solution of the ratio cf> = (JJ-/ JJ-w)0· 14• 

Fluids Flowing in Annuli: The Equivalent Diameter. When a fluid 
flows in a conduit having other than a circular cross section, such as an 
annulus, it is convenient to express heat-transfer coefficients and friction 
factors by the same types of equations and cur~es used for pipes and 
tubes. To permit this type of representation for annulus heat transfer 
it has been found advantageous to employ an equivalent diameter D •. 
The equivalent diameter is four times the hydraulic radius, and the 
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hydraulic radius is, in turn, the radius of a pipe equivalent to the annulus 
cross section. The hydraulic radius is obtained as the ratio of the flow 
area to the wetted perimeter. For a fluid flowing in an annulus as shown 
in Fig. 6.3 the flow area is evidently (ir/4)(D~ - DD but the wetted perim­
eters for heat transfer and pressure drops are different. For heat transfer 
the wetted perimeter is .the outer circumference of the inner pipe with 
diameter D1, and for heat transfer in annuli 

D. = 4r,. = 4 X flow area = 47r(m - DV = Di - D~ (6.3) 
wetted perimeter 4:n-Dl D1 

In pressure-drop calculations the friction not only results from the resist­
ance of the outer pipe but is also affected by the outer surface of the inner 
pipe. The total wetted perimeter is 1f"(D2 + D1), and for the pressure 
drop in annuli 

D'. = 4 X flow area = 47r(m - Di) = D _ D (6 4) 
• frictional wetted perimeter 47r(D2 + D1) 

2 1 
• 

This leads to the anomalous result that the Reynolds numbers for the 
same flow conditions, w, G, and p., are different for 
heat transfer and pressure drop since D. might 
be above 2100 whileD~ is below 2100. Actually 
both Reynolds numbers should be considered 
only approximations, since the sharp distinction 
between streamline and turbulent flow at the 
Reynolds number of 2100 is not completely valid 
in annuli. 

Film Coefficients for Fluids in Annuli. When Fxa. 6.3. Annulus diam­
the equivalent diameter from Eq. (6 .. 3) is substi- eters and location of coeffi-

cients. 
tuted forD, Fig: 24 in the Appendix may be con-
sidered a plot of D.Gjp. vs. (hJ).jk)(cp.jk)-Y.(J.L!JLw)-0•14• ho is the out­
side or annulus coefficient and is obtained in the same manner as h; by 
n:iult1plication of the ordinate. Even though D differs from D., ha is 
effective at the outside diameter of the inner pipe. In double pipe 
exchangers it is customary to use the outside surface of the-inner pipe 
as the reference surface in Q = UA l::..t, and since hi has been determined 
for A; and not A, it must be corrected. h; is based on the area correspond­
ing to the inside diameter where the surface per foot of length is 1r X ID. 
On the outside of the pipe the surface per foot of length is 11' X OD; and 
again letting h;o be the value of h; referred to the outside diameter, 

(6.5) 
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Fouling Factors. The overall coefficient of heat transfer required to 
fulfill the process conditions may be determined from the Fourier equa­
tion when the surface A is known and Q and b.t are calculated from the 
process conditions. Then U = Qj A b.t. If the surface is not known U 
can be obtained independently of the Fourier equation from the two film 
coefficients. Neglecting the pipe-wall resistance, 

1 1 1 
YJ = Rio + Ro = hio + ho 46.6) 

or 
u = h,.h. (6. 7) 

h..+ h. 
The locations of the coefficients and temperatures are shown in Fig. 6.3. 
When U has been obtained from values of h;. and h. and Q and b.t are 
calculated from the process conditions, the surface A required for the 
process can be computed. The calculation of A is known as design. 

When heat-transfer apparatus has been in service from some time, how­
ever, dirt and scale deposit on the inside and outside of the pipe, adding 
two more resistances than were included in the calculation of U by Eq. 

(6.6). The additional resistances reduce the 
original value of U, and the required amount 
of heat is no longer transferred by the original 

Inner surface A·, T 2 rises above and t2 falls below the 
pipe 

desired outlet temperatures, ~I though h, and h. 
remain substantially constant. To overcome 
this eventuality, it is customary in design­
ing equipment to anticipate the deposition of 

FIG. 6.4. Location of foul- dirt and scale by introducing a resistance Ra 
ing factors and heat-transfer called the dirt, scale, or -fouling -factor, or re.. 
coefficients. J' J' 

sistance. Let Rdi be the dirt factor for the 
inner pipe fluid at its inside diameter and Roo the dirt factor for the 
annulus fluid at the outside diameter of the inner pipe. These may be 
considered very thin for dirt but may be appreciably thick for scale, which 
has a higher thermal conductivity than dirt. The resistances are shown 
in Fig. 6.4. The value of U obtained in Eq. (6.7) only from 1/h.. and 
1/h. may be considered the clean overall coefficient designated by U o to 
show that dirt has not been taken into account. The coefficient which 
includes the dirt resistance is called the design or dirty overall coefficient U D· 

The value of A corresponding to U D rather than U o provides the basis 
on which equipment is ultimately built. The relationship between the 
two overall coefficients U c and U D is 

1 1 
UD = Uo + Rdi + Rao (6.8) 
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or setting 
Ra.;* + Ra.o = Rd (6.9) 

1 1 
(6.10) -=-· +Rd 

UD Ua 

Thus suppose that for a double pipe exchanger, h;. and h. have been 
computed to be 300 and 100 respectively, then 

1 1 1 -u = h-.- + h- = o.oo33 + om = o.o133, 
c ~() 0 

or Ua = 1/0.0133 = 75.0 Btu/(hr)(ft2)(°F). From experience, let us 
say, it has been found that a thermal dirt resistance of Ra.; = 0.001 
(hr)(ft2WF)/Btu will deposit annually inside the pipe and Ra..;·= 0.0015 
will deposit on the outside of the pipe. For what overall· coefficient 
should the surface be calculated so that the apparatus need be cleaned 
only once a year? Then Ril. == Ra; + Rao = 0.0025, and 

1 1 1 
U D = U a+ Ra. = 75.0 + 0.0025 = 0.0158 (hr)(ft2WF)/Btu 

or 

Un = 0.0~58 = 63.3 Btu/(hr)(ft2WF) 

The Fourier equation for surface. on which dirt will be deposited becomes 

Q = UDA.D..t (6.11) 

If it is desired to obtain A, then h;. and h. must first be calculated from 
equations such as Eq. (6.1) and (6.2) which are independent of the extent 
of the surface but dependent upon its form, such as the diameter and 
fluid flow area. With these, U a is obtained from Eq. (6.6) and U .n is 
obtained from Uc using Eq. (6.10). Sometimes, however, it is desirable 
to study the rates at which dirt accumulates on a known surface A. 
U c will remain constant if the scale or dirt deposit does not alter the 
mass velocity by constricting the fluid flow area. U D and At will obvi­
ously change as the dirt accumulates because the temperatures of the 
fluids will vary from the time the surface is freshly placed in service until 
it becomes fouled. If .D..t is calculated from observed temperatures instead 
of process temperatures then Eq. (6.11) may be used to determine Rd 

* ;A.ctually Ra; should be referred to the outside diameter as Raio == R;(A/A;). 
·When a cylinder is very thin compared with its diameter, as a layer of dirt, its resist­
ance is nearly the same as that through a flat wall. As shown by Eqs. (2.34) and 
{2.35), failure to correct to the 01.1tside will introduce a negligible error, \lSUally well 
below I per cent. For thick sc11,le, however,. the error may be appreciable. 
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for a given fouling period. Then from Eq. (6.10) 

Rd = ,__!__- __!_ 
UD De 

which can also be written 
Ra = Ua- UD 

UaUD 

(6.12) 

(6.13) 

When Rd (deposited) > Rd (allowed), as after a period of service, the 
apparatus no longer delivers a quantity of heat equal to the process 
requirements and must be cleaned. 

Numerical values of the dirt or fouling factors for a variety of process 
services are provided in Appendix Table 12. The tabulated fouling 
factors are intended to protect the exchanger from delivering less than 
the required process heat load for a period of about a year to a year and a 
ID.alf. Actually the purpose of the tabulated fouling factors should be 
considered from another point of view. In designing a process plant 
containing many heat exchangers but without alternate or spare pieces of 
heat-transfer equipment, the process must be discontinued and the equip­
ment cleaned as soon as the first exchanger becomes fouled. It is 
impractical to shut down every time one exchanger or another is fouled, 
and by using the tabulated fouling factors, it can be arranged so that all 
the exchangers in the process become dirty at the same time regardless 
of service. At that time all can be dismantled and cleaned during a single 
shutdown. The tabulated values may differ from those encountered by 
experience in particular services. If too frequent cleaning is necessary, a 
greater value of Rd should be kept in mind for future design. 

It is to be expected that heat-transfer equipment will transfer more 
heat than the process requirements when newly placed in service and 
that it will deteriorate through operation, as a result of dirt, until it just 
fulfills the process requirements. The calculation of the temperatures 
delivered initially by a clean exchanger whose surface has been designed 
for U » but which is operating without dirt and which is consequently 
oversurfaced is not difficult. Referring to Eqs. (5.18) and (5.19) use 
U a for U and the actual surface of the exchanger A (which is based on 
U»). This calculation is also useful in checking whether or not a clean 
exchanger will be able to deliver the process heat requirements when it 
becomes dirty. 

Pressure Drop in Pipes and Pipe Annuli. The pressure-drop allowance 
in an exchanger is the static fluid pressure which may be expended to 
drive the fluid through the exchanger. The pump selected for the circu­
lation of a process fluid is one which develops sufficient head at the 
desired capacity to overcome the frictional losses caused by connecting 
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piping, fittings, control regulators, and the pressure drop in the exchanger 
itself. To this head must be added the static pressure at the end of the 
line such as the elevation or pressure oj the ·final receiving vessel. Once a 
definite pressure drop allowance has been designated for an exchanger 
as a part of a pumping circuit, it should always be utilized as completely 
as possible in the exchanger, since it will otherwise be blown off or 
expanded through a pressure reducer. Since in Eq. (3.44) 

(nearly, since f varies somewhat with D.uG) 

and in Eq. (6.2) for turbulent flow 

h; 0: _G0.8 (nearly) 

the best use of available pressure is to increase the mass velocity which 
also increases hi and lessens the size and cost· of the apparatus. It 'is 
customary to allow a pressure drop of 5 to 10 psi for an exchanger or 
battery of exchangers fulfilling a single process service except where 
the flow is by gravity. For each pumped stream 10 psi is fairly standard. 
For gravity flow the allowable pressure drop is determined by the eleva­
tion. of the storage vessel above the final outlet z in feet of fluid. The 
feet of fluid may be converted to pounds per square inch by multiplying 
z by p/144. 

The pressure drop in pipes can be computed from the Fanning equation 
[Eq. (3.44)], using an appropriate value of f from Eq. (3.46) or Eq. 
(3.47b), depending upon the type of flow. For the pressure drop in 
fluids flowing in annuli, replace D in the Reynolds number by D~ to 
obtain f. The Fanning equation may then be modified to give 

!:J.F = 4fG2L (6.14) 
2gp2D~ 

Where several double pipe exchangers are connected in series, annulus to 
annulus and pipe to pipe as in Fig. 6.5, the length in Eq. (3.44) or (6.14) 
is the total for the entire path. 

The pressure drop computed by Eq. (3.44) or (6.14) does not include 
the pressure drop encountered when the fluid enters or leaves exchangers. 
For the inner pipes of double pipe exchangers connected in series, the 
entrance loss is usually negligible, but for annuli it may be significant. 
The allowance of a pressure drop of one velocity head, V 2 /2g', per hairpin 
will ordinarily suffice. Suppose water flows in an annulus with a mass 
velocit,y of 720,000 lb/(hr)(ft2). Since p = 62.5lb/ft8 (approximately), 

G 720,000 
V = 3600p = 3600 X 62.5 = 3·2 fps. 
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The pressure drop per hairpin will be 3.22/(2 X 32.2) = 0.159 ft of water 
or 0.07 psi. Unless the velocity is well above 3 fps, the entrance and 
exit losses may be neglected. Values of V 2 /2g' are plotted directly against 
the mass velocity for a fluid with a specific gravity of 1.0 in Fig. 27 in the 
Appendix. 

The Calculation of a Double Pipe Exchanger. All the equations 
developed previously will be combined to outline the solution of a double 
pipe exchanger. The calculation consists simply of computing h. and 
h;. to obtain U c. Allowing a reasonable fouling resistance, a value of U n 

is calculated from which the surface can be found with the use of the 
Fourier equation Q = UnA At. 

Usually the first problem is to determine which fluid should be placed 
in the annulus and which in the inner pipe. This is expedited by estab'­
lishing the relative sizes of the flow areas for both streams. For equal 
allowable pressure drops· on both the hot and cold streams, the decision 
rests in the arrangement producing the most nearly equal mass velocities 
and pressure drops. For the standard arrangements of double pipes the 
flow areas are given in Table 6.2. 

TABLE 6.2. FLow AREAs AND EcrnvALE:-<T DIAMETERS IN DouBLE PIPE ExcHANGF.R~ 

Flow area, in. 2 Annulus, in. 
Exchanger, IPS 

Annulus Pipe d. d' • 

2 XIX 1.19 1.50 0.915 0.40 

2~ X IX 2.63 1.50 2.02 0.81 

3 X2 2.93 3.35 1.57 0.69 

4 X 3. 3.14 7.38 1.14 0.53 

In the outline below, hot- and cold-fluid tempe~atures are represented 
by upper and lower case letters, respectively. All fluid properties are 
indicated by lower case letters to eliminate the requirement for new 
nomenclature. 

Process conditions required: 

Hot fluid: T1, T2, W, c, 8 or p, JL, k, t.P, Rdo orR,, 
Cold fluid: t1, t2, w, c, 8 or p, p,, k, t.P, Rd; or Rdo 

The diameter of the pipes must be given or assumed. 
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A convenient order of calculation follows: 

(1) From T 1, T2, t1, t2 check the heat balance, Q, using cat Tmean and tm-.. 

Q = WC(Tt - T2) = wc(tz - t1) 

Radiation losses from the exchanger are usually insignificant compared 
with the heat load transferred in the exchanger. 

(2) LMTD, assuming counterflow. (5.14) 
(3) T. and t.: If the liquid is neither a petroleum fraction nor a hydro­

carbon the caloric temperatures cannot be determined through the 
use of Fig. 17 and Eqs. (5.28) and (5.29). Instead, the calculation 
of U a must be Mrformed for the hot and cold terminals giving U" 
and U. from which one may obtain K.. F. is -then gotten from 
Fig. 17 or Eq. (5.27). H neither of the liquids is very viscous at the 
cold terminal, say not more than 1.0 centipoise, if the temperature 
ranges do not exceed 50 to 100°F, and if the temperature difference is 
less than 50°F, the arithmetic means of T 1 and Tz and t1 and t2 may 
be used in place of T. and t. for evaluating the physical properties. 
For nonviscous fluids q, = (r4JLw) 0•14 may be taken as 1.0 as assumed 
below. 

Inner pipe: 

(4) Flow area, ap = 'II'D2/4, ft2. 
(5) Mass velocity, G11 = wja11, lb/(hr)(ft2). 

(6) Obtain p, at T. ortc depending upon which flows through the inner 
pipe. It, lb/(ft)(hr) = centipoise X 2.42. 
From D ft, G11 lb/(hr)(ft2), p, lb/(ft)(hr) obtain the Reynolds num­
ber, Re11 = DG11/ p,. 

(7) From Fig. 24 in which jn = (h,D/k)(cJ.I/k)-~(J.£/~tw)-0• 14 vs. DG11/p. 
obtainjn. 

(8) From c Btu/(lbWF), J.L lb/(ft)(hr), k Btu/(hr)(ft2WF/ft), all 
obtained at T. or t. compute (cp,/k)~. 

(9) To obtain h; multiply jH by (lcjD)(cp,jk)~ (q, = 1.0) or 

hJ) ( )-~ 1} )-0.14 k ( )~ T c: \l D c; X 1.0 =hi Btu/(hr)(ft2WF) (6.15a) -

(10} Convert h; to h;o; h;o = h;(A;/A) = h; X ID/OD. (6.5) 

Annulus: 

(41) Flow area, aa = 'll'(Di - Di)/4, ft2 

·E · 1 d' D 4 X flow area Da - Di qmva ent 1ameter • = tt d . te = D we e penme r 1 
ft (6.3) 
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(6') Mass velocity, Ga = w/aa, lb/(hr)(ft2) 
(6') Obtain JL at T. or tc, lb/(ft)(hr) = centipoise X 2.42. From D. ft, 

Ga lb/(hr)(ft2), JL lb/(ft)(hr) obtain the Reynolds number, 

Rea= D.Ga 
JL 

(7') From Fig. 24 in which j" = (hoD./k)(cJL!k)-Y.(JL/JLw)-0•14 vs. D.Ga/J.L 
obtain jlf. 

(8') From c, JL, and k, all obtained at Tc or tc compute (cJL/k)~'. 
(9') To obtain ho multiply jH by (k/D.)(cp.fk)Y. (cf> = 1.0) or 

haDe(~)-!" ( J.l.)-o.r4 
}:__ (c~)Y3 X 1.0 = ho Btu/(hr)(ft2WF) (6.15b) 

k k \;,.. D. k 

Overall coefficients: 

(11) Compute U a = h;oho/(h;o + ho), Btu/(hr)(ft2WF). (6.7) 
(12) Compute UD from 1/UD = 1/Ua +Rd. (6.10) 
(13) Compute A from Q = U llA ilt which may be translated into length. 

If the length should not correspond to an integral number of hair­
pins, a change in the dirt factor will result. The recalculated dirt 
factor should equal or exceed the required dirt factor by using the 
next larger integral number of hairpins. 

Calculation of AP. This requires a knowledge of the total length of 
path satisfying the heat-transfer requirements. 

Inner pipe: 

(1) For Rep in (6) above obtain f from Eq. (3.46) or (3.47b). 
(2) t.F'p = 4fG2L/2gp2D, ft. 

AFpp/144 = APp, psi. 

Annulus: 

(1') Ob . D' 4"~~"Cm - DV (D D ) tam • = 47r(D2 + Dl) = 2 -. 1 • 

Compute the frictional Reynolds number, Re~ = D~Ga/ p.. 

obtain/from Eq. (3.46) or (3.47b). ' 
(2') t.F'a = 4fG2L/2gp2D~, ft. 
(3') Entrance and exit· losses, one velocity head per hairpin: 

AFz = ~; ft/hairpin 

(AF, + AF!)p/144 = APa, psi. 

(3.45) 

(6.4) . 

For Re~ 

(6.14) 

There is an advantage if both fluids are computed side by side, and the 
use of the outline in this manner will be demonstrated in Example 6.1. 
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Example 6.1. Double Pipe Benzene-Toluene Exchanger. It is desired to heat 
9820 lb /hr of cold benzene from 80 to 120•F using hot toluene which is cooled from 
160 to 100•F. The specific gravities at 68°F are 0.88 and 0.87, respectively. The 
other fluid properties will be found in the Appendix. A fouling factor of 0.001 should 
be provided for each stream, and the allowable pressure drop on each stream is 10.0 psi. 

A number of 20-ft hairpins of.2- by 1~-in. IPS pipe are available. How many 
hairpins are required? 

Solution: 

(1) Heat balance: 
80 + 120 Benzene, t..v = 2 = 1oo•F c = 0.425 Btu/(lb)(°F) (Fig. 2) 

Q = 9820 X 0.425(120 - 80) = 167,000 Btu/hr 
160 + 100 Toluene, Tav = 

2 
= 130°F c = 0.44 Btu/(lb)(°F) (Fig. 2) 

167,000 w = 0.44(160 - 100) = 6330 lb/hr 

(2) LMTD, (see the method of Chap. 3): 

Hot fluid Cold fluid Diff. 

160 Higher temp 

I 
120 40 

100 Lower temp 80 20 
20 

LMTD = At, - Ah 20 28 8°F 
· 2.3.log At,j Att 2.3 log 4% 0 = · 

(5.14) 

.(8) Caloric temperatures: A check of both streams will show that neither is viscous 
at the cold terminal (the viscosities less than 1 centipoise) and the temperature 
ranges and temperature difference are moderate. The coefficients may accord­
ingly be evaluated from properties at the arithmetic mean, and the value of 
(p.f,..,.)o.u may be assumed equal to 1.0. 

Tav = ~(160 + 100) = 130°F lav = % (120 + 80) = 100°F 

Proceed now to the inner pipe. A check of Table 6.2 indicates that the flow area 
of the inner pipe is greater than that of the annulus. Place the larger stream, benzene 
in the inner pipe. 

Hot fluid: annulus, toluene 
(4') Flow area, 
D, = 2.067/12 = 0.1725 ft 
Dt = 1.66/12 = 0.138 ft 
a. = ,.(D~ - DD/4 

= ,.(0.17252 - 0.1382)/4 = 0.00826 ft• 
Equiv diam, D. = (D~ - DD /Dt ft 

. [Eq (6.3)] 
D, = (0.17252 - 0.1382)/0.138 

= 0.0762 ft 

Cold fluid: inner pipe, benzene 
(4) D = 1.38/12 = 0.115 ft 
Flow area, ap = ,.D•/4 

= ,. X 0.1152/4 = 0.0104 ft' 
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Hot fl1f-id: annulus, toluene 
(6') Mass vel, Ga = W laG 

= 6330/0.00826 = 767,000 lb/(hr)(ft 2) 

(6') At 130°F, p. = 0.41 ep [Fig. 14] 
= 0.41 X 2.42 = 0.99 lb/{ft)(hr) 

Reynolds no., Re. = D,Ga 
Jl. 

= 0.0762 X 767,000/0.99 = 59,000 

(7') in = 167 [Fig. 24) 
(8') At 130°F, c = 0.44 Btn/(lb)(°F) 

[Fig. 2) 
k = 0.085 Btu/(hr)(ft2)("F/ft) [Table 4] 

(~)l> = (0.44 X 0.99)H = 1 725 k 0.085 . 

(9') h. = }H ~. (t)% (;:,.ru 
[Eq. (6.15b)] 

0.085 
= 167 X 0.0762 X 1.725 X 1.0 

= .323 Btu/(hr)(ft•)(°F) 

(11) Clean overall coefficient, U c: 

Cold fl·uid: inner pipe, benzene 
(5) Mass vel, GP = w/ap 

= 9820/0.0104 = 943,000 lb/(hr)(ft2) 
(6) At wo•F, p. = 0.50 cp [Fig. 14] 

= 0.50 X 2.42 = 1.21lb/(ft)(hr) 
DG Reynolds no., Rep = _P 

p. 

= 0.115 X 943,000/1.21 = 89,500 

(7) iii = 236 [Fig. 24] 
(8) At 100°F, c = 0.425 Btu/0b)(°F) 

[Fig. 2} 
k = 0.091 Btu/(hr) (ft 2)(°F /ft) [Table 4] 

(~)!-i = (0.425 X 1.2l)li = l 78 k 0.091 . 

(9) h . . . k (c")% ( Jl. )"·" ;=JH-- -
D k Jl.., 

[Eq. (6.15a)] 
0.091 

= 236 X O.ll5 X 1.78 X 1.0 

= 333 Btu/(hr)(ft2)(°F) 
(10) Correct h; to the surface at the OD 

ID 
h;. = h; X OD [Eq. (6.5)] 

= 333 X 1.38 
= 276 

1.66 
Now proceed to the annulus. 

Uc = ~ = 276 
X 

323 = 149 Btu/(hr)(ft2)(°F) 
h;. + h. 276 + 323 

(6.7) 

(12) Design overall coefficient, U D: 

...!... =...!... + Ra 
UD Uc · 
Rd = 0.002 (required by problem) 
1 1 

UD = 149 + 0·002 

U D = 115 Btu/(hr)(ft2WF) 

Summary 

323 I h outside .1~ 
Ua 149 

UD 115 

(13) Required ilurface: 
Q 

Q =' u DA At .4 = u D At 

Surf - 167,000 = 50 5 ft• 
ace - lUi X 28.8 · 

(6.10) 
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From Table 11 for Ho:J:-in. IPS standard pipe there are 0.435 ft2 of external surface 
per foot length. 

Required length =:.~a~ = 116lin ft 

This may be fulfilled by connecting three 20-ft hairpins in series. 

(14) The surface supplied will actually be 120 X 0.435 = 52.2 ft2. The dirt factor 
will accordingly be greater than required. The actual design coefficient is 

uD = 52~tx~.8 = 111 Btu/(hr)(ft'WFJ 

Ua- UD 149- 111 2 o 
Rd = VaUD = 149 X 111 = 0.0023 (hr)(ft )(F)/Btu (6.13) 

Pressure Drop 

(1') D; for pressure drop differs from D, (1) For Rep = 89,500 in (6) above 
for heat transfer. 0.264 
D; = (D, _ D1) [Eq. (6.4) f = 0.0035 + (DG/p.)"· 42 [Eq. (3.47b)] 

= (0.1725 - 0.138) = 0.0345 ft 0.264 
Re' = D;Ga = 0.0035 + 89,500"·4' = 0.0057 

• p. s = 0.88, p = 62.5 X 0.88 = 55.0 
= 0.0345 X 767,000/0.99 = 26,800 [Table 6) 

I = 0.0035 + 26°8~~. 4, = 0.0071 (2) t::.F., = 
4

fG'f,L 
, 2gp2D 

[Eq. (3.47b)) 4 X 0.0057 X 943,0002 X 120 
s = 0.87, p = 62.5 X 0.87 = 54.3 = 2 X 4.18 X 108 X 55.02 X 0.115 

[~k~ =Uft 

(2') A"' 4fG!L A D 8.3 X 55.0 3 2 . 
t.ll'a == 2 •D' ~P = 144 = · psl 

UP , 
4 X 0.0071 X 767,0002 X 120 Allowable t:.Pp == 10.0 psi 

== 2 X 4.18 X 108 X 54.3' X 0.0345 
== 23.5 ft 

·(S') V - G - 767,000 -3 92f 
· - 3600p - 3600 X 54.3 - . ps 

(V') · 3.922 
F1 = 3 2g, = 3 X 2 X 32_2 = 0. 7 ft 

tJ> - (23.5 + 0.7)54.3 - 9 2 . 
··- 144 - · psi 

Allowable t:.P a == 10.0 psi 

A check of U1o and U." gives 161 and 138, respectively, and K, = 0.17. From 
Fig. 17 for At./Ath = 2%o == 0.5, F.= 0.43, whereas in the solution. above the arith­
metic mean temperatures were used. The . arithmetic mean assumes F, = 0.50. 
However, since the ranges are small for both fluids, the error is too small to be sig­
nificant. If the ranges of the :fluids or their viscosities were large, the error might be 
considerable for F c =· 0.43. 

Double Pipe Exchangers in Series.-parallel Arrangements. Referring 
to Example 6.1, it is seen that a calculated pressure drop of 9.2 psi is 
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obtained against an allowable pressure drop of 10.0 psi. Suppose, how­
ever, that the calculated pressure drop were 15 or 20 psi and exceeded the 
available head. How then might the heat load be transferred with the 
available pressure head? One possibility is the use of a by-pass so that 
only three-quarters or two-thirds of the fluid flows through the exchanger 
and the remainder through the by-pass. This does not provide an ideal 
solution, since the reduced flow causes several unfavorable changes in the 
design. (1) The reduced flow through the exchanger reduces the mass 
velocity Ga and the film coefficient h.. Since both of the coefficients are 
nearly alike, 323 vs. 276, any sizable reduction in Ga alone decr(lases U c 
by nearly G~·s. (2) If less liquid circulates through the annulus, it has 
to be cooled over a longer range than from 160 to W0°F so that, upon 

T, t2 

.---,-----1'""! J 
n 

~ t 
Tz t, 

~ 
w,c;fz t,,w,c 

}'IG. 0.5. Double pipe exchangers in series. FIG. 6.6. Series-parallel arrangement. 

mixing with the by-pass fluid, the process outlet temperature of W0°F 
results. As an example, the portion circulating through the annulus 
might have to be cooled over the range from 160 to 85°F depending upon 
the percentage by-passed. The outlet temperature of 85°F is closer to 
the inner pipe inlet of 80°F than originally, and the. new cold-terminal 
difference .ilt1 of only 5°F greatly decreases the LMTD. The two effects, 
decreased U c and LMTD, increase th~ required number of hairpins 
greatly even though the heat load is constant. Reversing the location 
of the streams by placing the benzene in the annulus does not provide a 
solution in this case, since the benzene stream is larger than the toluene 
stream. The possibility of reversing the location of the streams should 
always be examined . first whenever the allowable pressure drop cannot 
be met. 

A solution is still possible, however, even when all the above have 
failed. When . two double pipe exchangers are connected in series, the 
arrangement is shown in Fig. 6.5. Suppose that the stream which is too 
large to be accommodated in several exchangers in series is divided in half 
and each half traverses. but one exchanger through the inner pipes in 
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Fig. 6.6. Dividing a stream in half while keeping the flow area constant 
produces about one-eighth of the series pressure drop, since G and L will 
be half and the product of G2L in Eq. (6.14) will be one-eighth. While 
the film coefficient will also be reduced, the unfavorable temperature 
difference of by-passing can be circumvented .. Where there is a substan­
tial unbalance between the weight flow of the two streams because one 
operates over a long range and the other over a very short range, the large 
stream may be divided in three, four, or more parallel streams. In larger 
services each parallel stream may also flow through several exchangers 
in series in each parallel bank. The term "parallel streams" should not 
be confused with "parallel flow." The former refers to the division of 
the ·flow of one fluid, whiie the latter refers to the direction of flow 
between two fluids. 

The True Temperature Difference for Series-parallel Arrangements. 
The LMTD calculated from T1, T2, t1, and t2 for the series arrangement 
will not be the same for a series-parallel arrangement. Half of the pipe 
fluid enters the upper exchanger II in Fig. 6.6 where the annulus fluid is 
hot, and half enters the lower exchanger I in which the annulus fluid has 
already been partially cooled. While exchangers in series do not transfer 
equal quantities of heat, the series-parallel relationship is even more 
adverse, the lower exchanger accounting for relatively less of ·the total 
heat transfer. If the true temperature difference is called t1t, it will not 
be id!')ntical with the LMTD for the process conditions although both of 
the exchangers operate. in counterflow. 

Consider the two exchangers in Fig. 6.6 designated by I and II. The 
intermediate temperature is T, and the outlets of the parallel streams are 
designated by t¥ and t~. Their mixed temperature is t2. 

For exchanger I, containing half the surface, 

Q. = WC(T -· T2) = ~A X LMTDr {6.16) 

and 
_ (T - tD - (T2 - t1) 

LMTD1 
- In (T - tD/CT2 - t1) 

Substituting in Eq. (6.16), 

UA (T- .T2) I T - t~ 
2WC - (T - ti) - (T2 - t1) n T2 - t1 

~arranging, 

UA = (T - T2) ln (T- tD 
2WC (T - T2) - (t~ - h) (T2 - t1) 

1 IT-t~ 
1 - (t~ - t1)/(T - T2) n T2 - t~ 

{6.17) 

(6.18) 
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Let 
Ri = (T - T2) = we 

(t~- t1) 2WC 

UA = ~ln T-t~ 
2WC R1 

- 1 T2 - tl 

Similarly for exchanger II 
UA . 

Qu = WC(T1 - T) = 2 X LMTDn 

_ (T1 - 1~1 ) - (T - t1) 
LMTDu - ln (T1 - t~1)/(T - t1) · 

Let 
RII = Tl- T = ~ 

t~1 - l1 2WC 
UA RII Tl - t~1 

2WC = R 11 - 1 ln T - t1 

Since c and C were assumed constant, 

Let 

Similarly let 

we 
R1 = RII = R' = --

2WC 

(6.19) 

(6.20) 

(6.21) 

(6.22) 

(6.23) 

R' and S are ratios which recur frequently in obtaining the true tempera­
ture difference t:.t from the LMTD. S is the ratio of the cold fluid range 
to the maximum temperature span, the latter being the difference between 
both inlet temperatures, T1 and t1. 

But 
M11 = R'SX1 

1 _ sr = T - t~ = T - t1 _ t~ - t1 
T - t1 T - it T - it 
T-t~ 1-SX 

T2 - tl = 1 - R'S1 

and from Eq. (6.19) 

UA R' 1-81 

2WC = R'- 1 ln 1 - R'S1 (6.24) 

and from Eq. (6.22) 

UA R' 1- su 
2WC = R' -1 111 1- R'Su (6.25) 
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and equating Eqs. (6.24) and (6.25), 

1-BI 1-Su 
1 - R' 81 = 1 - R' su 

Therefore 

Adding Eqs. (6.24) and (6.25), 

119 

U A 2R' 1 - SI 2R' T - t! 
WC = R' - lln 1 - R'St = R' ;__ lln T2 - t1 (

6·26) 

in which T is the only unknown, and since MI = MI1
, 

Tt- T T- T2 
Tt- tr = T- li 

T 2 - 2ttT + t1(T1 + T2) - T1T2 = 0 

Equation (6.27) is a quadratic whose solution is 

T = 2t1 ± v'4ti- 4h[{Tt + T2) - 4TtT2] 
2 

(6.27) 

= it± V(Tt - h)(T2- it) (6.28) 

The minus sign applies when the heating medium is in the pipes. · The 
plus sign applies when the cooling medium is in the pipes. 

Substituting for T in Eq. (6.26), 

UA = 
1
2R' In [(R'- l)(T

1

t- h)+ y'(Tt- t1)(T2- tt)] 
We R - 1 R y'(Tt- tt)(T2- h) 

= R;~ 1 In [ (R'R-; 1) (~:: !)~ + ~~] (6.29) 

bot is the single value for the entire series-parallel arrangement; thus 

(6.30) 

(6.31) 

It is convenient in this derivation to employ a definition for the true 
temperature difference in terms of the maximum temperature span 
Tt- t1: 

.6.t = 'Y(Tt - h) 

Equating (6.31) and (6.32), 

we 
UA (Tt- T2) = 'Y(Tt- tt) 

We(Tt- T2) 
'Y = . 

UA(Tt- h) 

(6.32) 
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Since M = (T1 - T2)j(T1 - h), define P' = (T2 - h)/(Tl - h) and 
UA/WC = Mh; then 

P' + M = 1 

Substituting in Eq. (6.29), 

or M = 1-P' 

U A 2R' [(R' - 1) ( 1 )l-2 1 ] 
WC = R'- 1ln -w P' + R' 

or 

1 - P' ( R' ) [(R' - 1) ( 1 )}' 1 ] 
--'Y- = 2 R' - 1 ln· . ~ P' + R' 

(6.33) 

(6.34) 

If developed in a generalized manner it Gan be shown that, for one series 
hot stream and n parallel cold streams, Eq. (6~34) becomes 

1 - P' nR' [ (R' - 1) ( 1 ) 11
" 1 ] 

-'Y- = 2.3 R' - 1 log ~ P' + R' (6.35a) 

where 

For one series cold stream and n parallel hot streams, 

1 - P" [ ( 1 )l/n ] 
'Y = 2.3 1 _:: R" log (1 - R") P" + R" (6.35b) 

where 

and 

Example 6.2. Calculation of the True Temperature Difference. A bank of double 
pipe exchangers operates with the hot fluid in series from· 300 to 200°F and the cold 
fluid in six parallel streams from 190 to 220°F, What is the true temperature differ­
ence !:J.t'l 

P' = T 2 - tt = 200 - 190 = 0 091 T1 - t1 300 - 190 . . 
I Tl - T. 300 - 200 

R = n(t, - t1) = 6(220 - 190) = 0·558 

Substituting in Eq. (6.35a) and solving, 'Y = 0.242. 

At = 0.242(300 - 190) = 26.6°1!' (6.32) 

The LMTD would be 33. 7°F, and an error of 27 per cent would he introduced by 
its use. 

Exchangers with a Viscosity Correction, rf>. For heating or cooling 
fluids, the use of Fig. 24 with an assumed value of (p./p.w) 0•14 = 1.0 also 
assumes a negligible deviation of fluid properties from isothermal flow. 
For nonvi~cous fluids the deviation from isothermal flow during heating 
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or cooling does not introduce an appreciable error in the calculation of 
the heat-transfer coefficient. When the pipe-wall temperature differs 
appreciably from the caloric temperature of the controlling fluid and the 
controlling fluid is viscous, the actual value of cp = (f.l/ ji.w) 0•14 ro:ust be 
taken jnto account. To include the' correction, tw may be determined 
by Eq. (5.31) or by (5.32) from uncorrected values of ho/cfJrr. and hio/cPp, 
which are then corrected accordingly by multiplication by c/Ja and cfJp 

respectively. The corrected coefficients where cfJ ....= 1.0 are 

ho =(!:)~a (6.36) 

' (h··) t!;u = cpp cpp (6.37) 

Similarly for two resistances in series .employing the viscosity corrections 
for deviation from the isothermal the clean overall coefficient is again 

(6.38) 

Example 6.3. Double Pipe Lube Oil-Crude Oil Exchanger. 6,900 lb/hr of a 
26°API lube oil must be cooled from 4:50 to 350°Fby 72,500 lb/hr of 34°API mid-conti­
nent crude oil. The crude oil.will be heated from 300 to 310°F. 

A fouling factor of 0.003 should be provided for each stream, and the allowable 
pressure drop on each stream will be 10 psi. 

A number <if 20-ft hairpins of 3- by 2-in. IPS pipe are available. How many must 
be used, and how shaJl they be arranged? The viscosity of the crude oil may be 
obtained from Fig. 14. For the lube oil, viscosities are 1.4 centipoises at 500•F, 3.0 
at 400•F, and.7.7 at 300°F. These viscosities are great enough to introduce an error if 
(p.fll-.,) 0'14 = 1 is assumed. 

Solution: 

(1) Heat Balance: 
Lube oil, Q = 6900 X 0.62(450 - 350) = 427,000 Btu/hi" 
Crude oil, Q = 72,500 X 0.585(310 - 300) = 427,000 Btu/hr 

(2) llt: 
Hot Fluid CQld Fluid Diff. 

450 Higher temp 310 140 

350 Lower temp 300 50 ll.t, 

I 90 t.t. - ll.t, 

It will be impossible to put the 72,500 lb/hr of crude into a single pipe or annulus, 
since the .flow area of each is too small. Assume, as a trial, that it will be employed in 
two parallel streams. 

(6.35a) 
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(3) Caloric temperatures: 
At. 50 
Ath = 140 = 0.357 Kc = 0.43 F. = 0.395 

T. = 350 X 0.395(450 - 350) = 389.5°F 
t. = 300 X 0.395(310 - 300) = 304°F 

(Fig. 17) 

(5.28) 
(5.29) 

Proceed now to the inner pipe. 

Hot fluid: annulus, lube oil Cold fluid: inner pipe, crude oil 
(4/) Flow area, D 2 = 3.068/12 = 0.256 ft 
D 1 = 2.38/12 = 0.199 ft 

(4) Flow area, D = 2.067/12 = 0.172 ft 
Up= .... D2/4 

a. = .... (D; - Di)/4 =,... X 0.1722/4 = 0.0233 ft2 
= ,...(0.2562 - 0.1992)/4 = 0.0206 ft2 

Equiv diam, D, = (D;- Di)/D• 
Since two parallel streams have been as­
sumed, w/2lbjhr will flow in each pipe. 

[Eq. (6.3)] 
= (0;2562 - 0.1992)/0.199 = 0.13 ft 

(6') Mass vel, G. = W /a4 

= 6900/0.0206 = 335,000 lb/(hr)(ft2) 

(6') At 389.5°F, I' = 3.0 cp 
= 3.0 X 2.42 = 7.25lb/(ft)(hr) 

[Fig. 14] 

(6) Mass vel, GP = w/ap 
72,500 

2 X 0.0233 
= 1,560,0oo lb/(hr)(ft2) 

(6) At 304°F, I' = 0.83 cp 
= 0.83 X 2.42 = 2.01lb/(ft)(hr) 

[Fig. 14] 
Re. = D,G./1' [Eq. (3.6)] Rep = DGp/1' 

= 0.13 X 335,000/7.25 = 6,000 = 0.172 X 1,560,000/2.01 = 133,500 
If only 2 hairpins in series are required, 
LID will be 2 X 40/0.13 = 614. Use 
LID= 600. 
(7') jH = 20.5 [Fig. 24] (7) iJr = 320 [Fig. 24] 
(8') At Tc = 389.5°F, c = 0.615 Btu/ (8) At tc = 304°F, c = 0.585 Btu/(lb)(°F) 

(lb) (°F) [Fig. 4] [Fig. 4] 
k = 0.067 Btu/(hr)(ft2)(°F/ft) [Fig. 1] k = 0.073 Btu/(hr)(ft2)(°F/ft) [Fig. 1] 

(~)l-3 = (0.615 X 7.25)l-3 = 4 05 (~)l-3 = (0.585 X 2.01)l-3 = 2 52 k 0.067 . k 0.073 . 

(9') ho =jHi-.(9£)).3<1>• (Eq. (6.15)] (9) h; =jH~(9f)l-3</>p [Eq. (6.15a)] 

h. 20.5 X 0.067 X 4.05 h; 320 X 0.073 X 2.52 
"'· 0.13 ¢;, = 0.172 

= 42.7 Btu/(hr)(ft2)(°F) · = 342 Btu/(hr)(ft')("F) 

t., = t. + h.jq,. (Tc - t.) (10) h,. = h; X ID 
h;.jq,p + h.jq,. </>p </>p OD 

[Eq. (5.31)] = 342 X 2.067/2.38 = 297 

304 42.7 (389 5 304) Now proceed from (4') to (9') to obtain t.,. 
= + 297 + 42.7 . - ~-'"' = 0.77 X 2.42 = 1.86 [Fig. 14] 

= 314°F </>p = (1'/~)•·u 
"'"' = 6.6 X 2.42 = 16.0 lb/(ft)(hr) = (2.01/1.86)•·u = 1.0 nearly 

[Fig. 14] [Fig. 24] 

h h;o E 
[Fig. 24] io = </>p </>p [ q. (6.37)] 

</>a = (1'/1',.) 0•14 

= (7.25/16.0) 0•14 = 0.90 

[Eq. (6.36)] = 297 X 1.0 = 297 L ho 
1'-o =- c/>o 

"'· ~ 42.7 X 0.90 = 38.4 
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(ll) Clean overall coefficient, Uc: 

Uc = h;~~\. = ;~~ ~ :::: = 34.0 Btu/(hr)(ft2}("1!') (6.38) 

(12) Design overall coefficient, U D: 

_.!_=_.!_+Rei 
VD Uc 
R .. = 0.003 + 0.003 = 0.006 (hr)(ft2WF)/Btu 
Uv = 28.2 

Summary 

38.4 I h outside~~ 
Uc 34.0 

Un 28.2 

(13) Surface: 

A - _!L_ = 427,000 - 173 ft• 
- UDAt 28.2 X 87.5-

External surface/lfn ft, a" = 0.622 ft 

Required Ien~th = <f.::2 = 278 lin ft 

(6.10) 

(Table 11) 

This is equivalent to more than six 20-ft hairpins or 240 lin feet. Since two parallel 
streams are employed, use eight hairpins or 320 lin. feet .. The hairpins should have 
the annuli connected in series and. the tubes in two parallel banks of four exchangers. 

The corrected UD will be UD = Q/A At= 427,000/320 X 0.622 X 87.5 = 24.5. 
ThecorrecteddirtfactorwillbeR .. = 1/UD -1/Uo = 1/24.5-1/34.0 = 0.0114. 

Pressure Drop 

(1') D; = (D2 - D 1) [Eq. (6.4)] (1) For Re, = 133,500 in (6) above 
= (0.256 - o.198) = o.o58 ft 

1 
= 0 00. 35 + o.264 = 0 005375 Re; = D~Ga/ p. • 133,500°·" . 

= 0.058 X 335,000/7.25 = 2680 [Eq. (3.47b)] 
0.264 s .= 0.76, P = 62.5 X 0.76 = 47.5 

f = 0.0035 + 2680o.u = 0.0132 [Fig. 6] 
[Eq. (3.47b)] Halves of the tube fluid will flow through 

s = 0.775, p = 62.5 X 0.775 = 48.4 only four exchangers. 
[Fig. 6] 

(2') AF = 4fG!Lu 
u 2gp2D: 
4 X 0.0132 X 335,0002 X 320 

"" 2 X 4.18 X 108 X 48.42 X 0.058 
= 16.7 ft 

(a') V G. 335,000 1 9 f = 3600p "" 3600 X 48.4 = · ps 

AF1 = 8 (~~) = 8 ( 2 ~-~;.2) = 0.45 ft 

t.P _ (16.7 + 0.45) X 48.4 _ 5 S . 
0 - . 144 - • pSI 

Allowable AP. = 10.0 psi 

(2) t.F = 4fG!L" 
" 2gp•D 

4 X 0.005375 X 1,560,0002 X 160 
= 2 X 4.18 X 108 X 47.52 X 0.172 

= 25.7 ft 
AD - 25.7 X 47.5 - 8 5 . ... , - 144 . - . psi 

Allowable AP" = 10.0 psi 
If the flow had not been divided, the pr<'s­
sure drop would be nearly eight times as 
great, or about 60 psi .. 
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PROBLEMS 

6.1. What is the fouling factor when (a) Uc = 30 and U D = 20, (b) Uc =·60 and 
U D = 50, and (e) U c = 110 and U D = 100? Which do you consider reasonable to 
specify between two moderately clean streams? 

6.2. A double pipe exchanger was oversized because no data were available on the 
rate at which dirt accumulated. The exchanger was originally designed to cool 
13,000 lb/hr of 100 per cent acetic acid from 250 to 150°F by heating 19,000 lb/hr of 
butyl alcohol from 100 to 157°F. A design coefficient U D = 85 was employed, but 
during initial operation a hot-liquid outlet temperature -of n7•F was obtained. It· 
rose during operation at the average rate of 3°F per month. What dirt factor should 
have been specified for a 6-month cleaning cycle? 

6.3. 0-xylcne coming from storage at 100°F is to be heated to 150•F by cooling 
18,000 lb/hr of butyl alcohol from 170 to 140•F. Available for the purpose are five 
20-ft hairpin double pipe exchangers with annuli and pipes each connected in series. 
The exchangers are 3- by 2-in. IPS. What is (a) the dirt factor, (b) the pressure drops? 
(c) If the hot and cold streams in (a) are reversed with respect to the annulus and inner 
pipe, how does this justify or refute your initial decision whereto place the hot stream? 

·6.4. 10,000 lb /hr of 57° API gasoline is cooled from 150 to 130"F by heating 42° API 
kerosene from 70 to 100°F. Pressure drops of 10 psi are allowable with a minimum 
dirt factor of 0.004. (a) How many 272- by H;i-in. IPS hairpins 20 ft long are 
required? (b) How shall they be arranged? (c) What is the final fouling factor? 

6.5. 12,000 lb/hr 26°API lube oil (see EX&mple 6.3 in text for viscosities) is to be 
cooled from 450 to 350"Fby heating 42°API kerosene from 325 t-o 375°F. A pressure 
drop of 10 psi is permissible on both streams, and a minimum dirt factor of 0.004 should 
be provided. (a) How many 20-ft hruFpins of 27-f- by l;Ji-in. IPS double pipe are 
required? (b) How shall they be arranged, and (c) what is the final dirt factor? 

6.6. 7,000 lb/hr of aniline is to be heated from 100 to 150°F by cooling 10,000 lb/hr 
of toluene with an initial temperature of 185°F in 2- by l-in. IPS double pipe hairpin 
exchangers 15 ft long. Pressure .drops of 10 psi are allowable, and a dirt factor of 
0.005 is required. (a) How many hairpin sections are required? (b) How shall they 
be arranged? (c) What is the final dirt factor? 

6.7. 24,000 lb/hr of 35.API distillate is cooled from 400 to 3oo•F by 50,000 lb/h~ 
of 34°API crude oil heated from an inlet temperature of 250°F. Pressure drops of 
10 psi are allowable, and a dirt factor of 0.006 is r~quired. Using 20-ft hairpins of 
4- by 3-in. IPS (a) how many are required, (b) how shall they be arranged, and 
(c) what is the final foulillg factor? 

6.8. A liquid is cooled from 350 to 300°F by another which is heated from 290 to 
315°F. How does the true temperature difference deviate from the LMTD if (a) the 
hot fluid is in series and the cold fluid flows in two parallel.counterflow paths, (b) the 
hot fluid is in series and the cold fluid flows in three parallel-flow-counterflow paths, 
(c) The cold-fluid range in (a) and (b) is changed to 275 to 300°F. 

6.9. A fluid is cooled from 300 to 275°F by heating a cold fluid from 100 to 290°F. 
If the hot fluid is in series, how is the true temperature difference affected by dividing 
the hot stream into (a) two parallel streams and (b) into three parallel streams? 

6.10. 6330 lb/hr of toluene is cooled from 160 to l00°F by heating amyl acetate 
from 90 to 100°F using 15-ft hairpins. The exchangers aTe 2- by 1;Ji-in. IPS. Allow­
ing 10 psi pressure drops and providing a minimum dirt factor of 0.004 (a) how many 
hairpins are required, (b) how shall they be arranged, and (c) what is the final dirt 
factor? 
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6.11. 13,000 Ib/hr of 26°API gas oil (see Example 6.3 in text for viscosities) is 
cooled from 450 to 350°F by heating 57° API gasoline under pressure from 220 to 230°F 
in as many 3- by 2-in. IPS double pipe 20-ft hairpins as are required. Pressure drops 
of 10 psi are permitted along with a miniii+um dirt factor of 0,004. (a) How many 
hairpins are required? (b) How shall they be arranged? (c) What is the final dirt 
factor? 

6.12. 100,000 lb/hr of nitrobenzene is to be cooled from 325 to 275°F by benzene 
·heated from 100 to 300°F, Twenty-foot hairpins of 4- by 3-in. IPS double pipe will 
·be employed, and pressure drops of 10 psi are permissible. A minimum dirt factor of 
0.004 is required. (a) How many hairpins are required? (b) How shall they be 
arranged? (c) What is the final dirt factor? 

A 
a 
a" 
c 
c, 

b,,D; 
d,, d; 
D. 
F. 
t:.F 
f 
G 
0 
g' 

"· h;, h. 

n 
OD 
P' 
P" 
aP 
Q 
R 
R' 
R" 

NOMENCLATURE FOR CHAPTER 6 

Heat-transfer surface, ft• 
Flow area, ft• 
.External surface per linear foot of pipe, ft 
Specific heat. of hot fluid in derivations, Btu/ (lb )("F) 
A constant 
Specific heat of cold fluid in derivations· or either fluid in calculation~ 

Btu/ (lb) (°F) 
Inside diameter, ft 
For annuli D, is the outside diameter of nmer pipe, D 2 is the inside diame-

ter of tho outer pipe, ft 
Equivalent diameter for heat-transfer and pressure drop, ft 
Equivalent diameter for heat-transfer and pressure drop, in. 
Outside diameter, ft 
Caloria fraction, dimensionless 
Pressure drop, ft 
Fi:iction factor, dimensionless 
Mass velocity, lb/(hr)(ft 2) 

Acceleration of gravity 4.18 X 108 ft/hr 2 

Acceleration of gravity 32.2 ft/sec• 
Heat-transfer coefficient in general, for inside fluid, and for outside fluid, 

respectively, Btu I (hr )(ft') (°F) 
Value of h; when referred to the pipe outside diameter, Btu/(hr)(ft'){°F) 
Inside diameter, ft or in. 
Heat-transfer factor, dimensionless 
Caloric factor, dimensionless 
Thermal conductivity, Btu/(hr) (ft2) (°F jft) 
Pipe length or length of path, ft 
Temperature group (T, - T,)j(T, - t,), dimensionless 
Number of parallel streams 
Outside diameter, ft or in. 
Temperature group (To - t,)j('l', - t,), dimensionless 
Temperature group (T, - t,)j(T, - t,), dimensionless 
Pressure drop, psi 
Heat flow, Btu/hr 
Temperature grou·p (T, - T,)j(t, - t,), dimensionless 
Temperature group (T, - T,)/n(t, - t,), dimensionless 
Temperature group n(T, - T,)j(t, - tt), dimensionless 
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Re, Re' 
Th 

s 
s 
T, T1, T, 
T. 
t, t,, t, 
t. 
At 
t:.t., Ath 
U, Uc, Un 

v 
w 
w 
z 
'Y 
f.' 

f.'w 
p 
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Combined dirt factor, inside dirt factor, outside dirt factor, (hr) (ft 2) (°F) 1 
Btu 

Reynolds number for heat transfer and pressure drop, dimensionless 
Hydraulic radius, ft 
Temperature group (t, - t,)j(T, - t,), dimensionless 
Specific gravity, dimensionless 
Hot-fluid temperature in general, inlet and outlet of hot fluid, °F 
Caloric temperature of hot fluid, °F 
Cold-fluid temperature in general, inlet and outlet of cold fluid, °F 
Caloric temperature of cold fluid, °F 
True or effective temperature difference in Q = UnA t:.t 
Cold- and hot-terminal temperature differences, °F 
Overall coefficient of heat transfer, clean coefficient, design coefficient, 

Btu/ (hr) (ft2) (°F) 
Velocity, fps 
Weight flow of hot fluid, lb/hr 
Weight flow of cold fluid, lb/hr 
Height, ft 
A constant, dimensionless 
Viscosity at the caloric temperature, centipoises X 2.42 = lb/(ft)(hr) 
Viscosity at the pipe-wall temperature, centipoises X 2.42 = lb/(ft)(hr) 
Density, lb/ft3 
(f.'/f.'w)•·u 

Subscripts and Superscripts 

a Annulus 
l Loss 
p Pipe 
I First of two exchangers 
II Second of two exchangers 



CHAPTER 7 

1-2 PARALLEL-COUNTERFLOW: 
SHELL-AND-TUBE EXCHANGERS 

INTRODUCTION 

The Tubular Element. The fulfillment of many industrial services 
requires the use of. a large number of double pipe hairpins. These 
consume considerable ground area and also entail a large number of 
points at which leakage may occur. Where large heat-transfer surfaces 
are required, they can best be obtained by means of shell-and-tube 
equipment. 

Shell-and-tube equipment involves expanding a tube into a tube sheet 
and forming a seal which does not leak under reasonable operating con-

FIG. 7.1. Tube roll. FIG. 7.2. Ferrule. 

ditions. A simple and common example of an expanded tube is shown in 
Fig. 7.1. A tube hole is drilled in a tube sheet with a slightly greater 
diameter than the outside diameter of the tube, and two or more grooves 
are cut in the wall of the hole. The tube is placed inside the tube hole, 
and a tube roller is inserted into the end of the tube. The roller is a 
rotating mandril having a slight taper. It is capable of exceeding the 
elastic limit of the tube metal and transforming it into a semiplastic 
condition so that it flows into the grooves and forms an extremely tight 
seal: Tube rolling is a skill, since a tube may be damaged by rolling to 
paper thinness and leaving a seal with little structural strength. 

In some industrial uses it is desirable to install tubes in a tube sheet 
so that they can be removed easily as shown iii. Fig. 7.2. The tubes are 
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actually packed in the tube sheet by means of ferrules using a soft metal 
packing ring. 

Heat-exchanger Tubes. Heat-exchanger tubes ax:e also referred to as 
condenser tubes and should not be confused with steel pipes or other types 
of pipes which are extruded to iron pipe sizes. The outside diameter of 
heat e~changer or condenser tubes is the actual outside diameter in inches 
within a very strict tolerance. Heat-exchanger tubes are available in a 
variety of metals which include steel, copper, admiralty, Muntz metal, 
brass, 70-30 copper-nickel, aluminum bronze, aluminum, and the stain­
less steels~ They are obtainable in a number of different wall thicknesses 
defined by the Birniingham wire gage, which is usually referred to as the 
BWG or gage of the tube. The sizes of tubes which are generally avail­
able are listed in Table 10 of the Appendix of which the % outside diam-

:;~~~ 

~~8 
0 f.;\ f.;\ r: 
(tll-Square pitch 

~0\V~ 
_2>5(1)0 
~~~ ;) r;'\ 

(b)-Triomgu!Glr pitch 

~~ 
_]XC: 
0~0 fx'\ (;'\ 
(c)·Square pitch 

rotc;ttecl 

FIG. 7.3. Common tube layouts for exchangers. 

<ell-Triornqular pitch 
with cleorninc:Jianes 

eter and 1 in. OD are most common in heat-exchanger design. The data 
of Table 10 have been arranged in a manner which will be most useful 
in heat-transfer calculations. 

Tube Pitch. Tube holes cannot be drilled very close together, since 
too small a width of metal between adjacent tubes structurally weakens 
the tube sheet. The shortest distance between two adjacent tube holes 
is the clearance or ligament, and these are now fairly standard. Tubes 
are laid out on either square or triangular patterns as shown in Fig. 7;3a 
and b. The advantage of square pitch is that the tubes are accessible 
for external cleaning and cause a lower pressure drop when fluid flows 
in the direction indicated in Fig. 7.3a. The tube pitch PT is the shortest 
center-to-center distance between adjacent tubes. The common pitches 
for-square layouts are% in. OD on l-in. square pitch and 1 in. OD on 
1~-in. square pitch. For triangular layouts these are % in. OD on 
1X6-in. triangular pitch, % in. OD on l-in. triangular pitch, and l-in. 
OD on 1~-in. triangular pitch. ln Fig. 7.3c the square-pitch layout 
has been rotated 45°, yet it is essentially the same as in Fig. 7.3a. In 
Fig. 7.3d a mechanically cleanable modification of triangular pitch is 
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·shown. If the tubes are spread wide enough, it is possible to allow the 
cleaning lanes indicated. 

Shells. Shells are fabricated from steel pipe with nominal IPS diam­
eters up to 12 in. as given in Table 11. ,Above 12 and including 24 in. 
the actual outside diameter and the nominal pipe diameter are the same. 
The standard wall thickness for shells with inside diameters from 12 to 
24 in. inclusive is % ·in., which is satisfactory for shell-side operating 
pres::mres up to 300 psi. Greater wall thicknesses may be obtained for 
greater pressures. Shells above 24 in. in diameter are fabricated by 
rolling steel. plate. 

Stationary Tube-sheet Exchangers. The simplest type of exchanger 
. is the fixed or stationary tube-sheet exchanger of which the one shown in 

Fig. 7.4 is an example. The essential parts are a shell (1), equipped with 
two nozzles and having tube sheets (2) at both ends, which also serve 
as flanges for the attachment of the two channels (3) and their respective 

FIG. 7.4. Fixed-head tubular exchanger. 

channel covers (4). The tubes are expanded into both tube sheets and 
are equipped with transverse baffles (5) on the shell side. The calcula­
tion of the effective heat-transfer surface is frequently based on the 
distance between the inside faces of the tube sheets instead of the overall 
tube length. 

Baffles. It is apparent that higher heat-transfer coefficients result 
when a liquid is maintained in a state of turbulence. To induce turbu­
lence outside the tubes it is customary to employ baffles which cause the 
liquid to flow. through the shell at right angles to the axes of the tubes. 
This causes considerable turbulence even when a small quantity of liquid 
flows through the shell. The center-to-center distance between baffles 
is called the baj!le pitch or baffle spacing. Since the baffies may be spaced 
close together or far apart, the mass velocity is not entirely dependent 
~'.pon the diameter of the shell. The baffie spacing is usually not greater 
than. a distance equal to the inside diameter of the shell or closer than a 
distance equal to one-fifth the inside diameter of the shell. The baffles 
are held securely by means of baffle spacers (6) as shown in Fig. 7.4, which 
consist of through-bolts screwed into the tube sheet and a number of 
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smaller lengths of pipe w·hich form shoulders between adjacent baffles. 
An enlarged detail is shown in Fig. 7 .5. 

There are several types of baffles which are employed in heat exchang­
ers, but by far the most common are segmental baffles as shown 'in Fig. 
7 .6. Segmental baffles are drilled plates ·with heights which a.re gen­
erally 75 per cent of the inside diameter of the shell. These are known 

.Shell 

w===============~======~~ifknge 

q:.. --------

Tv be 
~<-'sneef 

-------- "'· (sfafionary} 

cj=: =----- ------- -----"-"'"' 
'r<'"Baffles~ Channel 

flange 

==~===="'·II~ 
FIG. 7.5. Baffle spacer detail (enlarged). 

FIG. 7.6. Segmental baffle detail. 

Disc 
Oouqhnuf Doughnut 

FIG. 7.7. Disc and doughnut baffle. 

as 25 per cent cut baifies and will be used throughout this book although 
other fractional baffle cuts are als.o employed in industry. An excellent 
review of the influence of the baffle cut on the heat-transfer coefficient 
has been presented by Donohue.1 They may be arranged, as shown, for 
"up-and-down" flow or may be rotated 90° to provide "side-to-side" 
flow, the latter being desirable when a mixture of liquid and gas flows 

1 Donohue, D. A., Ind. Eng. Ghem., 41, 2499-2510 (1949). 
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through the shell. The baffie pitch and not the 25 per cent cut of the 
baffies, as shown later, determines the effective velocity of the shell fluid. 

Other types of baffies are the disc and doughnut of Fig. 7.7 and the 
orifice . baffie in Fig. 7.8. Although· additional types are sometimes 
employed, they are not of general importance. 

Orifice ~Baffle 

--=--y 6 
T -:;..! y 
T 

(Gll-Detoril 
FIG. 7 .8. Orifice baffle. 

Fixed-tube-sheet Exchanger with Integral Channels. Another of 
several variations of the fixed-tube-sheet exchanger is shown in Fig. 7.9, 
in which the tube sheets are inserted into the shell, forming channels 
which are integral parts of the shell. In using stationary tube-sheet 
exchangers it is often necessary to provide for differential thermal expan­
sion between the tubes and the shell during operation, or thermal stresses 
will develop across the tube sheet. This can be accomplished by the use 
of an expansion joint on the shell, of which a number of types of flexible 
joints are available. 

FIG. 7.9. Fixed-tube-sheet exchanger with integral channels. (Patterson Foundry &: 
Machine Co.) 

Fixed-tube-sheet 1-2 Exchanger. Exchangers of the type shown in 
Figs. 7.4 and 7.9 may be considered to operate in counterflow, notwith­
standing the fact that the shell fluid flows across the outside of the tubes. 
From a practical standpoint it is very difficult to obtain a high velocity 
when one of the fluid flows through all the tubes in a single pass. This 
can be circumvented, however, by modifying the design so that the tube 
fluid is carried through fractions of the tubes consecutively. An example 
of a tU'o-pass fixed-tube-sheet exchanger is shown in Fig. 7.10, in which 
all the tube fluid flows through the two halves of the tubes successively. 
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The exchanger in which the shell-side fluid flows in one shell pass and 
the tube fluid in two or more passes is the t-2 exchanger. A single channel 
is employed with a partition to permit the entry and exit of the tube fluid 
from the same channel. At the opposite end of the exchanger a bonnet 
is provided to permit the tube fluid to cross from the first to the second 
pass. As with all fixed-tube-sheet exchangers, the outsides of the tubes 

Fm. 7.10. Fixed-head 1-2 exchanger. (Patterson Foundry & Machine Co.) 

are inaccessible for inspection or mechanical cleaning. The insides of 
the tubes can be cleaned in place by removing only the channel cover 
and using a rotary cleaner or a wire brush. Expansion problems are 
extremely critical in 1-2 fixed-tube-sheet exchangers, since both passes, 
as well as the shell itself, tend to expand differently and cause stress on 
the stationary tube sheets. 

Removable-bundle Exchangers. In Fig. 7.11 is shown a counterpart 
of the 1-2 exchanger having a tube bundle which is removable from the 

Fra. 7.11. Pull-through floating-head 1-2 exchanger. (Patterson Foundry & Machine Co.) 

shell. It consists of a stationary tube sheet, which is clamped between 
the single channel flange and a shell flange. At the opposite end of the 
bundle the tubes are expanded into a freely riding floating tube sheet or 
floating head. A floating-head cover is bolted to the tube sheet, and the 
entire bundle can be withdrawn from the channel end. The shell is 
closed by a shell bonnet. The floating head illustrated eliminates the 
differential expansion problem in most cases and is called a pull-through 
floating head. 
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The disadvantage to the use of a pull-through floating head is one of 
simple geometry. To secure the floating-head cover it is ne~essary to 
bolt it to the tube sheet, and the bolt circle requires the use of space where 
it would be possible to insert a great number of tubes. The bolting not 
only reduces the number of tubes which might be placed in the tube 
bundle but also provides an undesirable flow channel between the bundle 
and the shell. These objections are overcome in the more conventional 

FIG. 7.12. Floating-head 1-2 exchanger. (Poi!eraonFoundry & Machine Co.) 

split-ring floating-head 1-2 exchanger shown in Fig. 7.12. .Although it is 
relatively expensive to manufacture, it does have a great number of 
·mechanical advantages. It differs from the pull-through type by the 
use of a split-ring assembly at the floating tube sheet and an oversized 
shell cover which accommodates it. The detail of a split ring is shown in 
Fig. 7.13. The floating tube sheet is clamped between the floating-head 
cover and a clamp ring placed in back of the tube sheet which is split in 
half to permit dismantling. Different manufacturers have different 

Tllbe 
F/()()ffinq _ sh[eef. ~Spltf~ 
head ~ rin"' 
cover. / 1 "" 

I I 

\\' 0 ill ~ 
FIG. 7.13. Split-ring assembly. 

modifications of the design shown here, but they all accomplish th~ 
purpose of providing increased surface over the pull-through floating 
head in the same size shell. Cast channels with nonremovable channel 
covers are also employed as shown in Fig. 7.12. 

Tube-sheet Layouts and Tube Counts. A typical example of the layout 
of tubes for an exchanger with a split-ring floating head is shown in 
Fig. 7.14. The actual layout is for a 137.;l in. ID shell with 1 in. OD tubes 
on 13--i-in. triangular pitch arranged for six tube passes. The partition 
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arrangement is also shown for the channel and floating-head cover along 
with the orientation of the passes. Tubes are not usually laid out sym­
metrically in the tube sheet. Extra entry space is usually allowed in the 
shell by omitting tubes directly under the inlet nozzle so as to minimize 
the contraction effect of the fluid entering the shell. When tubes are 

The hettvy lines indicctfe 
p(lrfitions locah!d in the chunnel 

Floating 
fubeshuf 

The heavy 1/nes lm:lli:t~tm 
p&¥rtitiims /octtfed in 11M 
floating head cover 

FIG. 7.14. Tube-sheet layout for a 137~ in. ID shell employing 1 in. OD tubes on 1}-4-in. 
triangular pitch with six tube passes. 

laid out with minimum space allowances between partitions and adjoin­
ing tubes and within a diameter free of obstruction called the outer tube 
limit, the number of tubes in the layout is the tube count. It is not always 
possible to have an equal number of tubes in each pass, although in large 
exchangers the unbalance should not be more than about 5 per cent. In 
Appendix Table 9 the tube counts for% and 1 in. OD tubes are given for 
one pass shells and one, two, four, six, and eight tube pass arrangements. 

TABLE 7.1. TUBE COUNT ENTRY ALLOWANCES 

Shell ID, in. Nozzle, in. 
Less than 12. . . . . 2 
12-1731............ 3 
19;li-21X. ....... " 4 
237:1;-29............ 6 
31 -37............ 8 
Over 39............ 10 

These tube counts include a free entrance path below the inlet nozzle 
equal to the cross-sectional area of the nozzles shown in Table 7.1. When 
a larger inlet nozzle is used, extra entry space can be obtained by flaring 
the inlet nozzle at its base or removing the tubes which ordinarily lie 
close to the inlet nozzle. 

Packed Floating Head. 
exchanger is the packed 

Another modification of the !loating-head 1-2 
floating-head exchanger shown in Fig. 7 .15. 
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This exchanger has an extension on the Hos-ting tube sheet which is con­
fined by means of a packing gland. Although entirely satisfactory for 
shells up to 36 in. ID, the larger packing glands are not recommended for 
higher pressures or services causing vibra.tion. 

U-bend Exchangers. The 1-2 exchanger shown in Fig. 7.16 consists 
of tubes which are bent in the form of a U and rolled into the tube sheet. 

FIG. 7.15. Packed floating head 1-2 exch&nger. (Patterson Foundry &·Machine Co.) 

FIG. 7.16. U-bend 1-2 exchanger. (Patterson Foundry & Machine Co.) 

FIG. 7.17. U-bend double-tube-sheet exchanger, (Patterson Foundry & Machine Co.) 

The tubes can expand freely, eliminating the need for a floating tube sheet, 
floating-head cover, shell flange, and removable shell cover. Baffles may 
be installed in the conventional manner on square or triangular pitch. 
The smallest diameter U-bend which can be turned without deforrrilng 
the outside diameter of the tube at the bend has a diameter of three to 
four times the outside diameter of the tubing. This means that it will 
usuaHy be necessary to omit some tubes at the center of the bundle, 
depending upon the layout. 
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An interesting modification of the U-bend exchanger is shown in Fig. 
7.17. It employs a double stationary tube sheet and is used when the 
leakage of one fluid stream into the other at the tube roll can cause serious 
corrosion damage. By using two tube sheets with an air gap between 
them, either fluid lealdng through its adjoining tube sheet will escape to 
the atmosphere. In this way neither of the streams can contaminate 
the other as a result of leakage except when a tube itself corrodes. Even 
tube failure can be prevented by applying a pressure shock test to the 
tubes periodically. 

THE CALCULATION OF SHELL-AND-TUBE EXCHANGERS 

Shell-side Film Coefficients. The heat-transfer coefficients outside 
tube bundles are referred to as shell-side coefficie:qts. When the tube 
bundle employs batHes directing the shell-side fluid across the tubes from 
top to bottom or side to side, the heat-transfer coefficient is higher than 
for undisturbed flow along the axes of the tubes. The higher transfer 

Fro. 7.18. Flow across a bundle. 

coefficients result from the increased 
turbulence. In square· pitch, as seen 
in Fig. 7.18, the velocity of the fluid 
undergoes continuous fluctuation be­
cause of the constricted area between 
adjacent tubes compared with the flow 
area between successive rows. In tri­
angular pitch even greater turbulence 
is encountered because the fluid flow­
ing between adjacent tubes at high 
:velocity impinges directly on the suc­
ceeding row. This would indicate 

that, when the pressure drop and cleanability are of little consequence, 
triangular pitch is superior for the attainment of high shell-side film coeffi­
cients. This is actually the case, and under comparable conditions of 
flow and tube size the coefficients for triangular pitch are roughly 25 per 
cent greater than for square pitch. 

Several factors not treated in preceding chapters influence the rate of 
heat transfer on the shell side. Suppose the length of a bundle is divided 
by six baffles. All the fluid travels across the bundle seven times. If 
ten baffles are installed in the same length of bundle, it would require 
that the bundle be crossed a total of eleven times, the closer spacing 
causing the greater turbulence. In addition to the effects of the baffle 
spacing the shell-side coefficient is also affected by the type of pitch, tube 
size, clearance, and fluid-flow characteristics. Furthermore, there is no 
true flow area by which the sb.ell.,.side mass velocity can be· computed, 
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since the :flow area varies across the diameter of the bundle ·with the differ­
ent number of tube clearances in each longitudinal row of tubes. The 
correlation obtained for fluids flowing in tubes is obviously not applicabl11 
to fluids flowing over tube bundles with segmental bajfies, and this is indeed 
borne out by experiment. However, in establishing a method of correla­
tion the form of theheat-transferfactor jo = (hD jk) (cp./k)-Y.(p./Jl.w)-o·14vs. 
DGjp, has been retained, in agreement with the suggestion of McAdams,! 
but using fictitious values for the equivalent diameter D. and the mass 
velocity G. as discussed below. 

Figure 28 in the Appendix is a correlation of industrial data which gives 
satisfactory results for the· hydrocarbons, organic compounds, water, 
aqueous solutions, and gases when the bundle employs baffles with accept­
able clearances between baffles and tubes and between baffles and shells. 2 

It is not the mean <;urve through· the data but a safe curve such that the 
deviation of the test points from the curve ranges from 0 to approximately 
20 per cent high. Inasmuch as the line expressing the equation possesses 
a curvature, it cannot be evaluated in the simple form of Eq. (3.42), since 
the proportionality constant and the exponent of the Reynolds number 
actually vary. For values of Re from 2000 to 1,000,000, however, the 
data are closely represented by the equation 

h~~· = 0.36 (D.G.)o.5ii (cp,)':\ (.!!:..)o.14 
k P, k f.Lu• 

where ho, D. &.nd G. are as defined below. Calculations using Fig. 28 
agree very well with the methods of Colburn3 and Short4 and the test data 
of Breidenbach 5 and O'Connell on a number of commercial heat exchang­
ers. It will be observed in Fig. 28 that there is no .discontinuity at a 
Reynolds number of 2100 such as occurs for fluids in tubes. The differ­
ent equivalent diameters used in the correlation of shell and tube data 
precludes comparison between fluids flowing in tubes and across tubes 
on the basis of the Reynolds number alone. All the data in Fig. 28 refer 
to turbulent flow. 

Shell-side Mass Velocity. The linear and mass velocities of the fluid 
change continuously across the bundle, since the width of the shell and 
the number of tubes vary from zero at the top and bottom to maxima 
at the center of the shell. The width of the flow area in the correlation 

1 McAdams, W. H., "Heat Transmission," 2d ed., p. 217, McGraw-Hill Book Com­
pany, Inc., New York, 1942. 

2 For mechanical details and standards see Stl.lndards of the Tubular Exchange1 
Manufacturers' Association, New York (1949). 

1 Colburn, A. P.; Trans. AIChE, 29, 174-210 (1933). · 
'Short, B. E., Univ. Tezas Pub. 3819 (1938). 
5 BreidenbaC!h, E. P., and H. E. O'Connell, Tram. AIGhE, 42, 761-776 (1946), 
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represented by Fig. 28 was taken at the hypothetical tube row possessing 
the maximum flow area and corresponding to the center of the shell. 
The length of the flow area was taken equal to the baffie spacing B. The 
tube pitch is the sum of the tube diameter and the clearance C'. If the 
inside diameter of the shell is divided by the tube pitch, it gives a fic­
titious, but not necessarily integral, number of tubes which may be 
assumed to exist at the center of the shell. Actually in most layouts 
there is no row of tubes through the center but instead two equal maxi­
mum rows on either side of it having fewer tubes than computed for the 
center. These deviations are neglected. For each tube or fraction 
there are considered to be C' X 1 in. 2 of crossflow area per inch of baffie 
space. The shell-side or bundle crossflow area a. is then given by 

ID X C'B 
a.= PT X 144 

and as before, the mass velocity is 

w 
G. = - lb/(hr)(ft2) 

a. 

(7.1) 

(7.2) 

Shell-side Equivalent Diameter. By definition, the hydraulic radius 
corresponds to the area of a circle equivalent to the area of a noncircular 
flow channel and consequently in a plane at right angles to the direction 
of flow. The hydraulic radius employed for correlating shell-side coeffi­
cients for bundles having baffies is not the true hydraulic radius. The 
direction of flow in the shell is partly along and partly at right angles to 
the long axes of the tubes of the bundle. The flow area at right· angles 
to the long axes is variable from tube row to tube row. A hydraulic 
radius based upon the flow area across any one row could not distinguish 
between square and triangular pitch. In order to obtain a simple correla­
tion combining both the size and closeness of the tubes and their type of 
pitch, excellent agreement is obtained if the hydraulic radius is calculated 
along instead of across the long axes of the tubes. The equivalent diam­
eter for the shell is then taken as four times the hydraulic radius obtained 
for the pattern as layed out on the tube sheet. Referring to Fig. 7.19, 
where the crosshatch covers the free area1 for square pitch 

or 

D. = 4 X free area ft (7.3) 
wetted perimeter 

d. = 4 X (P~ - 1rd6/4) 
1rdo 

in. (7.4) 

1 The expression free area is used to avoid confusion with the free-flow area, an 
actual entity in the hydraulic radius. · 
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where P-r is the tube pitch in inches and do the tube outside diameter in 
inches. For triangular pitch as shown in Fig. 7.19 the wetted perimeter 
of the element corresponds to half a tube. 

d. = 4 X (%P-r X 0.86PT - %rd5/4) . (7_5) 
%rdo m. 

The equivalent diameters for the common arrangements are included in 
Fig. 28. 

It would appear that this method of evaluating the hydraulic radius and 
equivalent diameter does not distinguish between the relative percentage 
of right-angle flow to axial flow, and this is correct. It is possible, using 
the same shell, to have equal niass velocities, equivalent diameters, and 

(a)-Square pitch. (b)-Triangular pitch. 
FIG. 7.19. Equivalent diameter. 

Reynolds numbers using a large quantity of fluid and a large baffle pitch 
or a small quantity of fluid and a small baffle pitch, although the pro­
portions of right-angle flow to axial flow differ. Apparently, where the 
range of baffie pitch is restricted between the inside diameter and one­
fifth the inside diameter of the shell, the significance of the error is not 
too great to permit correlation. 

Example 7.1. Compute the shell-side equiv~lent diameter for a %in. OD tube on 
1-in. square pitch. From Eq. (7.4) 

d = 4(1' - 3.14 X 0.752/4) = O 95 . 
• 3.14 X 0.75 • m. 

n. = oi;5 
= o.079 ft 

The True Temperature Difference At in a 1-2 Exchanger. A typical 
plot of temperature vs. length for an exchanger having one shell pass 
and two tube passes is shown in Fig. 7.20 for the nozzle arrangement 
indicated. Relative to the shell fluid, one tube pass is in counterflow 
and the other in parallel flow. Greater temperature differences have 
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been found, in Chap. 5, to result when the process streams are in counter­
flow and lesser differences for parallel flow. The 1-2 exchanger is a 
combination of both, and the LMTD for counterflow or parallel flow 
alone cannot be the true temperature difference for a parallel flow~ 
counterflow arrangement. Instead it is necessary to develop a new 
equation for calculation of the effective or true temperature difference 
flt to replace the counterflow LMTD. The method employed here is a 
modification of the derivation of Underwood1 and is presented in the final 

form proposed by N agie2 and Bowman, 
tz T, Mueller, and Nagle. 3 · 

+ The temperature of the shell fluid 

lx 
LorA 

(b) 

may undergo·either of two variations 
as it proceeds from the inlet to outlet, 
crossing the tube bundle several times 
in its progress: (1) So much turbulence 
is induced that the shell fluid is com­
pletely mixed at any length X from the 
inlet nozzle, or (2) so little turbulence 
is induced that there is a selective tem­
perature atmosphere about the tubes 
of each tube pass individually. The 
baffles and turbulent nature of the flow 
components across the bundle appear 
to eliminate (2) so that (1) is taken 

Fl:G. 7.20. Temperature relations in a as the first of the assumptions for the. 
1-2 exchanger. 

derivation of the true temperature 
difference in a 1-2 exchanger. The assumptions are 

1. The shell fluid temperature is an average isothermal temperature at 
any cross section. 

2. There is an equal amount of heating surface in each pass. 
3. The overall coefficient of heat transfer 1s constant. 
4. The rate of flow of each fluid is constant. 
5. The specific heat of each fluid is constant. 
6. There are no phase changes of evaporation or condensation in a part 

of the exchanger. 
7. Heat losses are negligible. 

The overall heat balance, where flt is the true temperature difference, is 

Q = UA flt = WC(Tt- T2) = wc(t2- h) (7.6) 
1 Underwood, A. J. V., J. Inst. Petroleum Technol., 20, 145-158 (1934). 
• Nagle, W. M., Ind. Eng. Chem., 26, 604-608 (1933). 
• Bowman, R. A., A. C. Mueller, and W. M. Nagle. Trans. ASME., 6.11, 283-294 

(1940). 
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From which 

ilt - (Tt - T2) _ ( t2 - t1) 
- UA/WC tru• - UAjwc •ru• 

(7.7) 

In Fig. 7.20a let T be the temperature of the shell fluid at any cross sec­
tion of the shell L = X between L = 0 and L = L. Let t1 and fi repre­
sent temperatures in the first and second tube passes, respectively, and 
at the same cross section as T. Let a" be the external surface per foot 
of length. In the incremental surface dA = a"dL the shell temperature 
changes by -dT. Over the area dA 

-WOdT = UdA (T- f)+ udA (T- tn) 2 2 . (7.8) 

( 
ti + tii) -WOdT = UdA T- - 2 - (7.9) 

f UdA f dT 
- we = r- w + t11)/2 

(7.10) 

But in· this equation T, t1
, and fi are dependent variables. The heat 

balance from L = X to the hot-fluid inlet is 

WC(T - T2) = wc(tii - tr) 

and the heat balance per pass 
dA 

we dt1 = U 2 (T - t1) 

dA we dtrr = - U 2 (T - tii) 

Dividing Eq. (7.13) by Eq. (7.12), 

dtu T- tn 
dt1 = - T- t1 

To eliminate tii and dtii from·Eq. (7.11) and (7.13) 

(7.11) 

(7 .12) 

(7.13) 

(7.14) 

t11
1 = ~~ (T2 - T) + t1 (7.15) 

Differentiating Eq. (7.15), with the hot fluid inlet T1 constant, 

atn = - we dT + dt1 (7.16) 
we 

Substituting in Eq. (7.14) and rearranging, 

we dT = 1 + T- t1
- (Wejwc)(T2- T) (7.17) 

wcdt1 · T-t1 
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The number of variables in Eq. (7.15) has been reduced from three 
(T, t1, tn) to two (T and t1). For a solution it is necessary to eliminate 
either Tor t1• Simplifying by the use of parameters as in the case of the 
double pipe exchanger let 

R = T1- Tz = we 
tz- tl we and 

Rearranging Eq. (7.8), 

We dT + U (T - t1) + !!_ (T - tn) = 0 (7.18) 
. dA 2 2 

Simplifying and substituting we = we/R, 

dT + URT _ ~ (tx + tu) = O 
dA we 2we 

(7.19) 

Differentiating with respect to A, 

d
2
T + UR dT _ UR (dtl + dtu) =. O (7.20) 

dA 2 we dA 2we dA dA 

Substituting Eqs. (7.12) and (7.13), 

d2T + UR dT _ U2R (tn _ ex) = O 
dA 2 we dA (2wc) 2 (7.21) 

Since the heat change is sensible, a direct proportionality exists between 
the percentage of the temperature rise (or fall) and Q. 

or 

T - Tz tx - en (7.22) 
T1 - Tz = it - t2 

tn - tx - T - Tz - R 
d2T UR dT U2T U:T2 
dA 2 + we dA -:- (2we) 2 = - (2we) 2 

(7.23) 

(7.24) 

Differentiating again with respect to A, 

d8T UR d2T U2 dT 
dA 8 + Wc dA 2 - (2we) 2 dA = O (7.25) 

The solution of this equation will be found ip. any standard differential­
equations text. The equation is 

T = K
1 
+ K

2
e-<UA/2.,.HIHvB•+I> + K,e-<UA/2.,.><B-vn•+l> · (7.26) 

When T = T 2, A will have increased from 0 to A, and from the solution 
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oi Eq. (7.24) K1 = T2 so that Eq. (7.26) becomes 

K -(UA/2w)(R+v'R'fl) - K e-(UA/:!wc)(R-v'R•+l) 
- 2e - s 

Taking logarithms of both sides and simplifying, 

UA 1 l ( K2) 
we = yiR2 + 1 n - Ka 

Differentiate Eq. (7.26): 

dT = -K
2 
J!_ (R + VR2 + 1)e -(UA/2wc)(R+v'R'+ll 

dA 2wc 

- Ka ..!!_ (R - vR2 + l)e -(UA/2wc)(R-v'R•+l) 

2wc 
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(7.27) 

(7.28) 

(7.29) 

Substituting the value of dT /dA from Eq. (7.19) and since at A = 0, 
t1 = h, 111 = t2, and T = Tt, t1 + f!I = tt + t2. 

R(tt + t2) - 2RTt = -K2(R + v'R2 + 1) 
- K 3(R - yR2 + 1) (7.30) 

From Eq. (7.26) at A = 0 and T = T1 and K1 = T2 

Tt - T2 = K2 + Ka 

Multiplying both sides of Eq. (7.31) by (R + yR 2 + 1), 

(R + VR2 + 1)(Tt - T2) = K2(R + vR2 + 1) 

+ Ka(R + VR 2 + 1) 

Adding Eqs. (7.31) and (7.32) and solving for Ka, 

K _ R(t. + t2) + (Tt -:- T2)(R + yfRql) - 2RTt 
a- 2yR2 + 1 

Returning to Eq. (7.31), 

-K, = Ka- (Tt- T2) = 

(7.31) 

(7.32) 

(7.33) 

(R + ~)(Tt - T2) - 2 vR'+l (Tt - T2) - 2RTt + R(tt + t2) 
2 yR2·+ 1 

(7.34) 

Since R = (Tt - T2)j(t2 - tt), 

K2 (R - ~)(t. - t2) - (Tt - it) - (Tt - t2) 
- Ka = (R + yR2 + 1)(h - t2) - (Tt - tt) - (Tt - t2) 

(7.35) 
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Dividing by T1 - tt and substituting S = (t2 - t1)/(T1 - t1) 
1 - S = (Tt - t2)/(T1 - tt), 

and 

K2 2 - S(R + 1 - v'W+!) 
- Ks = 2 - S(R + 1 + VR 2 + 1) 

(7.36) 

Substituting in Eq. (7.28), 

(
UA) 1 ln 2- S(R + 1 - VR2 + 1) (7.37) 
Wc ..... VR2 + 1 2 - S(R + 1 + VR2 + 1) 

Equation (7.37) is the relationship for the true temperature difference 
for 1-2 parallel flow-counterflow. How does this compare with the 
LMTD for counterflow employing the same process temperatures? For 
counterflow 

··· (Tt - t2) - (T2 - t1) 
Q = wc(t2- it) = UA ln (Tt- t2)/(T2- It) (7.38) 

from which 

( ~~) eoun~•fiow t2 - tt _ In (1 - S)/(1 - RS) (7.39) 
(Tt - t2) - (T2 - it) - R - 1 
ln (Tt - t2)/(T2 - tt) 

The ratio of the true temperature difference to the LMTD is 

t2 - it I t2 - it (U A/wc)oounterflow 
(UA/wc),,. (UAjwc).OWl .. d!ow = (UAjwc)tru. (7.40) 

Calling the fractional ratio of the true temperature difference to the 
LMTDFT, 

FT = .yR2TI In (1 - S)/(1 - RS) 

(R _ 1) In 2 - S(R + 1 - VR2 + 1) 
2- S(R + 1 + VR2 + 1) 

The Fourier equation for a 1-2 exchanger can now be written: 

Q = UA at= UAFT(LMTD) 

(7.41) 

(7.42) 

To reduce the necessity of solving Eq. (7'.37) or (7.41), correction factors 
F T for the LMTD hiwe been plotted in Fig. 18 in the Appendix as a func­
tion of S with R as the parameter. When a value of Sand R is close to 
the vertical portion of a curve, it is difficult to read the figure and FT 
should be computed from Eq. (7.41) directly. When an exchanger has 
one shell pass and four, six, eight, or more even-numbered tube passes 
such as a 1-4, 1-6, or 1-8 exchanger, Eq. (7.10) becomes for a 1-4 exchanger 

f UdA f dT 
- we = T - (f + til+ tm + t!V)/4 
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for a 1-6 exchanger 

J UdA f dT - we = T - (tl + tu + till + trv + tv + tV1)/6 

It can be shown that the values of FT for a 1-2 and 1-8 exchanger are less 
than 2 per cent apart in the extreme case and generally considerably less. 
It is therefore customary to describe any exchanger having one shell pass 
and two or more even-numbered tube passes in parallel flow-counterflow 
as a 1-2 exchanger and to use the value of FT obtained from Eq. (7.41). 
The reason FT will be less than 1.0 is naturally due to the fact that the 
tube passes in parallel with the shell 
fluid do not contribute so effective 
a temperature difference as those in 
counterflow With it. 

There is an important limitation to 
the use of Fig. 18. Although any ex­
changer having a value of FT above 
zero will theoreticaJly operate, it is 
not practically true. The failure to 
fulfill in practice all the assumptions 
employed in the derivation, assump­
tions 1, 3, and 7 in particular, may 
cause serious discrepancies in the cal­
culation of llt. As a result of the dis­
crepancies if the actual value of t. in 
Fig. 7.20a at the end of the parallel 
pass is required to approach T2 more 
closely than the derived value of t;, it 

LorA 
(b) 

FIG. 7.21. Temperature relations in a 
1-2 exchanger with conventional nozzle 
arrangement. 

may impose a violation of the rule of parallel flow; namely, the outlet of 
the one stream t, may not attain the outlet of the other, T2, with':'ut infi­
nite surface. Accordingly it is not advisable or practical to use a 1-2 
exchanger whenever the correction factor FT is computed to be less than 
0.75. Instead some other arrangement is required which more Closely 
resembles counterflow. · 

The temperature relationship for the case where the orientation of the 
shell nozzles has been reversed is shown in Fig. 7.21 for the same inlet and 
outlet temperatures plotted in Fig. 7.20. Underwood1 has shown that 
the values of F T for both are identical. 2 Since a 1-2 exchanger is a com­
bination of counterflow and parallel-flow passes, it may be expected 
that the outlet of one process stream cannot approach the inlet of the 

1 Underwood, op. cit. 
'The values of t;, however, differ for both cases. 
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other very closely. In fact it is customary in parallel flow-counterflow 
equipment to call T2 - t2 the approach, and if t2 > T2, then t2 - T2 is 
called the temperature cross. 

It is useful to investigate several typical process temperatures and to 
note the influence of different approaches and crosses upon the value of 
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Fro. 7.23. Influence of approach temperature on F7' with fluids having unequal ranges in 
a 1-2 exchanger. · 

F7'. For a given service the reduction of F7' below unity in Eq. (7.42) is 
compensated for by increasing the surface. Thus if the process tempera­
tures are fixed it may be inadvisable to employ a parallel flow-counter­
flow exchanger as against a counterflow exchanger, since it increases the 
cost of the equipment beyond the value of its mechanical advantages. 
In Fig. 7.22 two pairs of fluids each with equal ranges of 100 and 50°F 
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are studied. The operating temperatures of the cold fluid are :fixed, 
while the hot-fluid temperatures are variable thereby changing the 
approach in each case. Note the conditions under which FT shrinks 
rapidly, particularly the approach at the practical minimum FT = 0.75 
and the influence of the relationship between T2 and t2. The calculation 
of several points is demonstrated. 

Example 7.2. Calculation of FT for Fluids with Equal Ranges 
Point: (a) 50° approach 

(T,) aso 200 ct.) 
(T2) 250 100 (t,) 

100 100 

(b) Zero approach 
(T ,) 300 200 (t2) 

(T.) 200 100 (t,) 

100 100 
T,- T 2 100 

R = ~ = 100 - 1.0 R = 1.0 

t. - t, 100 
S = T, - t, = 350 - 100 = 0.40 S = 0.50 

FT = 0.925 (~g. 18) FT = 0.80 

(c) 20° cross 
(T,) 280 200 (t2) 

(T•) 180 100 (t,) 
100 100 

R = 1.0 

s = 0.555 

FT = 0.64 

In Fig. 7.23 are shown the results of the calculation when one fluid has 
a range :five times as great as the other. 

Shell-side Pressure Drop. The pressure drop through the shell of an 
exchanger is proportional to the number of times the fluid crosses the 
bundle between baffles. It is also proportional to the distance across 
the bundle each time it is crossed. Using a modification of Eq. (3.44) a 
correlation has been obtained using the product of the distance across 
the bundle, taken as the inside diameter of the shell in feet D. and the 
number of times the bundle is crossed N + 1, where N is the number of 
baffles. If L is the tube length in feet, 

Number of crosses, N + 1 = tube length, in./baffle space, in: 
= 12 X L/B (7.43) 

If the tube length is 16'0" and the bafll.es are spaces 18 in. apart, there 
will be 11 crosses or 10 baffles. There should always be an odd number 
of crosses if both shell nozzles are on opposite sides of the shell and an 
even number if both shell nozzles are on the same side of·the shell. With 
close baffie spacings at convenient intervals such as 6 in. and under, one 
baffle may be omitted if the number of crosses is not an integer. The 
equivalent diameter used for calculating the pressure drop is the same 
as for heat transfer, the additional friction of the shell itself being neg­
lected. The isothermal equation for the pressure drop of a fluid being 
lreated or cooled and including entrance and exit losses is 

l:lP = fG~D.(N + 1) = JG;D8(N + 1) 
• 2gpD.q,, · 5.22 X 1010D.sq,, psf (7.44) 
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where 8 is the specific gravity of the fluid. Equation (7.44) gives the 
pressure drop in pounds per square foot. The common engineering unit 
is pounds per square inch. To permit the direct solution for t:.P, in psi 
dimensional shell-side friction factors, square foot per square inch, have 
been plotted in Fig. 29~ To obtain the pressure drop in consistent units 
by Eq. (7.44) multiply fin Fig. 29 by 144. 

Tube-side Pressure Drop. Equation (3.44) may be used to obtain 
the pressure drop in tubes, but it applies principally to an isothermal 
fluid. Sieder and Tate have correlated friction factors for fluids being 
heated or cooled in tubes. They are plotted in dimensional form in 
Fig. 26 and are used in the equation 

psf (7.45) 

where n is the number of tube passes, L the tube length, and Ln is the 
total length of path in feet. The deviations are not given, but the curve 
has been accepted by the Tubular Exchanger Manufacturers Association. 
In flowing from one pass into the next at the channel and floating head 
the fluid changes direction abruptly by 180°, although the flow area pro­
vided in the channel and floating-head cover should not be less than the 
combined flow area of all the tubes in a single pass. The change of direc­
tion introduces an additional pressure drop t:.P., called the return loss 
and accounted for by allowing four velocity heads per pass. The 
velocity head V 2 /2g' has been plotted in Fig. 27 against the mass velocity 
for a fluid with a specific gravity of 1, and the return losses for any fluid 
will be 

· 4n V2 
t:.P = ---'-

• 8 2g' psi 

where V = velocity, fps 
s = specific gravity 

g' = acceleration of gravity, ftjsec2 

The total tube-side pressure drop t:.P'r will be 

psi 

(7.46) 

(7.47) 

The Analysis of Performance in an Existing 1-2 Exchanger. When 
all the pertinent equations are used to calculate the suitability of an exist­
ing exchanger for given. process conditions, it is known as rating an 
exchanger. There are three significant points in determining the.suit­
ability of an existing exchanger for a new service. 

1. What clean coefficient U c can be "performed" by the two fluids as 
the result of their flow and individual film coefficients h;o and ho? 
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2. From the heat balance Q = WC(Tt - T2) = wc(t2 - tt), known 
surface A1 and the true temperature difference for the process tempera­
tures a value of the design or dirty coefficient, U D is obtained. U a must 
exceed U D sufficiently so that the dirt factor, which is a measure of the 
excess surface, will pennit operation of the exchanger for a reasonable 
period of service. 

3. The allowable pressure drops for the two streams may not be 
·exceeded. 

"When thes~ are fulfilled, an existing exchanger is suitable for the process 
conditions for which it has been rated. In starting a calculation the first 
point which arises is to determine whether the hot or cold fluid should be 
placed in the shell. There is no fast rule. One stream may be large 
and the other small, and the baffle spacing may be such that in one 
instance the shell-side flow area a. will be larger. Fortunately any selec­
tion can be checked by switching the two streams and seeing which 
arrangement gives the larger value of U a without exceeding the allowable 

· pressure drop. Particularly in preparation for later methods there is 
some advantage, however, in starting calculations with the tube side, 
and it may be well to establish the habit. The detailed steps in the 
rating of an exchanger are outlined below. The subscripts s and t are 
used to distinguish between the shell and tubes, and for the outline the 
hot fluid has been assumed to be in the shell. By always placing the 
hot fluid on the left the usual method of computing the LMTD may be 
retained. 

The Calculation of an Existing 1-2 Exchanger. Process conditions 
required 

Hot fluid: Tt, T2, W, c, s, p., k, Rd, AP 
Cold fluid: it, t2, w, c, s, ~' k, Ra, A.P 

For the exchanger the following data must be known: 

Shell side 

ID 
Baffle space 
Passes 

Tube side 

Number and length 
OD, BWG, and pitch 
Passes 

(1) Heat balance, Q = WC(Tt - T2) = wc(t2 - it) 
(2) True temperature difference At: 

LMTD R = Ti - T2, S = t2 - h 
I t2 - tt Tt -- it 

At = LMTD X F'r (F r from Fig. 18) 

(5.14) 

(7.42) 
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(3) Caloric temperature Tc and t.:1 

Hot fluid: shell side 
(4') Flow area, a. = ID X C'B/144PT, ftt 

[Eq. (7.1)] 

(6') Mass vel, G. = W /a., lb/(hr)(ft2) 
[Eq. (7.2)] 

(6') Obtain D. from Fig. 28 or compute 
from Eq. (7.4). 

Obtain I' at T., lb/(ft)(hr) = cp X 2.42 
Re. = Dll./ I' 
(7') Obtain j H from Fig. 28. 
(8') At Tc obtain c, Btu/(lbWF) and k, 
Btu/(hr)(ft2)(°F /ft). 
Compute* (c!'/k)Y.. 

. k (CJ')Y, (91
) ho = JH D k </>. [Eq. (6.15b)] 

(10') Tube-wall temp, t,. 

t,. = tc + h;o/ q,~·:.:-h,/ q,, (Tc - tc) 
[Eq. (5.31)] 

(11') Obtain l'w and q,, = (!'/ !',.)0·14. 

[Fig. 24] 

(12') Corrected coefficient, h. = h~~· 
[Eq. (6.36)] 

' 
(13) Clean overall coefficient Uc: 

U h;.h. 
c=---

h;. +h. 

(5,28), (5.29) 
Cold fluid: tube side 

(4) Flow area, a,: 
Flow area per tube a~ from Table 10, in.1 

No. of tubes X flow area/tube 
a, = No. of passes 

= Nt a~/144n, ft2 Eq. (7.48) 
(6) Mass vel, Gt = w/at, lb/(hr)(ft1 ) 

(6) Obtain D from Table 10, ft. 
Obtain I' at t,, lb/(ft)(hr) = cp X 2.42 
Ret = DGt!l' 

(7) Obtain iH from Fig. 24. 
(8) At t. obtain c, Btu/ (lb) (°F) 
Btu/(hr)(ftt)(°F /ft). 

and k, 

Compute* (cJ</k)Y.. 

. k (CJ')Y, (9) h; = JH J5 k </>t [Eq. (6,15a)] 

(10) h;. = !!:!. X ID 
<Pt <Pt OD 

[Eq. (6.5)] 

(11) Obtain t,. from (10'). 
Obtain l'w and <Pt = (J</!'w) 0•14• [Fig. 24] 

(12) Co d ffi . t. h h;o</>t rrecte coe Clen , io = T. 
[Eq. (6.37)] 

(6.38) 

(14) Design overall coefficient U n: Obtain external surface/lin ft a" from Appendix 
Table 10. 
Heat-transfer surface, A = a"LN,, ft• 

Q 
U D = A At Btu/(hr)(ft2)(°F) 

(16) Dirt factor Rd: 

(hr) (ft2) (°F) /Btu (6.13) 

If R4 equals or exceeds the required dirt factor, proceed under the pressure drop. 
1 The use of caloric temperatures is in partial contradiction of the derivation for 

the 1-2 parallel flow-counterflow temperature difference in which U was assumed 
constant. The use of caloric temperatures presumes that a linear variation of U with 
t can be accounted for as the product of U colorioAt where At is the true parallel flow­
counterflow temperature difference when U is constant. 

*A convenient graph of k(cJ</k)Y. vs. I' for"petroleum fractions is given in Fig. 16. 
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Pressure Drop 

(1') For Re; in (6') obtain/, ft•jin. 2 (1) For Re, in (6) obtain/, ft•jin.l 
[Fig. 29] 

(2') No. of crosses, N + 1 = 12L/B 
[Eq. (7.43)] 

(S') l!J> = JG';D.(N + 1} . i 
' 5.22 X 1010Dc8ci>• ps 

[Eq. (7.44)] 

(2) AP - JG~Ln 
1 

- 5.22 X 10l0J)aq,, 

(3) A D = ~ V' 62.5 . 
,.., s2g'144p81 

APT = AP, + aP. psi 

[Fig. 26! 

[Eq. (7.45)] 

(Eq. (7.46)) 

[Eq. (7.47)] 

Example 7.3. Calculation of a Kerosene-Crude Oil Exchanger. 43,800 lb jhr of a 
42° API kerosene leaves the bottom of a disti,lling column at 300°F and will be cooled 
to·200°F by 149,000 lb/hr of 34°API Mid-continent crude coming from storage at 
l00°F and heated to 170•F. A 10 psi pressure drop is permissible on both streams, 
and in accordance with Table 12, a combined dirt factor of 0.003 should be provided. 

Available for this service is a 2174 in. ID exchanger having 158 1 in. OD, 13 BWG 
tubes 16'0" l~ng and laid out on 174-in. square pitch. The bundle is arranged for 
four passes, and baffies are spaced 5 in. apart. 

Will the exchanger be suitable; i.e., what is the dirt factor? 

Bolution: 

Exchanger: 

Shell side 
ID = 21J,i in. 

Tube side 
Number and length = 158, 16'0" 

Baffie space = 5 in. 
Pasaes = 1 

OD, BWG, pitch = 1 in., 13 BWG, 1J,i-in. square 
Passes= 4 

(1) Heat balance: 
Kerosene, Q = 43,800 X O.o05(390 - 200) = 5,100,000 Btu/hr 
Mid-continent crude, Q = 149,000 X 0.49(170 - 100) = 5,100,000 ·Btu/hr 

(2) At: 

Hot Fluid 

390 . Higher Temp 

200 Lower Temp 

190 Differences 

(T1 - T2} 

LMTD = 152.5•F 
R = 111910 = 2.71 

7o 
s = 390 - 100 = 0•241 

FT = 0.905 
At = o.oos x 152.5 = 1as•F 

Cold Fluid 

170 

100 

70 

Diff. 

220 

100 

120 

(5.14) 

(Fig. 18) 
(7.42) 
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(3) T. and t.: 

:: ... 0.455 

K. "" 0.20 (crude oil controlling) 
F.= 0.42 
T. = 200 + 0.42 X 190 = 280°F 
t. = 100 + 0.42 X 70 = 129°F 

(Fig. 17) 

(5.28) 
{5.29) 

Since the flow area. of both the shell and tube sides will be nearly equal, a.ssume the 
larger stream to flow in the tubes and start calculation on the tube side. 

Hot fluid: BheU Bide, kerosene 
(4') Flow area., a. = ID X C'B/144P'l' 

[Eq. (7.1)] 
= 21.25 X 0.25 X 5/144 X 1.25 

= 0.1475 ft1 

(6') Mass vel, G. = W /a. [Eq. (7.2)] 
= 43,800/0.1475 = 297,000lb/(hr)(ft1) 

(6') Re, = D,G,jp. [Eq. (7.3)] 
At T. = 2so•F, p. = 0.40 X 2.42 

= 0.97lb/(ft)(hr) [Fig. 14] 
D, = 0.99/12 = 0.0825 ft [Fig. 28] 
Re. == 0.0825 X 297,000/0.97 = 25,300 
('1') ja = 93 [Fig. 28] 

(8') At T. = zso•F, 
c = 0.59 Btu/(lb)("F} [Fig. 4) 
k = 0.0765 Btu/(hr)(ft1)(°F/ft) [Fig. 1] 
(Cf.'/k)'A = (0.59 X 0.97 /0.0765)'A = 1.95 

(9') h. = ja ;, (~y• .p, [Eq. (6.15b)] 

~ = 93 X 0·0765 X 1.95 = 169 
q,, 0.0825 

(10') Tube-wall temperature: 

t,. = t. + h;.f.p~~q,h./ q,, (T, - t.) 

[Eq. (5.31)] 
169 

= 129 + 109 + 169 (280 - 129) 

= .221•F 
(11') At t,. = 221 •F, ~'"' = 0.56 X 2.42 

= 1.36lb/(ft)(hr) [Fig. 14] 
.p, = (,.fJJ.,.)o.I~ = (0.97 /1.36)o.1~ 

= 0.96 [Fig. 24 insert] 

f12') Corrected coefficient, h. = ~ .p. .p, 
[Eq. (6.36)] 

= 169 X 0.96 = 162 Btu/(hr)(ft1WF) 

Cold fluid: tube side, crude o~1 
(4) Flow area, a: = 0.515 in. I 

[Table 10] 
a, == N,a:f144n [Eq. (7.48)] 

.. 158 X 0.515/144 X 4 = 0.141 ftl 
(6) Mass vel, G, ... wja, 

... 149,000/0.141 ... 1,060,000 
lb 1 (hr) (ftt) 

(6) Re, = DG,jp. 
At t. = 129"F, p. = 3.6 X 2.42 

... 8.7lb/(ft)(hr) [Fig. 14] 
D = 0.81/12 = 0.0675 ft [Table 10) 
Re, ":' 0.0675 X 1,060,000/8.7 = 8,220 
('1) LID = 16/0.0675 = 237 
in = 31 [Fig. 241 
(8) At t, = 129°F, 
c = 0.49 Btu/(lb)("F) [Fig. 4] 
k = 0.077 Btu/(hr)(ftt)("F /ft) [Fig. lj 
(c!-'/k)Y. = {0.49 X 8.7 /0.077)'/d = 3.81 

(9) h, =in(~) <wr q,, 
[Eq. (6.}5a)J 

!!.!_. = 31 X 0·077 X 3.81 = 135 q,, 0.0675 

(10) h;. = ?!:!. X ID = 135 X 0·81 = 109 
q,, .p, OD 1.0 

[Eq. (o.5)l 

(11) At t,. = 221•F, ,... = 1.5 X 2.42 
= 3.63 lb/(ft)(hr) [Fig. 14] 

</>t = (JJ./JJ.w) 0·H = (8.7 /3.63)0.U 
= 1.11 [Fig. 24 insert! 

(12) Corrected coefficient, h;. = ~: .Pt 

[Eq. (6.37)] 
= 109 X 1.11 = 121 Btu/(hr)(ft•)("Fl 
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(13') Clean overall coefficient Uc: 

U ., h;.ho _ 121 X 162 _ 3 B /(h)(· •)(•F) 
c h;. + ho - 121 + 162 - 69. tu r ft (6.38) 

(14.) Design overall coefficient U D: 

a" = 0.2618 ft2/lin ft {Table 10) 
Total surface, A = 158 X 16'0" X 0.2618 ·= 662 ft2 

UD = }tlt = 6~~~~ = 55.8 Btu/(hr)(ft2)(°F) 

(16) Dirt factor R4: 

R4 = Uc- UD = 69·3 - 55·8 = 0.00348 (hr)(ft2)(°F)/Btu (6.13) 
UcUD 69.3 X 55.8 · 

(1') For Re, = 25,300, 
f = 0.00175 ft2/in.• 
8 = 0.73 
D, = 21.25/12 = 1.77 ft 

Summary 

162 I h outside I 121 

Uc 69.3 

UD 55 .. 8 

R4 Calculated 0 . 00348 

Rd Required 0.00300 

Pressure Drop 

(1) For Re, = 8220, 
[Fig. 29] f = 0.000285 ft 2/in2 

[Fig. 6] s = 0.83 
[Fig. 26] 

[Fig. 6] 

(2') No. of crosses, N + 1 = 12L/B (2) l!.P _ fGiLn [E (7 5)] 
' - 5.22 X 1010Dsq,, q. .4 [Eq.(7.43)] 

= 12 X 16/5 = 39 0.000285 X 1,060,0002 X 16 X 4 
5.22 X 1010 X 0.0675 X 0.83 X 1.11 

= 6.3 psi 

(S') !J>, = JG!D,(N + 1) [Eq. (7.44)] (3) G, = 1,060,000, 2Vg~ = 0.15 [Fig. 27] 
· · 5.22 X 1010D.s<i>. 

, 0.00175 X 297,0001 X 1.77 X 39 l!.Pr = 4n V• [E (7 46)] 
= 5.22 X 1010 X 0.0825 X 0.73 X 0.96 s 2g' q. . 

= 3.5 psi = 40~3
4 

X 0.15 = 2.9 psi 

A:llowable fli>, = 10.0 psi (4) fli>'I' = tJ>, + fli>;. 

= 6.3 + 2.9 = 9.2 psi [Eq. (7.47)1 
Allowable fli>'I' = 10.0 psi 

It is seen that a dirt factor of 0.00348 will be obtained although only 0.003 will be 
~equired to provide reasonable maintenance period. The pressure drops have not 
been: exceeded and the exchanger will be satisfactory for the service. 
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Exchangers Using Water. Cooling operations using water in tubular 
equipment are very common. Despite its abundance, the heat-transfer 
characteristics of water separate it from all other fluids. It is corrosive 
to steel, particularly when the tube-wall temperature is high and dissolveQ. 
air is present, and many industrial plants use .nonferrous tubes exclusively 
for heat-transfer services involving water. The commonest nonferrous 
tubes are admiralty, red brass, and copper, although in certain localities 
there is a preference for Muntz metal, aluminum bronze, and 8.Iuminum. · 
Since shells are usually fabricated of steel, water is best handled in the 
tubes. When water flows in the tubes, there is no serious problem of 
corrosion of the channel or floating-head cover, since these parts are often 
made of cast iron or cast steel. Castings are relatively passive to water, 
and large corrosion allowances above structural requirements can be 
provided inexpensively by making the castings heavier. Tube sheets 
may be made of heavy steel plate with a corrosion allowance of about 
7§ in. above the required structural thickness or fabricated of naval brass 
or aluminum without a corrosion allowance. 

When water travels slowly through a tube, dirt and slime resulting from 
microorganic action adhere to the tubes which would be carried away if 
there were greater turbulence. As a standard practice, the use of cooling 
water at velocities less than 3 fps should be avoided, although in certain 
localities minimum velocities as high as 4 fps are required for continued 
operation. Still another factor of considerable importance is the deposi" 
tion of mineral scale. When water of average mineral and air content is 
brought to ·a temperature in excess of 120°F, it is found that tube action 
becomes excessive, and for this reason an outlet water temperature above 
120°F should be avoided. 

Cooling water is rarely abundant or without cost. One of the serious 
problems facing the chemical and power industries today results from 
the gradual deficiency of surface and subsurface water in areas of indus­
trial concentration. This can be partially overcome through the use of 
cooling towers (Chap. 17), which reuse the cooling water and reduce the 
requirement to only 2 per cent of the amount of water -required in once­
through use. River water may provide part of the solution to a deficiency 
of ground water, but it is costly and presupposes the proximity of a river. 
River water must usually be strained by moving screens and pumped 
considerable distances, and in some localities the water from rivers servic· 
ing congested industrial areas requires cooling in cooling towers before it 
can be used. 

Many sizable municipalities have legislated against the use of public 
water supplies for large cooling purposes other than for make-up in 
cooling towers or spray-pond systems. Where available, municipal water 
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may average about 1 cent per 1000 gal., although it has the advantage of 
being generally available at from 30 to 60 psi pressure which is adequate 
for most process needs including the pressure drops in heat exchangers. 
Where a cooling tower is used, the cost of the water is determined by the 
cost of fresh water, pumping power, fan power, and write-off on the 
original investment. 

The shell-side heat-transfer curve (Fig. 28) correlates very well for the 
flow of water across tube bundles. The high thermal conductivity of 
water results in relatively high film coefficients compared with organic 
,fluids. The use of the tube-side curve (Fig. 24), however, gives coeffi­
cients which. are generally high. In its place the data of Eagle and 
Ferguson 1 for water alone are given in Fig. 25 and are recommended when­
ever water flows in tubes. Since this graph deals only with water, it has 
been possible to plot film coefficients vs. velocity in feet per second with 
temperature .as the parameter. The data have been plotted with the 
%in., 16 BWG tube as the base, and the correction factor obtained from 
the insert in Fig. 25 should be applied when any other inside diameter is 
used. 

In a water-to-water exchanger with individual film coefficients ranging 
from 500 to.1500 for both the shell and tube, the selection of the required 
dirt factor merits serious judgment. As an example, if film coefficients 
of 1000 are obtained on the shell and tube sides, the combined resistance is 
0.002, or U c = 500. If a fouling factor of 0.004 is required, the fouling 
factor becomes the controlling resistance. When the fouling factor is 
0.004, U D must be less than 1/0.004 or 250. Whenever high coefficients 
exist on both sides of the exchanger, the use of an unnecessarily large 
fouling factor should be avoided. 

The following heat-recovery problem occurs in powerhouses. Although 
it involves a moderate-size exchanger, the heat recovery is equivalent to 
nearly 1500 lb/hr of steam, which represents a sizable economy in the 
course of a year. 

Example 7.4. Calculation of a Distilled-water-Raw-water Exchanger. 175,000 
lb/hr of distilled water enters an exchanger at 93°F and leaves at 85°F. The heat 
will be transferred to 280,000 lbjhr of raw water coming from supply at 75°F and 
leaving the exchanger at so•F. A 10 psi pressure drop may be expended on both 
streams while providing a fouling factor of 0.0005 for distilled water and 0.0015 for 
raw water when the tube velocity exceeds 6 fps. 

Available for this service is a 157.4: in. ID exchanger having·l60% in. OD, 18 BWG 
tubea 16'0" long and laid out on 1X6-in. triangular pitch. ·The bundle is arranged 
for two passes, and baffies are spaced 12 in. apart. 

Will the exchanger be suitable? 

1 Eagle, A., and R. M. Ferguson, Pro. Roy. Soc., A127, 540-566 (1930). 
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Solutwn: 

Exchanger: 

Shell aide 
ID = 15),4 in. 

Tube side· 
Null.lber and lf..ngth = 160, 16'0" 

BafHe space = 12 in. OD, BWG, pitch =%in., 18 BWG, IM8 in. tri. 
Passes= 1 Passes= 2 

(1) Heat balance: 
Distilled water, Q = 175,000 X 1(93 - 85) = 1,400,000 Btu/hr 

Raw water, Q = 280,000 X 1(80 - 75) = 1,400,000 Bt.u/hr 
(2) At: 

Hot Fluid Cold Fluid Diff. 

93 Higher Temp 80 13 

85 Lower Temp 75 10 

8 Differences 5 3 

LMTD = ll.4°F (5.14) 
8 5 R = 5 = 1.6 8 = 93 _ 75 = 0.278 

F'r = 0.945 
At = 0.945 X 11.4 = 10.75°F 

(3) T, and t,: 

(Fig. 18) 
(7.42) 

The average temperatures Ta and t,. of 89 and 77.5°F Will be satisfactory for the 
short ranges and .p. and op 1 taken as 1.0. Try hot fluid in shell as a trial, since it is 
the smaller of the two. 

Hot fluid: ahell side, rlistilled water 
(4') a, = ID X C'B/144P7! [Eq. (7.1)] 

= 15.25 X 0.1875 X 12/ 
144 X 0.9375 = 0.254 ft' 

(5') G. = W fa, [Eq. (7.2)] 
= 175,000/0.254 

= 690,000 lb/(hr)(ft1) 

(6') At T. = 89"F, p. = 0.81 X 2.42 
= 1.96lb/(ft)(hr) 

[Fig. 14] 
D, = 0.55/12 = 0.0458 ft [Fig. '28] 
Re, = D,.G,fp. [Eq. (7.31 

= 0.0458 X 690,000/1,96 = 16,200 
(7') jg = 73 [Fig. 28] 
(8') At T. = gg•F, c = 1.0 Btu/(lb)(°F) 
k = 0.36 Btu/(hr)(ft')(°F /ft) [Table 4] 
(cp.fk)'li = (1.0 X 1.96/0.36)'li = 1.76 

Cold fluid: tube side, raw water 
(4) a~ = 0.334 in.• [TablelO] 
a, = N ,a;/144n [Eq. (7.48)] 

= 160 X 0.334/144 X 2 = 0.186 ftl 
(5) G, = wja, 

= 280,000/0.186 
= 1,505,0001b/(hr)(ft') 

Vel, V = G,j3600p 
= 1,505,000/3600 X 62.5 = 6.70 fps 

(6) At t. = 77.5°F, ,. = 0.92 X 2.42 
= 2.23 lb I (ft )(hr) 

[Fig.14] 
D = 0.65/12 = 0.054 ft (Re, is for pres­

. sure drop only) [Table 10] 
Re, = DG,j,. 

= 0.054 X 1,505,000/2.23 = 36,400 
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Hot fluid: shell side, distilled water Cold fluid: tube side, raw water 

(9') h; = iH i. (tt' X 1 [Eq. (6.15b)J (9) h; = 1350 X 0.99 = 1335 [Fig. 25] 

= 73 X 0.36 X 1.76/0.0458 = 1010 
(10') (11') (12') The small difference 
in. the average temperatures eliminates 
the need for a tube-wall correction, and 

h;. = h; X ID/OD = 1335 X 0.65/0.75 
= 1155 [Eq. (6.5)] 

.p, = 1. . 

(13) Clean overall coefficient U o: 

U = h;ch. = 1155 X 1010 = 537 Bt /(hr)(fttJ(OF) 0 
h;o + ho 1155 + 1010 U 

(6.38) 

·when both. film coefficients are high the thermal resistance of the tube metal is not 
necessarily insignificant as assumed in the derivation of Eq. (6.38). For a steel 
1.8 BWG tubeR,. = 0.00017 and for copper R .. = 0.000017. 

(14) Design overall coefficient U D: 

(16) Dirt factor Rd: . 

External surface/ft, a" = 0.1963 ft2/ft 
A = 160 X 16'0" X 0.1963 = 502 ft• 

U Q 1,400,000 259 
D = A.<lt = 502 X 10.75 = . (5.3) 

_ Ua- UD _ 537-259 _ 2 o 
R4- Ua X UD- 537 X 259 - 0.0020(hr)(ft )(F)/Btu (6.13) 

Summary 

1010 I h outside I 1155 

Ua 537 

UD 259 

Rd Calculated 0 . 0020 

Rd Required 0.0020 

Pressure Drop 

'(l.') For Re, = 16,200,/ = 0.0019 ft2/in. 2 (1) For Re, = 36,400,/ = 0.00019 ft•/in.• 
[Fig. 29] [Fig. 26] 

(2') No. of crosses, N + 1 = 12L/B 

D. = 15.25/12 = 1.27 ft 

[Eq. (7.43)] 
= 12 X 1%z 

= 16 

fGiLn 
(2) tJ>, = 5.22 X IOIODsq,, [Eq. (7·45)] 

0.00019 X 1,505,0002 X 16 X 2 
= 5.22 X 1010 X 0.054 X 1.0 X 1.0 

= 4.9 psi 



158 PROCESS HEAT TRANSFER 

Pressure Drop 

(3') t.P, = JG';,D.(N +I) [Eq. (7.44)] (3) tJ>,: G, = 1,505,000, V 2/2g' = 0.33 
5.22 X IO'"D.s.p, [Fig. 27] 

0.0019 X 690,0001 X 1.27 X 16 
= 5.22 X 1010 X 0.0458 X 1.0 X 1.0 

tiP, = (4n/s)(V2/2g') [Eq. (7.46)] 

4 X 2 0 '>'> 2 n • = -~- X ,.,., = .o pSI 

-= 7.7 psi 
Allowable t.P, = 10.0 psi (4) tiFT = p, + P, [Eq. (7.47)] 

= 4.9 + 2.6 = 7.5 psi 
Allowable tiFT = 10.0 psi 

It, is seen that the overall coefficient for this problem is five times that of the oil-to-oil 
exchange of Example 7.3, the principal difference being due to the excellent thermal 
properties of water. The exchanger is satisfactory for the service. 

Optimum Outlet-water Temperature. ln using water as the cooliag 
medium for a given duty it is possible to circulate a large quantity with a 
small temperature range or a small quantity with a large temperature 
range. The temperature range of the water naturally affects the LMTD. 
If a large quantity is used, t2 will be farther from T1 and less surface is 
required as a result of the larger LMTD. Although this will reduce the 
original investment and fixed charges, since depreciation and maintenance 
will also be smaller, the operating cost will be increased owing to the 
greater quantity of water. It is apparent that there must be an optimum 
between the two conditions: much water and small surface or little water 
11.nd large surface. 

In the following it is assumed that the line pressure on the water is 
sufficient to overcome the pressure drop in the exchanger and that the 
cost of the water is related only to the amount used. It is also assumed 
that the cooler operates in true counterflow so that !:.t = LMTD. If the 
approach is small or there is a temperature cross, the derivation below 
requires an estimate of FT by which the LMTD is multiplied. 

The total annual cost of the exchanger to the plant will be the sum of 
the annual cost of water and the fixed charges, which include maintenance 
and depreciation. 

If aT is the total annual COSt, 
aT = (water cost/lb)(lb/hr)(annual hr) 

+ (annual fixed charges/ft2)(ft2) 
Q = wc(t2 - t1) = U A (LMTD) (7.49) 

Substituting the heat-balance terms in Eq. (7.49), where w = Q/[c(t2 - t1)] 

and the surface A = Q/U(LMTD) 

a Qoaw al'Q 
T = c(ta- t1) + U(LMTD) 
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where 8 = annual operating hours 
Cw = water cost/lb 
CF ,;., annual fixed cbarges/ft2 

Assuming U is constant 

LMTD = At2 - AlL 
ln At2/Ah 

159 

Keeping all factors constant except the water-outlet temperature and 
consequently At2, 

CT = Q8Cw + CFQ (7.50) 
~;(t2 - tz) U [ T1 - t2 - Atz ] 

In (Tz- t2)/Atz 

The optimum condition will occur when the total annual cost is a mini­
mum, thus when dCT/dt2 = 0. 

Differentiating and equating the respective parts, 

U8Cw(Tz- h- At1)
2 

l Tz- t2 [ 1 1 ] 
CFc · t2- tz = n""A4 - - (Tt- t2)/At1 (7.51) 

Equation (7.51) has been plotted by Colburn and is reproduced in Fig. 
7.24. 

Example '7;5. · Calculation of the Optimum Outlet-water Temperature. A viscous 
.fluid is cooled from 175 to 150°F with water available at 85°F. What is the optimum­
outlet water temperature? 

175- z = Mz 
150 - 85 = t..tl =.65 

It will first be necessary to assume a value of U. Since the material is viscous, 
assume U = 15. To evaluate the group UBCw/Cpe: 

(J = 8000 operating hours annually 
Cw computed at $0.01/1000 gal. = 0.01/8300, dollars/lb 
For annual charges assume 20 per cent repair and maintenanc.e and 10 per cent 

depreciit.tion. At a unit cost of $4 per square foot the annual fixed charge is 

$4 X 0.30 = $1.20 

The specific heat of water is taken as 1.0. 

From Figure 7.24, 

UoCw = 15 X 8000 ( 0.01) = 0_1205 
(fpc 1.20 X 1.0 8300 · 

Tt - Tz = 175 - 150 = 0.39 
t.t~ 150 - 85 

~: = 0.96 

&z = T, - t2 = 0.96 X 65 = 62.3°F 
t: = 175 - 62.3 = 112.7°F 
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When the value of U is high or there is a large hot-fluid range, the 
optimum outlet-water temperature may be considerably above the upper 
limit of 120°F. This is not completely correct, since the maintenance 
cost will probably rise considerably above 20 per cent of the initial cost 
when the temperature rises above 120°F. Usually information is not 
available on the increase in maintenance cost with increased water-outlet 
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Fxa. 7.24. Optimum outlet water temperature. (Perr11, Chemical Engineers' Handbook, 
McGraw-Hill Book Company, Inc., New York, 1950.) 

temperature, since such data entail not only destructive tests but records 
kept over a long period of time. 

Solution Exchangers. One of the commonest classes of exchangers 
embraces the cooling or heating of solutions for which there is a paucity 
of physical data. This is understandable, since property vs. temperature 
plots are required not only for each combination of solute and solvent 
but for different concentrations as well. Some of the data available in 
the literature and other studies permit the formulation of rUles for esti­
mating the heat-transfer properties of solutions when the rules are used 
with considerable caution. They are given as follows: 
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Thermal conductivity: 

Solutions of organic liquids: use the weighted conductivity. 
Solutions of organic liquids and water: use 0.9 times the weighted 

con,ductivity. 
Solutions of salts and water circulated through the shell: use 0. 9 times 

the conductivity of water up to concentrations of 30 per cent. 
Solutions of salts and water circulating through the tubes and not 

exceeding 30 per cent.: use Fig. 24 with a conductivity of 0.8 that of 
water. 

Colloidaf dispersions: use 0.9 times the conductivity of the dispersion 
liquid. 

Emulsions: use 0.9 times the conductivity of the liquid surrounding 
the droplets. 

Specific heat: 

Organic solutions: use the weighted specific heat. 
Organic solutions in water: use the weighted specific heat. 
Fusable salts in water: use the weighted specific heat where the specific 

heat of the salt is for the crystalline state. 

Viscosity: 

Organic liquids in organics: use the reciprocal of the sum of the terms, 
(weight fraction/viscosity) for each component. 

Organic liquids in water: use the reciprocal of the sum of the terms, 
(weight fraction/viscosity) for each component. 

Salts in water where the concentration does not exceed 30 per cent and 
where it is known that a sirup-type of solution does not result: use 
a viscosity twice that of water. A solution of sodium hydroxide in 
water under even very low concentrations should be considered 
sirupy and can not be estimated. 

Wherever laboratory tests are available or data can be obtained, they 
will be preferable to any of the foregoing rules. The following demon­
strates the solution of a problem involving an aqueous solution: 

Example 7.6. Calculation of a Phosphate Solution Cooler. 20,160 lbjhr of a 30% 
KaP04 solution, specific gravity a.t 120°F = 1.30, is to be cooled from 150 to 90°F 
using well water from 68 to 90°F. Pressure drops of ,1.0 psi are allowable on both 
streams, and a total dirt factor of 0.002 is required. 

Available for this service is a 10.02 in. ID 1-2 exchanger having 52 % in. OD, 
16 BWG tubes 16'0" long laid out on l-in. square pitch-. The bundle is arranged for· 
two passes, and the ba:ifles are spaced 2 in. apart. 

Will the exchanger be suitable? 
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Solution: 
E1Cchanger: 

Shell Bide 
ID = 10.02 in. 

Tube sitU 
Number and length - 52, 16'0" 

Baffie space = 2 in. 
Passes= 1 

OD, BWG, pitch = % in., 16 BWG, 1 in. square 
Passes = 2 

(1) Heat balance: 
Specific heat of phosphate solution = 0.3 X 0.19 + 0.7 X 1 = 0.757 ~tu/(lb)(°F) 
30% KaPO, solution, Q = 20,160 X 0.757(150 - 90) = 915,000 Btu/hr 
Water, Q = 41,600 X 1.0(90 - 68) = 915,000 Btu/hr 

(2) t.t: 
Hot Fluid Cold Fluid Dill. 

150 Higher Temp 90 60 

90 Lower Temp 68 22 

60 Differences 22 38 

LMTD = 37.9°F (5.14) 
60 22 R = 22 = 2.73 S = 

150 
_ 

68 
= 0.268 

FT = 0.81 (Fig. 18) 
t.t = o.s1 x 37.9 = 3o.7•F (7.42) 

(3) T. and t.: The average temperatures T,. and t,. of 120 and 79"F will be satisfactory. 

Hot fluid: shell side, pho8phate 8olution Cold fluid: tube Biile, water 
(4') a, = ID X C'B/144PT [Eq. (7.1)] (4) a: = 0.302 in. 2 [Table 101 

= 10.02 X 0.25 X 2/144 X 1 a, = N,a:f144n 
= 0.0347 ft• = 52 X 0.302/144 X 2 = 0.0545 ft• 

(15') G, =- wja, 
= 20,160/0.0347 

= 578,000 lb/(hr)(ft1) 

(6') At T .. = 120•F, 
p. = 2~~wator = 1.20 X 2.42 

= 2.90 lb/(ft)(hr) [Fig. 14] 
D, = 0.95/12 = 0.079 ft [Fig. 281 
Re, = D/},jp. [Eq. (7.3)] 

= 0.079 X 578,000/2.90 = 15,750 
('1') }H '"' 71 [Fig. 28) 
(8') At T,. = 120•F, k = 0.9k..a,..r 

= 0.9 X 0.37 
= 0.33 Btu/(hr)(ft")(.F/ft) 

(cp.jk)'~' ""' (0.757 X 2.90/0,33)~ = 1.88 

(9') h. =JH~(~)li X l [Eq. (6.15b)] 

= 71 X 0.33 X 1.88/0.079 
= 558 Btu/(hr)(ft')(.F) 

(10') (11') (12') q,, and q,, = 1 

(5) G, = w/a, 
= 41,600/0.0545 

= 762,00o lb/(hr)(ft•) 
V = G,/3600p = 762,000/3600 X 62.5 

= 3.40 fps 
(6) At t,. .. 79"F, p. = 0.91 X 2.42 

= 2.20 lb/(ft)(hr) [Table 14] 
D = 0.62/12 = 0.0517 ft [Table 1q] 
(Re, is for pressure drop only) · 
Re, = IXl,jp. 

= 0.0517 X 762,000/2,20 = 17,900 

(9) h; ... 800 X 1.0 ~ 800 [Fig .. 25] 
h,.. = h; X ID/OD = 800 X 0.62/0,75 

= 662 Btu/(hr)(ft1WF) [Eq. (6.5)] 
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(18) Clean overall coefficient Uc: 

kwh. 662 X 558 
Uc = h;. +h. = 662 + 558 = 303 Btu/(hr)(ftsWF) (6.38) 

(14) ·Design overall coefficient U D: 

External surface/ft, a" = 0.1963 ft 
A = 52 X 16'0" X 0.1963 = 163 ft• 

U D = A~t = 16~~~~.7 = 183 Btuj(hr)(ft•)(°F) 

(16) Dirt factor Ra: 

(Table 10) 

Uc - U n 303 - 183 0 Ra = UcUn = 303 X 183 = 0.00216 (hr)(ft2)( F)/Btu (6.13) 

Summary 

558 I h outside I 662 

Uc 303 

Un 183 

R. Calculated 0.00216 

R. Required 0.0020 

Pressure Drop 

(1') For Re, = 15,750,/ = 0.0019 ft2/in.• (1) For Re, = 17,900,/ = 0.00023 ft•jin.• 
. [Fig. 29] [Fig. 26] 

(21) No. of crosses, N + I = 12L/B 

D, = 10.02/12 = 0.833 ft 

[Eq. (7.43)] 
= 12 X 1_% 

= 96 

(3') AP = f(}!D,(N + l) [Eq. (7.44)] 
' 5.22 X 1010D,sq,, 

0.0019 X 578,0002 X 0.833 X 96 
5.22 X 1010 X 0.079 X 1.30 X 1.0 

= 9.5 psi 
Allowable tJ>, = 10.0 psi 

(2) tJ>, = f{ftLn [E (7 ) 
· 5.22 X 1010Ds.p, q. '

45 l 
0.00023 X 762,000' X 16 X 2 

5.22 X 1010 X 0;0517 X 1.0 X 1.0 

v• 
(3) G, = 762,000, Zg' = 0.08 

tJ>, = 4n v• 
8 2g' 

= 4 ~ 2 
X 0.08 = 0.7 psi 

!J>T = tJ>, + tJ>, 
= 1.6 + 0.7 = 2.3 psi 

j Allowable APT = 10.0 psi 

= 1.6 psi 

[Fig. 27] 

[Eq. (7.46)] 

[Eq. (7.47)) 

The exchanger is satisfactory for the service. 

Steam as a Heating Medium. Thus far none of the heat-transfer serv­
ices studied has employed steam although it is by far the commonest 
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heating medium. Steam as a heating medium introduces several diffi­
culties: (1) Hot steam condensate is fairly corrosive, and care must be 
exercised to prevent condensate from accumulating within an exchanger 
where continuous contact with metal will cause damage. (2) The 
condensate line must be connected with discretion. Suppose exhaust 
steam at 5 psig and 228°F is used to heat a cold fluid entering at a temper­
ature of 100°F. The tube wall will be at a temperature between the two 
but nearer that of the steam, say 180°F, which corresponds to a sat­
uration pressure of only 7.5 psia for the condensate at the tube wall. 
Although the steam entered at 5 psig, the pressure on the steam side may 
drop locally to a pressure below that of the atmosphere, so that the 
condensate will not run out of the heater. Instead it will remain and . 
build up in the exchanger until it blocks off all the surface available for 
heat transfer. Without surface, the steam will not continue to condense 
and will retain its inlet pressure long enough to blow out some or all of 
the accumulated condensate so as to reexpose surface, depending upon 
the design. The heating operation will become cyclical and to over­
come this difficulty and attain uniform flow, it may be necessary to em­
ploy a trap or suction for which piping arrangements will be discussed in 
Chap. 21. 

The heat-transfer coefficients associated with the condensation of steam 
are very high compared with any which have been studied so far. It is 
customary to ado~t a conventional and conservative value for the film 
coefficient, since it is never the controlling film, rather than obtain one 
by calculation. In this book in all heating services employing relatively 
air-free steam a value of 1500 Btu/(hr)(ft2)(°F) will be used for the 
condensation of steam without regard to its location. Thus h, = h. = 
h;. = 1500. 

It is advantageous in heating to connect the steam to the tubes of the 
heater rather than the shell. In this way, since the condensate may be 
corrosive, the action can be confined to the tube side alone, whereas if 
the steam is introduced into the shell, both may be damaged. When 
steam flows through the tubes of a 1-2 exchanger, there is no need for 
more than two tube passes. Since steam is an isothermally condensing 
fluid, the true temperature difference llt and the LMTD are identical. 

When using superheated steam as a heating medium, except in desuper­
heaters, it is customary to disregard the temperature range of desuperheat­
ing and consider all the heat to be delivered at the saturation temperature 
corresponding to the operating pressure. A more intensive analysis of 
the condensation of steam will be undertaken in the chapters dealing 
with condensation. 



1-2 PARALLEL-COUNTERFLOW 165 

Pressure Drop for Steam. When steam is employed in two passes on 
the tube side, the allowable pressure drop should be very small, less than 
1.0 psi, particulady if there is a gravity return of condensate to the 
boiler. In a gravity-return system, condensate flows back to the boiler 
because of the .difference in static head between a vertical column of steam 
and a vertical column of condensate. The pressure drop including 
entrance and end losses through an exchanger can be calculated by taking 
one-half of the pressure drop for steam as calculated in the usual manner 
by Eq. (7.45) for the inlet vapor conditions. The mass velocity is calcu­
lated from the inlet steam rate and the flow area of the first pass (which 
need not be equal to that of the second pass). The Reynolds number is 
based on the mass velocity and the viscosity of steam as found in Fig. 15. 
The specific gravity used with Eq. (7.45) is the density of the steam 
obtained from Table 7 for the inlet pressure divided by the density of 
water taken as 62.5 lb/ft8• 

Quite apparently this calculation is an approximation. It is conserva­
tive inasmuch as the pressure drop per foot of length decreases succes­
sively with the square of the mass velocity while the .approximation 
assumes a value more nearly the mean of the inlet and outlet. 

The Optimum Use of Exhaust and Process Steam. Some plants 
obtain power from noncondensing turbines or engines. In such places 
there may be an abundance of exhaust steam at low pressures from 5 to 
25 psig which is considered a by-product of the power cycles in the plant. 
Vil'hile there are arbitrary aspects to the method of estimating the cost of 
exhaust steam, it will be' anywhere from one-quarter to one-eighth of the 
cost of process or live steam. Although it possesses a high latent heat, 
exhaust steam is of limited process value, since the saturation temperature 
is usually about 215 to 230°F. If a liquid is to be heated to 250 or 275°F, 
it is necessary to use process steam at 100 to 200 psi developed at the 
powerhouse specially for process purposes. 

When a fluid is to be heated to a temperature close to or above that 
of exhaust steam, all the heating can be done in a single shell using only 
pro,cess steam. As an alternative the heat load can be divided into two 
shells, one utilizing as much exhaust steam as possible and the other 
using as little process steam as possible. This leads to an optimum: If 
the outlet temperature of the cold fluid in the first exchanger is made to 
approach the exhaust steam temperature too closely, a small11t and large 
first heater will result. On the other hand, if the approach is not close, 
the operating cost of the higher process steam requirement in the second 
heater increases so that the initial cost of two shells may not be justified. 

In the following analysis it is assumed that the pressure drop, pumping 
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cost, and overall coefficient are identical in a single and double heater 
arrangement. It is assumed also that the fixed charges per square foot 
of surface is constant, although this too is not strictly true. The cost 
equation is taken as the sum of steam and fixed charges and because 
steam condenses isothermally, !lt = LMTD. 

CT = wc(t - tt)OCE +Ate;+ wc(t2 - t)OCp + A2CF (7.52) 

where C 7' = total annual cost, dollars 
CF = annual fixed charges, dollars/ft2 . 

C E = cost of exhaust steam, dollars/Btu 
C P = cost of process steam, dollars/Btu 
T E = temperature of exhaust steam, °F 
TP = temperature of process steam, °F 

t = intermediate temperature between shells 
0 = total annual operating hours 

At = ~ = we In Tz - tt 
u Att u TE- t and 

Substituting, differentiating Eq. (7.52) with respect tot, and setting equal 
to zero 

(7.53) 

Example 7.7. The Optimum Use of Exhaust and Process Steam. Exhaust steam 
at 5 psi ( * 228°F) and process steam at 85 psi ( * 328°F) are available to heat a 
liquid from 150 to 250°F. Exhaust steam is available at 5 cents per per 1000 lb, and 
process steam at 30 cents per 1000 lb. From experience an overall rate of 50 Btu/ 
(hr)(ft2)(°F) may be expected. The assumption may be checked later. Use annual 
fixed charges of $1.20 per square foot, 8000 annual hours, latent heats of 960.1 Btu/lb 
for exhaust, and 888.8 Btu/lb for process steam. 

Solution: 

-'- 1.20(328 -. 228) 
(328 - t)(228 - t) - (0.30/1000 X 888.8 - 0.05/1000 X 960)50 X 8000 (7.53) 

t = 218°F 

1-2 Exchangers without Baffi.es. Not all 1-2 exchangers have 25 per 
cent cut segmental bafHes. When it is desired that a fluid pass through 
the shell with an extremely small pressure drop, it is possible to depart 
from the use of segmental bafHes and use only support plates. These 
will usually be half-circle, 50 per cent cut plates which provide rigidity 
and prevent the tubes from sagging. Successive support plates overlap 
at the shell diameter so that the entire bundle can be supported by two 
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half circles which support one or two rows of tubes in common. These 
may be spaced farther apart than the outside diameter of the shell, but 
when they are employed, the shell fluid is considered to flow along the 
axis instead of across the tubes. When the shell fluid flows along the 
tubes or the baffi~s are cut more than 25 per cent, Fig. 28 no longer 
applies. The flow is then analogous to the annulus of a double pipe 
exchanger and can be treated in a similar manner, using an equivalent 
diameter based on the distribution of flow area and the wetted perimeter 
for the entire shell, The calculation of the shell-side pressure drop will 
also be similar to that for an annulus. 

Example 7.8. Calculation of a Sugar-solution Heater without Baflles. 200,000 
lb/hr of a 20 per cent sugar solution (s = 1.08) is to be heated from 100 to 122°F 
using steam at 5 psi pressure. 

Available for this service is a 12 in. ID 1-2 exchanger without baffles having 76.% in. 
OD, 16 BWG tubes 16'0"long laid out on a l-in. square pitch. The bundle is arranged 
for two passes. 

Can the exchanger provide a 0.003 dirt factor without exceeding a 10.0 psi solution 
pressure drop? 

Solution: 

Exchanger: 

Shell side 
ID = 12 in. 

Baffie space = half circles 
. Passes= 1 

(1) Heat balance: 

Tube side 
Number and length = 76, 16'0" 

OD, BWG, pitch = .% in., 16 BWG, 1 in. square 
Passes = 2· 

Specific heat of 20 per cent sugar at 111 °F = 0.2 X 0.30 + 0.8 X 1 

Sugar solution, Q == 200,000 X 0.86(122 - 100) 
Steam Q = 3950 X 960.1 = 3,790,000 Btu/hr 

(2) Jot: 

= 0.86 Btu/(lbWF) 
= 3,790,000 Btu/hr 

(Table 7) 

Hot Fluid Cold Fluid Diii. 

228 Higher Tenip 122 106 

228 Lower Temp 100 128 

0 Differences 22 22 

When R = 0, At = LMTD = 116.5°F. (5.14) 
(8) T. and t.: The steam coefficient will be very great compared with that for the 

sugar solution, and the tube wall will be considerably nearer 228°F than the caloric 
temperature of the fluid. Obtain F. from U, and U •· Failure to correct for wall 
effects, however, will keep the heater calculation on the safe side. Use 111 °F as 
the average, t •. 
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Hot fluid: tube side, steam I Cold fluid: shell side, sugar so!ution 
(4) a; = 0.302 in• [Table 10] (4') a, = (area of shell) - (area. of tubes) 
a, = N,a;/144n [Eq. (7.48)] ""H44(d22/4- 76 X" 

= 76 X 0.302/144 X 2 = 0.0797 ft 2 X 0.752/4) 

(6) G1 (for pressure drop only) = W fa, 
= 3950/0.0797 = 49,500 lb/(hr)(ft2) 

(6) At T a = 228°F, 
J.leteam = 0.0128 X 2.42 

= 0.031 lb/(ft)(br) [Fig. 15] 
D = 0.62/12 = 0.0517 ft [Table 10] 
Re, = DG,jp. [Eq. (3.6)] 

= o.0517 x 49,5oo;o.o,:n ~ 82,500 
Re, is for pressure drop. 

(9) Condensation of steam: 
k;. = 1500 Btu/ (hr) (ft 2) (°F) 
(10) t.,*; 

t., = t. + k;o k~ ho (Ta- ta) [Eq. (5.31a)] 

1500 
= 111 + 1500 + 278 (228 - Ill) 

= 210°F 

(13) Clean overall coefficient U c: 

= 0.55 ft2 

(6') G, = wfa, [Eq. (7.2)] 
= 200,000/0.55 

= 364,000 lb/(hr)(ft2) 

(61
) At ta = 111 °F, J.l = 2J.Iwater 
= 1.30 X 2.42 = 3.14lb/(ft) (hr) 

[Fig. 14] 
D. = 4a,/(wetted perimeter) [Eq; (6.3)] 

= 4 X 0.55/(76 X 1r X 0.75/12) 
= 0.148 ft 

Re, = D,G,/J.I [Eq. (7.3)] 
= 0.148 X 364,000/3.14 == 17,100 

(7') From Fig. 24 (tube-side data) 
jH = 61.5 
(8') At t. = 111 °F, 
k = 0.9 X 0.37 

= 0.333 Btu/(hr) (ft•) (°F /ft) 
(cJ.I/k)'h = (0.86 X 3.14/0.333)~ = 2.0 

(9') h. = }H f5-. (~)'AI <f>, [Eq. (6.15b)J 

~ = 61.5 X 0.333 X 2.0/0.148 = 278 

(11') At t., = 210°F, J.lw = 2J.Iwater 
= 0.51 X 2.42 = 1.26 lb/(ft)(hr) 

[Fig. 14] 
¢, = (J.Ijp..,) 0·14 = (3.14/1.26)0.14 = 1.12 

(12') Corrected coefficient, h. = h.<f>, 
q,. 

. [Eq. (6.36)] 
= 278 X 1.12 = 311 Btu/(hr)(ft2)(°F) 

u = h,.h. = 1500 X 311 = 257 Bt /(h )(ft•)(OF) 0 h;. + h. 1500 + 311 u r (6.38) 

(14) Design overall coefficient U D: 

a" = 0.1963 ft 2/lin ft 
A = 76 X 16'0" X 0.1963 =238ft' 

UD = A'it = z:t~·~~5 = 137 Btu/(hr)(ft')(°F) 

(16) Dirt factor Rd: 

_ Uc- UD _ 257- 137 _ . (hr)(f ')(oF)/B 
Rd- UcU» -257 X 137 - 0·0034 t tu 

• Note h;, in the numerator. 

(Table 10) 

(6.13) 



1-2 PARALLEL-COUNTERFLOW 169 

Summary 

1500 Jhoutside I 311 

Uc 257 

ud 137 

Ra Calculated 0. 0034 

Rd Required 0.003 

Pressure Drop 

(1) Specific vol of steam from Table 7: (1') D.• = 4 X flow area/frictional 
v = 20.0 ft 3/lb wetted perimeter [Eq. (6.4)] 

8 
= 1

6
/2
2

0.
5
.0 = 0.00080 = 4 X 0.55/(76 X 3.14 X 0.75/12 

+ 3.14 X 17):2) = 0.122 ft 
Re: = 82,500, J = 0.000155 ft2/in.• 

[Fig. 26] 

AP -~ fGiLn E (7 ) 
:- 2 X 5.22 X 1010Da¢e [ q. "45 ] 

= ! X 0.000155 X 49,5002 X 16 X 2 
2 5.22 X 1010 X 0.0517 

X 0.0008 X 1.0 
~ 2.8 psi 

This is a relatively high pressure drop for 
steam with a gravity condensate return. 
The exchanger is satisfactory. 

Re: =D.{].(,. [Eq. (7.3)] 
= 0.122 X 364,000/3.14 = 14,100 

!(from Fig. 26 for tube side) 
= 0.00025 ft2/in.• 

(2') AP - JC1:Ln 
• - 5.22 X 1010D.•s¢. 

[Eq. (7A5)] 
_ 0.00025 X 364,0002 X 16 X 1 
- 5.22 X 1010 X 0.122 X 1.08 

X 1.12 
= 0.07 psi 

Heat Recovery in a 1-2 Exchanger. When an exchanger is clean, the 
hot-fluid outlet temperature is lower than the process outlet temperature 
and the cold-fluid outlet temperature is higher than the process outlet 
temperature. For counterflow it was possible to obtain the Yalue of Tz 
and tz for a clean exchanger from Eq. (5.18), starting with 

wc(tz- li) = UA X LMTD 

For a 1-2 exchanger the outlet temperatures can be obtained starting 
with the expression wc(t2 - tt) = U AFT X LMTD, where the LMTD is 
defined in terms of parameters R and S by Eq. (7 .39) and F Tis defined by 
Eq. (7.41). 

Recognizing that FT can be eliminated when UAjwc in Eq. (7.37) is 
plotted against S, Ten Broeck1 developed the graph shown in Fig. 7.25. 
In an existing 1-2 exchanger A and we are known. U can be computed 

1 Ten Broeck, H., Ind. Eng. Chem., 80, 1041-1042 (1938). 
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from the flow quantities and temperatures, and R can be evaluated from 
wc/WC. This permits S to be read directly from the graph. Since 
S = (t2 - t1)/(T1 - t1) and T1 and t1 are known, it is then possible 
to obtain t2 and from the heat balance wc(t: - t1) = WC(T1 - T2). 
The line designated threshold represents the initial points at which a 
temperature cross occurs. Values on this line correspond to T2 = t •. 
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FIG. 7.25. Ten Broeck chart !or determining t. when Tt and tt are known in s. 1-2 
exchanger. (Industrial & Engineering Chemistry.) 

Example 7.9. Outlet Temperatures for a Clean 1-i Exchanger. In Example 7.3, 
kerosene-crude oil exchanger, what will the outlet temperatures be when the exchanger 
is freshly placed in service? 

Solution: 
Uc = 69.3 A = 662 w = 149,000 c = 0.49 

w = 43,800 c = 0.60 
UA = 69.3 X 662 _ 063 we 149,000 X 0.49 - · 

R = ~ = 149,000 X 0.49 = 2.78 we 43,800 x o.60 
From Figure 7.25, 

8=~ =0.265 
Tt -h 

t. = t, + 0.265(Tt - t1) = 100 + 0.265(390 - 100) = l77°F 
T, = T, - R(t2 -h) = 390 - 2.78(177 - 100) = 176°F 

The Efficiency of. an Exchanger. In the design of many types of 
apparatus it is frequently desirable to establish a standard of maximum 
performance. The efficiency is then defined as the fractional perform­
ance of an apparatus delivering less than the standard. Dodge1 gives 
the definition of the efficiency of an exchanger as the ratio of the quantity 

'Dodge, B. F., "Chemioal Engineering Thermodynamics," McGraw-Hill Book 
Company, Inc., New York, 1944. 



1-f PARALLEL-COUNTERFLOW 171 

of heat removed from a fluid to the maximum which might have been 
removed. Using the usual nomenclature, 

wc(t2 - t1) t2 - t1 
e = = ------

wc(TI - t1) T1 - t1 (7.54) 

which is identical with the temperature group S and presumed that 
t2 = T1. Depending upon whether the hot or cold terminal approaches 
zero, the efficiency may also be expressed by 

{7.55) 

Although there is merit to this definition from the standpoint of thermo­
dynamics there is a lack of realism in an efficiency definition which 
involves a terminal difference and a temperature difference of zero. It 
is the same as defining the efficiency as the ratio of the heat transferred 
by a real exchanger to an exchanger with infinite surface. 

In process heat transfer there is another definition which is useful. 
The process temperatures are capable of providing a maximum tempera­
ture difference if arranged in counterflow. There appears to be some 
value in regarding the efficiency of an exchanger as the ratio of the 
temperature difference attained by any other exchanger to that for true 
counterflow. This is identical with F T, which proportionately influences 
the surface requirements. It will be seen in the next and later chapters 
that other flow arrangements besides 1-2 parallel flow-counterflow can 
:he attained in tubular equipment and by which the value of FT may be 
increased for given process temperatures. These obviously entail flow 
patterns which approach true counterflow more clo~ely than the 1-2 
exchanger. 

PROBLEMS 

7.1. A 1-2 exchanger iS to be used for heating 50,000 lbjhr of methyl ethyl ketone 
from 100 to 200°F using hot amyl al.cohol available at 250°F. (a) What minimum 
quantity of amyl alcohol is required to deliver the desired heat load in a 1-2 exchanger? 
{b) If the amyl alcohol iS available at 275°F, how does this affect the total required 
quantity? 

7.2. A 1-2 exchanger has one shell and two tube passes. The passes do not have 
equal surfaces. Instead X per cent of the tubes are in the first pass and (1 - X) per 
cent are in the second, but if the tube-side film coefficient is not controlling, the assump­
tion of constant U iS justifiable. {a) Develop an expression for the. true temperature 
difference when X per cent of the tubes are in the Qolder of the two tube passes. (b) 
What iS the true temperature difference when the hot fluid iS cooled from 435 to 225°F 
by a noncontrolling cooling medium in the tubes which iS heated from 100 to. 150°F 
when 60 per cent of the tubes are in the colder tube pass and (c) wl;J.en 40 per cent of 
the tubes are in the colder pass? How do these compare with the 1-2true. teinperatw;e 
dif!erence with equal surfaces in each pass? 
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7.3. A double pipe exchanger has been designed for the nozzle arrangement shown 
in Fig. 7.26. If the hot stream is cooled from 275 to 205°F while the cold stream 
enters at 125°F and is heated to t2 = 190°F, what is the true temperature difference? 
(Hint. Establish an equation for the temperature difference with the nozzle arrange~ 

T, 

FIG. 7.26. Illustration for Prob. 7.3. 

ment shown and sufficient to allow a nu­
merical trial-and-error solution.) How 
does this compare with the LMTD for 
counterflow? 

7.4. 43,800 lb/hr of 42• API kerosene 
fz between 390 and 200°F is used to heat 

14;},000 lb/hr of 34"API Mid-continent 
crude from 100 to 170°F in a 662-ft• 
exchanger (Example 7.3). The clean co­
efficient is 69.3 Btuj(hr)(ft')(°F). When 
the 1-2 exchanger is clean, what outlet 

temperatures will be obtained? Calculate the outlet temperatures directly from FT. 
How does the total heat load compare with that which could be delivered by a true 
counterflow exchanger assuming that the same U could be obtained? 

'1.6. It is necessary on a new installation to preheat 149,000 lbjhr of 34"API crude 
oil from 170°F to a temperature of 285•F, corresponding to that of the feed plate of li. 
fractionating tower. There is a utility 33• API gas oil line running near the tower at 
sao•F of relatively unlimited quantity. Because the pumping cost for cold gas oil is 
prohibitive, the temperature of the gas oil from the heat exchanger, returning to the 
line, should not be less than aoo•F. 

Available on the site is a 25 in. ID 1-2 exchanger containing 252 tubes lin. OD. 
13 BWG, 16'0" long arranged on a six-pass 1~-in. triangular pitch layout. The shell 
baffles are spaced at 5-in. centers. A pumping head of 10 psi is allowable on the gas 
oil line and 15 psi on the feed line. Will the exchanger be acceptable if cleaned, and 
if so, what will the fouling factor be? For the gas oil the viscosities are 0.4 centipoise 
at 530°F and 0.7 centipoise at 300°F. For the crude oil the viscosities are 0.9 centi­
poise at 285°F and 2.1 centipoise at 170"F. (Interpolate by plotting "F va. centipoise 
on logarithmic paper.) 

'1.6. 96,000 lbjhr of 35°API absorption oil in being cooled from 400to 200"Fis used 
to heat 35° API distillate from 100 to 200•F. Available for the service is a 29 in. ID 
1-2 exchanger having 338 tubes 1 in. OD, 14 BWG, 16'0" long on 1~-in. triangular 
pitch. Baffles are spaced 10 in. apart, and the bundle is arranged for four tube passes. 
What arrangement gives the more nearly balanced pressure drops, and what is the dirt 
factor? The viscosity of the absorption oil is 2.6 centipoise at 100°F and 1.15 centi­
poise at 210"F. (Plot on logarithmic paper °F vs. viscosity in centipoise, and extrap­
olate as a straight line.) The viscosity of the distillate is 3.1 centipoise at lOO"F and 
1.3 centipoise at 2l0°F. 

'1.'1. 43,200 lbjhr of 35"API distillate is cooled from 250 to 120°F using cooling 
water from 85 to 120•F. Available for the service is a 19X in. lD 1-2 exchanger 
having 204 tubes~ in. OD, 16 BWG, 16'011 long on l-in. square pitch. Baffles are 
spaced 5 in. apart, and the bundle is arranged for four passes. What arrangement 
gives the more nearly balanced pressure drops, and what is the dirt factor? What is 
the optimum outlet-water temperature? (VIScosities of the distillate a.re given in 
Prob. 7.6.) 

7.8. 75,000 lbjhr of ethylene glycol is heated from 100 to 200"F using steam at 
250°F. Available for the service is a 17}4 in. ID 1-2 exchun.ger having 224 tubes 
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~in. OD, 14 BWG, 16'0" long on ljls-in. triangular pitch. Baffies are spaced 7 in. 
apart, and there are two tube passes to accommodate the steam. What are the pressure 
drops, and what is the dirt factor? 

7.9. 100,000 lbjhr of 20 per cent potassium iodide solution is to be heated from 80 
to 200°F using steam at 15 psig. Available for the service is a 10 in. ID 1-2 exchanger 
without baffies having 50 tubes% in. OD, 16 BWG, 16'0" long arranged for two passes 
on IX6-in. triangular pitch. What are the pressure drops and the dirt factor? 

7.10. 78,359 lb/hr of isobutane (ll8°API) is cooled from 203 to 180°F by heating 
butane (111.5°API) from 154 to 177°F, Avallable for the service is a 17U in. ID 
1-2 exchanger having 178 tubes% in. OD,-14 BWG, 12'0" long on l-in. triangular 
pitch. Baffies are spaced 6 in. apart, and the bundle is arranged for four 'passes. 
What are the pressure drops and the dirt factor? 

7.11. A 1-2 exchanger recovers heat from 10,000 lb/hr of boiler blowdown at 135 
psig by heating raw water from 70 to 96 °F. Raw water· flows in the tubes. Available 
for the service is a 10.02 in. ID 1-2 exchanger having 52 tubes% in. OD, 16 BWG, 8'0" 
long. Baffies are spaced· 2 in. apart, and the bundle is arranged for two tube passes. 
What are the pressure drops and fouling factors? 
. 7.12. 60,000 lb/hr of a 25% NaCl solution is cooled from 150 to 100°F using water 

with an inlet .temperature of 80°F. What outlet water temperature may be used? 
Available for the service is a 21~ in. ID 1-2 exchanger having 302 tubes %in. OD, 
14 BWG, 16'0" long. Baffies are spaced 5 in. apart, and the bundle is arranged for 
two passes. What are the pressure drops and fouling factor? 

A 
-a 
a" 
B 
a 
C' 
c 
Cz 
CF 
Cp 
CT 

·ow 
D 
d. 

.D,, D; 
d,, £. 
D, 
e 
F, 
FT 
r 
G 
g 

rl 
h, h, h. 

NOMENCLATURE FOR CHAPTER 7 

Heat-transfer surface, ftz 
Flow area, ftz 
External surface per Iiz?.ear foot, ft 
Baffie spacing, in. ' 
Specific heat of hot fluid, in derivations, Btu/(lb)("F) 
Clearance between tubes, in. 
Specific heat of fluid, Btu/(lb) (°F) 
Cost of exhaust steam, .dollars/Btu 
Annual fixed charges, dollars/ft2 

Cost of process steam, dollars/Btu 
Total annual cost, dollars/year 
Cost of water, dollars/lb 
Inside diameter of tubes, ft 
Outside diameter of tubes, in. 
Equivalent diameter for beat transfer and pressure drop, ft 
Equivalent diameter for beat transfer and pressure drop, in. 
Inside diameter of shell, ft 
Efficiency, dimensionless_ 
Caloric fraction, dimensionless 
Temperature difference fa,ctor, At = Fr X J,.MTD, dimensionless 

. Friction factor, dimensionless; for l!.P in psi, ft 2/in• 
Mass velocity, lb/(hr)(ft2) 

Acceleration of gravity, ft/hr2 

Acceleration of gravity, ft/see• 
Heat-transfer coefficient in general, for inside fluid, and for outside 

fluid, respectively, Btu/(hr)(ft•)(DF) 
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ID 
jH 
K. 
K,,K2 

k 
L 
LMTD 
N 
N, 
n 
PT 
I!.P T, I!.P t, I!.P r 
Q 
R 
Rd, R;, R. 

Re, Re' 
s 
8 

T, T,, T. 
Tz, Tp 
T. 
T. 
t, t,, t. 

t\ til 
t. 
t; 
t. 
t,. 
At 
At., At, 
U, Uc, UD 

v 
v 
w 
w 
X 
z 

"' p. 
P.w 
p 
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Value of h; when referred to the tube outside diameter, Btu/(hr)-
(ft2)(oF) . 

Inside diameter, in. 
Factor for heat transfer, dimensionless 
Caloric constant, dimensionless 
Numerical constants 
Thermal conductivity, Btu/(hr) (ft2) (°F /ft) 
Tube length, ft 
Log mean temperature difference, °F 
Number of shell-side baffies 
Number of tubes 
Number of tube passes 
Tube pitch, in. 
Total, tube side and return pressure drop, respectively, psi 
Heat flow, Btu/hr 
Temperature group, (T, - T.)/(t• - t,), dimensionless 
Combined, inside and outside dirt factors, respectively, (hr)(ft2)(°F)/ 

Btu 
Reynolds number for heat transfer and press1.1re drop, dimensionless 
Temperature group, (t. - t,)j(T, - t,), dimensionless 
Specific gravity 
Temperature in general, inlet and outlet of hot fluid, °F 
Saturation temperatures of exhaust and pressure steam, •F 
Average temperature of hot fluid, •F 
Caloric temperature of hot fluid, °F 
Temperature in general or outlet of the first of two heaters, inlet and 

outlet of cold fluid, •F 
Temperatures in first and second passes, °F 
Average temperature of cold fluid, •F 
Temperature at end of first pass, °F 
Caloric temperature of cold fluid, °F 
Tube wall temperature, •F 
True temperature difference in Q = U DA At, °F 
Temperature differences at the cold and hot terminals, °F 
Overall coefficient of heat transfer, clean coefficient, design coefficient, 

Btu/ (hr) (ft2) (°F) 
Velocity, fps 
Specific volume, ft3/lb 
Weight flow in general, weight flow of hot fluid, lb/hr 
Weight flow of cold fluid, lb/hr 
Length, ft 
Height, ft 
The viscosity ratio (p./ p.,.)o.14 

Viscosity, centipoises X 2.42 = lb/(ft)(hr) 
Viscosity at tube-wall temperature, centipoises X 2.42 = lb/(ft)(hr) 
Density, lb/fta 

Subscripts (except as noted above) 

s Shell 
Tubes 



CHAPTER 8 

FLOW ARRANGEMENTS FOR INCREASED HEAT R.ECOVERY 

The Lack of Heat Recovery in Exchangers. The important limitation 
of the 1-2 exchangers treated in Chap. 7 lies in their inherent inability 
to provide effective heat recovery. The advantages of 1-2 exchangers 
have already been discussed. When !1 temperature cross occurs in a 
1-2 exchanger, the value of FT drops sharply, and the small extent to 
which the shell-outlet temperature can fall below the tube-outlet temper­
ature eliminates them from consideration for high heat recoveries. 
Assume conditions in which the-shell fluid is reduced from 200 to 140°F 
while the tube fluid rises from 80 to 160°F. All the heat in the hot fluid 
from 140 to 80°F is necessarily lost in a 1-2 exchanger because of the 
close approach required between the 
tube fluid at the end of the parallel 
pass and the shell fluid outlet T2, as 
in Figs. 7.20 and 7.21. 

T~ 

2 

This chapter deal!;! with shell-and­
tube equipment and the methods 
by which the temperature cross of 
two fluid streams t2 - T2 can be 
increased with an accompanying in­
crease in heat recovery. Consider 
an exchanger si~ar to a 1-2 ex- !'::h.O:~!~. Pass arrangements in a::_:2-4 

changer except that it is equipped 
with a longitudinal ba:ffl.e (heavy line) as shown in Fig. 8.1. In this ex­
changer the fluid enters the shell through one of the nozzles adjacent to the 
tube sheet and travels the length of the shell before reversing its direction 
about the longitudinal ba:ffl.e and returning to an exit nozzle also adjacent to 
the tube sheet. Assume that the tube bundle contains four or more passes 
with equal surface in each pass. Such an exchanger is a 2-4 exchanger. 
A generalized sketch of temperature vs. length for a 2-4 exchanger is 
shown in Fig. 8.2a. In a 1-2 exchanger operating with the identical 
temperatures and shown in Fig. 8.2b, it is seen that a cross exists so that 
hot fluid leaving the shell at 140°F is forced to pass over tubes carrying 
heated cold fluid having a temperature of 160°F. Thus the shell fluid 
may be cooled at some point to a temperature lower than its outlet, and 

175 
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the tube fluid may be heated to a temperature above its outlet. When 
the two fluids are near their outlets, the shell fluid, being cooled, is 

L 
1ct)-2-4 EXCHANGER 

L 
(b)-1·2 EXCHANGER 

actually heated and the tube fluid 
is actually cooled. In exchangers 
this is called reheating. 

The True Temperature Differ­
ence At in a 2-4 Exchanger. In 
the 2-4 exchanger the longitudinal 
baffie reduces reheating as shown in 
Fig. 8.2a so that the 140°F shell-

FIG. 8.2. Temperature relations in 1-2 Fro. 8.3. The 2-2 true counterflow 
and 2-4 exchangers. exchanger. 

outlet fluid need never come in contact with the 160°F tube-outlet fluid. 
Passes I and II are in contact only with 2 and passes III and IV are in 
contact only with 1. If there are two shell passes and but two tube passes, 

I 

:n: 

they ·can be arranged in true coun­
terflow as shown in Fig. 8.3. How­
ever, where the shell contains two 
shell paases and the tube bundle 
contains four or more tube passes, 
the flow pattern differs from any 
encountered heretofore. The de­
rivation of a factor F T for the 2-4 ex­
changer can be readily established. 

In the 2-4 exchanger it is assumed 
that there is no fluid leakage be­
tween the longitudinal. sh~ll ba:til.e 

t1 T2 and the shell and that no heat is 
FIG. 8.4. Two 1-2 exchangers connected transferred across it, although thi$ 
in series. may lead to an error. of 10 to 15 per 
cent when a large temperature difference exists between the average tem­
peratures of the shell fluid in the two shell passes. The assumptions for 
the 1-2 exchanger also apply. Referring to the 2-4 exchanger in Fig. 8.1, 
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the shell fluid temperature is T"' where it reverses direction after the first 
shell pass and the tube temperature is tu where it reverses direction after 
the second tube pass. The entire 2-4 exchanger may then be considered 
the same as two 1-2 exchangers in series as shown in Fig. 8.4 with inter­
mediate temperatures T"' and t11 , Calling these exchangers I and II in 

. Fig. 8.4, the heat balances are, respectively, 

I. 

and 

II. 

WC(Tt - T,:) = we(tz - tu) 

WC(T"' - Tz) = we(tu - h) 

(8.1) 

(8.2) 

The quantities of heat transferred in I and II are obviously not the same. 
Equation (7.37) may be written for each of the exchangers: 

I. UA = 1 In Tt + T"'- tv- tz + (T1- T"') VW+1 
we 2 y'R2 + 1 T1 + T"'- tu- tz- (T1- T"') v'R2 + 1 

(8.3) 

II. UA = . 1 In T"' + Tz- t1--' tv+ (T.,- Tz) VW+1 
we 2 y'R2+ 1 T"' + Tz- t1 - tu- (T"'- Tz) VR2 + 1 

(8.4) 

By algebraically eliminating T"' and tu in Eqs. (8.3) and (8.4) through the 
use of Sand the heat balances in Eqs. (8.1) and (8.2), FT is given by 

F = [y'R2.+1/2(R - 1)] In (1 - S)/(1 - RS) 8 5 
T In 2/S- 1 - R + (2/S) y'(1 - S)(1 - RS) + v'R2 + 1 ( · ) 

2/S- 1 - R + (2/S) y'(1 - 8)(1 - RS) - y'R2TI 

Equation (8.5) has been plotted in Fig. 19 and will be used for 2-4 
exchangers in the Fourier equationQ = UA At= UAFT X LMTD. A 
comparison has been made between the values ofF Tin 1-2 and 2-4 exchang­
ers as shown in Fig. 8.5, where both exchangers employ fluids operating with 
identical temperature ranges. The advantage of the 2-4 flow arrange­
ment is apparent from the large temperature crosses permissible. In 
Fig. 8.6 the hot fluid at each point has a 100° range with varying approach 
and the cold fluid a 20° fixed range from 180 to 200°F. With a 5° cross 
the 1-2 exchanger has a value of FT = 0.70 compared with FT = 0.945 
for a 2-4 exchanger. It is general that the greater the number of shell 
passes in an exchanger the greater the cross or the greater the heat recov~ 
ery which may be obtained. Mechanically, however, it is impractical 
to design single items of heat-transfer equipment with removable bundles 
.\laving more than two shell passes, although it is seen that the 2-4 
exchanger is thermally identical with two 1-2 exchangers in series. 
Greater crosses than those possible in a 2-4 exchanger can be achieved by 
using three 1-2 exchangers in series (3-6 arrangement) or two 2-4 exchang-
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ers in series (4-8 arrangement). Values of FT for arrangements up to six 
shell passes and twelve tube passes are plotted in Figs. 18 through 23. A 
Ten Broeck chart for heat-recovery calculations in a 2-4 exchanger is 
given in Fig. 8.7 and is used in the same manner as Fig. 7.25. 
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FIG. 8.6. Influence of approach temperature on FT for unequal fluid temperaturerangea. 

. Exchangers having odd numbers of tube passes have not been treated 
here because they may create mechanical problems in stationary tube-sheet 
exchangers and a'l'e not often employed. Fischer1 has calculated arid 
plotted the values of FT foi' several odd-numbered tube arrangements'. 
Naturally for a maximum value of FT the odd tube-pass arrangemenli 
must be piped so that the majority of the tube passes are in counterflow 
with the shell fluid rather than iii parallel flow. 

1 Fischer, F. K., Ind. Eng. Chem., 30, 377-383 (1938). 
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}i'IG. 8.7. Ten. Broeck chart for determining tz in a 2-4 exchanger. (IndU8trial and 
Engineering Chemi•try.) · 

·Fio. 8.8. Removable baf!le 2-4 floating-head exchanger. (Patterson/!'oundry & Machine Co.) 

'fro. 8.9. Welded baffie 2-4 floating-head exchanger. (Patterson Foundry & Machine Co.) 

2-4 Tubular Exchangers. Two methods by which the 2-4 temper­
'ature arrangement is achieved in tubular exchangers are shown in Figs. 
;g~'S and 8.9. The exchanger in Fig. 8.8 is similar to an ordinary 1-2 
·,exchanger except that both of the shell nozzles are adjacent to the sta­
·~ionary tube sheet. Through the use of-split segmental baffles a removable 
'longitudinal baffle is inserted in the tube bundle. Usually some type of 
'seal is provided between the longitudinal baffle and the shell, since any 
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appreciable leakage between the two shell passes invalidates the calcu­
lated value of FT for the 2-4 exchanger. 

A more expensive but more positive form of the 2-4 exchanger is shown 
in Fig. 8.9. In this exchanger the baffie is welded to the shell. This 
requires cutting smaller inside diameter shells in half and welding the 
baffie from the outside of the shell. In larger shells the baffle is installed 
internally. Furthermore, in order that the bundle be removable it is 
necessary to make the floating tube sheet in two halves which are joined 
by a single floating-head cover and a backing piece to prevent the two 

FIG. 8.10. Vertically cut segmental baffies. 

FIG.-8.11. Horizontally cut segmental baffles. 

halves from leaking at the center line. The space allowance for the 
welded longitudinal baffie at the center line of the tube sheet also permits 
fewer tubes to be accommodated in the shell than for a 1-2 exchanger. 

To permit the introduction of the longitudinal ba:ffie, the segmental 
ba:ffies may possess either of the two forms shown in Fig. 8.10 and 8.11. 
Those in Fig. 8.10 are vertically cut baffles and are similar to the segmental 
baffles found in 1-2 exchangers. The crosshatch section is the flow area. 
The flow distribution is nearly identical with that which exists in 1~2 
exchangers with but one-half the flow area per inch of baffle spacing. 
Consequently the mass velocity for any given weight flow of fluid, W or 
w, will be twice that of a 1-2 exchanger of the same inside diameter and 
baffle spacing. The baffles shown in Fig. 8.11 are horizontally cut baffles 
in. which the cut-out portions are equal ·to those of ordinary segmental 
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baffies. The mass velocities in this case are the same per inch of baffie 
spacing as for 1-2 exchangers for a given weight flow although the fluid 
traverses a depth but half the inside diameter of the shell. Horizontally 
cut baffies are seldom used, since most fluids involved in large temperature 
crosses necessitating 2-4 exchangers also have long temperature ranges 
and relatively small flow quantities. The reduced flow area and increased 
mass velocity and film coefficient afforded by vertically cut baffies are 
usually desirable·. 

The Calculation of a 2-4 Exchanger. A 2-4 exchanger can be used 
when the process temperatures give a correction factor FT of less than 
0.75 for a 1-2 exchanger. If the factor FT obtained from Fig. 19 for a 
2-4 exchanger exceeds 0.90 with a removable longitudinal baffie or 0.85 
with a welded longitudinal baffie, a single 2-4 exchanger will be adequate. 
If the value of FT is below these limits, it will then be necessary to use 
a larger number of shell passes until an arrangement is found in which 
FT approximates these values. 

The calculation of a 2-4 exchanger differs in only three minor respects 
from the calculation of a 1-2 exchanger as outlined in Chap~ 7. (1) 
FT will be read from Fig. 19, (2) the flow area for vertically cut baffies 
will be half the values computed from Eq. (7.44), and (3) the number of 
crosses used for computing the pressure drop will be double, since one 
set of baffies is above and one is below the longitudinal baffie. 

Example 8.1. Calculation of a 2-4 Oil Cooler. A 33.5° API oil has a viscosity of 
1.0 centipoise at 180°F and 2.0 centipoise at 100•F. 49,600 lb/hr of oil leaves a dis­
tilling column at 358•F and is to be used in an absorption process at 100•F. Cooling 
will be achieved by water from 90 to 120•F. Pressure-drop allowances of 10 psi may 
be used on both streams along with a combined dirt factor of 0.004. 

Available 'for this service from a discontinued operation is a 35 in. ID 2-4 exchanger 
having 454 1 in. OD, 11 BWG tubes 12'0" long and laid out on 1%-in. square pitch. 
The bundle is arranged for six tube passes, and vertically cut baffles are spaced 7 in. 
apart. The longitudinal baffle is welded to the shell. 

Is it necessary to use a 2-4 exchanger? Will the available exchanger fulfill the 
.requirements? 

Solution: 

Exchanger: 

SheUside 
ID = 35in. 

Baffle space = 7 in. (vert. cut) 
Passes= 2 

(1) Heat balance: 

Tube side 
Number and length = 454, 12'0" 

OD, BWG, pitch == 1 in:, 11 BWG, 1%-in. square 
Passes = 6 

Oil, Q = 49,600 X 0.545(358 - 100) = 6,980,000 Btu 
Water, Q = 233,000 X 1.0(120 - 90) = 6,980,000 Btu 
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(!l) &: 

Hot Fluid Cold Fluid 

358 Higher Temp 120 

100 Lower Temp 90 

258 Difierences 30 

LMTD = 72.0°F 

R = ~08 = 8.6 
30 

8 = 358 - 90 = 0.112 

Difi. 

238 

10 

228 

(5.14) 

RandS do not intersect on Fig. 18, making a 2-4 exchanger imperative. 
From Fig. 19 for a 2-4 exchanger, F'I' = 0.93 
At = FT X LMTD = 0.93 X 72.0 = 66.9°F (7.42) 

(8) T. and t,: 

t.t. 10 042 K 0 47 l:J.th == 238 = o. • = . 

T, = 100 + 0.25(258) = 165°F 
t. = oo + o.25(30) = 98°F 

F.= 0.25 (Fig. 17) 

(5.28) 
(5.29) 

Water will flow in the tubes to prevent corrosion of the shell. 

Hot fluid: shell side, 33.5°API oil 
(4') a. = ~(ID X C'B)/144P'I'(modified 

for a 2-4 exchanger) [Eq. (7~1)l 
= ~ X35 X0.25 X7/144 

X 1.25 = 0.17 ft' 
(5') a. = w/a. [Eq. (7.2)] 

= 49,600/0.17 
= 292,000 lb/(hr) (ft') 

Cold fluid: tube side, water 
(4) a; = 0.455 in.2 [Table 10] 
a, = N,a:J144n 

= 454 X 0.455/144 X 6 = 0.239 ft2 

(6) a,= wja, 
= 233,000/0.239 

= 975,000 lb/(hr)(ft2) 

V = a,j3600p = 975,000/3600 X 62.5 
= 4.33 fps 

(6') At T. = 165°F, (6) At t. = 98°F, 
By obtaining X and Y in Fig. 14 from i" = 0.73 X 2.42 = 1.77 lb/(ft)(hr) 
original data, p, = 1.12 cp Wig. 14] 

= 1.12 X 2.42 = 2.71lb/(ft) (hr) D = 0.76/12 = 0.0633 ft [Table 10] 
D, = 0.99/12 = 0.0825 ft [Fig. 28] (Re, is for preBBure drop only) 
Re. = D.G./JJ [Eq. (7.3)] Re, = DG./i" 

= 0.0825 X 292,000/2.71 = 8900 = 0.0633 X 975,000/1.77 = 34,900 
(7') jn = 52.5 [Fig. 28] 
(8') At T. = 165°F, when p = 1.12 cp 
lc(cpjk)Ya = 0.20 Btu/(hr)(ft2)(°F) 

[Fig. 16] 

(9') h. =in~. (cpjk)Uq,, [Eq. (6.15b)] 

~ = 52.5 X 0.20/0.0825 = 127 
</>. 

(9) h, = 1010 X 0.96 
= 970 Btu/(br)(ftiWJ<') [Fig. 2S) 
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Hot fluid: shell side, 33.5° .API uil 
(10') Tube-wall temp: 

Cold fluid: tube side, water 
(10) h~.o = h; X ID /OD = 970 

t., = t. + h;. ~ h. (T. - t.) [Eq. (5.31)] 
X 0.76/1.0 = 737 [Eq. (6.5)] 

= 98 + 73/,!:' 127 (165 - 98) = 1o8•F 

(U') At t,., (11) Correction unnecessary for water. 
p.,. = 1.95 X 2.42 = 4.72lb/(ft)(hr) 

[Fig. 14) 
.p, = (~.&/JJ.w)O.U = (2.71/4.72) 0·1( 

= 0.92 [Fig. 24 insert] 
(12') Corrected coefficient h.: 
h. = 127 X 0.92 = 117 Btu/(hr)(ft2)("F) 

[Eq. (6.36)] 
(13') Clean overall coefficient Uc: 

Uc = h,:'~\. = ;:; ~ ~g = 101 Btu/(hr)(ft2)("F) 

(14') De!lign overall coefficient U D: 

a" = 0.26i8 ft• /lin ft 
Total surface, A = 454 X 12'0" X 0.2618 = 1425 ft• 

UD = AQI!..t = 112:8~0:.9 = 73.3 Btu/(hr)(ftEWF) 

(16) Dirt factor Rd: 

R = Uc- UD = 101-73.3 = 00038 (hr)(ft•)(.F)/Bt 
d UaUD 101 X 73.3 . u 

Summary 

117 Jh outside I 737 

Uc 101 

UD 73.3 

Rd Calculated 0. 0038 

Rd Required 0.0040 

Pressure Drop 

(1') For Re, = 8900,! = 0.00215 ft2 /in.• (1) For Re, = 34,900, 
[Fig. 29] f = 0.000195 ft 2/in. 2 

(6.38) 

(Table 10) 

(6.13) 

[Fig. 26t 

(2') No. of crosses, N + 1 = 12L/B (2) • n - . JG;Ln [E (7 45)] 
I.1J:'' - 5.22 X 1010Dsq,, q. . 

[Eq. (7.43)] 
"'12 X 12/7 = 20.1 

Say 21 per pass or 42 for bundle 
1), = 3%2 = 2.92 ft 
~ - 0.82 [Fig. 6] 

~ 0.000195 X 975,0002 X 12 X 6 
- 5.22 X 10'0 X 0.0633 X 1.0 X 1.0 
= 4.0 psi 
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Pressure Drop 

(S') Ill' = ffi;,D,(N + 1) 
• 5.22 X 1010D.sq,. 

VI 
[Eq. (7.44)] (3) G; = 975,000, Zg; = 0.13 [Fig. 27} 

0.{)()215 X 292,0001 X 2.92 X 42 
= 5.22 X 1010 X 0.0825 X 0.82 X 0. 92 

4n V2 
D.Pr = --

8 2g' 
[Eq. (7.46)] 

= 7.0 psi · 4 X 6 = -
1

- X 0.13 = 3.2 psi 

(4) t.PT = t.P, + t.Pr [Eq. (7.47)1 
= 4.0 + 3.2 = 7.2 psi 

Allowable-D.?, = 10.0 psi Allowable llPT = 10.0 psi 

The exchanger will haYe a slightly low dirt factor but is otherwise satisfactory. 

Exchangers in Series. In plants where large numbers of exchangers 
are used, certain size standards (total number of tubes, pass arrange-­
ments, baffle spacing) are established for 1-2 exchangers so.that a major· 
ity of future services can be fulfilled by an arrangement of a number of 
standard exchangers in series or parallel. Although this may sometimes 
cause awkwardness because of the impossibility of utilizing the equip· 
ment most efficiently, it has the great advantage of reducing the type and 
number of replacement parts, tubes, and tools. In these plants when a 
process has become obsolete, it is customary to find a number of exchang­
ers of identical size available for other uses. If the tube bundle is simply 
retubed, the exchanger will frequently be as serviceable as when new. 
When two exchangers are connected in series on both the shell and tube 
sides, they form a temperature arrangement which has been shown to be 
identical with the 2-4 exchanger. When a temperature cross involves a 
correction factor for an arrangement which approximates true counterflow 
more closely than that possible in a 1-2 exchanger, it can be met by a 
series arrangement of a number of 1-2 exchangers. 'rhe 2-4, 3-6, 4-8, 
etc., arrangements are aU based upon shells and channels being connected 
in series. Any arrangement which is an even multiple of two shell passes 
such as 2-4, 4-8, etc., may be fulfilled by a number of 1-2 exchangers or 
half as many 2-4 exchangers. 

The calculation for process conditions requiring more than one shell 
pass follows the method used for 1-2 exchangers except that the entire 
group of exchangers is treated as a unit. 

Example 8.2. Calculation of an Acetone-Acetic Acid Exchanger. Acetone 
(s = 0.79) at 250°F is to be sent to storage at 100°F and at a rate of 60,000 lb/hr. 
The heat will be received by 185,000 lb/hr of 100 per cent acetic acid (3 = 1.07) coming_ 
from storage at 90°F and heated to 150°F, Pressure drops of 10.0 psi are aYailable 
for both fluids, and a combined dirt factor of 0.004 should be proYided. 

Available for the service are a large number of 1-2 exchangers having 21U in; 
ID shells with 270 tubes % in. OD, 14 BWG, 16'0" long and laid out on 1-in. squa.re 
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pitch. The bundles are arranged for two tube passes with segmental baffles spaced 5 
in. apart. 

How many of the 1-2 exchangers should be installed in series? 

Solution: 

Exchanger: 

Shell side 
ID = 21Uin. 

Tube side 
Number and length = 270, 16'0" 

Baflle space = 5 in. 
Passes = 1 

OD, BWG, pitch = %, in., 14 BWG, 1 in. square 
Passes = 2 

(1) Heat balance: 
Acetone, Q = 60,000 X 0.57(250 - 100) = 5,130,000 Btu/hr 
Acetic acid, Q = 168,000 X 0.51(150 - 90) = 5,130,000 Btu/hr 

(2) .1t: 
Hot Fluid Cold Fluid 

250 Higher Temp 150 

100 Lower Temp 90 

150 Difference 60 

LMTD = 39.1 "F . 
R = 15%0 = 2.5; S = 60/(250 - 90) = 0.375 
FT: 1-2 exchanger, FT = not possible 

2-4 exchanger, FT = 0.67 (too low) 
3-6 exchanger, FT = 0.88 

<1t = 0.88 X 39.1 = 34.4°F 

Dill'. 

100 

10 

90 

(Fig. 2) 
(Fig. 2) 

(5.14) 
(7.18) 

(Fig. 18) 
(Fig. 19) 
(Fig. 20) 

(7.42) 

To permit the transfer of heat with the temperatures given by the process, a mini­
mum 'of three shell passes is required. If .the sum of the surfaces in three shells is 
insufficient, a greater number will be required. 

(3) T, and t,: These liquids are not viscous, and the viscosity correction will be negligi­
ble, .p, == .p, = 1. Average temperatures may be used. 

Hot fluid: shell side, acetone Cold fluid: tube side, acetic acid 
(4') a, = ID X C'B/144PT [Eq. (7.1)] (4) a~ = 0.268 in.• [Table 10] 

= 21.25 X 0.25 X 5/144 X 1.0 a., = N,a~/144n [Eq. (7.48)] 
= 0.185 ft" = 270 X 0.268/144 X 2 = 0.251 ft• 

(~') .G, = W fa, 
. . = 60,000/0.185 

[Eq. (7.2)] (6) G, = wja, 

= 324,000 lb/(hr)(ft2) 

(~') At T. ~ 175•F, 
Jl = 0.20 X 2.42 = 0.49lb/(ft)(hr) 

[Fig. 14] 
D, = 3.95/12 = 0.079 ft [Fig. 28] 
Re, = D,G,fJJ. [Eq. (7.3)] 

= 0.079 X 324,000/0.49 = 52,200 
,('1') jH = 137 (Fig. 28] 

= 168,000/0.251 
=; 670,000 lb I (hr )(ft2) 

(6) At t. = 120•F, 
11. = 0.85 X 2.42 = 2.06lb/(ft)(hr) 

D = 0.584/12 = 0.0487 ft 
Ret= DG,fJJ. 

[Fig. 14] 

= 0.0487 X 670,000/2.06 = 15,800 
(7) jH = 55 . [Fig. 24) 
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Hot fluid: shell side, acetone 
<8') At T. = 175°F, 

Cold fluid: tube side, ac&ie acid 
(8) At t, = 120•F, 

c = 0.63 Btu/(lbWF) [Fig. 2] 
k = 0.095 Btu/(hr)(ft'WF/ft) [Table 4] 

c = 0.51 Btu/(lb)(.F) [Fig. 2] 
k = 0.098 Btu/(hr)(ft2)(°F/ft) [Table 4) 

(cp./k)~ = {0.63 X 0.49/0.095)~ = 1.47 

(9') h. = iH ~. C;)~ X 1 [Eq. (6.15b)] 

(cp.fk)'A = (0.51 X 2.06/0.098)~ = 2.21 

(9) h; = ,iH i (71)~ X 1 [Eq. (6.15a)] 

= 137 X 0.095 X 1.47/0.079 =56 X 0.098 X 2.21/0.0487 
= 242 Btu/(hr)(ft'WF) 

(10') (11') (12') The viscosity correction 
will be very small. 

= 249 Btu/(hr)(ft')(°F) 
(10) h;. = h; X ID/OD [Eq. (6.5)! 

= 249 X 0·584 
= 194 

0.75 
(13) Clean overall coefficient Uc: 

Uc = h,~·~·h. = ;:; ~ ~~: = 107.5 Btu/(hr)(ftt)(°F) (6.38) 

(14) Design overall coefficient U D; 

a" = 0.1963 ft2/lin ft (Table 10) 
Total surface, A = 3(270 X 16 0" X 0.1963) = 2540 ft• 

UD =A ~t = 2!4:i3~0:.4 -= 58.8 (Btu/(hr)(ft•)(°F) 

(16) Dirt factor Ra: 

R4 = Uc - U n = 107.5 - 58.8 = 0.007? (hr)(ft•WF)/Btu (6.13) 
UcUn 107.5 X 58.8 

(1') For Re. = 52,200, 
f = 0.00155 ft2/in. 2 

Summary 

242 I h outside I 194 

Uc 107.5 

Un 58.8 

Rd Calculated 0 . 0077 

R4Required 0.0040 

Pressure Drop 
(1) For Ret = 158,000, 

[Fig. 29) f = 0.00024 ft'/in.• 
8 = 1.07 

(2') No. of crosses, N + 1 = 12LjB (2) .t.P, ""' 
5

_22 ~~~7oDs.Pt [Eq. (7.43)] 

[Fig. 26) 
[Table 6) 

[Eq. (7.45)] 

= 16 X 12/5 = 39 
Total for 3 exchangers = 39 X 3 = 117 

D, = 21.25/12 = 1.78 ft 

· 0.00024 X il70,0002 X 16 X 2 X 3 
= 5.22 X 101° X 0.0487 X 1.07 X 1.0 
= 3.8 psi 

s .. 0.79 [Table 6] 
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Pressure Drop 

(S') t:.P. f(}!D. (N + 1) 
5.22 X 1010D,s.p, 

_ 0.00155 X 324,000° X 1.78 X 117 
- 5.22 X 1010 X 0.079 X 0.79 X 1.0 

= 10.4 psi 

Allowable,t:.P. = 10.0 psi 

(3) G, = 670,000, 
V2/2g' = 0.063 
t:.Pr = 3(4n/s)(V2/2g') 

!Fig. 27) 
!Eq. (7.46)) 

3X4X2 003 14' . = l.07 X . 6 ~ . pm 

{4) t:.l'e = t:.l't + t:.Pr [Eq. (7.47)] 
= 3.8 + 1.4 = 5.2 psi 

Allowable APr = 10.0 psi 

The three exchangers are more than adequate for heat transfer, even though the pres­
sure drop is insignificantly high. Fewer exchangers cannot be used. 

The 1-1 True Counterflow Exchanger. There are instances in which 
the temperature cross is so great that the only solution lies in the use of 

FIG. 8.12. The 1-1 floating-head exchanger. (Patterson Foundry & Machine Co.) 

true counterflow. In fixed-tube-sheet equipment this is readily accom­
plished, but in floating-head equipment it is slightly more difficult. It 
can be achieved as shown in Fig. 8.12. An extension forming the tube 
fluid:-outlet nozzle protrudes through the shell bonnet by means of a 
packing gland. This type of exchanger is also used when there is a great 
quantity of tube-side fluid. 

PROBLEMS 

8.1. 33,114 lb/hr of n-butyl alcohol at 210•F is to be cooled. to 105°F using water 
from 95to Il5°F. Available for the purpose is a 1974: in. ID, two-pass shell exchanger 
with 204 tubes %in. OD, 16 BWG, 16'0" long on l-in. square pitch arrat~ged for four 
passes. Vertically cut baffies are spaced 5 in. apart. Pressure drops of 10 psi are 
allowable. What is the dirt factor? 

8.2. 62,000 lb/hr of hot 26° API quench oil having viscosities eqnivalent to a 42° API 
kerosene (Fig. 14) is cooled from 425 to 304°F by heating 27,200 lb/hr of 35°API 
distillate (Fig. 14) with an inlet temperature of roo•F. Available for the service are 
15U in. ID 1-2 exchangers with 108 tubes% in. OD, 16 BWG, 16'0" long arranged 
for six passes. Baffies are spaced 6 in. apart. Total pressure drops of 10 pili are 
al~owable. How many 1-2 exchangers are required, and what dirt factor do they yield? 

8.3. 36,000 lb/hr of ethyl acetate is cooled from 190 to l00°F using water from 80 
to l20°F. Available for the service is a 23~ in. ID, two-palls shell exchanger with 
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292 % in. OD, 14 BWG, 12'0" long tubes arranged for eight passes. Vertically cut 
batHes are spaced 8 in. apart. What pressu~ drops and dirt factor will be obtained? 

8.4. 55,400 lb/hr of nitrobenzene coming from a reactor under pressure at 365°F is 
to be cooled to 150°F by preheatin~ benzene under pressure from 100° to the highest 
outlet temperature attainable. Available for the service are two 25 in. ID, two-pMs 
shell exchangers with 356 tubes % in.. OD, 13 BWG, 16'0" long arranged for six tube 
passes. Vertically cut batHes are spaced 8 in. apart. What are the pressure drops 
and the dirt factor? 

A 
a" 
a 
B 
C' 
c 
c 
D 
D, 
D, 
d 
d, 
F. 
Fr 
f 
G 
g' 
h;, h. 

ID 
}H 
K. 
k 
L 
LMTD 
N 
N, 
n 
OD 
AP 
APr, AP,, AP. 
Pr 
R 
Ra 
Re 
s 
~ 

T, T1, T, 

NOMENCLATURE FOR CHAPTER 8 

Heat-transfer surface, ft2 

External silrface per lin ft, ft 
Flow area, ft2 

Baffie spacing, fu. 
Clearance between tubes, in. 
Specific heat of hot fluid in derivations, Btu/ (lb) (°F) 
Specific heat of fluid, Btu/(lb) (°F) 
Inside diameter of tubes, ft 
Equivalent diameter for heat transfer and pressure drop, ft 
Inside di'ameter of shell, ft 
Inside diameter of tubes, ·in. 
Equivalent diameter for heat transfer and pressure drop, in. 
Caloric fraction, dimensionless 
Temperature difference factor, t.t = FT X LMTD, dimensimiless 
Friction factor, ft• /in. • 
Mass velocity, lb/(hr)(ft2) 
Acceleral;ion of gravity, ft/sec 2 

Heat-transfer coefficient for inside and outside fluids, respectively, 
Btu I (hr) (ft) ( 0•F) 

Value of h; when referred to the tube outside diameter, Btu/(hr)(ft') 
(oF) 

Inside diameter, in. 
Factor for heat transfer, dimensionless 
Caloric constant, dimensionless 
Thermal conductivity, Btu/(hr) (ft2)(°F /ft) 
Tube length, ft 
Log mean temperature difference, °F 
Number of shell~side baflles 
Number of tubes 
Number· of tube passes 
Outside diameter of tube,· in. 
Pressure drop, psi 
Total, tube and return pressure drop, psi 
Tube pitch, in. 
Temperature group (T1,- T,)j(t, - t,), dimensionless 
Combined dirt factor, (hr)(ft2)(°F)/Btu 
Reynolds number, dimensionless 
Temperature group, (t2 - t1)j(T1 - t1), dimensionless 
Specific gravity, dimensionless 
Temperature in general, inlet and outlet of hot fluid, °F 
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T. 
r; 
T. 
t,, t. 
t. 
t, 
t; 
t. 
t. 
t:.t 
llt,, .lltA 

Ua, Un 

v 
w 
w 
p. 

I'• 
p 
.p 

Ayerage temperature of hot fluid, °F 
Caloric temperature of hot fluid, °F 
Temperature of shell fluid between first and second passes, °F 
Inlet and outlet temperatures of cold fluid, °F 
Average temperature of hot fluid, °F 
Caloric temperature of cold fluid, °F 
Temperature at end of first pass, °F 
Tube-wall temperature, °F 
Temperature of tube fluid between second and third passes, °F 
True temperature difference in Q = U DA .llt, °F 
Temperature differences at the cold and hot terminals, °F 
Clean and design overall coefficients of heat transfer, Btu/(hr)(ft2) 

CF) 
Velocity, fps 
Weight flow of hot fluid, lb/hr 
Weight flow of cold fluid, lb/hr 
Viscosity, centipoises X 2.42 = lb/(ft)(hr) 
Viscosity at tube wall-temperature, centipoises X 2.42 = lb/(ft)(lu) 
Density, lb/ft3 

(p,/ p.,.) 0.14 

Subscripts (except as noted above) 

{1 Shellside 
Tube side 



CHAPTER 9 

GASES 

Introduction. The calculation for the heating or cooling of a gas differs 
in only minor respects from the calculation for liquid-liquid systems. 
The relationships between gas film coefficients and allowable pressure 
drops are critically dependent upon the operating pressure of the system 
whereas for incompressable fluids the operating pressure is not important. 
The values of film coefficients for gases are generally lower than those 
obtained for liquids at equal mass velocities, the difference being inherent 
in the properties of the gases. 

Properties of Gases. The properties of gases are compared with those 
of liquids to emphasize the major differences between them. The vis­
cosities of gases range from about 0.015 to 0.025 centipoise, or about one­
tenth to one-fifth the values obtained for the least viscous liquids. Gas 
viscosities increase with temperature in contrast with liquids and Reyn­
olds numbers are correspondingly large even when mass velocities are 
small. The thermal conductivities of gases, with the exception of hydro­
gen, are about one-fifth the values usually obtained for organic liquids 
and about one-fifteenth of the values for water and aqueous solutions. 
The specific heats of organic gases and vapors are only slightly lower 
than those of organic liquids. With the exception of hydrogen the 
specific heats of inorganic gases and light hydrocarbon vapors range from 
0.2 to 0.5 Btu/(lb)(°F). Although the specific heat, viscosity, and 
thermal conductivity of a gas increase with temperature, the Prandtl 
number Cf.l./k shows little dependence upon temperature except near the 
critical. The value of Cf.l./k calculated at any single temperature serves 

· sufficiently well for the solution of problems involving the same gas at 
another temperature within reasonable proximity. The values of Cf.l./k 
are given in Table 9.1 for the common gases. 

While most of the viscosity, specific-heat, and conductivity data on 
gases are tabulated for atmospheric pressure, corrections to other pres­
sures may be made by established methods. Viscosities may be corrected 
by means of the correlation of Comings and Egly1 given in Fig. 13b or by 
employing the method of Othmer and ·J osefowitz. 2 Specific heats may be 

1 Comings, E. W., and R. S. Egly, Ind. Eng. Chem,, 32, 714-718 (1940). 
• Othmer, D. F., and S. Josefowitz, Ind. Eng. Chem., 38, 111-116 (1946). 
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corrected by the method of Watson and Smith. 1 These corrections will 
not be significant, however, unless the pressure of the gas is great. 
Except at high vacuums the conductivities of gases are not affected by 
the pressure. Calculation of the density or specific volume of a gas by 
the perfect gas law is suitable for moderate pressures but may be in error 
at high pressures. If actual compression data are available, their use is 
preferable at high pressures, or the perfect gas law may be replaced by a 

TABLE 9.1. PRANDTL NuMBERS FOR GASES AT 1 ATM AND 2l2°F 

Gas 

Air .................... . 
Alllmonia ................ . 
Carbon dioxide ........... . 
Carbon monoxide ......... · 
Ethylene ..... · , . . . . . . . . . . 
Hydrogen ................ . 
Hydrogen sulfide .......... . 
Methane ................. . 
Nitrogen ................. . 
Oxygen .................. . 
Steam ................... . 
Sulfur dioxide ............. . 

Cp. 

k 
0.74 
0 78 
0.80 
0 74 
083 
0.74 
0.77 
0 79 
0.74 
0.74 
0 78 
0.80 

more acceptable equation of state such as that of Van der Waals or 
Beattie-Bridgman. 

Pressure Drop. Equations (7 .44) and (7 .45) and friction factors 
obtained from Figs. 29 and 26 can be used for the calculation of the pres­
sure drop on the shell or_ tube sides of gas heaters or coolers when the aver­
age value of the inlet and outlet specific gravities of the gas relative to water 
is used. It is apparent in the case of any gas that the specific gravity 
varies considerably with its operating pressure. The specific gravity of 
air in an exchanger operated at 150 psia is very nearly ten times the 
specific gravity when operated at .atmospheric pressure, and for a given 
mass veiocity the pressure drop will only be one-tenth as great. ·Moving 
in the other direction, air at 7% psia has a density one-half that of the 
atmosphere, and the pressure drop for a given mass velocity becomes 
gte.ater-as the operating pressure decreases, an uillavorable consideration 
in vacuum processes. When a gas is operated at high pre&sure, however, 
a relatively large mass velocity can be used without obtaining a pressure 
drop of an impractical order. When a gas is operated under vacuum, a 
pressure drop of 0.5 psi may represent a very large portio:!\ of the entire 
head available to move the gas through the exchanger. 

1 Watson, K. M., and R. L. Smith, Natl. Petrokum News, July, 1936. 



192 PROCESS HEAT TRANSFER 

Film Coefficients. Film coefficients can be evaluated with reasonable 
accuracy through the use of the usual shell-and-tube equations or Figs. 28 
and 24. No correction need be made for the viscosity ratio t/J unless the 
temperature range is exceedingly great. As mentioned above, the low 
viscosities of gases result in ·large Reynolds numbers .even where very 
small mass velocities are used. Large values of jH are the result, but the 
correspondingly low thermal conductivity gives film coefficients below 
those obtained for liquids at equal mass velocities or at equal values of 
jH. The commonest applications of gas cooling under pressure are found 
in the aftercooling and intercooling of gases which have undergone 
adiabatic or polytropic compression in single- and multistage compressors. 
Gas-to-liquid heat transfer is also used for the recovery of waste beat 
from near-atmospheric combustion gases such as economizers, but these 
usually employ a modification known as extended surfaces, which will be 
treated in Chap. 16. When gases are heated, steam is the usual heating 
medium. 

Many of the data reported in the literature for turbulent-flow heat 
transfer make use of the following transformation: 

hf (c:)-t3 ;G ~=:a (C:)% (9.1) 

A new factor jh is then defined a.<J 

jh = :0 (c;)n (9.2) 

and is plotted as a function of Re. All the convection equations given 
heretofore can be plotted as jh vs. Re in place of iN vs. Re by simply 
dividing the values of j H as given in Figs. 28 and 24 by their respective 
values of Re. Alternate equations are obtained thereby. 

There is considerable merit to the use of jh in preference to jH when 
correlating gases. Using ju, cp.jk is a constant, but kin Eq. (6.15a) and 
{6.15b) must be obtained at the bulk temperature to obtain h, and con­
ductivity data are sparse for gases. Using jh, cp.jk is a constant, but only 
cis required in Eq. (9.1) to obtain h, and this will have been required for 
the heat load as well. 

When gases enter an adiabatic compr~ssor, their isotherms follow the 
equation pv'Y = constant, where p is the absolute pressure of the gas, v 
its specific volume, and 'Y the ratio of the specific heats of the gas at 
constant pressure to constant volume. Applying the perfect gas law, 
the variation of absolute pressure with absolute temperature becomes 

(T,\ = (P2)<"f-llt1' 
T;j."" Pt (9.3) 
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Gases to be cooled or heated at moderate pressures are usually placed 
in the shell of shell-and-tube equipment to localize corrosion resulting 
from the cooling water or steam condensate. At higher pressures, how­
ever, it is customary to place the gas in the tubes where the pressure is 
effective only upon the tubes. 

Example 9.1. Calculation of an Ammonia Compressor Aftercooler. Dry ammonia 
gas at 83 psia and at a rate of 9872 lb/hr is discharged from a compressor at 245°F 
and is to be fed to a reactor at 95°F using cooling water from 85 to 95°F. A pressure 
drop of 2.0 psi is allowable on the gas and 10.0 psi on the water. 

Available for the service is a 23X in. ID 1-2 exchanger having 364 % in., 16 BWG 
tubes 8'0" long and laid out on l;l-1 6-in. triangular pitch. The bundle is arranged for 
eight passes, and baffies are spaced 12 in. apart. 

What will the dirt factor and pressure drops be? 

Solution: 

Exchanger: 

Shell side Tube side 
Number and length = 364, 8'0" ID = 23% 

Baffie space = 12 in. OD, BWG, pitch=% in., 16 BWG, 1;11 6-in. tri. 
Passes = 1 Passes= 8 

(1) Heat balance: 
Ammonia gas, Q = 9872 X 0.53(245 - 95) = 785,000 Btu/hr 
Water, Q = 78,500 X 1(95 - 85) = 785,000 Btu/hr 

(ll) At: 

Hot Fluid Cold Fluid 

245 Higher.Temp 95 

95 Lower Temp 85 

150 Differences 10 

LMTD = 51.8°F 

R = 150 = 15 
10 

. 10 
s = 245 - 85 = 0.0625 

FT = 0.837 
t.t = 0.837 X 51.8 = 43.4•F 

Diff. 

150 

10 

140 

(S) T. and t.: The viscosities will vary too little to require correction. 
flow in the tubes to prevent corrosion of the shell. 

(Fig. 3) 

(5.14) 

(Fig. 18) 
(7.42) 

Water Will 

Hot fluid: shell side, ammonia at 83 psia Cold fluid: tube side, water 
(4') a. = ID X C'B/144PT [Eq. (7.1)] (4) a; = 0.302 in.• [Table IOJ 

= 23.25 X 0.1875 X 12/144 a, = N .a;/144n 
X 0.937 = 364 X 0.302/144 X 8 = 0.0954 ft 2 

= 0.388 ft1 
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Hot fluid: shell side, ammonia at 83 psia 
(6') G. = W /a. [Eq. (7.2)] 

= 9872/0.388 
= 25,400 lb I (hr) (ft2) 

(6') At Ta = 170•F,. 
,.. = 0.012 X 2.42 = 0.029lb/(ft)(hr) 

[Fig. 15] 
D. = 0.55/12 = 0.0458 ft 
Re. = D,G.j,.. [Eq. (7.3)] 

= 0.0458 X 25,400/0.029 = 40,200 
(7') }H = 118 [Fig. 28] 
(8') At Ta = 170°F, 
k = 0.017 Btu/(hr)(ft2WF/ft) [Table 5] 
(cJ.</k)'h = (0.53 X 0.029/0.017)'h = 0.97 

(9') ho-= JH ~. (~)'h X 1 [Eq. (6.15b)] 

= 118 X 0.017 X 0.97/0.0458 
= 42.3 Btu/(hr)(ft2WF) 

Cold fluid: tube side, water 
(6) G, = wja, 

= 78,500/0.0954 
= 823,000 lb/(hr)(ft2) 

V = G,j3600p = 823,000/3600 X 62.5 
= 3.65 fps 

(6) At ta = 9o•F, 
J.< = 0.82 X 2.42 = L99lb/(ft)(hr) 

[Fig.14} 
D = 0.62/12 = 0.0517 ft [Table 10] 
Re, = DG,fJ.< (Re, is for pressure drop 

only) 
= 0.0517 X 823,000/L99 = 21,400 

(9) h; = 900 Btu/(hr)(ft2)(.F) [Fig. 25] 

(10') (11') (12'} Viscosity correction is (10) h;. = h; X ID/OD [Eq. (6.5)] 
unnecessary. = 900 X 0.62/0.75 = 744 

(13) Clean overall coefficient Ua: 

Ua =h.~·~· h.=~!!~!;::= 40.1 Btu/(hr)(ft2WF) (6.38) 

(14) Design overall coefficient U D: 

a" = 0.1963 ft2/lin ft (Table 10) 
Total surface, A = 364 X 8'0" X 0.1963 = 572 ft 2 

UD =A Qt:.t = 57~8~~~.4 = 31.7 Btu/(hr)(ft•WF) 

(15) Dirt factor Rd: 

Rd = Ua- UD = 40·1- 31..7 = 0.0070 (hr)(ft1)("F)/Btu (6.13) 
UcUD 40.1X31.7 · 

Summary 

42.3 I h outside I 744 

Ua 40.1 

UD 31.7 

Rd Calculated 0.0070 

Rd Required :!; 
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Pressure Drop 

(1) For Re, = 21,400, (1') For Re. = 40,200, 
f = 0.00162 ft2/in.• [Fig. 29] f = 0.000225 ft2/in. 2 [Fig. 26] 

(2') No. of crosses, N + 1 = l2L/B 

= 12 X 8/12 = 8 

s=~ 
PwatJer 

w' 
pv = (MW) X 1545Taba 

w' p(MW) 
P ... = v = 1545Taba 

[Eq. (7.43)] 

= (83 X 144)(17.1) = 0209 lb/ft3 
1545(460 + 170) 

0 

8 = ~~59 = 0.00335 

D, = 23.25/12 = 1.94 ft 
, JG~D,(N + 1) 

(3 ) AP. = 5.22 X 1010D.s.p, 

0.00162 X 25,4002 X 1.94 X 8 
= 5.22 X 1010 X 0.0458 X 0.00335 

X 1.0 
= 2.0 psi 

Allowable AP, = 2.0 psi 

(2) A T> - !G':Ln E 
.<.>.r' - 5.22 X l010Ds<f>, [ q. (7.45)] 

0.000225 X 823,0002 X 8 X 8 
= 5.22 X 1010 X 0.0517 X 1.0 

X 1.0 
= 3.6 psi 

(3) G, = 828,000, V 2/2g' = 0.090 [Fig. 27] 
AP, = (4n/s)(V2/2g') [Eq. (7.46)] 

= 
4 1~ 8 

X 0.090 = 2. 9 psi 

(4) t,.Pp = f1Po + f>Pr [Eq. (7.47)] 
= 3.6 + 2.9 = 6.5 psi 

Allowable 11FT = 10.0 psi 

The ability to meet the allowable pressure drop hinges closely upon the density of the 
gas. If the gas had been air at the same pressure, the density and pressure drop would 
have been 0.209 X 2J1 7 = 0.357lb/ft3 and 1.2 psi. Similarly an exchanger can be 
used for gases at vacuum pressure only when a very small mass velocity is employed. 
The latter results in very low transfer rates for vacuum services, values of U D being 
as low as 2 to 10 Btu/(hr)(ft')("F). 

Air Compressor Intercoolers. In the compression of air for utility 
purposes it is common to subject atmospheric air to four or more stages 
of compression. The allowable pressure drop in the intercoolers follow­
ing the initial stages of compression is extremely critical. Assuming 
that. the compressors operate with compression ratios of roughly 2;!1: 1 
or 2~: 1, a pressure drop of 1 psi in the first-stage intercooler represents 
a reduction in the total pressure delivered after the fourth stage of 
1 X 2.5 X 2.5 X 2.5 = 13.1 psi and nearly 80 psi after the sixth stage. 
In addition, the presence of moisture in the inlet air makes it impossible 
to compute the heat load as a simple sensible-heat change. Suppose 
saturated air is taken into the compressor at 95°F (during a summer 
shower), compressed, and then cooled back to 95°F between each stage 
of compression. The air and water vapor both occupy the same total 
volume. The compression of a saturated gas raises the dew point above 
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its initial dew point. Cooling the compressed gas back to its original 
temperature requires that it be cooled below its dew point. This can 
occur only if water condenses out of the compressed gas during cooling: 
The reasoning follows: The original water vapor in the saturated atmos· 
pheric air was all that could exist in the original volume of air at 95°F. 
Its total weight can be obtained from the specific volume of steam, in 
cubic feet per pound, for 95°F as found in Table 7. After compression 
and cooling back to 95°F the total volume of air is reduced but the specific 
volume of steam at 95°F is unchanged. The same specific volume can 
be maintained in the reduced gas volume only if some of the water con­
denses out of the gas. 

Example 9.2. Calculation of the Heat Load for an Air Intercooler. 4670 cfm of 
air saturated at 95°F enters a four-stage adiabatic compressor, having a compression 
ratio of 2.33:1, at atmospheric pressure. (a) How much heat must be removed in 
the first-stage intercooler? (b) How much heat must be removed in the second-stage 
intercooler? 

Solution: 
(a) Inlet 4670 cfm: 
Saturation partial pressure of water at 95°F = 0.8153 psi (Table 7) 
Saturation specific volume of water at 95°F = 404.3 ft 8/lb (Table 7) 
The air and water both occupy the same volume at their respective partial pressures. 
Lb waterjhr entering = 4670 X 60/404.3 = 692lb 

First stage: 

Mter 2.33 compression ratio 

P2 = 14.7 X 2.33 = 34.2 psi 

(
TT•) = (~)(r-Il/'Y h = 1.40 for air*) 

1 &bl PI 
T>abo = (2 33)(1.t-ll/1.( 

460+95 . 
T2abo = 705°R or 245°F 

Intercooler: 

Final gas volume = 4670 X 60 X 14.7/34.2 = 120,000 ft 1 /hr 
Water remaining in air = 120,000/404.3 = 297 lb/hr 
Condensation in intercooler = 692 - 297 = 395lb/hr 
Specific volume of atmospheric air = (359/29) (555/492) 14.7 /(14.7 - 0.8153) 

= 14.8 ft'/lb 
Air in inlet gas = 4670 X 60/14.8 = 18,900 lb/hr 

Heat load (245 to 95°F): 

Sensible heat: 
Q.;. = 18,900 X 0.25(245 - 95) = 
Qwater = 692 X 0.45(245 - 95) 

708,000 Btu/hr 
46, 700 Btu/hr 

Latent heat: 
Q-ter = 395 X 1040.1 411,000 Btu/hr 

Total 1, 165,700 Btu/hr 

* The correction of 'Y for the presence of water vapor is usually omitted. 
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H condensation had not been accounted for, an error of 33 per cent would have 
resulted. It should also be noted that over half of the water condenses in the first­
stage intercooler. 

(b) Second stage: P• = 34.2 X 2.33 = 79.8 psi. 
Final gas volume = 4670 X 60 X 14.7/79.8 = 51,500 ft•jhr 
Pounds of water remaining in air =- 51,500/404.3 = 127.5 lbjhr 
Condensation in intercooler = 297 - 127.5 = 169.5lb/hr 

Heat load (245° to 95°F): 

Sensible heat: 

Qair = 18,900 X 0.25(245 - 95) = 708,000 Btujhr 
Q, .. ..,. = 297 X 0.44(245 - 95) = 19,600 Btujhr 

Latent heat: 

Q- = 169.5 X 1040.1 = 170,700 Btujhr 
898,300 Btu/hr 

Example 9.3. Calculation of the Dew Point after Compression. The dew point 
and saturation temperature of the saturated inlet air are the same. After the first­
stage compression the dew point is raised. What is the dew point when air saturated 
at 95°F and 14.7 psi is compressed to 34.2 psi? 

Solutron: 

At inlet: 

Mols air = 18,900/29 = 652 
Mols water = 692/18 = 38.4 

690.4 
After compression: 

Partial pressure of water vapor = (38.4/690.4)34.2 = 1.90 psi 
From Table 7 equivalent to 1.90 psi, dew point = 124°F 
In other words, the gas and water vapor are cooled sensibly from 245 to 124 °F in 

the first stage intercooler and the water vapor will start to condense at 124°F. 

The Calculation of Coolers for Wet Gases. The calculation of the 
heat load and film coefficients in the intercoolers of adiabatic compression 
systems starting with initially dry gases offers no particular difficulty. 
The heat load is the sensible-heat requirement to cool the gas back 
between stages. The film coefficient is that of the dry gas. 

Coolers which are required to cool wet gases present a number of addi­
tional problems. If the wet gas is to be cooled below its dew point, two 
zones will appear: (1) from the inlet temperature to the dew point in 
which both the gas and the vapor are cooled sensibly and (2) from the 
dew point to the outlet temperature, in which the gas and vapor are 
cooled and part of the vapor condenses. The first zone can be calculated 
rather simply as a dry gas, but the calculation of the second zone is 
extremely lengthy. A relatively accurate calculation will be demon-
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strated as an example of condensation in Chap. 13, where it will be seen 
that both the condensation and gas film coefficients are closely related. 
The film coefficient for the mixture varies considerably from the dew 
point to the outlet temperature as the concentration of the condensable 
vapor diminishes. It is also seen that, in any wet gas cooling service if 
the tube-wall temperature is below the dew point of the gas, even though 
the gas is not cooled below its dew point, the tube wall will be wet with 
condensate. As droplets of condensate fall from the tube, they will 
reflash into the gas and some fraction may drain from the cooler if the 
temperature should fall below the dew point. However, the film of 
liquid on the tube actually introduces a resistance film through which the 
heat must b~ transferred. If the condensable vapor is water, the resist­
ance can be omitted because of the high conductivity of the film. If it 
is a vapor whose condensate is a viscous fluid, it may be necessary to 
calculate the mean resistance of the film from methods given in Chap. 13 
based on the properties of the condensate. It is also well to consider 
that gases which are not particularly corrosive when containing a small 
concentration of water vapor may be corrosive when dissolved in con­
densate water at the cold tube wall. Desuperheaters, which are simply 
gas coolers, frequently operate with part of the surface moist although 
no actual condensate drains from the system. 

The performance of commercial intercoolers for permanent gases saturated at 
atmospheric pressure with water at 100•F or less can be predicted rapidly by empiri­
cal rules. These rules are as follows: (1) Calculate the entire heat load ofsensible 
cooling and condensation as if transferred at the dry gas rate, and (2) use the value of 
~t = FT X LMTD obtained from the inlet and outlet temperatures of the gas to and 
from the cooler and the temperatures of the water. These rules are actually the 
combination of a safe and an unsafe generalization which tend to offset each other. 
The combined film coefficient for condensation and gas cooling below the dew point 
is greater than that given by (1). The true temperature difference is less than 
that calculated by (2), since the log mean for the portion of the heat load delivered 
from the dew point to the outlet is less than that calculated by the rule. 

PROBLEMS 

9.1. 3500 cfm of dry nitrogen at 17 psig and 280"F is cooled to 100•F by water with 
an inlet temperature of s5•F. Available for the service is a 31 in. ID 1-2 exchanger 
having 600 % in. OD,, 16 BWG tubes 12'0" long arranged for eight passes on l-in. 
triangular pitch. The baffie spacing is 24 in. center to center. 

Pressure drops of 2.0 psi for the gas and 10.0 for the water should not be exceeded, 
and a minimum dirt factor of 0.01 should be provided. Will the cooler work? 

9.2. 17,500 lb/hr of oxygen at atmospheric pressure is cooled from 300 to 100•F by 
water from 85 to 100°. Available for the service is a 31 in. ID 1-2 exchanger contain­
ing 600 % in. OD, 16 BWG tubes 12'0" long arranged for eight passes on l-in. tri­
angular pitch. Baffles are spaced 24 in. apart. 

What are the dirt factor and the pressure drops? 
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9.3. 5000 cfm of saturated air at 100°F enters the first stage of a compre.ssor having 
a 2.45:1 compression ratio. The air is at atmospheric pressure. (a) How much heat 
must be removed after each of the four· stages, assuming a 2.0 psi pressure drop in 
each intercooler. (b) Available for the first-stage intercooler is a 29 in. ID exchanger 
having 508 tubes %:ODin., 14 BWG by 12'0" long arranged for eight passes on l-in. 
triangular pitch. The ba:ffie spacing is 24 in. Using cooling water with an 85°F inlet, 
what are the pressure drops and dirt factor? 

9.4. For the second-stage intercooler of &ample 9.2 in the text the following 
1-2 exchanger is available: 21Xi: in. ID containing 294% in. OD, 14 BWG tubes 12'0" 
long arranged for eight passes on 1~6-in. triangular pitch. Baffies are spaced 20 in. 
apart. What are the dirt factor and the pressure drops? 

A 
a 
a" 
B 
C' 
c 
D 
D, 
F-r 
! 
G 
g' 
h, h;, h. 

hi.o 

jn 
ih 
k 
L 
LMTD 
N 
N; 
n 
PT 
AP 
APT, APt, APr 
p 
R 
Rd 
Re 
s 

NOMENCLATURE FOR CHAPTER 9 

Heat-transfer surface, ft 2 

Flow area, ft' 
External surface per linear foot, ft 
Ba:ffie spacing, in. 
Clearance between tubes, in. 
Specific heat of cold fluid, Btu/(lb)(°F) 
Inside diameter of tubes, ft 
Equivalent diameter, ft 
Temperature difference factor, At = FT X LMTD, dimensionless 
Friction factor, ft2/in.' 
:Mass velocity, lb/(hr)(ft2) 

Acceleration of gravity, ft/see2 

Heat-transfer coefficient in general, for inside fluid, and for outside 
fluids, respectively, Btu/ (hr) (ft2) (°F) 

Value of k; when referred to the tube OD, Btu/(hr)(ft2){°F) 
Factor for heat transfer (hD/k)(cp,jk)Y., dimensionless 
Factor for heat transfer (hjcG)(c!-'/k)%, dimensionless 
Thermal conductivity, Btu/(hr)(ft2) (°F /ft) 
Tube length, ft 
Log mean temperature difference, °F 
Number of baffies 
Number of tubes 
Number of tube passes 
Tube pitch, in. 
Pressure drop, psi 
Total, tube side and return drop, psi 
Pressure, psia 
Temperature group (T, - To)/(t• - t,), dimensionless 
Combined dirt factor, (hr)(ft2)(°F/Btu) 
Reynolds number, dimensionless 
Temperature group (t2 - t1)/(T1 - t,), dimensionless 
Specific gravity, dimensionless 
Absolute temperature, "R 
Average temperature of hot fluid, oF 
Caloric temperature of hot fluid, °F 
Inlet and outlet temperature of hot fluid, op 
Average temperature of cold :fluid, °F 
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v 
w 
w 
w' 
"( 

p. 

p 
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Calorie temperature of cold fluid, °F 
Inlet and outlet temperature of cold fluid, °F 
True temperature difference in Q = U DA ll.t, °F 
Clean and design overall coefficient of heat transfer, Btu/(hr)(ft1)(°F) 
Velocity, fps 
Specific volume, ft3jlb 
Weight flow of hot fluid, lbjhr 
Weight flow of cold fluid, lbjhr 
Weight, lb 
Ratio of specific heats of a gas, dimensionless 
Viscosity, centipoises X 2.42 -= lb/(ft)(hr) 
Viscosity at the tube wall, centipoises X 2.42 = lb/(ft)(hr) 
Density, lb/ft: 
(p./ P.w) O.U 

Subscripts (except as noted above) 

8 Shell side 
Tube side 



CHAPTER 10 

STREAMLINE FLOW AND FREE CONVECTION 

Streamline Flow in the Tubes of Exchangers. From the Fourier 
equation alone for a single tube Q = wc(t2 - t1) = h/rrDL) llt. When 
the inside tube-wall temperature tp is constant, the temperature difference 
At in streamline flow may be replaced by the arithmetic mean of the hot 
and cold terminal temperature differences At,.= [(tp - t1) + (tp - t2)]/2. 
Solving for h;D jk, 

h;D (2 we) (h - h) 
T = ;;: kL (tp - tt) + (tp - tz) 

{10.1) 

It is interesting to note that the highest outlet temperature attainable 
in a tube is the constant temperature of the hot tube wall tp. For this 
case Eq. (10.1) reduces to 

hJ) =(~we) 
k 7( kL 

(10.2) 

No obf3erved average value of h; can exceed that given by Eq. (10.2), 
and it is a useful tool by which erroneous observations may be rejected. 

Graetz obtained Eq. (3.27) from purely theoretical considerations on 
the assfunption of a parabolic distribution of velocities as the fluid flows 
in a tube in laminar flow. He did not include any corrections for modi­
fications of the parabolic distribution during heating and cooling. Sieder 
and Tate evaluat€d the equivalent empirical equation [Eq. (3.32)] and 
obtained Eq. (6.1), which may be credited with correcting for the modi­
fications of the velocity distribution during heating and cooling. 

Streamline flow in tubes may be construed as a conduction effect, and 
it is also subject to the simultaneous occurrence of free convection as 
well. Free convection is only significant in nonviscous fluids. Fluids 
flow in streamline flow due to three conditions: (1) The fluid is viscous; 
(2) the fluid is not viscous, but the quantity is small for the flow area 
provided; and {3) the flow quantity and viscosity are intermediate but 
combine to give streamline flow. Only when free convection is sur­
pressed owing to the high average viscosity of the liquid, say several 
centipoises and over, or when the temperature difference is small does 
Eq. (6.1) give h; within the stated deviation as pure conduction. For 
cases falling under (2) or (3) above, lihe value of h,from Eq. (6.1) may be 
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conservative, the true value of h, being as much as 300 per cent greater 
due to the influence of free convection. 

In the Graetz derivation the value of L in the Graetz number wcjkL 
or in the ratio D /L is assumed to be the length of the path over which the 
fluid moves with a conduction temperature gradient at right angles to 
the long axis of the tube. Naturally, if mixing occurs at any point in 
the heat-transfer tube, the distance from the inlet to the point of mixing 
must be regarded as the length of the path over which the temperature 
gradient is effective whether or not it corresponds to the total tube 
length of the exchanger, nL. Boussinesq1 has advanced the theory that 
under ideal conditions streamline flow is not established until the liquids 
has traveled a length of approximately 15 tube diameters. In multipass 
heat-transfer equipment it is sometimes possible to consider the fluid in 
the tubes mixed at the end of each pass. Internal mixing is desirable, 
just as convection is desirable and also because it restricts the length of 
streamline path to the length of each pass, L. 

The shorter the unmixed length the greater the value. of h., although 
it is not always safe to assume that mixing occurs at the end of each 
tube pass of an exchanger. In modern multjpass exchangers, the flow 
areas in the floating head and channel are usually designed to be identical 
with or slightly greater than the flow area of the tubes in each passs. In 
this way it is possible to eliminate excessive return pressure drops. If 
no turbulence or mixing is induced at the ends of each pass, nL is the 
total length of path instead of L, which leads to the calculation of safe 
values of h; should mixing actually occur. 

Frequently it will be found that the Reynolds number based on the 
viscosity at ta = (tt + t2)/2 is less than 2100 but near the outlet the 
Reynolds number based on the viscosity at i2 is greater than 2100. 
Equation (6.1) is not applicable in the transitional or turbulent flow 
range. In calculations on mUltipass exchangers, the point at which 
Re = 2100 must then be obtained by trial and error, and the path 
beyond it excluded from calculation as streamline flow. If a portion of 
the tube is in the transitional range, it can best be computed by means 
of Fig. 24. 

For a two-tube pass exchanger the maximum error in h, calculated 
from Eq. (6.1) between a mixing or nonmixing assumption between 
passes is (7f)l-S = 1.26 or 26 per cent, since h, a: 1/Ll-S, For an eight­
tube pass exchanger the error is (M) ~ = 2.0 or 100 per cent. Ordinarily 
a decision should not be arrived at without consulting the design of the 
exchanger and noting whether or not provision for mixing between 
passes has been included. 

1 Boussinesq, J., Gompt. rend., 113, 9 (1891). 
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Example 10.1. Crude Oil Heater: Streamline Flow. A line carries 16,000 lb/hr 
of.34°API crude oil. It enters the tubes at 95°F and is heated to 145°F using steam 
at 250°F.. Consider the fluid mixed between passes. 

The viscosities of the crude oil are 

•F P. cp 
250 1.15 
200 1.7 
150 2.8 
125 3.8 
100 5.2 

Available for temporary service is a horizontal 1-2 exchanger having a 15% in. ID 
shell with 86 1 in. OD, 16 BWG tubes 12'0" long laid out on 1U-in. triangular pitch. 
The bundle is arranged for two tube passes, and baflles are spaced 15 in. apart. 
Since the heater is for temporary use, no dirt factor will be included. 

Will the exchanger fulfill the requirement? 

Solution: 

Exchanger: 

SheU side 
ID = 15~ in. 

Baflle space = 15 in. 
Passes = 1 

(1) Heat balance: 

Tube side 
Number and length = 86, 12'0" 

OD, BWG, pitch = 1 in., 16 BWG, U'li:-in. tri. 
Passes = 2 

Crude, Q = 16,000 X 0.485(145 - 95) = 388,000 Btu/hr 
Steam, Q = 410 X 945.5 = 388,000 Btu/hr 

(2) t.t: 

Hot Fluid Cold Fluid Diff. 

250 Higher Temp 145 105 

250 Lower Temp 95 155 

0 Differences 50 50 

at = LMTD = 129°F (true.counterflow) (5.14) 
(3) T. and t.: This fluid is in streamline flow throughout the heater [see (6), p. 204]. 
For streamline flow the arithmetic mean should be used. For the first pass 

t t, + t; 95 + 125 110.F ( ) • = - 2- = 2 = approx. 

On the assumption that the fluids are mixed between passes, each pass m\1St be 
solved independently. Since only two passes are present in this exchanger, it is sim­
ply a matter of assuming the temperature at the end of the first pass. More than 
half the heat load must be transferred in the first pass; therefore assume t; at' the end 
of the first pass is 125°F and t; - t, is-ao•F. 
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Hot fluid: shell side steam Cold fluid: tube side, crude oil 
(4) a; = 0.594 in.2 [Table 10] 
a, = N,al /144n [Eq. (7.48)] 

= 86 X 0.594/144 X 2 ... 0.177 ft1 

(5) G, = w/a1 

= 16,000/0.177 
= 90,400 lb/(hr)(fV) 

(6) D = 0.87/12 = 0.0725 ft [Table 10] 
Re, = DG,jp. 
At t. = 145°F (the outlet temperature) 
p. = 2.95 X 2.42 = 7.15lb/(ft)(hr) 
Re, = 0.0725 X 90,400/7.15 = 915 
At ta = no•F, 

. p. = 4.8 X 2.42 = 11.6lb/(ft)(hr) 
Re, = 0.0725 X 90,400/11.6 = 565 

(7) h.= 1.86~ (~;;~)~ "'' 

[Eq. (6.1)] 

(S) ~ = 0.485 X 11.6 = 72 5 k 0.0775 . 

!!. = 0.0725 = 0 0060 
L 12 ' 

(9') h. = 1500 (9) !!! = 1.86 X 0.0775 
q,, 0.0725 

(565 X 72.5 X 0.0060)~ = 12.4 

(10') lp = la + h; ~ ho (T. - la) (10) At t, = 249•F, 

p. = 1.20 X 2.42 = 2.9lb/(ft)(hr) 
1500 

= 110 + 12.4 + 1500 (250 - 110) q,, = (;~J.u 
= 249°F 

- (11.6)"·
14 

- 2.9 = 1.20 

h· 
(11) h; = i q,, = 12.4 X 1.20 

= 14.9 Btu/(hr)(ft2)("F) 

At = t, - la = 249 - 110 = 139°F 
h.A; At 

t; -,t, = -we-
Internal surface per foot of length = 0.228 ft 

A; = ~6 X 12'0" X 0.228 = 117.5 ft2 

t . _ t = 14.9 X 117.5 X 139 = 31 4.F 
' 

1 16,000 X 0.485 • 

Assumed value of t; - t, = so.o•F (close enough for check) 
The oil now enters the second pass at 126.4°F and leaves at 152 instead of 145°F, 

indica.ting tha.t the heater is oversurfaced if no dirt factor i8 required. 



STREAMLINE FLOW AND FREE CONVECTION 205 

If four or more passes are present, the calculation is carried out in the same manner 
as shown above with a new assumed temperature at the end of each pass. If the 
calculated outlet from the last pass equals or exceeds t2, the heater will operate 
satisfactorily. 

When a dlrt factor is to be provided, obtain the initial outlet temper­
ature t2 delivered by the oversized heater, when freshly placed in service, 
from the heat balance and Eq. (5.18), using Ua for U, Ua is obtained 
from U D and Rd by Eq. (6.10) instead of from hio and ho, since in this case 
it is desired to calculate the value of h;o which will produce the initial 
value of the outlet temperature. Having calculated t2, solve for each 
pass until the outlet temperature corresponds to the initial value of tz 
before dirt accumulates. 

Free Convection in Tubes. Streamline flow is calculated by equations 
employing weight flow or mass velocity as one of the variables. How­
ever, if a horizontal tube surrounded by condensing steam carries cold 

(a) (b) (c) (d) 

FIG. 10.1. Free convection in tubes. 

liquid and its flow is suddenly halted, the liquid in the tube continues to 
heat. According to Eq. (6.1) the film coefficient should be zero if the 
mass velocity is zero. Where the heat is transferred through movements 
within the liquid itself without forced circulation, it occurs. by free or 
natural convection. Some of the factors influencing free convection in 
liquids can be observed very readily in the laboratory owing to changes 
in the index of refraction which accompany changes in density. When 
a fluid is heated in a glass vessel on a hot plate, the convection currents 
are visible. Liquid at the bottom of the vessel and adjacent to the heat 
source is heated by conduction. The heat absorbed reduces the density 
of the bottom layer of liquid so that it rises and the colder liquid tends to 
settle. 

In a horizontal tube the process is somewhat more orderly. Starting 
with a stationary liquid, heat is applied from the outside, raising the 
temperature of an outer layer of liquid as shown in Fig. 10.1a. The cold 
central core is heavier than the liquid adjacent to the wall and settles 
toward the bottom of the tube somewhat as shown in Fig. lO.lb. The 
rate of settling is retarded by the temperature-viscosity relationship 
between the hot fluid at the wall and the cooled core of liquid. As the 
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free-convection currents are established, they develop and mix with the 
bulk of liquid presumably as in Fig. lO.lc, and if the tube is large, mixing 
may be accelerated as· in Fig. lO.ld. The film coefficient for free con­
vection is a function of the inside diameter of the tubeD, density of the 
liquid p, coefficient of expansion {J, gravitational constant g, thermal 
conductivity k, viscosity IJ., and lastly the temperature difference At. 
between the hot tube wall and the bulk of the fluid. 

h, = j(D, p, fJ, c, g, k, !L, At,.) 

Solving by dimensional analysis 

--C1 -h.D _ (D3
p
2
g{J At .. )" (CJ.L)b 

k p.2 k 

where D8p2gfJ At.,/!.1.2 is the Grashof number. 

(10.3) 

Combined Free Convection and Streamline Flow in Horizontal Tubes. 
Just as there is a transition region and not a single point separating 
streamline and turbulent flow, there must also be some transition region 
between free convection to a fluid standing still and streamline flow. At 
low linear velocities both are undoubtedly operative. Equation (6.1) 
was correlated from data obtained on small tubes with moderately viscous 
fluids and under moderate temperature differences such that the Grashof 
numbers were relatively small. Kern and Othmer1 investigated this 
region in horizontal tubes under large temperature differences and tube 
diameters and evaluated free convection as a correction to the Sieder­
Tate equation. Their final equation is 

h.D (.1:)-o.14 
= l.S6 [(DG) (CJ.l.) (Q)]% 2.25(1 + O.OlOGr}>) (lOA) 

k f.Lw p. k L log Re 

where Gr., is the Grashof number evaluated from properties taken at the 
average fluid temperature t., = (t1 + t2)j2. hi as ordinarily calculated by 
Eq. (6.1) can be corrected for free convection by multiplying by 

if; = 2.25(1 + O.OlOGr.,%) 
log Re 

(10.5) 

Inspection of Eq. (10.4) indicates that the influence of the free-convection 
currents are dissipated in the transition and turbulent region. In view 
of the delicate nature of free-convection currents this is quite plausible. 
The two factors which ordinarily influence free convection most are a low 
viscosity and large temperature difference. Martinelli et al.2 studied 

1 Kern, D. Q., and D. F. Othmer, Trans. AIChE, 89, 517-555 (1943). 
2 Martinelli, R. C., C. J. Southwell, G. Alves, H. L. Craig, E. B. Weinberg, N. E. 

Lansing, and L. M. K. Boelter, Trans. AIChE, 38, 943 (1942). 
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the influence of free convection in upward and downward flow in vertical 
tubes. They found a slight increase in the coefficient when heating water 
in upward flow compared with downward flow. Their final correlation 
is rather complicated, although they also obtained a correlation of free 
convection involving the Reynolds number. 

Example 10.2. Kerosene Heater: Streamline Flow and Free Convection. A line 
carries 16,000 lb/hr of 40"API light distillate or heavy kerosene with corrosive con­
taminants. It enters the-tubes at 95°F and is heated to l45°F using steam at 250°F. 
Consider the liquid unm-ked between passes. 

The viscosities of the kerosene are 

•F J.l, cp 
250 0.60 
200 0.85 
150 1.30 
125 1. 70 
100 2.10 

Available for the service is a horizontal 1-2 exchanger, having a 15X in. ID shell 
with 86 1 in. OD, 16 BWG tubes 12'0" long laid out on lX-in. triangular pitch. The 
bundle is arranged for two tube passes, and baffles are spaced 15 in. apart (same as 
Example 10.1). 

What is the true dirt factor? 

Solution: 

Exchanger: 

Shell aide 
1D = 15~ in. 

Baffle space = 15 in. 
Passes= 1 

(1) Heat balance: 

Tube side 
Number and length = 86, 12'0" 

OD, BWG, pitch = 1 in., 16 BWG, 1U-in. tri. 
Passes= 2 

Kerosene, Q = 16,000 X 0.50(145 - 95) = 400,000 Btujhr 
Steam, Q = 4230 X 945.5 = 400,000 Btu/hr 

(2) t.t: 
Hot Fluid Cold Fluid Diff: 

250 Higher Temp 145 105 

250 Lower Temp 95 155 

0 Differences 50 50 

t.t = LMTD = 129"F (true counterflow) (5.14) 
(8) T. and t.: This fluid is in streamline flow throughout the heater fsee (6), p. 208]. 

For streamline flow the arithmetic mean is 
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Hot fluid: shell side, steam 

(9') Condensation of steam: 
h.= 1500 

Cold fluid: tube side, 40°API kerosene 
(4) ai = 0.594 in.• [Table 10] 
a,= N,a:f144n [Eq. (7.48)] 

= 86 X 0.594/144 X 2 = 0.177 It• 
(6) G, = w/at 

= 16,000/0.177 
= 90,400 lb/(hr)(ft') 

(6) D "" 0.87/12 = 0.0725 ft [Table 10] 
Ret= DG,jp. 
At t, = 145°F, 
p. = 1.36 X 2.42 = 3.29 lb/(ft)(hr) 

[Fig. 14] 
Re, = 0.0725 X 90,400/3.29 = 1990 
At t. = 120"F, 
p.. = 1.75 X 2.42 = 4.23lb/(ft)(hr) 
Re, = 0.0725 X 90,400/4.23 = 1,550 
Streamline flow, fluid unmixed between 

passes 
Ln/D = 12 X 2/0.0725 = 331 
(7) in = 3.10 [Fig. 24] 
.(8) At p. = 1.75 cp and 40"API, 
k(cp../k)~ = 0.24 Btu/(hr)(ft•) (°F /ft) 

[Fig. 16] 

(9) !!:! = jH ~(~)~ q,, D k 
[Eq. (6.15a)] 

h;/</>1 = 3.10 X 0.24/0.0725 = 10.25 

(10') t,.: (10) ~: = ~X ID/OD [Eq. (6.5)] 

t., = t. + _h_. - (T.- t.) [Eq. (5.31)] = 10.25 X 0.87/1.0 = 8;91 
ho. + ~· (11) At t., = 249°F, 

= 120 + 1000 (250 - 120) p.., = 0.60 X 2.42 = 1.45 lb/(ft)(hr) 
8.9 + 1500 q,, = (p./p.w)O.U 

= 249•F = (4.23/1.45) 0·u = 1.16 

(12) h;. = h~: "'' [Eq. (6.37)] 

= 8.91 X 1.16 
= 10.3 Btu/(hr)(fts)(°F) 

tJ.t. = t,. - t. = 249 - 120 = 129°F 
Since the kerosene has a viscosity of only 
1.75 cp at the caloric temperature and 
tJ.t. = 1299F, free convection should be 
investigated. 
if! = 2.25(1 + O.OlGr.Y.I) 

log Re 
[Eq. (10.5) 

Grashof number, Gr. = D'p2g{j !J.t.jp.i 
8 = 0.80, 
p = 0.8 X 62.5 = 50.0 lb/fta 
(j _ _! _ 1/PI - 1/Pt 

- °F - (t, - lt)(1/Pov) 
8~ - s: 

[Fig. 6] 
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Hot fluid: shell side, steam Gold fluid: tube side, 40° API kerosene 
At 95•F, 81 == 0.810 [Fig. 6] 
At 145•F, 82 = 0.792 
{I = 0.00045lfOF 
Gr~ = 0.07253 X 50.02 X 0.00045 X 4.18 

X 108 X 129/4.239 
= 1,300,000 

y, = 2.25(1 + 0.01 X 1,300,000%) = 1 47 log 1550 · 
Corrected h;. = 10.3 X 1.47 = 15.1 

(13) Clean overall coefficient Uc: 

Uc = h;:~·ho = ~::~ ~ ~= = 14.9 Btu/(hr)(ft2)(DF) (6.38) 

(14) Design overall coefficient U »: 

a" = 0.2618 ft2/lin ft 
Total surface, A = 86 X 12'0" X 0.2618 = 270 ft• 

UD =A ~t = 2:g0~~~9 = 11.5 Btu/(hr)(ft2)(DF) 

(16) Dirt factor: 

Rd = Uc - U D = 14.9 - 11.5 = 0.0198 (hr)(ft•)("F)/Btu 
UcUD 14.9 X 11.5 

Summary: Figures in parentheses are uncorrected for free convection 

Summary 

1500 I h outside I (10.3) 15.1 

Uc (10.2)14.9 

UD 11.5 

Rd Calculated 0.0198 

(Table 10) 

(6.13) 

If the correction for free convection were not included, it would have given the 
impression that the unit would not work, since U c would be smaller than U D· Cor­
rected, however, it is very safe. If the viscosity were 3 or 4 centipoises and the 
Reynolds number remained the same because of increased weight flow, the exchanger 
would not be suitable. 

The pressure drop may be computed as heretofore except that q,, for pressure drop 
in streamline flow is (P./1-',.) 0•25• 

The Use of Core Tubes. Employing the horizontal exchanger of the 
preceding example, suppose that 50,000 lb/hr of a 28°API gas oil was to 
be heated from 105 to 130°F using steam at 250°F. Would the exchanger 
be satisfactory? 

Solving as before, the value of the viscosity correction tPt is 1.18 but 
the free-convection correction 1/1 is negligible, and U c would be Jess than U D· 

Cores, dummy tubes with one end sealed (by clamping in a vise), may 
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be placed within the tubes of an exchanger as shown in Fig. 10.2. They 
constrict the cross-sectional area by forming an annulus which replaces 
the inside diameter of the tube with a smaller equivalent diameter and 
which increases the mass velocity of the tube fluid. Although the use 
of a core decreases the effective tube diameter and increases the mass 

Tube ~.::: ..... 
wall ~.:::======:..·=::::::::::~---== 

-----------------
FIG. 10.2. Core detail. 

velocity, it does not alter the Reynolds number from its value before 
introduction of the core. Using a core, 

a.= i (Di- Df) 

where D1 is the outside diameter of the core and D2 is the inside diameter 
of the tube. Wetted perimeter for heat transfer1 = 1TD2 

n. = e: en~- nv = m- m 
4 1TD2 D2 

w 
G = ('1T/4)(D~ - DV 

Ret = D.G = Di - m w 4w 
fl. D2fJ. ('1T/4)(m - DD = 1TD2p, 

Without a core the result is the same. 

DG D2 w 4w 
Ret = ---;;: = ---;; (7r/4)m = 'ITD2f1. 

Since the Reynolds number reinains the same, the advantage of the cores 
is manifested by the smaller value of D, to D in Eq. (6.1). However, 
the use of cores eliminates the possibility of free convection as correlated 
by Eq. (10.4), since the cores disrupt the natural~convection currents. 
Cores are most advantageously employed only when the fluid is viscous 
and free convection is precluded. 

Any size of core may be employed, and it is customary to use 18 BWG 
or lighter heat-exchanger tubes for the purpose. If the tube is sealed by 
clamping in a vise, the core must be of such size that on~half its perimeter 
is greater than the inside diameter of the tube into which it is to be 
inserted. If the clamped width is less, the core is secured by welding 

1 Unlike the annulus of a double pipe exchanger, the wetted perimeter is the cir­
cumference at the inside diameter of the outer tube rather than the outer diameter of 
the inner tube. 
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small rods at the clamped ends, which are larger than one-half the perim­
eter of the tube. The cores are inserted with the sealed end at the inlet 
of each pass, so that in multipass exchangers half are inserted at the 
channel and half at the opposite end of the bundle. 

Since cores produce considerable inlet and exit turbulence, it is fair to 
assume that substantial mixing occurs between passes. In such cases the 
unmixed length of path may be taken as the tube length. 

The equivalent diameter for pressure drop is smaller than that for 
heat transfer because the wetted perimeter is the sum of the circumfer­
ences of the inside of the tube plus the outside of the core. Ordinarily, if 
there is a large quantity of liquid flowing but the viscosity is high, the 
pressure drop will be quite large. If the flow is scanty and the viscosity 
is small, the pressure drop will usually be negligibly small despite the use 
of a core. 

Example 10.3. Gas Oil Heater Using Cores. In an effort to make the exchanger 
in Example 10.2 suitable for the flow of 50,000 lb fhr of 28° API gas oil, the use of cores 
will be investigated. The oil will be heated from 105 to 130°F using steam at 250°F. 
Comparisons will be made with Example 10.2. 

The correct core cannot always be selected for the first trial, and it is usually neces­
sary to assume several core sizes and carry out the calculation. 

Viscosities of the oil in the low temperature range are 

Solution: 

Exchanger: 
Shell side 

ID = 15~in. 

•F JJ., cp 
250 2.0 
200 3.1 
150 5.0 
125 6.3 
100 8.2 

Tube side 
Number and length = 86, 12'0" 

Baffle space = 15 in. OD, BWG, pitch = 1 in., 16 BWG, 1~-in. tri. 
Passes = 1 Passes= 2 

Assume that %-in., 18 BWG cores are used. 

(1) Heat balance: 
Gas oil, Q = 50,000 X 0.47(130 - 105) = 587,000 Btu/hr 
Steam, Q = 6220 X 945.5 = 587,000 Btu/hr 

(2) At: 
Hot Fluid Cold Fluid Diff. 

250 Higher Temp 130 120 

250 Lower Temp 105 145 

0 Differences 25 25 

L1t = LMTD = 132.5°F (true counterflow) (5.14) 
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(3) T. and t.: 

t (t, +to) 130 + 105 _ 117 5.F 
G = --2-,., 2 - 0 

Hot fluid: shell side, steam Cold fluid: tube side, crude oil 

' ... (4') a. = ID X C'B/144PT {Eq. (7.1)] (4) a, = 4 (d: - dD 
= 15.25 X 0.25 X 15/144 X 1.25 

= 0.318 ft• = ~ (0.87~ - 0.50•) = 0.40 in.• 

(6') G, = Wja. [Eq. (7.2)] 
= 6220/0.318 

= 19,600 lbj(hr)(ft•) 

(6') At T. = 2so•F, 
~-' = 0.013 X 2.42 = 0.0314lb/(ft)(hr) 

[Fig. 15] 
D, = 0.72/12 = 0.060 ft [Fig. 29) 
Re. = D,G,jp. (for pressure drop) 

[Eq. (7.3)) 
= 0.06 X 19,600/0.0314 = 37,400 

(9') Condensation of stea.m: 
h.= 1500 

(10') t.,: 

t,. = t. + _ho_ (T. - t.) [Eq. (5.31)] 
h;. +h. 

1500 
= 117.5 + 19.5 + 1500 (250 - 117.5) 

= 249"F 

(13) Clean overall coefficient Uc: 

(d2 and d, are the annulus diameters, in.) 
a, = N,a;/144n [Eq. (7.48)] 

= 86 X 0.40/144 X 2 = 0.119 ft2 
(5) G, = w/a1 

= 50,000/0.119 
= 420,000 lb/(hr)(fV) 

(6) d. = d~ - eli = 0.872 
- 0.502 

d. 0.87 

D, = 0.582/12 = 0.0485 ft 
At t. = 117.s•F, 

= 0.582 in. 

JJ = 6.9 X 2.42 = 16.7lb/(ft)(hr) 
Re, = D/},jp. 

= 0.0485 X 420,000/16.7 = 1,220 
Assume mixing between passes L/ D, 

"" 12/0.0485 = 247 
(7) jH = 3.10 
(8) At JJ = 6.9 cp and 2s• API 
k(cp./k)'l.l = 0.35 Btu/(hr)(ft')("F /ft) 

[Fig. 16] 

(9) h; • k (cp.)Y, [Eq. (6.15a)] 
"it=:JHD, k 

= 3.10 X 0.35/0.0485 = 22.4 

(10) ~:· = !: X ~~ [Eq. (6,5) 

= Z!.4 X 0.87/1.0 = 19.5 
(11) At t,. = 249°F, 
J.<w = 2.0 X 2.42 = 4.84lb/(ft)(hr) 

[Fig. 14] 
<f>t = (JJ./ JLw) o.t4 

= (16. 7 /4.84) 0·14 = 1.18 

(12) h;. = !': q,, [Eq. (6.37)] 

= 19.5 X 1.18 
= 23.0 Btuj(hr)(ft2)(°F) 

Uc "'h.~•~· h. "';::g ~ ~:~ = 22.6 Btu/(hr)(ft2)(°F) (6.38) 
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(1') Design overall coefficient U I>: 

A = 270 ftl 

UD =}At= 27gs~~.S = 16.4 Btu/(hr)(ft")(°F) 

(16) Dirt factor Rd: 

Ra = Uc- UD = 22·6 - 16·4 = 0.0172 (hr)(ft')(°F)/Btu (6.13) 
UcUv 22.6 X 16.4 

Summary 

1500 I h outside 119.4 

Uc 22.6 

Uv 16.4 

R. Calculated 0.0172 

Note that the cores make the heater operable. 

Pressure Drop 

(1') For Re, = 37,400, 
! = 0.0016 ftl/in .. 

(1) d~ = (d2 - d,) [Eq. (6.4)] 
[Fig. 29) = (0.87 - 0.50) = 0.37 in. 

n:, = o.37/12 = o.o3o9 rt 
Re~ = n;p.;" 

= 0.0309 X 420,000/16.7 = 777 
f = 0.00066 ft'/in.• [Fig. 26] 

(2') No. of crosses, N + 1 = 12L/B (2) For streamline-flow pressure drop: 

= 12 X 12/15 = 10 
II -= 13.82 ft3jlb 

1 
8 = 13.82 X 62.5 = O.OOUa 

D. = 15.25/12 = 1.27 ft 

[Eq. (7.43)] q,, = (16.7/4.84) 0•26 = 1.35 
8 = 0.85 

(Table 7) f:J.P _ JG:Ln 

' - 5.22 x to••n;,s.-, 

[Fig. 6] 

[Eq. (7.45)] 

(S') AP = ~ JG!(D,)(N + 1) 
' 2 5.22 X 1010D,sq,, 

(3) 0.00066 X 420,0002 X 12 X 2 
5.22 X 1010 X 0.0309 X 0.85 

[Eq. (7.52)J 
0;0016 X 19,6002 X 1.27 

1 X 10 
= 2 X 5.22 X 1010 X 0.060 

X 0.00116 X 1.0 
= 1.4 psi 

= 1.5 psi 
f:J.P r = negligible 

X 1.35 
[Eq. (7 .46) I 

The choice of a core was satisfactory. A large dirt factor should be used because of 
the inaccuracies of the calculation. It would also be advisable to investigate the 
use Qf a. ~ or 74 in. OD core. although either 9f these cores will cause a considerably 
grea.ter pres2ure drop. 
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Streamline Flow in Shell. When an exchanger is selected to fulfill 
process conditions from among existing exchangers, streamline flow in 
tubes should be avoided if possible. By comparison with turbulent flow, 
streamline flow requires the use of a larger surface for the delivery of 
equal heat. Sometimes streamline flow in tubes is unavoidable as when 
there is a great unbalance between both the sizes of the two streams and 
the shell-side and tube-side flow areas. If the flow area of the shell is 
greater than that of the tubes and one of the fluid quantities is much 
larger than the other, it may be imperative in meeting the allowable pres-

sure drop to place the smaller stream 
in the tubes. Still other instances of 
streamline flow arise when a liquid is 
placed in the tubes for corrosion reasons 
whereas from the standpoint of fluid 
flow it logically belongs in the shell. 

Streamline flow in shells, on the other 
hand, is fortunately a rare problem. It 
occurs at a Reynolds number well below 
10, as plotted in Fig. 28, due to the con­
stantly changing flow area across the 
long axis of the bundle. The shell is 
consequently an excellent place in which 
to locate a scanty stream. The fouling 
factors of Table 12 have been predicated 
upon turbulent flow, and for low tube 
velocities they should be increased per­

Fra. 10.3. Free convection outside haps 50 to 100 per cent to provide addi­
tubes. (After Ray.) 

tiona! protection. 
Free Convection outside Tubes and Pipes. The mechanism of free 

convection outside a horizontal cylindrical shape differs greatly from 
that within it. On the outside of a pipe the convection currents are not 
restrained as they are within it, and heated fluid is usually free to rise 
through greater heights of cold fluid thereby increasing the convection. 
The atmosphere about a pipe has been explored by Ray/ and the iso­
therms are shown schematically in Fig. 10.3. Cold air from the rela­
tively ambient atmosphere travels in toward the hot tube whence it is 
heated and rises. Numerous investigators have established the influence 
of the Grashof and Prandtl numbers on the correlation of free convection. 
Unfortunately most of the experimental information has been obtained 
on apparatuses such as single tubes and wires rather than industrial equip­
ment. Accordingly, however, the film coefficient for free convection to 

1 Ray, B. B., Proc. Indian Assoc. Cultivation Sci., 6, 9!i (1920). 
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gases from horizontal cylinders can be represented by 

hJ) = a [(DMg~ At) (c'~')] 0

'
25 

k, ~} k, 

where h. is the free convection coefficient and all the properties are 
evaluated at the fictitious film temperature t1 taken as the mean of the 
temperature of the heating surface and the bulk temperature of the fluid 
being heated. Thus 

t _tw+ta ,--2- (10.6) 

For the most part it is difficult to obtain good data for the various types 
and sizes of equipment used in industry. This is due in part to the inter­
ference and complexities of free-convection heating elements such as 
banks of tubes and the inability to control an atmosphere of fluid to the 
extent necessary for good experimental results. 

Free-convection correlations from the outside surfaces of different 
shapes which are of direct engineering value fall largely into two classes: 
free convection about single tubes or pipes and free convection about 
vessels and walls. McAdams~ gives an excellent review of the work done 
heretofore in this field. It is apparent that free-convection currents are 
not only influenced by the position of the surface but also by its proximity 
to other surfaces. A hot horizontal surface sets up currents which differ 
greatly from those set up by a vertical surface. McAdams has sum­
marized these in a simplified dimensional form2 for free convection to air. 

Horizontal pipes: ~ty·25 he= 0.50 do (10.7) 

Long vertical pipes: etr·2· h. = 0.4 d. (10.8) 

Vertical plates less 
(Atr·2

• than 2 ft high: he= 0.28 - (10.9) z 
Vertical plates more 

than 2ft high: he = 0.3 At0•25 (10.10) 
Horizontal plates: 

Facing upward: h. = 0.38 Atn-25 (10.11) 
Facing downward: h. = 0.2 At0·25 (10.12) 

where At is the temperature difference between hot surface and cold fluid 
in °F, do is the outside diameter in inches, and z is the height in feet. 

1 McAdams, W. H., "Heat Transmission," 2d ed., pp. 237-246, McGraw-Hill Book 
Company, Inc., New York, 1942. 

sPerry, J. H., "Chemical Engineers' Handbook," 3rd Ed., p. 474, McGraw-Hill 
Book Company, Inc., New York, 1950. 
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Fla. 10.4. Free convection outside horizontal pipes and tubes. [T. H. Chilton, A. P. 
Colburn, R. P. Generaux, and H. C. Vernon, TrcmB. ASMB Petroleum Mech. Eng., 66, 5 
(1933).] 

For single horizontal pipes the dimensionless expression will apply 
except that a will vary between 0.47 and 0.53 between small and large 
pipes. Thus 

h,D0 = 0.47 [(D!pjg{J Llt) (CP.t)]0"25 
k, p.j k, (10.13) 
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Chilton, Colburn, Generaux, and Vernon1 have developed an alignment 
chart which gives conservative coefficients for a single pipe but which has 
been used by the author and others without noticeable error for the 
calculations of free convection outside banks of tubes. The dimensional 
equation, plotted in Fig. 10.4 for gases and liquids, is 

he= 116 [ e'~'{j) (~) r25 

(10.14) 

where tJ.i is in centipoises. Of the four axes in the alignment chart one 
is the reference line of values of k'pjc1{}/ w which allows its use for fluids 
other than those whose key numbers are given in Fig. 10.4. The use 
of the chart for tube bundles .requires that the pipes or tubes not be 
located too closely to the bottom of the vessel or too closely among 
themselves so that they interfere with the natural-convection currents. 
The tubes should not be located closer than several diameters from the 
bottom of the vessel, nor should the clearance between tubes be less than 
a diameter. Notwithstanding the data available, free-convection design 
is not very accurate, and reasonable factors of safety such as large fouling 
factors are recommended. 

The use of the several types of free-convection correlations for fluids 
outside tubes is demonstrated by .the typical problem which follows. 

Example 10.4. Calculation of a Heating Bundle for an Aniline Storage Tank. A 
horizontal outdoor storage tank 5'0" ID by 12'011 long and presumed cylindrical is to 

r1:=========-====..:;r1 
L,-,t=,;;.;::...r_=_;;_-=;_::;_~=_;=;..;:7.=-:;.. r-1 

~ t 
Sfeam Drips 

Fra. 10.5. Heating a 11uid in a tank by free convection. 

be used for aniline storage. at a constant temperature of l00°F even though the prevail­
ing atmospheric temperature should fall to 0°F. The tank is not insulated but is 
shielded from the wind. Heat will be supplied by means of exhaust steam through a 
bundle connected through the bottom of the tank as shown in Fig. 10.5 and consisting 
of 6'0"lengths of l-in. IPS pipe. The use of a temperature controller (Chap. 21) to 
throttle the steam would make the entire operation automatic. 

How many lengths of pipe should be -provided? 
Solution. The first part of the problem is to determine how much heat will be lost 

from the tank to the atmosphere. This gives the heat load for which the coil must be 
designed. 

I Chilton, T. H., A. P. Colburn, R. P. Generaux, and H. C. Vernon, Trans. A.S.M.E., 
Pelroleum Meek. Eng., 56, 5 (1933). 
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From Eq. (10.7) to (10.12) the convection coefficient to air will be somewhere 
between h. = 0.2 A.t0•26 and h. = 0.3 A.t 0•26 for the entire tank surface. Since the 
equation giving the higher value of h. is safer. 

Convection loss: 
he = 0.3 ~t0· 26 

Neglecting the temperature drop through the tank metal 

A.t = 100 - 0 = 100°F 
he = 0.3 X 100°·26 = 0.95 Btuj(hr)(ft')(°F) 

Rad' t' t h _ 0.173 e[(TI.obs/100)4 - (T2.oba/100)'] 
la wn ra e, ' - T,,.ba - To.aba 

Assuming an emissivity of about 0.8, 

h, = 0.173 X 0.~:!·6'- 4.6') = 0.75 Btu/(hr)(fV)(oF) 

Combined loss: 

h. + h, = 0.95 + 0.75 = 1.70 Btu/(hr)(ft')(°F) 
2,. X 52 

Total tank area = --
4

- +,. X 5 X 12 = 227.8 ft' 

(4.32) 

Total ~eat loss, Q = (h. + h,.)A At = 1. 70 X 227.8 X (100 - O) = 38,800 Btujhr 

This heat must be supplied by the pipe bundle. 
Assuming exhaust steam to be at 212°F, 

~ = 212 - 100 = 85 
d. 1.32 

tl == 212 + 100 = 156oF (nearly) 
2 

From Figure 10.4, h. = 48 Btu/(hr)(ft•)(°F). 

U _ h.oho _ 1500 X 48 _ 46 S B /(h )(f ')(oF) 
c - h;. + h. - 1500 + 48 - · tu r t 

Assume a dirt factor of 0.02 (hr)(ft2)("F)/Btu 

UD = g~ ~ :;;; = !::! ~: = 24.1 Btu/(hr)(ft'WF) 

Total surface, A = U ~At 
= 38,800/24.1 X (212 - 100) = 14.4 ft 2 

Area/pipe = 0.344 X 6 = 2.06 ft• 
Number of pipes = 14.4/2.06 = 7 

These may be arranged in series or parallel. 

PROBLEMS 

(6.38) 

(Table 11) 

10.1. 9000 lb/hr of 34°API crude oil at 100°F (see Example 10.1 for viscosities) 
enter the tubes of a 17~ in. ID 1-2 exchanger containing 118 tubes 1 in. OD, 16 BWG, 
12'0" long arranged for two passes in 1~-in. triangular pitch. It is desired to attain 
an outlet temperature of 150°F using steam at 250°F. What is the actual outlet 
temperature? 
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10.2. 37,000 lb/hr of an organic compound whose properties are closely approxi­
mated by the 28° API gM oil in the Appendix is to be heated by steam in the tubes of 
a clean exchanger because the shell baffles are half-circle support plates. The ail is 
to be heated from 100 to 200°F by steam at 325°F. 

Available for the service is a 27 in. ID ~-2 exchanger containing 334 1 in. ODt 
16 BWG, 16'0" long tubes arranged for two passes on Ui-in. triangular pitch. 

(a) Determine the dirt factor if the oil is not mixed between passes? (b) What is 
the actual outlet temperature of the oil if the fluid is mixed between passes? 

10.3. 22,000 lb /hr of a flushing oil closely resembling 28° API gas oil is to be heated 
from 125 to 175°F to improve filtration. Available as a heating medium is another 
line corresponding to a 35°API distillate at 280°F. The temperature range of the 
distillate will be only 5°F so that the exchanger is essentially in counterflow. 

Available for the service is a 21% in. ID 1-2 exchanger containing 240 % in., 16 
BWG tubes 8'0" long. Tubes are arranged for six passes on l-in. square pitch. 
Ba.ffies are spaced 8 in. apart. Because of contaminants the flushing oil will flow in 
the tubes. 

Investigate all the possibilities, including the use of cores, to make the exchanger 
operable. Pressure drops are 10 psi, and a combined dirt factor is 0.015 (not to be 
confused with 0.0015). 

10.4. A vertical cylindrical storage tank 6'0" ID and 8'0" tall is filled to 80 per cent 
of its height with ethylene glycol at 150°F. The surrounding atmosphere may fall to 
o•F in the winter, but it is desired to maintain the temperature within the tank by 
using a rectangular bank of I in. IPS pipes heated with exhaust steam at 225°F 
How much surface is required? How should the pipes be arranged? 

A 
a" 
a 
B 
a,, a, 
D 
D, 
D,, D', 
d 
d. 
I 
G 
Gr 
Gr. 
g 
h, hi, h. 

n 

NOMENCLATURE FOR CHAPTER 10 

Heat transfer surface, ft• 
External surface per linear foot, ft 
Flow area, ftt 
Baffie spacing, in. 
Constants, dimensionless 
Inside diameter of tubes or pipes, ft 
Outside diameter of tubes or pipes, ft 
Equivalent diameter for heat transfer and pressure drop, ft 
Inside diameter of tubes, in. 
Outside diameter of tubes, in. 
Friction factor, ft; /in. 2 

Mass velocity, lb/(hr)(ft2) 

Grll8hof number, dimensionless 
Grll8hof number at the average or bulk temperature, dimensionless 
Acceleration of gravity, ft/hr2 
Heat-transfer coefficient in general, for inside fluid, and for outside 

fluid, respectively, Btu/(hr)(ft2)(°F) 
Value of h; when referred to the tube outside diameter 
Heat-transfer coefficient for free convection, Btu/(hr)(ft2)(°F) 
Heat-transfer coefficient for radiation, Btuj()>t.-)(ft2)(°F) 
Factor for hel).t transfer, dimensionless 
Thermal conductivity, Btu/ (hr) (ft2) (°F /ft) 
Tube length or length of unmixed path, fl:. 
Number of tube passes 
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tJ> 
tJ>T, tJ>,, tJ>, 
PT 
Rd 
Re, Re' 
8 

T., T. 
t,, t. 
t., t. 
t, 
t; 
tp, t., 
At 
At. 

Uc, UD 

" W,w 
z 
a 
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Pressure drop in general, psi 
·Total, tube, and return pressure drop, respectively, psi 
Tube pitch, in. 
Combined dirt factor, (hr) (ft2WF) /Btu 
Reynolds number for heat transfer and pressure drop, dimensionless 
Specific gravity, dimensionless 
Average and caloric temperature of hot fluid, °F 
Inlet and outlet temperatures of cold fluid, °F 
Average and caloric temperatures of cold fluid, °F 
Film temperature 3-'2 (t., + t.), °F 
Temperature at end of first pass, °F 
Inside and outside tube wall temperatures, °F 
Temperature difference for ·heat transfer, °F 
Temperature difference between tube wall and average fluid temper-

ature, oF 
Clean and design overall coefficients, Btu/(hr)(ft2)(°F) 
Specific volume, ft3 jlb 
Weight flow of hot and cold fluid, lb/hr 
Height, ft 
Constant 
Coefficient of thermal expansion, l/°F 
Viscosity, centipoises X 2.42 = lb/(ft)(hr) 
Viscosity at tube wall temperature, centipoises X 2.42 = lb/(ft)(hr) 
Viscosity at film temperature, centipoises 
Density, lb/fta 
(p,/JLt»)o.u. For pressure drop in streamline flow, (p,jp,.,) 0•26 

Free convection correction, Eq. (10.5), dimensionless 

Subscripts (except as noted above) 

f 
8 

t 

Evaluated at the film temperature 
Shell side 
Tube side 



CHAPTER 11 

CALCULATIONS FOR PROCESS CONDITIONS 

Optimum Process Conditions. The experience obtained from the 
calculation of existing tubular exchangers will presently be applied to 
cases in which only the process conditions are given. Before undertak­
ing these calculations an investigation will be made to determine whether 
or not several related pieces of equipment can avail themselves of the 
overall process temperatures in an optimum manner. This is an eco­
nomic affair similar to that for the optimum outlet-water temperature 

_tM:h 
gas 
/n 

Fra. 11.1. Typical process employing heat recovery. 

and the optimum use of exhaust steam discussed in Chap. 7. Often 
an exchanger operates in series with a cooler and a heater as shown in 
Fig. 11.1. The cooler regulates the final temperature of the hot fluid, 
and the heater adjusts the final temperature of the cold f!uid1 to the 
requirements of the next step in the process. The quantity of heat 
recovered in the exchanger alone greatly influences its size and cost, since 
the true temperature difference in the exchanger approaches zero as the 
heat recovery approaches 100 per cent. On the other hand, whatever 

1 This is actually the way to compensate and take advantage of the overperformance 
of an exchanger when it is clean if it has been designed for a dirty coefficient U 0 . 

Unless equipped with a by-pass to reduce the flow through the exchanp;er, the temper­
ature ranges of both fluids will exceed the process conditions. This is offset by 
throttling the steam and water in the heater and cooler and accordingly reducing the 
utility costs. 

221 
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heat is not recovered in the exchanger must be removed or added through 
the use of additional steam in the heater and additional water in the 
cooler, which raises the initial costs of the two as well as the operating 
cost of the process. This arrangement suggests the presence of an opti­
mum distribution of temperatures so that the fixed and the operating 
charges will combine to give a minimum. 

Among a number of examples of heat recovery available in the chemical 
and power industries, that of Fig. 11.1 is typical. It shows the flow 
sheet of a simple vapor-recovery system such as is employed in the strip­
ping of gasoline from natural gas, an absorption and distillation process, 
although the absorber and distilling column are not a part of the present 
analysis. Only the pertinent heat-flow lines are dash enclosed. The 
natural gas coming from the earth is laden with gasoline vapors which 
command a higher price when separated from the natural gas and con­
densed. The rich gas enters the absorber where it contacts an absorbent, 
usually a nonviscous oil, in which the gasoline vapors selectively dissolve. 
The outlet gas of reduced gasoline-vapor concentration is lean gas. The 
absorbent leaves the bottom of the absorber with the dissolved vapors as 
rich oil. It must next be fed to a distilling column where the gasoline 
and the oil are separated by steam distillation. The oil leaving the 
bottom of the distilling column is substantially free of the solute and 
therefore lean oil. Absorption is favored by low temperatures, while 
distillation requires higher temperatures so that the gasoline can be 
vaporized from the oil. The exchanger, heater, and cooler are repre­
sented in Fig. 11.1 by E, H, and CR, respectively. The temperatures 
to and from the absorber and distilling column will be considered fixed 
by equilibrium conditions whose definitions are beyond the scope of this 
study. The temperatures of the steam and water will also be fixed. 
The nucleus of the problem lies in determining the exchanger outlet 
temperatures T., or t,, either of which fixes the other, so that the total 
annual cost of the three heat-transfer items will be a minimum. 

If CE, CH, and Cc11 are the annual fixed charges per square foot for the 
exchanger, heater, and cooler, and if AE, AH, and AcB are their surfaces, 
the five elements of cost are 

1. Fixed charges of exchanger, CEAz 
2. Fixed charges of heater, CHAH 
3. Cost of steam, Cs, dollars/Btu 
4. Fixed charges of cooler, Cc~oR 
5. Cost of water, Cw, dollars/Btu 

The surface of each unit, A = Q/U !J.t, is dependent upon its true tem· 
perature difference. In each piece of equipment, however, the true 
temperature difference depends upon either T, or ty. To obtain an 
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expression for the minimum cost it will be necessary to differentiate the 
total annual cost with respect to either T., or ly and solve for T., or 
t, after setting the derivative equal to zero. For simplicity assume 
that only true counterflow exchangers are employed so that the true 
temperature difference and LMTD of all units are identical and that 
all the unit fixed charges C E, C "' CoR are the same and independent of 
the total number of square feet of each unit. The equation for the total 
annual cost CT is obtained after eliminating t11 through the use of the 
dimensionless group R. 

Cr = CEWC(Tt- T.,) ln (1 - R)Tt- h + RT., 
Us[(l - R)Tt + (R - l)T.,] T.,- it 

+ C.r;;c ln T.- h;;. ~~: + RT., + C.9wc(t2 - t1 - RTt + RTz) 

CaRWC(T.,- T2) l T.,- t~ C WC( ) + UcR[(T.,- t;)- (T2- tDJ n T 2 - t~ + wB T.,- Tz (11.1) 

where Us, U "' and U aR are the overall coefficients, 8 is the total number 
of annual operating hours, and the other temperatures are indicated in 
Fig. 11.1. When differentiated with respect to T:tl and set equal to zero, 
the equation for the optimum value of T., is 

CH 1 
0 = c.e + Cw8 + UH [R(T:tl- Tr) + (T.- tt)] 

+CaR (ti - l~) l (T.,- t;) 
UcR [(T., - Tz) + (ti - ~)] n (T2 - tf) 
+CaR (T.,- T2) 1 

UaR [(T.,- T2) +(ti-t~)] (T.,- t~) 

CE (Tl - h) 1 (11.2) 
- UE [(Tt- it) + R(T.,- Tt)l (T.,- TJ 

T., can be obtained by a trial-and-error calculation. 
Actually where the disposition of the temperatures justifies obtaining 

the optimum, the operation will be too large to permit the use of true 
counterflow in all of the equipment. When the flow pattern in the 
exchanger alone deviates from true counterflow and At is given by Eq. 
(7.37), the problem is somewhat more difficult to solve and less direct. 
However, if FT is placed in the denominator of the last term in Eq. (11.2), 
a simplified trial-and-error solution can be obtained for a system using a 
1-2, 2-4, etc., exchanger. Equation (11.2) is not particularly useful, how­
ever, unless extensive data are available on the installed costs and fixed 
charges of exchangers, since the cost per square foot of surface also varies 
with the size of the exchanger. Sieder1 has shown in F'ig. 11.2 how the 

1 Sieder, E. N., Chem. Met. Eng., 46,322-325 (1939) 
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relative cost (per square foot) of surface decreases from small to large 
exchangers. The fixed charges are usually arrived at as a percentage 
(30 per cent) of the initial cost per square foot, and this varies so much 
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FIG. 11.2. Cost of tubular surface vs. size of exchanger. (Sieder, Chemical. Engineerinu.) 

with the size of the final exchanger that several successive trials are 
required to establish the proper range of individual costs. 

Other obstacles are also encountered in the solution of a general equa­
tion for the optimum. If a typical problem is solved for a system with a 
1-2 exchanger and the calculated value ofT= comes out to be less than the 
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practical limit of FT = 0.75 - 0.80 in 
the 1-2 exchanger, the entire calcula­
tion, though valid, must be repeated 
using a different exchanger. The task 
of obtaining the optimum process tem­
peratures can be achieved more readily 
by graphical means. As the tempera­
ture T = is varied, there are two opposed 
costs as follows: As T= is increased, the 
cost of the utilities increases but the 
initial cost and fixed charges on the ex­
changer decrease. By assuming several 
values of T., the required sizes of all the 

FIG. 11.3. Optimum recovery tem- equipment can be computed for each 
perature. 

assumption. From the overall heat 
balances the operating costs of the utilities can also be obtained. The 
total annual costs are then the sum of the two costs as plotted in Fig. 11.3 
with the optimum corresponding to the point indicated. 

The Optimum Exchanger. The factors which are favorable for the 
attainment of higher film coefficients for fluids in exchangers also increase 
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their pressure drops. For turbulent flow in tubes as given by Eq. (6.2) 
the film coefficient varies with G~·8, whereas the pressure drop in Eq. (7.45) 
varies with Gl. This means that if the tube-side coefficient is the con­
trolling coefficient and if the design of the exchanger can be altered so as 
to increase the tube-side mass velocity, the overall coefficients U a, U D 

also increase and the size of the exchanger can be reduced accordingly. 
Offsetting this advantage is an increase in the pressure drop and pumping 
power costs for the greater mass velocity. As in the calculation of the 
optimum process conditions, there is an optimum exchanger capable of 
fulfilling process conditions with a minimum annual cost. The achieve­
ment of this design, however, requires an exchanger capable of providing 
the optimum fluid-flow velocities on the shell as well as the tube sides. 
This would frequently entail the use of an odd number of tube passes or 
an odd tube length, which is inconsistent with industrial practices. 
McAdams1 has given an excellent resume of the equations and approxima­
tions required for establishing the optimum exchanger to which the reader 
is referred. 

Rating an Exchanger. In Chaps. 7 through 10 the calculations were 
carried out on existing exchangers. In the application of the Fourier 
equation to an existing exchanger, Q was determined from the heat 
balance; A from the number, outside diameter, and length of the tubes; 
and D.t from Yr X LMTD, permitting the solution for U n. From the 
fluid-flow conditions, h., h;., U a, and the pressure drops were calculated. 
The criterion of performance Ra was then obtained from U D and U c. 
When there is no available exchanger and only the process conditions are 
known, calculation may proceed in an orderly way by assuming the 
existence of an exchanger and testing it as in previous examples for a 
suitable dirt factor and pressure drops. 

To prevent the loss of considerable time, rational methods of assuming 
an exchanger should be developed. By returning to the component 
parts of the Fourier equation Q = U DA At, the heat load Q is seen to be 
fixed by the process conditions, while At is obtained by assuming a fluid­
flow pattern. Thus if it is desired to set up a 1-2 exchanger, and if the 
process temperatures give FT > 0.75 - 0.80, the remaining unknowns 
are U n and A. The design or dirty coefficient U D is in turn related by a 
reasonable dirt factor to U c, which reflects the heat-transfer character­
istics of the two fluids. Previous examples in the text suggest that 
different numerical film coefficients may be expected within definite 
ranges in well-designed exchangers for different classes of fluids. It is 
also apparent that, except where both coefficients are approximately 

1 McAdams, W. H., "Heat Transmission," 2d ed., pp. 363-367, McGraw-Hill Book 
Company, Inc., New York, 1942. 
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equal, the lower film coefficient determines the range of U c and U D· In 
the light of this experience if a trial value of U D is assumed and then 
substituted into the Fourier equation to supplement calculated values of 
Q and At, it permits the trial calculation of A. To facilitate the use of 
reasonable trial values of U D approximate overall coefficients have been 
presented in Appendix Table 8 for common pairs of fluids. 

When the value of A is combined with tube length and pitch prefer­
ences, the tube counts in Appendix Table 9 become a catalogue of all the 
possible exchanger shells, from which only one will usually best fulfill 
the process conditions. Having decided which fluid will tentatively Bow 
in the tubes, the trial number of tube passes can be approximated by a 
consideration of the quantity of fluid flowing in the tubes and the number 
of tubes corresponding to the trial value of A. The trial mass velocity 
should fall somewhere between 750,000 and 1,000,000 lb/(hr)(ft2) for 
fluids with allowable tube-side pressure drops of 10 psi. 

If the trial number of tube passes has been assumed incorrectly, a 
change in the total number of passes changes the total surface which is 
contained in a given shell, since the number of tubes for a given shell 
diameter varies with the number of tube-pass partitions. The assumed 
number of tube passes for the trial surface is satisfactory if it gives a value 
of h, above U D and a pressure drop not exceeding the allowable pressure 
drop for the fluid. One may next proceed to the shell side by assuming a 
trial baffie spacing which can be varied, if in error, over a wide range 
without altering h;, A, or At as computed previously for the tube side. 
It is always advantageous therefore to compute the tube side first to 
validate the use of a particular shell. 

In calculating an exchanger the best exchanger is the smallest one 
with a standard layout which just fulfills the dirt-factor and pressure­
drop requirements. There are only a few limitations to be considered. 
It is still assumed that there is no advantage in using less than the allow­
able pressure drop and that, in accordance with Fig. 28, 25 per cent cut 
segmental baffles will be employed within the minimum and maximum 
spacing. The extremes of the spacing range are 

Maximum spacing, B = ID of shell, in. (11.3) 

M. . . B ID of shell 2 . hi h . I (11 4) 1mmum spacmg, = 
5 

' or m., w c ever lS arger . 

These limitations stem from the fact that at wider spacings the flow tends 
to be axial rather t.han across the bundle and at closer spacings there is 
excessive leakage between the baffies and the shell. Owing to the con­
vention of placing the inlet and outlet nozzles on opposite sides of the 
shell, the end baffles may not exactly conform to the chosen spacing 
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for an even number of baffles and an odd number of crosses. When 
using a close convenient spacing, if an odd number of baffles is indicated, 
the pressure-drop and heat-transfer coefficients can be calculated for the 
chosen spacing, although one baffle will be omitted by respacing the 
extreme end baffles. 

The different combinations of the number of tube passes and the bailie 
pitch which can be employed in a given shell permit the variation of the 
mass velocities and film coefficients over broad limits. The number of 
tube passes can be varied from two to eight and in larger shells to sixteen. 
As indicated above, the shell-side mass velocity can be altered fivefold 
between the minimum and maximum baffle spacings. It is desirable to 
bear in mind the latitude this permits in the event that the first trial 
baffle spacing and tube passes have been wide of fulfilling the process 
conditions. In 1-2 exchangers the least performance is obtained with 
two tube passes and the maximum baffle space. For the tube side in 
turbulent flow 

h; ex: G2·s 
APt ex: GtnL 

where nL is the total length of path. Going to eight tube passes in the 
same shell inside diameter the changes incurred are 

but 

h;(S """"') = (~)0.8 = ~ 
hi(2 -··) 2 1 

APt<Br>•• ... > 82 X 8 X 1 64 
tlP,(2 .... •••) = 22 X 2 X 1 = T 

or although the heat-transfer coefficient can be increased threefold, the 
pressure drop must be increased 64 times to accomplish it. For stream­
line flow the expenditure of the larger amount of pumping energy will 
increase the tube-side coefficient only by 

h;(8 ....... ) = (~)~ = 1.58 
h;(2pasaea) 2 1 

provided the fluid is in streamline flow in both cases. The shell side may 
be represented approximately by 

hu ex: G~· 5 

AP. ex: G;(N + 1) 

where N is the number of bailies and N + 1 the number of bundle crosses. 
The changes for the shell side between minimum and maximum bailie 
spacings are 

ho,mia (5) 0
'
5 

2.23 
ho,m•~ = l = -1-
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t:.Pa,min 5z X 5 125 
t:.Ps.max = P X 1 = -1-

0ffsetting this, however, is the fact that the shell side yields a higher 
order of film coefficients for the smaller of the two streams if there is a 
great difference in their weight flow rates. 

Through the use of the overall coefficients suggested in Table 8 and a 
judicious analysis of the summary of the first trial assumptions, it should 
be possible to obtain the most suitable exchanger on the second trial. 

Tube Standards. There are numerous advantages in standardizing 
the outside diameter, gage, and length of the tubes used in a plant. 
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FIG. 11.4. Cost of tubular surface vs. tube outside diameter. (Sieder, Chemical 
Engineering.) 

Standardization reduces the number of sizes and lengths which must be 
carried in storage for the replacement of tubes which develop leaks. It 
also reduces the number of installing and cleaning tools required for 
maintenance. Pitch standards have already been discussed in Chap. 7, 
but the selection of the tube diameter has an economic aspect. Obviously 
the smaller the diameter of the tube the smaller the shell required for a 
given surface, the greater the value of h;, and the smaller the first cost. 
The nature of the variation in cost, taken from Sieder, is shown in Fig. 
11.4. The difference is small between the use of % and 1 in. OD 
tubes. The cost per square foot rises greatly, however, as the diameters 
increase above 1 in. OD. Similarly the longer the tubes the smaller the 
shell diameter for a given surface, and from Fig. 11.5 the cost variation 
between the use of 12-, 16-, and 20-ft tubes is not very great although 
8-ft tubes sharply increase the first cost. 

The lower cost of surface obtained from the smaller outside diameter 
and greater length tubes is offset by the fact that maintenance and par­
ticularly cleaning are costlier with long tubes of small outside diameter. 
If the tubes are too small, under % in. OD, there are too many to be 
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cleaned, and there is less facility in handling and cleaning the smaller 
tubes. If the tubes are too long, it is difficult to remove the bundle 
and plot space must be allocated not only for the exchanger itself but also 
for the withdrawal of the bundle. Long tubes are also very difficult to 
replace, especially where the baffles are closely spaced. It is difficult 
to obtain comparative maintenance data per square foot as a function 
of tube diameter or length, since few industrial users appear to employ 
an assortment of tubes or have kept cost data. It may be significant 

1.4 

c:;-1.3 
<:: 
.::::::_1.2 
1;; 
81. I 
~ += 1.0 

..!:! 
&~,0.9 

\ 
I'\ 
~ ,...... 

r-... 
~r--

o.s6 8 10 12 14 16 18 20 22 24 26 28 30 
Tube fength, ft 

FIG. 11.5. Cost of tubular surface vs. tube length. (Sieder, Chemical Engineering.) 

that for exchanger work with fluids of ordinary fouling characteristics the 
%: and 1 in. OD tubes are employed most frequently. For chemical 
evaporators, boilers, and fouling services, larger tubes are customary. 

The Calculation and Design of an Exchanger. The outline for design 
follows: 

Given: 

Process conditions: 

Hot fluid: Tt, T2, W, 0, s, p,, k, Rd, !:J' 
Cold fluid: tt, tz, w, c, s, p,, k, R .. , !:J' 

The tube length, outside diameter, and pitch will be specified by plant 
practice or may be determined from the suggestions in Chap. 7. 

(1) Heat balance, Q = WC(Tt - T2) = wc(tz - h) 
(2) True temperature difference, At: 

LMTD: 
R = Tt - Tz S = tz - tt 

tz- h Tt- h 
F'l' from Figs. 18 through 23 
at= LMTD X F'l' 

(3) Caloric temper11-tures, T. and t~ 

(5.14) 

(7.42) 
(5.28) and (5.29) 
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Triall: 

For the exchanger: 

(a) Assume a tentative value of U D with the aid of Table 8, and com­
pute the surface from A= Q/UD!..t. It is always better to assumeUD 
too high than too low, as this practice ensures arriving at the minimum 
surface. Determine the corresponding number of tubes using Table 10. 

(b) Assume a plausable number of tube passes for the pressure drop 
allowed, and select an exchanger for the nearest number of tubes from 
the tube counts of Table 9. 

(c) Correct the tentative U D to the surface corresponding to the actual 
number of tubes which may be contained in the shell. 

The performance calculation for the film coefficients should start with 
the tube side. If the tube-side film coefficient is relatively greater than 
U D and the pressure-drop allowance is reasonably fulfilled and not 
exceeded, the calculation can proceed to the shell side. Whenever the 
number of tube passes is altered, the surface in the shell is also altered, 
changing the value of A and U D· For the remainder of the calculation 
shown here it is assumed that the cold fluid flows in the tubes as it does 
in a majority but not necessarily all cases. 

Hot fluid: shell side 
(4') Assume a plausible baffle spacing for 
the pressure drop allowed. 
Flow area, a, = ID X C'B/144PT ft2 

[Eq. (7.1)] 
(6') Mass vel, G, = W fa, lb/(hr)(ft>) 

[Eq. (7.2)] 
(6') Re, = D,G,/JL [Eq. (7.3)] 
Obtain D. from Fig. 28 or compute from 
Eq (7.4). 
Obtain JL at T. 
(7') iH from Fig. 28 
(8') At T. obtain c Btu/(lb)(°F) and k 
Btu/(hr)(ft~)("F /ft) 
(CJL/k)l'S 

(9') ho == jH ~. e:)l-S q,. [Eq. (6.15)] 

(10!) Tube-wall temp, t,. 
ho 

t,. = t, + h;. + h. (T. - t,) Eq. [5.31] 

(11') Obtain JL .. and q,, = (JL/JL,.)o.u 
[Fig. 24] 

(12') Corrected coefficient, 

h = h.q,. [Eq. (6.36)] 
0 q,. 

Check pressure drop. If unsatisfactory, 
assume a new baffle spacing. 

Cold fluid: tube side 
(4) Flow area, a,: Flow area per tube a, 
From Table 10 
a, == N,a;/144n, ft2 [Eq. (7.48)) 
ID will be obtained from Table 10. 
(6) Mass vel, G, = wja, lb/(hr)(ft2) 

(6) Re, = DG,j JL 
Obtain D from Table 10. 
Obtain JL at t,. 

(7) iH from Fig. 24 
(8) At t, obtain c Btu/(lb)(°F) and k 
Btu/ (hr) (ft2) (°F /ft) 

(CJL/k)l'S 

( h , k (CJL)% 9) i =JHjj k </>t 

{10) h;. = !!:!_ ID 
q,, q,, OD 

[Eq. (6.15a)] 

[Eq. (6.5)] 

(11) Obtain JL" and q,, == (JL/ P.w) o.u 

(12) Corrected coefficient. 

h· - h;, "'' '0 - --;;;;-

[Fig. 24] 

[Eq. (6.37)] 

Check pressure drop. If unsatisfactory, 
assume a new pass arrangement. 
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Pressure Drop 

(1') For Re. in (6') obtain J (Fig. 29) (1) For Reo in (6) obtain f 
(2') No. of crosses, N + 1 = 12L!B (

2
) tll' fG'fLn 

[Eq. (7.43)] 1 = 5.22 X 101oDsq,1 

ilP = JG';D.(N + 1) 
• 5.22 X 1010D.sq,. 

[Eq. (7.44)) 

4n V1 
13) tll'r e -­~ 8 2g' 

(4) APT= AP, +APr 

lFig. 26] 

[Eq. (7.45)] 

[Eq. (7.46)] 

[Eq. (7.47)] 

If both sides are satisfactory for film coefficients and pressure drop, the trial may be 
concluded. 
(13) Clean overall coefficient Uc: 

Uc = h,.h. 
h;. + h" 

(14) Dirt factor Rd: U D has been obtained in (c) above. 

(6.38) 

Rd = Uc- UD (6.13) 
UcUD 

The calculation of a number of exchangers for typical sensible-heat­
transfer conditions are given in this chapter. Each presents a different 
aspect of design. Together they should provide the perspective necessary 
for meeting a variety of applications encountered in modern industry. 
Since the method of approach involves trial-and-error calculations, the 
analyses and comments included in each solution should reduce the time 
required for subsequent calculations. 

Example 11.1. Calculation of a Straw Oil-Naphtha Exchanger. 29,800 lb/hr of a 
35• API light oil at 340°F is used to preheat 103,000 lb /hr of 48• API naphtha from 200 
to 230°F. The viscosity of the oil is 5.0 centipoises at 100•F and 2.3 centipoises at 
210•F. The viscosity of the naphtha is 1.3 centipoises at 100•F and 0.54 centipoises 
at 2to•F. Pressure drops of 10 psi are allowable. 

Because the oil may tend to deposit residues, allow a combined dirt factor of 0.005 
and use square pitch. Plant practice employs %, in. OD, 16 BWG tubes 16'0" long 
wherever possible. 

Solution: 

(l) Heat balance: 
Straw oil, Q = 29,800 X 0.58(340- 240) = 1,780,000 Btujhr 
Naphtha, Q = 103,000 X 0.56(230- 200) = 1,730,000 Btujhr 

(2) <1t: 
Hot Fluid Cold Fluid Diff. 

840 Higher Temp 230 110 

240 Lower Temp 200 40 

100 Differences 30 70 
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LMTD = 69.3•F 
100 ao 

R "" 3Q = 3.3 S = 340 _ 200 = 0.214 FT = 0.885 

A 1-2 exchanger will be satisfactory. 
At = 0.885 X 69.3 = 61.4°F 

(S) Te and t.: 

:: = 0.364 K. = 0.23 (straw oil controlling) 

F.= 0.405 
T, = 240 + 0.405 X 100 = 280.5°F 
t, = 200 + 0.405 X 30 = 212°F 

Trial: 

(5.14) 

(Fig. 18) 

(7.42) 

(Fig. 17) 

(5.28) 
(5.29) 

(a) Assume U D = 70: From Table 8 a value of U D between 60 and 75 should be 
the maximum expected. It is always better to assume U D too high than too low so 
that the final exchanger will just fulfill the requirements. Place the small stream in 
the shell. 

A = _!L_ = .1' 730,000 = 403 ft' 
UDAt 70 X 61.4 

a" = 0.1963 ft2/lin ft (Table 10) 
403 

Number of tubes = 16,0" X 0.1963 = 129 (Table 10) 

(b) Assume two tube passes: The quantity of tube-side fluid is very large for the 
small heat load and moderately large At and will otherwise cause difficulty in meeting 
the allowable AP if too many tube passes are employed. 

From the tube counts (Table 9): 129 tubes, two passes, % in. OD on l-in. square 
pitch 

Nearest count: 124 tubes in a 15,Ji in. ID shell 
(c) Corrected coefficient U D: 
A -= 124 X 16'0" X 0.1963 = 390 ft 2 (Table 10) 

U Q 1,730,000 72 3 
D = A At = 390 X 61.4 = . 

Hot fluid: shell side, straw oil Cold fluid: tube side, naphtha 
(4') Flow area, a,: Since the minimum (4) Flow area, a; = 0.302 in.• 
baffie space will provide the greatest value [Table 10) 
of h,, assume a, = N,a:/144n [Eq. (7.48)] 
B = ID/5 = 15.25/5, say 3.5 in. = 124 X 0.302/144 X 2 = 0.130 ft' 

[Eq. (11.4)) 
a, = ID X C'B/144P'1' [Eq. (7.1)] 

= 15.25 X 0.25 X 3.5/144 X 1 
= 0.0927 ft 2 

(5') Mass vel, G, = lV fa, [Eq. (7.2)] (5) Mass vel, G, = wja, 
= 29,800/0.0927 = 321,000lb/(hr){ft2) = 103,000/0.130 = 793,000lb/(hr)(ft2) 

(6') At T. = 280.5°F, (6) At t. = 212•F, 
JJ = 1.5 X 2.42 = 3.63lb/(ft)(hr) JJ = 0.54 X 2.42 = 1.31lb/(ft)(hr) 

[Fig. 14] D = 0.62/12 = 0.0517 ft [Table 10) 
D, = 0.95/12 = 0.0792 ft [Fig. 28] Re, = DG,;,. 
Re, = D.ll,/JI. = 0.0517 X 793,000/1.31 = 31,300 

= 0.0792 X 321,000/3.68 = 7000 
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Hot fluid: sheU side, straw oil 
('1') js = 46 
(8') For p. = l . .'i cp and 35• API 

!Fig. 16} 
k(cJA/k)*' = 0.224 Btu/(hr)(ft2)(°F /ft) 

(9'> ko =is£. (Wt <~>· tEq. C6.15b)l 

~ = 46 X 0.224 = 130 q,, 0.0792 

(10'), (11'), (12') Omit the viscosity cor­
rection for the trial or q,, = 1.0. 

h, = ~ = 130 Btu/(hr)(ft2)(°F) 

Cold fluid: tube side, naphtha 
('1) jg = 102 [Fig. 24) 
(8) For p. = 0.54 cp and 48' API 

. [Fig. 16) 
k(cp.jk)*' == 0.167 Btu/(hr)(ft•WF /ft) 

(9) h; = js~ (-1;t q,, [Eq. (6.15a)] 

!!:! = 102 X 0.167/0.0517 = 329 

"'' (10) h;, = !!:! X ID = 329 X 0·62 = 272 
q,, q,, OD 0.75 

[Eq. (6.5)] 
(11), (12) Omit the viscosity correction 
for the trial or ¢ 1 = 1.0. 

h1, = h;, = 272 Btu/(hr)(ft•WF) q,, 
Proceed with the pressure . drop calcu­
lation. 

Pressure Drop 

(1) For Re, = 31,300, (1') For Re, = 7000, 
f = 0.00225 ft•/in. • 
s = 0.76 

[Fig. 29] f = 0.0002 ft"/in.• [Fig. 26] 
[Fig. 6J s = 0. 72 [Fig. 6) 

JG',Ln 
(2') No. of crosses, N + 1 = 12L/B (2) AI', = 

5
.
22 

X 1010Ds.p, [Eq. (7.45)] 
[Eq. (7.43)] 

= 12 X 16/3.5 = 55 
B = 0.76 
D, = 15.25/12 = 1.27 ft 

[Fig. 6] 

0.00020 X 792,0002 X 16 X 2 
= 5.22 X 1010 X 0.0517 X 0.72 

X 1.0 
= 2.1 psi 

(S') AP = fG;D,(N + 1) 
• 5.22 X 1010D.s.p. 

(3) and (4) may be omitted for the trial. 
[Eq. (7.44)] Now proceed to the shell side. 

0.00225 X 321,0002 X 1.27 
X 55 

5.22 X 1010 X 0.0792 X 0.76 
X 1.0 

= 5.2psi 

(13) Clean overall coefficient Uo: 

U _ h;.ho _ 272 X 130 _ 8 2 B /(h )(ft•)(•F) 
0 - h;, + h, - 272 + 130 - 8 · tu r 

(14) Dirt factor Rd: U »from (c) is 72.3. 

(6.38) 

Rd = Uc- U» = 88·2 - ~2·3 = 0.0025 (hr)(ft2)(°F)/Btu (6.13) 
U cU » 88.2 X 72.3 
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Summary 

130 h outside 272 

Uc 88.2 

UD 72.3 

Ra Calculated 0. 0025 

Ra Required 0.0050 

5.2 Calculated .t.P 2.1 

10.0 Allowable .t.P 10.0 

Discussion. The first trial is disqualified because of failure to meet the required 
dirt factor. What conclusions may be drawn so that the next trial will produce the 
.satisfactory exchanger? Could any advantage be gained by reversing the streams? 
Obviously the film coefficient for the distillate, which is controlling, would drop con­
siderably if the streams were reversed. Could four passes be used for the tubes? 
Doubling the number of tube passes would approximately double the mass velocity 
and give eight times the tub<J-side pressure drop thereby exceeding the allowable M'. 
All the assumptions above have been reasonable. The exchanger is simply a little 
too small, or in other words, the value assumed for U D must be reduced. It will be 
necessary to proceed anew. 

Trial 2: Assume U D = 60, two tube passes and the minimum shell baffle space. Pro­
ceeding as above and carrying the viscosity correction and pressure drops to comple­
tion, the new summary is given using a 1771. in. ID shell with 166 tubes on two passes 
and a 3.5-in. bafHe space. 

Summary 

115.5 1 h outside 213 

Uc 74.8 

UD 54.2 

Ra Calculated 0. 005 

Ra Required 0.005 

4.7 Calculated .t.P 2.1 

10.0 Allowable .t.P 10.0 

The final exchanger will be 

Shell side 
ID = 17~in. 

Tube side 
Number and length = 166, 16'0" 

Baffle space = 3.5 in. 
Passes= 1 

OD, BWG, pitch = % in., 16 BWG, l-in. square 
Passes= 2 
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Example 11.2. Calculation of a Lean-oil-Rich-oil Exchanger. 84,348 lb/hr of a 
35° API lean absorption oil in a process identical with Fig. 11.1 leaves a stripping 
column to transfer its heat to 86,357 lb/hr of rich oil leaving the absorber at 100°F 
with a gravity of closely 86°API at 60°F. The range for the lean oil will be from 350 
to 160°F, and the outlet temperature of the rich oil will be 295°F. The viscosity of 
the oil is 2.6 centipoises at 100°F and 1.15 centipoises at 210°F. Pressure drop.s of 
10 psi are available, and in accordance with Table 12, a combined dirt factor of 0.004 
should be allowed. 

Plant practice again employs.% in. OD, 16 BWG tubes 16'0" long and laid out on 
square pitch. 

Solution: 
(1) Heat balance: 

Lean oil, Q = 84,438 X 0.56{350 - 160) = 8,950,000 Btu/hr 
Rich oil, Q = 86,357 X 0.53(295 - 100) = 8,950,000 Btu/hr 

(2) At: 
Hot Fluid Cold Fluid 

350 Higher Temp 295 

160 Lower Temp 100 

190 Differences 195 

LMTD = 57.5°F 

R = ~~~ = 0.9i5 
195 s = 350 - 100 = 0.78 

1-2 exchanger, FT = inoperable 
2-4 exchanger, FT =inoperable 
3-6 exchanger, FT = 0.725 
4-8 exchanger, FT = 0.875 

Diff. 

55 

60 

5 

(5.14) 

(7.18) 

(Fig. 18) 
(Fig. 19) 
(Fig. 20) 
(Fig. 21) 

A 4-8 exchanger arrangement will be required. 
exchangers in series or two 2-4 exchangers in series. 

This may be met by four 1-2 
The latter will be used. 

(3) T, and t,: 

At, = 1.09 
At,, 

K. = 0.32 
F, = 0.48 

At = 0.875 X 57.5 = 50.3°F 

T, = 160 + 0.48 X 190 = 251 °F 
k = 100 + 0.48 X 195 = 193.5°F 

7'rial: 

(7.42) 

(Fig. 17) 

(5.28) 
(5.29) 

(a) Assume U D = 50: Although both oils and quantities are almost identical, the 
temperature range of the cold rich oil and correspondingly greater viscosity will make 
the rich oil controlling. For this reason, allowable pressure drops being equal, the 
cold fluid should be placed in the shell. The coefficients will be lower than those of 
Table 8, since the pressure drops are more difficult to meet in a 4-8 exchanger and 
mass velocities must accordingly be kept down. In Example 11.1 with a similar 
controlling oil the value of Uc was approximately 75 with a minimum baffie spacing 
which did not completely take advantage of the allowable pressure drop. The 
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assumption of U D = 50 is a compromise between medium and heavy organics and 
will probably be high but will help to establish the correct unit on the following trial. 

A = _Q_ = 8,950,000 = 3560 ft• 
u D l.lt 50 X 50.3 

Use two 2-4 exchangers in series with removable longitudinal baffles. 
Number of tubes per shell, Nt = 3560/2 X 16'0" X 0.1963 = 567 (Table 10) 
(b) Assume six tube passes: From previous problems a mass velocity of 700,000 

gave satisfactory tube-side pressure drops. Since the number of tube passes in two 
units will be greater, a maximum of about 450,000 should be employed. 

Six passes (flow area/tube, a; = 0.302 in. 2) 

G = wja1 = w144njN,a; = 84.438 X 144 X 6/567 X 0.302 = 426,000 lb/(hr)(ft') 
From the tube counts (Table 9): 567 tubes, six passes, % in. OD on l-in. square 

pitch 
Nearest count: 580 tubes in a 31 in. ID shell 
(c) Corrected coefficient U D: 
a" = 0.1963 ft 2/lin ft (Table 10) 
A = 2 X 580 X 16'0" X 0.1963 = 3640 ft2 

U Q 8,950,000 49 0 
D = A l.lt = 3640 X 50.3 = . 

Hot fluid: tube sule, lean oil 
(4) Flow area, a,: 
a; = 0.302 in. • [Table 10) 
a1 = N,a;/144n [Eq. (7.48)) 

= 580 X 0.302/144 X 6 = 0.203 ft 2 

(6) Mass vel, G, = W fa, 
= 84,438/0.203 = 416,000 lb/(hr)(ft2

) 

(6) At T. = 251 °F, J.£ = 0.88 X 2.42 
= 2.13 lb/(ft)(hr) [Fig. 14) 

D = 0.62/12 = 0.0517 ft [Table 10) 
Re, = DG,fp. 

= 0.0517 X 416,000/2.13 = 10,100 

(7) jH = 36.5 [Fig. 24] 
(8) For p. = 0.88 cp and 35° API 
k(cp.jk)'h = 0.185 Btu/(hr)(ft•WF/ft) 

, k (C}.£);3 
(9) h; =JHD k. q,, 

!:.!_ = 36.5 X 0·185 
= 130 

"'' 0.0517 
ID 

(10) h;. = h; X OD 

[Fig. 16) 

[Eq. (6.15a)) 

[Eq. (6.5)] 

=- 130 X 0.62/0.75 = 107 
(11) (12) Omit the viscosity correction for 
the trial, q,1 = 1.0 

h,. = h,. = 107 Btu/(hr)(ft•WF) 

"'' 

Cold fluid: shell side, rich oil 
(4') Flow area, a,: Since the quantity of 
fluid is large, any baffle spacing may be 
arbitrarily assumed. 
Assume B = 12 in. 
a, = ID X C'B/144PT [Eq. (7.1)) 

= 72(31 X 0.25 X 12/144 X 1.0) 
= 0.323 ft2 (2-4 exchanger) 

(6') Mass vel, G, = wja, [Eq. (7.2)) 
= 86,357/0.323 = 267,000 lb/(hr)(ft") 

(6') At t. = 193.5°F, 
J.£ = 1.30 X 2.42 = 3.15lb/(ft)(hr) 

[Fig. 14) 
D, = 0.95/12 = 0.0792 ft [Fig. 28) 
Re, = D,G,jp. [Eq. (7.3)) 

= 0.0792 X 267,000/3.15 = 6,720 
(7') jH = 45 [Fig. 28) 
(8') For p. = 1.30 cp and 35° API 
k(cp.jk)'h = 0.213 Btu/(hr)(ft2WF/ft) 

[Fig. 16] 

(9') ho = jH .!_ (~)';i .p, 
D, k [Eq. (6.15)] 

.!:! = 45 X 
0

·
213 = 121 

"'· 0.0792 

(10') Omit the viscosity correction for the 
trial, q,, = 1.0. 

h. =!!:! = 121 Btu/(hr)(ft•WF) 

"'' 
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(1) For Ret = 10,100, 
! = 0.00027 ft'/in.• 
8 = 0.77 

Pressure Drop 

(1') For Re, = 6720, 
[Fig. 26] ! = 0.0023 ft• /in.• 
[Fig. 6] 8 = 0.79 

[Fig. 29] 
[Fig. 6) 

JG";Ln 
(2) APe = 5.22 X 1010Dsq,, [Eq. (7·45)] (2') No. of crosses, N + 1 = 12L/B 

0.00027 X 416,000' X 16 X 6 X 2 
= 5.22 X 1010 X 0.0517 X 0.77 X 1.0 

= 4.3 psi 
(3) G, = 416,000, V•f2g' = 0.024 

[Eq. (7.42)) 
= 2 X 2 X 12 X 16/12 = 64 

D, = 31/12 = 2.58 ft 

(3') AP = jG;D.(N + 1) [Eq. (7.44)1 
' 5.22 x 1010D.sq,. [Fig. 27} 

AP =4nV• =4X2X6X0024 
r 8 2g' 0.77 • 

= 1.5 psi jEq. (7.46)] 

0.0023 X 267,0002 X 2.58 X 64 
= 5.22 X 1010 X 0.0792 X 0.79 X 1.0 

= 8.3 psi 

APr= AP, + AP11. = 4.3 + 1.5 = 5.8psi 
[Eq. (7.47) l 

The pressure drop suggests the possibility 
of using eight passes but a rapid check 
shows the pressure drop for eight passes 
would exceed 10 psi. 
Now proceed to the shell side. 

(13) Clean overall coefficient U c: 

Uc =,::~·h. = i~~ ~iii = 56.8 Btu/(hr)(ft•WF) (6.38) 

(14) Dirt factor R<1: U D from (c) is 49.0 

Rd = Ucr];u~D = =:~ ~ !~:g = 0.0028 (hr)(ft•)(OF)/Btu (6.13) 

Summary 

107 h outside 121 

Uc 56.8 

UD 49.0 

R.t Calculated 0. 0028 

R<1 Required 0.0040 

5.8 Calculated AP 8.3 

10.0 Allowable AP 10.0 

Discmsion. The initial assumptions have provided an exchanger which very nearly 
meets all the requirements. Eight-pass units would meet the heat-transfer require­
ment bu~ would give a tube-side pressure drop of 14 psi. The trial exchanger will 
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be somewhat less suitable when the value of q,, is also taken into account. If the 
minimum dirt factor of 0.0040 is to be taken literally, it will be necessary to try the 
next size shell. 

Trial2; 

Assume a 33 in. ID shell with six1 tube passes and baffies spaced 12-in. apart, since 
the pressure drop increases with the diameter of the shell for a given mass velocity. 
The summary for the conditions are 

Summary 

94 h outside 118 

Uc 52.3 

UD 42.0 

Rd Calculated 0.0047 

Rd Required 0.004 
--

4.4 Calculated AP 7.9 

10.0 Allowable AP 10.0 

The two final exchangers in series will be 

Shell side 
ID = 33 in. 

Baffie space = 12 in. 
Passes = 2 

Tube side 
Number and length = 676, 16'0" 

OD, BWG, pitch = % in., 16 BWG, l-in. square 
Passes = 6 

Example 11.3. Calculation of a Caustic Solution Cooler. 100,000 lb/hr of l5°B6 
caustic solution (11 per cent sodium hydroxide, s = 1.115) leaves a dissolver at 
190°F and is to be cooled to 120°F using water at 80°F. Use a combined dirt factor 
of 0.002 and pressure drops of 10 psi. 

The viscosity of the 11 per cent sodium hydroxide may be approximated by the 
methods of Chap. 7, but is sirupy, and actual data should be used if possible. The 
viscosity at l00°F is 1.4 centipoises and at 210°F is 0.43 centipoises. For the specific 
heat assume the dry salt to have a value of 0.25 Btu/lb, giving a specific heat for the 
solution at the mean of 0.88. 

Plant practice permits the use of triangular pitch with 1 in. OD tubes for solutions 
in which the scale may be boiled out. 

Solution: 

(1) Heat balance: 
Caustic, Q = 100,000 X 0.88(190 - 120) = 6,160,000 Btu/hr 
Water, Q = 154,000 X 1(120 - 80) = 6,160,000 Btu/hr 

1 An eight-pass exchanger would give a pressure drop of 10.8 psi. 
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(2) At: 

Hot Fluid Cold Fluid Diff. 

190 Higher Temp 120 70 

120 Lower Temp so 40 

70 Differences 40 30 

LMTD = 53.3°F Eq. (5.14) 

70 40 
R = 40 = 1.75 S = 190 _SO = 0.364 

FT = 0.815 
A 1-2 exchanger will be satisfactory. 
At = 0.815 X 53.3 = 43.5"F 

(Fig. 18) 

Eq. (7.42) 

(3) T. and t.: The average temperatures T,. and t,. will be satisfactory because of the 
closeness of the ranges and the low viscosities. 

Trial: 

(a) Assume U D = 250. From Table 8 this value is about the minimum for a 
0.001 dirt factor and should be suitable for a trial when the required dirt factor is 
0.0020. 

A = 6•160•000 = 567ft~ 
250 X 43.5 

a" = 0.2618 ft' /lin ft (Table 10) 

567 
Number of tubes, Nc = 16,0, X 0.2618 = 136 

(b) Asslime four tube passes: For two tube passes ac = 0.258 and Gc = 598,000 
corresponding to a. water velocity of only 2.65 fps. 

From the tube counts (Table 9): 136 tubes, 4 passes, 1 in. OD on 1~-in. triangular 
pitch 

Nearest count: 140 tubes in a 19;l4" ID shell 
(c) Corrected coefficient U o: 
A = 140 X 16'0" X 0.2618 = 586 ft2 

u Q 6,160,000 242 
D = A e.t = 586 X 43.5 = 

Hot fluid: shell side, caustic 
(4') From the previous problems a mass 
velocity of about 500,000 gave a. reason­
able pressure drop. By trial this corre­
sponds to about a 7-in. baftle spacing. 
a, = ID X C'B/144PT [Eq. (7.1)] 

= 19.25 X 0.25 X 7/144 X 1.25 
= 0.1875 ft2 

Cold fluid: tube side, water 
(4) Flow area, a; = 0.546 in.2 [Table 10] 
a, = N,a;/144n [Eq. (7.•.t8)] 

= 140 X 0.546/144 X 4 = 0.133 ft2 
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Hot fluid: shell side, caustic 
(II') G, = W fa, [Eq. (7.2)] 

= 100,000/0.1875 
"'li33,000 lb/(hr)(ft•) 

(6') At T. = 155"F, 
p. = 0.76 X 2.42 = 1.84lb/(ft)(hr) 
D. = 0.72/12 = 0.06 ft [Fig. 28] 
Re, = D/l,jp. [Eq. (7.3)] 

= 0.06 X 533,000/1.84 = 17,400 
(7') iH = 75 [Fig. 28] 
(8') At 1SSOF, k = 0.9 (kwater) [Table 4) 

= 0.9 X 0.38 
= 0.342 Btu/(hr)(fti)("F/ft) 

(cp.jk)~f. = (0.88 X 1.84/0.342)~ = 1.68 

(9') ho = jH ~. (lt)~ t[>, [Eq. (6.15b)J 

~ = 75 X 0.342 X 1.68/0.06 = 717 

(10') (11') (12') .p, = 1 (low viscosity) 

h. = ~ == 717 ~tu/(hr)(ft•WF) 

Cold fluid: tube side, water 
(5) G, = wja, 

= 154,000/0.133 
= 1,160,000 lb/(hr)(ft2) 

Vel, V = G,j3600p 
= 1,160,000/3600 X 62.5 = 5.16 fps 

(6) At t. = 1oo•F, 
p. = 0.72 X 2.42 = 1.74lb/(ft)(hr) 

[Fig. 14] 
D = 0.834/12 = 0.0695 ft [Table 10) 
(Re, is for pressure drop only) 
Re, = DG,jp. 

= 0.0695 X 1,160,000/1.74 = 46,300 

(9) h, = 1240 X 0.94 = 1165 (Fig. 25] 
(10) h;. = ht X ID/OD [Eq. (6.5)] 

= 1165 X 0.834/1.0 
= 972 Btuj(hr)(W)(°F) 

Pressure Drop 

(1') For Re, == 17,400, (1) For Re, = 46,300, 
f = 0.0019 ft 2/in. 2 [Fig. 29] f = 0.00018 ft'/in.• [Fig. 2!11 

(2') No. of crosses, N + 1 == 12L/B (2) AP, = !G'ilm [Eq. (7.45)) 
{Eq. (7.43)] 5.22 X IQnDs.p, 

= 12 X 16/7 = 28 
D. = 19.25/12 = 1.60 ft 

3
/ AD JG!D.(N + 1) 

( ) L>..r, = 5.22 X 101~D.sq,. [Eq. (7.44)] 

0.0019 X 533,0002 X 1.60 X 28 
5.22 X 1010 X 0.06 X 1.115 X 1.0 

= 7.0 psi 

(13) Clean overall coefficient Uo: 

_ 0.00018 X 1,160,0001 X 16 X 4 
- 5.22 X 1010 X 0.0695 X 1.0 X ]..0 

= 4.3 psi [Eq. (7.46)] 
4n v• 

(3) APr=--
3 2g' (Fig. 27] 

= 
4 ~ 4 

X 0.18 = 2.9 psi 

(4) APT = AP, +APr [Eq. (7.47)] 
= 4.3 + 2.9 = 7.2 psi 

Now proceed to the shell side. 

U - h_;.h. - 972 X 717 - 413 B /(h )(f ')(•F) 0 - h;. + h. - 972 + 717 - tu r t (6.38) 

(14) Dirt factor Ra: U n from (c) is 242. 

Uc- Un 413-242 
2 0 Rd = UcUn = 413 X 242 = 0.0017 (hr)(ft )(F)/Btu (6.13) 
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SUlllmary 

717 h outside 972 

Uc 413 

UD 242 

Ra Calculated 0.0017 

Ra Required 0.0020 

7.0 Calculated AP 7.2 

10.0 Allowable AP 10.0 

Discua8ion. Adjustment of the baffie space to use the full10 psi will still not permit 
the exchanger to make the 0.002 dirt factor. The value of U D has been assumed too 
high. Try the next size shelL 

Trial2: 

Try a 21:!{ in. ID shell with four tube passes and a 6-in. baffie·space. This corre­
sponds to 170 tubes. 

720 houtside 840 

Uc 390 

UD 200 

Rd Calculated 0 . 0024 

Rd Required 0.002 

9.8 Calculated AP 4.9 

10.0 Allowable AP 10.0 

The use of six tube passes exceeds the allowable tube side pressure drop. 
The final exchanger will be 

Shell side 
ID = 21~ in. 

Baffle space = 6 in. 
Passes= 1 

Tube side 
Number and length = 170, 16'0" 

OD, BWG, pitch = 1 in., 14 BWG, Hi-in. tri. 
Passes = 4 

Example 11.4. Calculation of an Alcohol Heater. 115,000 lb/hr of absolute 
alcohol (100 per cent ethyl alcohol, s = 0. 78) is to be heated under pressure from astor-
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age temperature of 80 to 2oo•F using steam at 225°F. A dirt factor of 0.002 is required 
along with an allowable alcohol pressure drop of 10 psi. 

Plant practice is established using 1~in. OD tubes, 14 BWG, 12'0"long. Triangular 
pitch is satisfactory for clean services. 

Sol:ution: 

(1) Heat balance: 
Alcohol, Q = 115,000 X 0.72(200 - 80) = 9,950,000 Btu/hr 
Steam, Q = 10,350 X 962 = 9,950,000 Btu/hr 

(2) 11t: LMTD (true counterflow): 

Hot Fluid Cold Fluid Diff. 

225 Higher Temp 200 25 

225 Lower Temp 80 145 

0 Differences 120 120 

LMTD = 68:3•F 
(3) T. and t.: Use T. and t. because of the low alcohol viscosity. 

Trial. 

(5.14) 

(a) Assume U D = 200: From Table 8 values of U D from 200 to 700 may be expected 
when a dirt factor of 0.001 is employed. Since the dirt factor required is 0.002, the 
very maximum value of U D would be 500 corresponding to the dirt alone. 

A - Q - 9,950,000 - 728 ft2 
- UDAt- 200 X 68.3-

a" = 0.2618 ft2 /lin ft (Table 10) 
728 

Number of tubes, N1 = 12,0, X 0.2618 = 232 

(b) Assume two tube passes: Only one or two passes are required for steam heaters. 
From the tube counts (Table 9): 232 tubes, two passes, 1 in. OD on 1 :!1:-in. triangular 

pitch 
Nearest count: 232 tubes in a 23X in. ID shell 
(c) Corrected coefficient U D: 
A = 232 X 12'0" X 0.2618 = 728 ft 2 

Q 9,950,000 
UD =A 11t = 728 X 68.3 = 200 

Hot fluid: tube side, steam 
(4) Flow area, a; = 0.546 in.2 [Table 10] 
a, = Nta;/144n [Eq. (7.48)] 

= 232 X 0.546/144 X 2 = 0.44 ft• 

Cold fluid: shell side, alcohol 
(4') To obtain a mass velocity between 
400,000 and 500,000 use a 7-in. baffle 
space. 
a, = ID X C'B/144PT [Eq. (7.1)] 

= 23.25 X 0.25 X 7/144 X 1.25 ft' 
= 0.226 
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Hot fluid: tube side,. steam 
(6) G, = Wja, 

= 10,350/0.44 
= 23,500 lb/(hr){ft 2) 

(6) At 225°F, 
p. = 0.013 X 2.42 = 0.0314 lb/(ft)(hr) 

[Fig. 15] 
J) = 0.834/12 = 0.0695 ft 
Re, = DG,(p. (for pressure drop only) 

= 0.0695 X 23,500/0.0314 
= 52,000 

(9) h;. = 1500 Btu/(hr)(ft2WF) 

Cold fluid: shell side, alcohol 
(5') G, = wja, [Eq. (7.2)] 

= 115,000/0.226 
= 508,000 lb/(hr)(ft') 

(6') At ta = l40°F, 
p. = 0.60 X 2.42 = 1.45 lb/(ft)(hr) 

[Fig. 14] 
D. = 0.72/12 = 0.06 ft [Fig. 28] 
Re, = D,G,jp. [Eq. (7.3)] 

= 0.06 X 508,000/1.45 = 21,000 
(7') jH = 83 
(8') At 140•F, 
k = 0.085 Btu/(hr)(ft2WF/ft) [Table 4] 
(cp.jk)~~ = (0.72 X 1.45/0.085)~ = 2.31 

(9') h. = jH ~' (7;t <J>, [Eq. (6.15b)] 

~ = 83 X 0.085 X 2.31/0.06 = 270 

(10') q,, = 1.0, 

h. = ~ = 270 Btu/(hr)(ft'WF) 
tf>, 

Pressure Drop 

(1) For Re, = 52,000, 
I= 0.000175 ft2/in. 2 [Fig. 26] 
From Table 7 the specific volume is ap­
proximately 21 fVjlb, 
p = ~l = 0.0477lb/ft3 
s = 0.0477/62.5 = 0.00076 

(1') For Re, = 21,000, 
f = 0.0018 ft 2/in. 2 

8 = 0.78 
[Fig. 29] 

(2) 1lP = !. !G!Ln [E . 7.53)] (2') No. of crosses, N + 1 = 12LjB 
1 2 5.22 X 1010Dsq., q [Eq. (7.43)] 

1 0.000175 X 23,500' X 12 X 2 = 12 X 12/7 = 21 
= 2 X 5.22 X 10'~ X 0.0695 X 0.00076 D, = 23.25/12 = 1.94 ft 

X 1.0 
= 0.42 psi 

(3) t..P,: Negligible because of partial con­
densation at end of first pass. 3

1 • D - JG!D,(N + 1) 
( ) ur,- 5.22 X 1010D.s¢, [Eq. (7.44)] 

0.0018 X 508,0002 X 1.94 X 21 
5.22 X 1010 X 0.06 X 0.78 X 1.0 

= 7.8 psi 

(13) Clean overall coefficient U c: 

Uc = h;.h. = l500 X 270 = 229 Btu/(hr)(ft2)(°F) (6.38) 
h;. + h. 1500 + 270 

(14) Dirt factor Rd: U D from (c) is 200. 

_ Uc- UD _ 229- 200 _ 
2 0 Rd - UcUD - 229 X 200 - 0.000633 (hr)(ft )(F)/Btu (6.13) 
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Summary 

1500 h outside 270 

Uc 229 

UD 200 

Rd Calculated 0.000633 

Rd Required 0.002 

0.42 Calculated P 7.8 

Neg. Allowable P 10.0 

Discussion. This is clearly an instance in which U D was assumed too high. It is 
now a question of how much too high. With the aid of the summary it is apparent 
that in a larger shell a clean overall coefficient of about 200 may be expected. To 
permit a dirt factor of 0.002 the new U D should be 

1 1 1 
u D = u c + Rd = 200 + 0.002 

UD = 143 
Trial2: 

A = _g_ = 9,950,000 = 1020 ft2 
UDAt 143 X 68.3 

1020 
No. of tubes = 12,0, X 0_2618 = 325 

Nearest count: 334 tubes in a 27 in. ID shell (Table 9). 
The same bafHe pitch should be retained, since the pressure drop increases with the 

inside diameter. 
Summary 

1500 I h outside 250 

Uc 214 

UD 138.5 

Rd Calculated 0. 0025 

Rd Required 0.002 

0.23 Calculated AP 7.1 

Neg. Allowable AP 10.0 

If a 25-in. exchanger had been used, the dirt factor would be less than 0.002 and a 
6-in. baf!le space would give a pressure drop exceeding 10 psi. The final exchanger is 
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Shell side Tube side 
ID = 27 in. Number and length = 334, 12'0" 

Baffle space = 7 in. OD, BWG, pitch = 1 in., 14 BWG, 1;li-in. tri. 
Passes = 1 Passes = 2 

Split Flow. Sometimes it is not possible to meet the pressure-drop 
requirements in a 1-2 or 2-4 exchanger. Instances will occur when (1) 
the true temperature difference or U » is very great and a small exchanger 
is indicated for the quantity of heat to be transferred, (2) one fluid stream 
has a very small temperature range compared with the other, or (3) the 
allowable pressure drop is small. In gases and vapors the last is the more 
critical because of the low density of the gas or vapor. In liquids an 
excellent example of (2) is found in the quenching of steel, where it is 
customary to cool a large volume of circulated quench oil over a small 
range. It is also characteristic of a number of near-constant tempera­
ture operations such as the removal of heat from exothermic reactions by 
continuous recirculation of the reacting fluids through an external 1-2 
cooler. 

Tz 
l?w. ll.G. Split-flow exchanger. 

T, 

~T; 
::J 

-g +1 ., 
a. 
E 
~ tl 

0 L/2 L 
Length 

Fw. 11. 7. Temperature relations in split 
flow. 

The failure to meet the allowable pressure drop by the conventional 
methods in a 1-2 exchanger should be construed as an indication that 
fluid flow and not heat transfer is the controlling factor. Reducing the 
length of the tubes and increasing the diameter of the shell provides one 
means of reducing the pressure drop, but other means are available. By 
locating the shell inlet nozzle at the center instead of at the end of the 
shell and using two outlet nozzles as shown in Fig. 11.6, the shell-side 
pressure drop will be but one-eighth as great as in a conventional 1-2 
exchanger of the same shell diameter. The reduction is due to halving 
the mass velocity and halving the length of the shell-side path. This 
type of flow is known as split flow. 

As seen in Fig. 11.7 the temperature relations in a split-flow exchanger 
are not in true counterflow or identical with a 1-2 exchanger, being dis-
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continuous at the shell mid-point. A direct solution of the equation' 
for the true temperature difference is somewhat tedious, since the values 
of t~' and t;' are related to the actual temperature differences and heat 
transferred in both parts of the exchanger on either side of the shell inlet. 
If T2 > t2, it is satisfactory to obtain At by multiplying the J,MTD by 
the value of FT obtained for a 1-2 exchanger. For services in which 
there is a temperature cross the actual split-flow equation should be used. 

Another type of flow giving even lower pressure drops is divided flow, 
which is usually· reserved for low-pressure gases, condensers, and reboil­
ers. It will be discussed in Chap. 12. 

Example 11.6. Calculation of a Flue Gas Cooler. 10,500 cfm of flue gas (mol. wt. = 
30) at 2 psig and 250°F is to be cooled to 125°F with an allowable pressure drop of 1.0 
psi. Cooling will be effected by water from 80 to 100°F and with an allowable pres­
sure drop of 10 psi. An overall dirt factor of 0.005 should be provided with a reason­
able minimum water velocity. 

Plant practice uses 1 in. OD, 14 BWG tubes on square pitch for all services, and 
because it is sometimes difficult to meet the pressure drop in gas coolers, no tube length 
is specified. 

Solution: 
(1) Heat balance: 

Gas: 10,500 cfm of flue gas at 250°F 
10,500 X 60 X 30 

Total gas = 359 X (711/492) X (14.7/16.7) = 41•300 lb/hr 

Gas, Q = 41,300 X 0.25(250 - 125) = 1,290,000 Btu/hr 
Water, Q = 64,500 X 1(100 - 80) = 1,290,000 Btu/hr 

(2) At: 
Hot Fluid Cold Fluid Diff. 

250 Higher Temp 100 150 

125 Lower Temp 80 45 

125 Differences 20 105 

1 Unpublished notes, D. Q. Kern and C. L. Carpenter. The equation in terms of 
terminal temperatures for a split-flow exchanger with two tube passes is 

At _ (T1 - T,)>../2 

-~(T,- T,)2J\n e(T•- T,) G- t)/2M- (7\- T,)(A + 2) + t, + t, 
n + 1 

2 31 _ 4Tt + 2(n - 1)T, 
· og n+l 

(T, _ T,)(>. _ Z) + t, + t, _ 4Tt + 2(n - 1)T, 
n+l 

where n = QB!QA 

' v'4F+1 "= R 
and 

QBIQ"' = ratio of heat transfer in each half 
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LMTD = 87.4°F 

R = ~; = 6.25 
20 

s = 250 - 80 = 0·118 

A conventionall-2 exchanger will be satisfactory. 

247 

(5.14) 

(Fig. 18) 

llt = 0.935 X 87.4 = 81.6°F (7.42} 
(3) T, and t,: The average temperatures T. and t, will be satisfactory because of the 

small variations in the individual viscosities. 

Trial: 

(a) Assume U » = 15: From the examples of Chap. 9, at atmospheric pressure and 
2 psi allowable pressure drop a coefficient of about 20 might be anticipated. Since 
the allowable pressure drop in this example is only 1.0 psi, the trial value of U n must 
be reduced accordingly. Assume 12'0" tubes to increase the shell eross section. 

A = _!L_ = 1,290,000 = 1055 ft2 
U » t.t 15 X 81.6 

a" = 0.2618 ft2/lin ft 
1055 Number of tubes = 12,

0
, X 0_2618 = 336 

(b) Assume eight tube passes: Because of the low design coefficient gas exchangers 
are large for the amount of cooling medium required. 

From the tube counts (Table 9): 336 tubes, eight passes, 1 in. OD on 1;!4-in. ~quare 
pitch 

Nearest count: 358 tubes in a 31 in. ID shell 
(c) Corrected coefficient U »: 
A = 358 X 12'0" X 0.2618 = 1125 fti 

U Q 1,290,000 14 0 
D = A D.t = 1125 X 81.6 = . 

When solved in a manner identical with the preceding examples and using the small­
est integral number of bundle crosses (five) corresponding to a 28.8-in. spacing the 
summary is 

Summary 

24.0 I h outside I 392 

Uc 22.7 

Un 14.0 

Rn Calculated 0. 027 

RJ Required 0.005 

5.2 I Calculated D.P 

I 
1.0 

1 0 Allowable AP 10.0 

Diacusllion. The exchanger selected as a solution to the requirements combines two 
conditions which have not been met previously: The dirt factor is considerably greater 
than neceBSary, a:nd the pressure drop is five times greater than the allowable. Had 
8-ft tubes been used in place of the 12-ft tubes for U D = 15, the shell inside diameter 
would have been 37 in. The baffles could have been spaced 32 in. apart to provide 
three bundle crosses, but the resulting pressure drop would be 1.7 psi. This would be 
unsatisfactory, since gases require large inlet connections and the flow distribution on 
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the first and third bundle crosses would be poor and the conditions of allowable pres­
sure drop would still not be met. The solution is found in a split-flow arrangement. 

Trial 2. Split flrno: 
(a) Assume U D = 15. Referring to the summary of the first trial it is evident that, 

if the pressure drop is to be met, the mass velocity must be reduced so that the new 
gas film coefficient will be considerably below the value of 24.0 obtained for ordinary 
flow. 

(b) Alssume 12 tube passes. The low water coefficient of 392 corresponds to a 
velocity of only 1. 7 fps which is extremely low for corrosion and dirt even where good 
water may be employed. Since the size of the shell will not be altered appreciably, 
having a large inside diameter, it is justifiable that 12 passes be employed. Fewer 
tube passes would be needed if tube cores were inserted_in the tubes. These may be 
calculated in the manner of Example 10.3. When using more than 8 passes in large 
shells, the tube count for 8 passes should be reduced by 5 per cent for 12 passes and 
10 per cent for 16 passes. For smaller shells it is advisable to avoid the use of 12 and 
16 passes. Using the same shell as in Trial1 for 12 passes, the new tube count will be 
358 X 0.95 = 340 tubes. 

(c) Corrected coefficient U D: 
A = 340 X 12'0" X 0.2618 = 1070 ft2 

U Q 1,240,000 14 8 
D = AAi = 1070 X 81.6 = . 

Hot fluid: shell side, flue gas 
(4') Flow area, 
a. = ID X C'B/144PT [Eq. (7.1)] 
There must be an odd number of crosses in 
each half of the shell and the largest spac­
ing is 31 in. 
72 in./31 in. = 2 crosses; say 3 crosses 
(odd) 

A 1 
. 12 X 12 24 . ctua spacmg = 2X3 = m. 

a. = 31 X 0.25 X 24/144 X 1.25 = 1.03 
ft2 

(6') Mass vel, split flow: 
G. = UW fa, [Eq. (7.2)] 

- }2 X 41,300/1.03 
= 20,000 lb/(hr)(ft2) 

(6') At T. = 187.5•F, 
p. = 0.0206 X 2.42 = 0.050 lb/(ft)(hr) 

[Fig. 15] 
D. = 0.99/12 = 0.0825 [Fig. 28] 
Re, = D.G,jp. [Eq. (7.3)] 

= 0.0825 X 20,000/0.05 = 33,000 

(7') jn = 105 !Fig. 28] 
(8') At 187.5•F, 
k = 0.015 Btu/(hr)(ft2)(°F/ft) 

(Table 5) 
(cp/k)» = (0.25 X 0.050/0.015)» = 0.94 

Cold fluid: tube side, water 
(4) Flow area, 
a; = 0.546 in. 1 [Table 10] 
a, = N,a;/144n 

= 340 X 0.546/144 X 12 = 0.107 ft' 

(6) G, = w/a1 

= 64,500/0.107 
= 602,000 lb/(hr)(ft') 

Vel, V = G,/3600p 
= 602,000/3600 X 62.5 = 2.68 fps 

(6) At ta = go•F, 
p. = 0.81 X 2.42 = 1.96 lb/(ft)(hr) 

D = 0.834/12 = 0.0695 ft 
Re, = DG,jp. 

[Fig. 141 

= 0.0695 X 602,000/1.96 = 21,300 
(Re1 is for pressure drop only) 



CALCULATIONS FOR PROCESS CONDITIONS 249 

Hot fluid: shell side, flue gas 

(9') ko =- jH ;, (1;t .p, (Eq. (6.15)] 

~ = 105 X 0.015 X 0.94/0.0825 

"'' 
(10') (11') (12') q,, = 1.0 

h, = ~ = 17.9 Btu/(hr)(ft•WFJ q,, 

= 17.9 

Cold fluid: tube side, water 

(9) h; = 710 X 0.94 = 667 [Fig. 25] 
(10) h;, = h; X ID/OD 

= 667 X 0.83/1.0 
= 557 Btu/(hr)(ft2)("F) 

Pressure Drop 

(1') For Re, = 33,000, 
f = 0.0017 ft2/in. 2 !Fig. 29] 
(2') No. of crosses, N + 1 = 3 [Eq. (7.43)] 
D, == 31/12 = 2.58 ft 
8 = 0.0012 

(1) For Re, = 21,300, 
f = 0.00012 ft2/in. • 

2 
AP _ fGfLn 

( ) '- 5.22 X. 1010Ds.p, 

{Fig. 26] 

[Eq. (7.45)] 

_ 0.00022 X 602,0002 X 12 X 12 

(3') AP = f(f;D,(N + 1) [Eq. (7.44)] 

- 5.22 X 1010 X 0.0695 X 1.0 X 1.0 
= 3.1 psi 

' 5.22 X 1010D,.sq,, (3) AP, = 4n/s(V2 /2g') [Fig. 27] 

0.00167 X 20,0002 X 2.58 X 3 
= 5.22 X 1010 X 0.0825 X 0.0012 X 1.0 

= 1.0 psi 

= (4 X 12/1)0.052 = 2.5 psi 

(4) APT = AP, + AP, [Eq. (7.47)] 
= 3.1 + 2.5 = 5.6 psi 

[13) Clean overall coefficien~ U c: 

Uc = h;~'+\. = ~~; ~ i;:~ = 17.3 Btu/(hr)(ft2)(°F) (6.38) 

(14) Dirt factor Ra: U D from (c) = 14.8 

Ra = U~;U~D = i;:: ~ i!:: = 0.0098 (hr)(ft•)("F)/Btu (6.13) 

Summary 

17.9 h outside 557 

Uo 17.3 

UD 14.8 

Ra Calculated 0.0098 

Ra Required 0.005 

1.0 Calculated AP 5.6 

1.0 Allowable AP 10.0 
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A 16-pass uni.t would also be suitable but is not warranted. The final exchanger is 

Shell side 
ID = 31 in. 

Baffie space = 24 in. 
Passes = split flow 

Tube side 
Number and length = 340, 12'0" 

OD, BWG, pitch = 1 in., 14 BWG, I7i-in. square 
Passes= 12 

PROBLEMS 

For the following process conditions determine the size and arrangement of exchanger 
to fulfill the conditions allowing pressure drops of 10 psi each stream and a combined 
dirt factor of 0.004. Employ 1-2 exchangers wherever possible. 

11.1. 60,000 lb/hr of 42° API kerosene is cooled from 400 to 225°F by heating 
35°API distillate from 100 to 2<l0°F. 

Use % in. OD, 16 BWG tubes, 16'0" long on 1~ s-in. triangular pitch. 
11.2. 120,000 lb/hr of aniline is cooled from 275 to 200°F by heating 100,000 lb/hr 

of benzene from 100 to 200°F. 
Use %:in. OD, 14 BWG tubes, 16'0" long on l-in. square pitch. 
11.3. 84,000 lb/hr of 42° API kerosene is cooled from 300 to 100°F using water front 
85 to 120•F. Calculate the requirement using the 1-2 exchangers in series. 
Use % in. OD, 16 BWG tubes, 16'0" long on l-in. triangular pitch. 
11.4. 22,000 lbfhr of 35°API distillate is heated from 200 to 3oo•F by 28.API g$ 

oil from an inlet temperature of soo•F. 
Use 1 in. OD, 14 BWG tubes, 12'0" long on 17;i:-in. triangular pitch. 
11.li. 68,000 lb/hr of 56. API gasoline is cooled from 200 to 100•F using water at 

ss•F. 
Use 1 in. OD, 14 BWG tubes, 12'0" long on 17;i:-in. square pitch. 
11.6. 32,000 lb/hr of oxygen at 5 psig is cooled from 300 to lso•F using water at 

ss•F. (Allowable pressure drop for oxygen 2.0 psi.) 
Use ;!-:{in. OD, 16 BWG tubes, 12'0" long on l-in. square pitch. 

a 
a" 
B 
c 
Ca 
CT 
Cw 
CaR, CE, CH 

C' 
c 
D 
D, 
D,, D; 
d 
d., d; 
F, 
FT 

NOMENCLATURE FOR CHAPTER 11 

Heat-transfer surface, ft 2 

Heat-transfer surface of cooler, exchanger, and heater, ft' 
Flow area, ftt 
External surface per linear foot, ft 
Baffie spacing, in. 
Specific heat of hot fluid in derivations, Btu/(Ib)(°F) 
Cost of steam, dollars/Btu 
Total annual cost, dollars 
Cost of water, dollars/Btu 
Fixed charges of cooler, exchanger, and heater, respectively, dollars/ 

(ft•) (year) 
Clearance between tubes, in. 
Specific heat of fluid, Btuj(lbWF) 
Inside diameter of tubes, ft 
Inside diameter of shell, ft 
Equivalent diameter for heat transfer and pressure drop, ft 
Inside diameter of tubes, in. 
Equivalent diameter for heat transfer and pressure drop, in. 
Caloric fraction, dimensionless 
Temperature-difference factor, lit = FT X LMTD, dimensionles 



f 
G 
g 
g' 
h, h; h. 

jH 
K, 
k 
L 
LMTD 
N 
N, 
n 
PT 
!Jl'r, A.P,, APr 
Q 
R 
R& 
Rr., Rc' 
s 

T., T, 
T. 
T, 
Ts 
T. 
lv 
t. 
t, 
t~ 

~. t; 
t~', t~' 
At 
At,, AlA 
Uc, UD 
Uc11., UE, UH 

v 
w 
w 
~ 
p 
}Au , 
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Friction factor, ft'/in. 2 

:Mass velocity, lb/(hr)(ft2) 

Acceleration of gravity, ftjhr• 
Acceleration of gravity, ft/sec• 
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Heat-transfer coefficient in general, for inside fluid, and for outside 
fluid, respectively, Btu/(hr)(ft2)(°F) 

Value of h; when referred to the .tube outside diameter, Btu/(hr)(ft•) 
c·F) 

Factor for heat transfer, dimensionless 
Caloric constant, dimensionless 
Thermal conductivity, Btu/ (hr) (ft') (°F jft) 
Tube length, ft 
Log mean temperature difference, •F 
Number of shell-side baffles 
Number of tubes 
Number of tube passes 
Tube pitch, in. 
Total, tube and return pressure drop, psi 
Heat flow, Btujhr 
Temperature group (T1 - Tz)/(tz - t1), dimensionless 
Dirt factor, (hr)(ft2)(°F)/Btu 
Reynolds number for heat transfer and pressure drop, dimensionless 
Temperature group (t, - 11)/(T. - t.), dimensionless 
Specific gravity, dimensionless 
Inlet and outlet temperature of hot fluid, °F 
Average temperature of hot fluid, °F 
Caloric temperaiure of hot fluid, "F 
Temperature of steam, •F 
Optimum exchanger hot-fluid outlet temperature, °F 
Optimum exchanger cold-fluid outlet temperature, °F 
Average temperature of cold fluid, °F 
Caloric temperature of cold fluid, °F 
Tube-wall temperature, °F 
Inlet and outlet water temperatures, •F 
Temperatures in a split-flow exchanger, °F 
True temperature difference in Q = U .DA L>t, •F 
Cold and hot terminal temperature diff.erence, •F 
Clean and design overall coefficient of heat transfer, Btu/(hr)(ft')(°F) 
Overall coefficient of heat transfer for cooler, exchanger, and heater, 

respectively, Btu/(hr)(fV){°F) 
Velocity, fps 
Weight flow of hot fluid, lb/hr 
Weight flow of. cold fluid, lb /hr 
Villcosity ratio, (p./ ,...,)o.u 
Viscosity, centipoises X 2.42 = lb/(ft)(hr) 
VIScosity at tube-wall temperature, centipoises X 2.42 = lb I (ft,)(hr) 
Annual operating hours 

Subscripts (except as noted above) 

Shell 
Tube 



CHAPTER 12 

CONDENSATION OF SINGLE VAPORS 

Introduction. A fluid may exist as a gas, vapor, or liquid. The change 
from liquid to vapor is vaporization, and the change from vapor to liquid 
is condensation. The quantities of heat involved in the vaporization or 
condensation of a pound of fluid are identical. For a pure fluid com­
pound at a given pressure the change from liquid to vapor or vapor to 
liquid occurs at but one temperature which is the saturation or equilibrium 
temperature. Since vapor-liquid heat-transfer changes usually occur at 
constant or nearly constant pressure in industry, the vaporization or con­
densation of a single compound normally occurs isothermally. When a 
vapor is removed upon formation from further contact with a liquid, the 
addition of heat to the vapor causes superheat, during which it behaves 
like a gas. If a mixture of vapors instead of a pure vapor is condensed 
at constant pressure, the change does not take place isothermally in most 
instances. The general treatment of vapor mixtures differs in certain 
respects from single compounds and will be studied in the next chapter 
with the aid of the phase rule of J. Willard Gibbs. 

Condensation occurs at very different rates of heat transfer by either 
of the two distinct physical mechanisms, which will be discussed pres· 
ently, dropwise or filmwise condensation. The condensing film coefficient 
is influenced by the texture of the surface on which condensation occurs 
and also by whether the condensing surface is mounted vertically or 
horizontally. In spite of these apparent complications condensation, 
like streamline flow, lends itself to direct mathematical study. 

Dropwise and Filmwise Condensation. When a saturated pure vapor 
comes into contact with a cold surface such as a tube, it condenses and 
may form liquid droplets on the surface of the tube. These droplets 
may not exhibit an affinity for the surface and instead of coating the tube 
fall from it, leaving bare metal on which successive droplets of conden­
sate may form. When condensation occurs by this mechanism, it is 
called dropwise condensation. Usually, however, a distinct film may 
appear as the vapor condenses and coats the tube. Additional vapor 
is then required to condense into the liquid film rather than form directly 
on the bare surface. This is film or filmwise condensation. The two 
mechanisms are distinct and independent of the quantity of vapor con­
densing per square foot of surface. Filmwise condensation is therefore 

252 
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not a transition from dropwise condensation because of the rapidity at 
which condensate forms on the tube. Due to the resistance of the 
condensate film to the heat passing through it the heat-transfer coeffi­
cients for dropwise condensation are four to eight times those for film wise 
condensation. Steam is the only pure vapor known to condense in a 
dropwise manner, and special conditions are required for its occurrence. 
These are described by Drew, Nagle, and Smith1 and principally result 
from the presence of dirt on the surface or the use of a contaminant which 
adheres to the surface. Materials have been identified by Nagle2 which 
promote the dropwise condensation of steam although these also intro­
duce an impurity into the steam. Dropwise condensation also occurs 
when several materials condense simultaneously as a mixture and where 
the condensate mixture is not miscible, as in the case of a hydrocarbon 
and steam. However, during various periods in the normal operation of 
a steam condenser the mechanism may initially be filmwise condensa­
tion, shift to dropwise condensation, and at some later time revert to film 
condensation. Because of the lack of control it is not customary in 
calculations to take advantage of the high coefficients which have been 
obtained in dropwise-condensation experiments. This chapter conse­
quently deals with the calculation of condensers for various conditions 
and is based solely upon film-condensation heat-transfer coefficients. 

It is fortunate that the phenomenon of film condensation lends itself 
to mathematical analysis, and the nature of condensation on a cold sur­
face may be considered one of self-diffusion. The saturation pressure of 
vapor in the vapor body is greater than the saturation pressure of the 
cold condensate in contact with the cold surface. This pressure differ­
ence provides the potential for driving vapor out of the vapor body at a 
great rate. Compared with the small resistance to heat transfer by 
diffusion from the vapor into the condensate, the film of condensate on 
the cold tube wall contributes the controlling resistance. It is the slow­
ness with which the heat of condensation passes through this film that 
determines the condensing coefficient. The ultimate form of an equation 
for the condensing coefficient may be obtained from dimensional analysis 
where the average condensing coefficient h is a function of the properties 
of the condensate film, k, p, g, 11-, and L, tlt, and:\, the last being the latent 
heat of vaporization. Nusselt theoretically derived the relationships for 
the mechanism. of film condensation, and the results he obtained are in 
excellent agreement with experiments. 

Process Applications. In chemical industry it is a common practice 
to separate a liquid mixture by distilling off the compounds which have 

t Drew, T. B., W. M. Nagle, and W. Q. Smith, Trans. AIChE, 81, 605-621 (1935) 
I Nagle, W. M., U.S. Patent 1,995,361. 
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lower boiling points in the pure condition from those having higher boil­
ing points. In a solution· of several compounds each exerts a partial 
pressure and the most volatile cannot be boiled off from the rest without 
carrying some of the heavier or higher boiling compounds along with it. 
The proportion of heavier compounds carried off when a solution starts 
to boil is less than existed in the original solution before boiling com­
menced. If the vapor coming off initially is condensed, it has a lower 
boiling point than the original solution, indicating the increase in the 
proportion of the more volatile compounds. By successively boiling off 

Boftoms 

Distilling column with auxiliaries. 

only part of a liquid mixture, condensing the vapor formed, and boiling 
off only a part of the condensate, it is possible to obtain a nearly pure 
quantity of the most volatile compound by numerous repetitions of the 
procedure. Thus the separation by distillation is accomplished by partial 
vaporization and subsequent condensation. 

In distillation it is customary to obtain a number of partial vaporiza­
tions and condensations by directly contacting a vapor and a liquid cool­
ing medium in a continuous distilling column. The bubble cap distilling 
column shown in Fig. 12.1 is representative of modern practice and 
derives its name from a series of inverted slotted .caps which are placed 
over vapor risers on each plate of the column. Vapor from below a plate 
enters the risers and is broken into bubbles as it passes through the 
slotted bottoms of the bubble caps and thence through the layer of liquid 
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maintained by the downcomer on each plate. The feed, which is usually a 
liquid, is a mixture of niore and less volatile compounds and enters the 
distilling column at the feed plate where the volatile compounds are 
partially vaporized by the rising vapors as the feed travels across the 
plate. The remainder of the liquid on the plate is less volatile than the 
feed and overflows to the plate below through the downcomer. The boil­
ing points of the liquids on each of the lower plates is consequently higher. 

To vaporize a portion of the feed, vapor from below the feed plate must 
exchange heat with the liquid on the feed plate, thereby driving the more 
volatile compounds to the plate above the feed. By supplying heat at 
the bottom of the column where the increased concentration of the least 
volatile compounds represents the highest boiling temperature in the 
system, a thermal gradient is established plate by plate between the 
bottom of the column and the top. Heat supplied at the bottom by 
vaporization in a reboiler is transmitted to the top of the column plate-by­
plate due to the temperature diffel-ences corresponding to the differences 
in boiling points between plates. Continuous distillation requires the 
presence of liquid at all times on the plates, so that vapors of the less 
volatile compounds in the feed may be condensed and carried downward. 
To accomplish this, some volatile liquid from the condenser, which repre­
sents one plate above the top plate and which is therefore colder, is intro­
duced onto the top plate and flows downward in the column. The 
volatile liquid which is poured back into the column from the condenser 
is the reflux. The quantity of volatile components removed from the 
system at the top and having the same composition as the reflux is 
called the distillate or overhead product. The heavier compounds 
removed at the bottom are variously called waste or residue or, if they 
are of value, bottoms product. The quantitative aspects of the heat bal­
ance are treated in Chap. 14. 

It is the condensing temperature in the condenser which determines 
the operating pressure of the distilling column, since the saturation tem­
perature of a vapor varies wit.h its pressure. The overhead product 
must condense in the condenser at a temperature sufficiently high so that 
its latent heat can be removed by cooling water. The size of the con­
denser is dependent upon the difference between the condensing tempera­
ture and the range of the cooling water. If the condensing temperature 
is very close to the cooling water range at atmospheric pressure, the dis­
tillation pressure must be elevated to permit the attainment of a larger 
.At. 

In the power industry the term surface conden8er is reserved for tubular 
equipment which condenses steam from the exhaust of turbines and 
engines. Since a turbine is primarily designed to obtain mechanical work 
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from heat, the max:imum conversion is obtained in the turbine by main­
taining a low turbine-discharge temperature. If the turbine were to 
discharge to the atmosphere, the lowest attainable steam temperature 
would be 212°F, but if the steam were to discharge into a condenser under 
vacuum, it would be possible to operate at discharge temperatures of 
75°F and lower and to convert the enthalpy difference from 212 to 75°F 
into useful work. 

Condensation on Surfaces-Nusselt's Theory. In condensation on a 
vertical surface a film of condensate is formed as shown in Fig. 12.2 and 
further condensation and heat transfer to the surface occurs by conduc­
tion through the film which is assumed to be in laminar flow downward. 

t---,__....,_ oc----Y 

x',':/J 

The thickness of this film greatly influences the 
rate of condensation, since the heat accompany­
ing the remova1 of vapors from the vapor phase 
encounters the condensate film as a resistance 
which may be qul.te large. The thickness of the 
film is a function of the velocity of drainage 
which varies with the deviation of the surface 
from a vertical position. For a vertical surface 
the thickness of the film cumulatively increases 
from top to bottom. For this reason the con­
densing coefficient for a vapor condensing on a 
vertic.al surface decreases from top to bottom, 
and for the attainment of a large condensing 
coefficient the height of the surface should not 
be v~r.y gr~at. The v~locity o! drainage for 

FIG. 12.2. The vertical con- f d • 1 
densate film. equal quantities o con ensate IS a so a func-

tion of the viscosity of the condensate: The 
lower the viscosity the thinner the film. For all liquids the viscosity 
decreases as the temperature increases, and the condensing coefficient 
consequently inereases with the condensate temperature. The deriva­
tions given in. this chapter through Eq. (12.34) are those of Nusselt.1 

The following assumpti()ns are involved: 
1. The heat delivered by the vapor is latent heat only. 
2. The drainage of the condensate filmJrom the surface is by laminar 

flow only, and the heat is transferred through the film by conduction. 
3. The thickness of the film at any point is a function of the mean 

velocity of flow and of the amount of condensate passing at that point. 
4. The velocity of the individual layers of the film is a function of the 

relation between frictional shearing force and the weight of the film (see 
Chap. 3). 

1 Nusselt, W., Z. Ver. deut. lng., 60, 541 (1916). 
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5. The quantity of condensate is proportional to the quantity of heat 
transferred, which is in turn related to the thickness of the film and of 
the temperature difference between the vapor and the surface. 

6. The condensate film is so thin that the temperature gradient 
through it is linear. 

7. The physical properties of the condensate are taken at the mean 
film temperature. 

8. The surface is assumed to be relatively smooth and clean. 
9. The temperature of the surface of the solid is constant. 

10. The curvature of the film is neglected. 
Condensation. Vertical Surfaces. In Fig. 12.2 the rate at which heat 

passes from the vapor through the liquid condensate film and into the 
cooling surface per unit area is given by 

~ = k(t'y-; t) = AW' = h(t' - t) (12.1) 

where }. is the latent heat of vaporization, W' the pounds of condensate 
formed per hour per square foot, andy' is the thiclmess of the condensate 
film at the generalized point in the figure whose coordinates are x', y'. 
The other symbols have their conventional meaning. 

The rate at which the vapor condenses is then given by 

W' = k(t' - t) (12.2) 
).y' 

The liquid flows downward over the vertical surface with a velocity u 
varying from zero at the tube-film interface and increasing outward to 
the condensate-vapor interface. The velocity also increases vertically 
as the condensate flows downward. 

Consider a small cube of unit depth dz = 1, defined by dx dy 1 in the 
moving condensate illm of Fig. 12.2. On the side near the cold vertical 
surface there is a tangential force acting upward and tending to support 
the cube. On the side away from the cold vertical surface there is a 
tangential force acting downward due to the more rapid movement of the 
liquid downward as the distance from the surface is increased. If the 
resultant force upward through the cube is designated by 7', then the 
respective forces are r - dr/2 and 7' + dr/2. The differential tangential 
force must be offset by gravity acting down. 

pdxdyl = (r- ;~di)- (r + ;;~) = -dr (12.3) 

On unit area, dx dz = 1 
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From the basic definition of viscosity in Chap. 3 the tangential stress 
is defined by Eq. (3.3), using (lb-force)(hr)/ft2 as the dimensions for the 
viscosity. Since it is customary to use the dimensions (lb-mass)/(ft)(hr) 
for the dimensions, Eq. (3.3) becomes 

-p 

Take pf J.' as constant. 

d2u _ pg 
dy2 = J.l. 

u = - pgyz + ely + c2' 
2p, 

(12.4) 

(12.5) 

(12.6) 

(12;7) 

The constants Ct and C2 must now be evaluated. Since the liquid 
adheres to the wall, u must equal zero at y = 0, making C2 equal zero. 

z / 

w' 

X (a> (b) 

FIG. 12.3. Vertical condensate film flow. 

At the outer boundary of the film (condensate-vapor interface) there is 
no tangential stress and from T = p, dtt/dy when y = y', 

(dtt) = 0 = - pgy' + c 1 

dy u-' J.l. 
(12.8) 

u = ~ (yy'- ~) 
At a distance x from the top of the condensing surface the average veloc­
ity downward u is given by 

·a = .I:_ {v' ·u dy = pg y'' 
y' )o 3p, 

(12.9) 
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When the value of x from the top of a vertical wall is taken to be unity 
as shown in Fig. 12.3a, the quantity of downward flow across a horizontal 
plane of area ly' of the condensate is 

ly'up 

At x + dx there is a gain in the amount of downward flow of condensate 
as shown in Fig. 12.3b. Using the value for iZ from Eq. (12.9), multiply­
ing by py', and differentiating with respect to x to obtain the increase 
from x to x + dx, 

( 

• ) 2 ,. 

d(puy') = d ~: y'' = P ~Y d.y' (12.10) 

And this increase must come from condensation out of the vapor and into 
the condensate film 

d(puy') = W'1 dx 

where W' is the condensate flow out of the vapor and "normal" to the 
falling condensate layer per unit area as in Fig. 12.3b. From Eq. (12.2), 
however, W' was defined in terms of the heat transfer as 

W' = k(t'- t) 
'Ay' 

Substituting for W' in Eq. (12.10) the value from Eq. (12.2), 

k 2 ,. 

- (t'- t) dx = P gy dy' 
'Ay' ~ 

2 'A ,. 
(t' - t) dx = UL.JL dy' 

kp. 

(12.11) 

(12.12) 

For a limited range set t' - t, p, ).., p., and k constant and integrate. 

When y' = 0, x = 0 

y'' ~;; = (t' - t)x 

y' = [4~tk (t' - t)x]H 
p2]..g 

(12.13) 

(12.14) 

The heat-transfer coefficient across the condensate layer at the distance 
~:from the origin per unit of interfacial area is given from Eq. (12.1) by 

h = Q.,/A . ., = ~ (12.15) 
.• t' - t y' 

Substitute y' from Eq. (12.14): 

[ 
k3p2Ag ]J4 1 

h. = 4JL(t' - t) xl4 
(12.16) 
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The total heat through the condensate layer from 0 to x is Q., 

["' ["' [ k3 2J\ ]1.4 d 
Q"' == }o h.,(t' - t) dx = }o 4JJ.(/ -g t) (t' - t) x~ 

4~• (k3 2},_ ) J4 = 3 : g [(t' - t)x]H (12.17) 

If the average coefficient between the two points is ii, 

, (kjp}A.g)>' [(t' - t)L]~ 
- ( Q.,).,=L 4~• )J.j 

h = (t'- t)L = 3 ~~+:(t''-----:ct)'"""L--

fi = 0.943 (k}p}A.g)J4 
fl.!L t1t1 

(12.18) 

where k" Ph and JJ./ are evaluated at the film temperature t1 and where 
the film temperature is 

t1 = ~(t' + t) = ~(Tv + iw) 
and 

(12.19) 

f1t1 = t1 - iw 

In the a-bove, as in the derivation which follows, the stress caused by the 
passage of the saturated vapor over the condensate-vapor interface has 
been neglected. It can be included, although it is not of practical conse­
quence. The variation of the film thickness and local heat-transfer 
coefficient are shown in Fig. 12.4. The shapes of the curves follow the 
thickness and consequently the resistance of the condensate film. 

Inclined Surfaces. Consider a cube making the angle a as shown in 
Fig. 12.5. The gravity component acting in a plane parallel to the 
surface is p sin a, and Eq. (12.3) becomes 

p sin a dy dx 1 = (r - dr dy) - (r + dr dy) = -dr (12.20) 
dy 2 dy 2 

On unit area dx dz = 1 

Equation (12.6) becomes 

Equation (12.7) becomes 

dr 
p sin a= - dy 

gp • 
--sma 

J.l. 

(12.21) 

(12.22) 

(12.23) 

At the start of condensation on the tube where y = 0 and there is no 
velocity along the tube, u = 0 and c2 = 0 

gpy' . cl =-sma 
J1. 
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and Eq. (12.9) becomes 

and Eq. (12.18) becomes 

,. 
u = gpy sin a 

3M 

(k3 2' • )~ ii = 0.943 1P1" 0 sm a 
MIL llt, 

(12.24) 

(12.25) 

Honzontal TUbular Surfaces. Consider a cube of unit length at radius 
r making an angle a with the vertical as seen in Fig. 12.6. The mass flow 
of vapor into the condensate film through the area r dcx and with a film 
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thickness y' is. given by the conduction equation. 

W' = k(t' - t)r da 
t..y' 

The condensation must give rise to an increase in the inclined falling film. 
For a differential amount of condensation the increase through the 
condensing area r dais d(puy') and for Eq. (12.10) 

2 

d(puy') = P g d(y'' sin a) = W' dx 
3JJ. 

Substituting for lV', Eq. (12.11) becomes 

Let 

Differentiating 

k(t' - t)r da _ p 2g d( ,, . ) 
)..y' - 3J.I. y sm a 

3p.k(t' - t)r da _ 'd( ,, . ) 
2 ~ -y ysma 

p g" 

3J.I.k(t' - t)r 
m = -'-~--o--'-

p2gf.. 

m da = y'd(y'' sin a) 

m da = y'(3y'' sin a dy' + y'' cos ada) 

= 3y'' sin a dy' + y'' cos a da (12.26) 

In Eq. (12.26) the term 3y'' dy' appears, but d(y'') = 4y'' dy' and 

3y'' dy' = % dy''. 

Rearranging Eq. (12.26) and substituting, 

Let y''/m = f 4 = z 

3 ,. 
da = -

4 
sin a dy'' + '!L cos a da m m 

da =%sin adz+ z cos ada 
3 . dz+ 1 0 -sma- zcosa- = 
4 da 

(12.27) 

(12.28) 

Equation (12.28) is a linear differential equation whose solution is 

z = + (-34 f sinl-i ada + c3) 
Sin a •. 

When a = 0, Ca = 0, 

z = ~ -.-1- J sinl-i ada 
3sm~a 

(12.29) 

(12.30) 



CONDENSATION OF SINGLE VAPORS 263 

The value of this integral for different values of a may be determined 
by graphical methods. From the substitution in Eq. (12.27) 

y' = if;ml4 = ..p [3f.Lk(t' - t)r]l1: 
p2g}.. 

As shown in Eq. (12.15), h., = kjy'. 

(12.31) 

The thickness of the film actually decreases slightly as a increases 
from 0 to 5°, and then it increases steadily and breaks into drops. The 
local-heat transfer coefficient at any point is then 

(12.32) 

The average heat-transfer coefficient h,, of the segment between angles 
a 1 and a2 is 

(12.33) 

Employing graphical methods as before, where D. is the outside 
diameter of the tube, the average heat-transfer coefficients are found to 
be 

From 0 to 180° which is one-half the tube, the other half being sym. 
metrical, 

ii = 0.725 ( k}p}Ag )Y-1 
11-tDa fltt 

(12.34:) 

The variation of the film thickness and heat-transfer coefficient for 
steam on a horizontal tube is shown in Fig. 12.7. As in the preceding case 
it is governed by the resistance of the condensate film to conduction. 

Development of Equations for Calculations. McAdams1 found from 
the correlation of the data of several investigations that observed con­
densing coefficients for steam on vertical tubes were 75 per cent greater 
than the theoretical coefficients calculated by Eq. (12.18). The values 
calculated from Eq. (12.18) agree, however, for a condensate in stream­
line flow with the values calculated from Eq. (6.1) for ordinary streamline 
flow. 

When 1l. liquid descends vertically on the outside of a tube, it is certainly 
1 McAdams, op. cit., p. 264. 
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F:w. 12.7. Plot of the heat-transfer coefficient and film thickness of water on a horizontal 
tube. (After Nmaelt.) 

in streamline flow at the top of the tube, where the accumulation of 
condensate is small. If a relatively large amount of vapor is condensed 
on the tube, it is possible that at some point below the top the film will 

change to turbulent flow. This may be esti­
mated from the diameter and length of the tube, 
the viscosity of the condensate, and the quan-

Ar tity being condensed. Referring to the tube as 
shown in Fig. 12.8, the crosshatched area out­
side the tube represents condensate film as seen 
at any point looking down. This is similar 
to the flow in the annulus of a double pipe 

F1a. 12.8. Vertical de- exchanger except that the outer surface of the 
scending :film. film is not formed by a concentric pipe. In 
the case of the double pipe exchanger the equivalent diameter was taken 
as four times the hydraulic radius. 
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D 
_ 

4 
_ 

4 
X free flow area •- r,.- wetted perimeter 

DIJ Re=­
Jl. 

For vertical tubes let 
A1 = cross-sectional area (shaded) 
P = wetted perimeter per tube 

D.= 4 X AJ!P 
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Letting the loading per tube be w' = W /Nt, where Nt is the number of 
tubes, 

G = w'jA1 lb/(hr)(ft2) 

Re = D.Gjp. = (4Ai/P)(w'/A,)jp. = 4w'fp.P 

Calling the condensate loading per linear foot G', 

Eq. (12.35) becomes 

w' 
G' = p' lb/(hr)(lin ft) 

Re = 4G' 
(J. 

The total heat load is given by Q = }..w'. 

- Q AW1 i\ G' 
h =A !J.t1 = PL!lt1 =Lilt, 

Substituting in Eq. (12.18), 

h = 0.943 (kMu fi)l4 
P.! G' 

Multiplying the right term by (4p./4p.)l4, 

;i%. = 0 943 ( 4k}pjg fl_)l4 
. p.J 4G' 

h ( pj )~ = 1.47 (4G')-li 
kjpjg ,.,., 

For horizontal tubes Eq. (12.39) becomes 

h ( p.J )J.3 = 1.51 (40")-~ 
k}p}.g !J.J 

where the loading for a single horizontal tube is 

w 
G" =­

LN: 

(12.35) 

(12.36) 

(12.37) 

(12.38) 

(12.39) 

(12.40) 

(12.41) 
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Using the corresponding loading as given by either Eq. (12.36) or (12.41) 
as the case may be, Eqs. (12.39) and (12.40) may both be represented by 

- ( p.} );i (4G')-~ _ (4G")-li h -- = 1.5 - - 1.5 -
kjp]g JI.J jJ.f 

(12.42) 

Equations {12.39) and (12.40) were obtained for condensation on single 
tubes. In a vertical-tube bundle the presence of one or more tubes does 
not alter the assumptions on which t.he derivation was predicated. How­
ever, on horizontal tubes in tube bundles it has been found that the 
splashing of the condensate as it drips over successive rows of tubes causes 
G" to be more nearly inversely proportional toNi~" rather than N 1 so that 
it is preferable to use a fictitious value for horizontal tubes 

G" W = LN,% lb/(hr)(lin ft) (12.43) 

Figure 12.9 is a line chart of solutions of Eq. (12.42) prepared for con­
venience. Its use requires that the film be in streamline flow correspond­
ing to an average Reynolds number of about 1800 to 2100 for the flow 
gradient assumed by the condensate. For steam at atmospheric pres­
sure Eq. (12.42) reduces to the equations given by McAdams: 1 For 
horizontal tubes 

~12.44a) 

and for vertical tubes 
- 4000 
h = LV. ilt,>> (12.44b) 

where ilt1 ranges from 10 to 150°F. 
It is frequently desirable to apply Eqs. (12.39), (12.40), and (12.42) to 

the calculation of condensers which are modifications of the 1-2 exchanger 
with condensation in the shell. Such condensers have baflled tube bun­
dles. The baffles do not affect the condensing film coefficients in hori­
zontal condensers, since the coefficients are independent of the vapor 
mass velocity, but they do influence the accumulation of condensate on 
the tubes of vertical condensers. Moreover, in condensers with multi­
pass tubes the tube-wall temperature is different at every point in each 
pass, whereas the surface temperature was assumed constant in the deri­
vations. A correction for the latter cannot be accounted for in the 
calculations except by the treatment of small surface increments of each 
pass individually. The error introduced by using the mean tube-wall tem­
perature as being effective over all the surface is apparently too small to 
justify the lengthier calculation. Since the baffie holes are ordinarily 

1 Ibid., p. 270. 
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about Ys 2 in. greater in diameter than the tube outside diameter, the 
baffles in vertical condensers prevent the condensate film from reaching a 
thickness greater than 7i4 in. before impinging on the baffle. This, 
however, is a favorable limitation except at high tube loadings where the 
condensate film might otherwise grow sufficiently to change to turbulent 
flow. 

Comparison between Horizontal and Vertical Condensation. The 
value of the condensing film coefficient for a given quantity of vapor on a 
given surface is significantly affected by the position of the condenser. 
In a vertical tube about 60 per cent of the vapor condenses in the upper 
half of the tube. By combining Eqs. (12.18) and (12.34) the ratio of the 
theoretical horizontal and vertical condensing coefficients is given by 

! --------.--..... 
' I 
! 

ZJ 

' ' . 
~~~~ 

l 
Condensafe 

FlG. 12.10. Condenser with gravity return of refiux. FIG. 12.11. Vertical condenser 
with condensation in shell and 
gravity return of reflux. 

(0.725/0.943)(L/D)l4. For a %in. OD tube 16'0" long, the horizontal 
coefficient should be 3.07 times as great as the vertical coefficient, pro­
vided that the condensate film is in streamline flow throughout. Ordi­
narily, however, the advantage is not quite so great due to the other 
modifications which prevail such as a transition of the vertical film into 
turbulent flow. 

For the condensation of exhaust steam from turbines with vacuum dis­
charge the condenser surface is usually very great, from 10,000 to 60,000 
ft 2 per shell, and the economics are such that tubes up to 26 ft long are 
employed. These large condensers are designed with overall transfer 
coefficients as high as 800 Btu/(hr)(ft2)(°F) as treated later. Condensers 
for such services are universally installed in a horizontal position to facili­
tate the distribution of the vapor and the removal of the condensate. 

When a condenser is employed on a distillation column, several specific 
factors must be taken into consideration. A typical arrangement of such 



CONDENSATION OF SINGLE VAPORS 269 

a condenser is shown in Fig. 12.10, in which the reflux is returned to 
the column by gravity. The condensate leg 1-2 of height z1, must supply 
sufficient hydrostatic head to return the condensate to the column 
through the seal. In Fig. 12.11 a vertical condenser is employed for the 
same service, but it is not well suited for gravity return of the condensate, 
since it must be elevated considerably above the column, which in many 
cases is very tall by itself. Maintenance and structural support for the 
vertical condenser may be costly and considerably more difficult. On the 
other hand if it is desired not only to condense the overhead vapor but 
also to subcool the condensate, the vertical condenser is admirably suited. 
Subcooling is the operation of cooling the condensa.te below its saturation 
temperature, and this is done very frequently when the overhead product 
is a volatile liquid to be sent to storage. By subcooling it is possible to 
avoid large evaporation losses during initial storage. The combination 
of condensation and subcooling in a single unit eliminates the need for a 
separate overhead product cooler, as shown in Fig. 12.1. 

Condensation inside Tubes. Horizontal Condensers. The equations 
developed so far give excellent results when applied to condensation out­
side tubes, although the deviations in commercial condensers have not 
been reported except in isolated instances. Often, however, the con­
densate is corrosive, or it is desired to recover the latent heat from the 
vapor by using it to preheat the feed to a column. In such cases it may 
be preferable to condense the vapor in the tubes rather than on the tubes 
wherein the original derivation is no longer applicable. Within the 
tubes of a single-pass horizontal condenser each tube condenses an equal 
amount of vapor and there is no change in the coefficient due to the 
splashing of condensate from one tube row to another. As the conden­
sate flows along the inside bottoms of the tubes, however, it builds up a 
thicker condensate resistance film than that anticipated in the derivation. 
Little is available of a theoretical nature to permit a rational analysis, but 
it has been found that the film coefficient may be safely computed by 
Eq. (12.40) when G", which is theoretically W /LN1, is replaced by the 
fictitious loading 

G'' = _!!::.__ 
0.5LNt 

lb/(hr)(lin ft) (12.45) 

Equation (12.45) is especially useful when condensation occurs in the 
inner pipe of a double pipe exchanger. For condensation in the tubes of 
a condenser with multipass tubes it is preferable to compute the average 
film coefficient for each pass. The condensate formed in the first pass is 
carried through the second pass by one or more of the lo-wer tubes in the 
pass, which may flow full of condensate and therefore expose no surface 
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for condensation. The calculation is then carried out by trial and error 
to determine the true tube loading in each pass. 

Vertical Condensers. Condensation inside vertical tubes follows essen­
tially the same mechanism as condensation outside vertical tubes if the 
interference of the shell bafHes is neglected. Since the condensate film 
has the ability to grow continuously in its descent down the inside or 
outside of tubes, it may change from streamline to turbulent flow at some 
height between the top and the bottom. The local condensing coefficient 
decreases continuously from the top downward until at some point the 
film changes to turbulent flow. After the transition to turbulent flow 
the coefficient increases in accordance with the usual behavior of forced 
convection. By semiempirical means Colburn1 has combined the effect 
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FIG. 12.12. Semiempirical condensation curve for vertical tnbes. (Colburn, Trans­
action• of American Institute of Chemical ;Engineers.) 

of streamline flow in the upper portion of the tube with that of turbulent 
flow below the point where 4G' I P.! = 2100. This required the selection 
of a heat-transfer factor for forced convection such that hat the transition 
point was roughly the same for both Nusselt condensation and turbulent 
flow. He then obtained the mean coefficient for the entire height of the 
tube by weighting the average coefficient for the upper portion of the 
tube and h for forced convection in the lower portion of the tube. The 
mean coefficients of condensation for the entire tube when 4G'/ P.J > 2100 
are given in Fig. 12.12. This plot contains the values recommended by 
McAdams. The distance from the top of the tube at which the change 
from laminar to turbulent flow occurs may be obtained from Nusselt's 
semiempirical derivation based on the transition occurring at 4G' / P.t 
= 1400 for steam and employing Eqs. (12.8) and (12.14). If Xc is the 
distance in feet from the top, 

2668)1..u/% 
ft (12.46) 

1 Colburn, A. P., 'l'rans .• 4.lChE, 30, 187-193 (1934). 
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Where there is evidence that the transition occurs at a higher value 
than 4G' / J.ll "" 1400, as for organic vapors, the value of x. should be 
multiplied by the ratio of the corrected value of 4G'/ J.l.l divided by 1400. 

Naturally if a vertical condenS€r is to operate with condensation inside 
the tubes, it will have but one tube pass as shown in Fig. 12.13. 

Condenser Calculations. Condensers are better classified by what goes 
on inside them ·than by their process locations or services. Often in 
addition to condensation they may also perform vapor desuperheating or 
condensate subcooling so that a separate shell need not be employed for 
the sensible-heat transfer. A convenient classification in which each class 
is indicative of a different modification of the calculation is given below: 

1. Single vapors (the vapor of a ·pure com­
pound or ~ constant boiling mixture) 
a. Saturated vapor: Total or partial 

condensation outside tubes 
b. Superheated vapor: Desuperheating 

and condensation outside tubes 
c. Saturated vapor: Condensation and 

suboooling outside tubes 
d. Condensation inside tubes: Desuper­

hea.ting, condensing, subcooling 
e. Condensation of steam 

2. Vapor mixtures (Chap. 13). The ap­
plication of the phase rule. 
a. Binary mixture 
b. Vapor mixture with long condensing 

range 
c. Vapor mixtures forming immiscible 

condensates 
d. Single vapor or vapors with noucon­

densable gas 
e. Vapor mixtures and noncondensable 

gases forming immiscible condensates 

Wafer 
in 

FIG. 12.13. Vertical condenser with con­
densation in the tubes and gravity return 
of reflux. 

For cases 1a through 1d the majority of condensers are modifications 
of the 1-2 exchanger arid may be referred to as 1-2 condensers. The use 
of a 1-2 exchanger as a condenser usually requires provision for a larger 
entrance space so that the vapor is not subjected to too great a pressure 
drop on entering the shell. This may be accomplished in either of three 
ways: The vapor may be introduced through a vapor belt as shown in 
Fig. 12.14 or by means of a flared shell inlet nozzle as shown in Fig. 12.15. 
A third method is the elimination of some of the tube& from the bundle 
which lie close to the inlet nozzle. 

Although condensation reduces the volume of the vapor, it. occurs at 
constant pressure except for the frictional pressure' drop between the 
inlet and the outlet. In a. horizontal condenser using conventional seg 
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mental baffles it is imperative that they be arranged for side-to-side :Bow 
and not up-and-down :Bow as shown in Fig. 7.6. · This involves merely 
rotating the bundle 90° before bolting the channel to the shell flange. 
Failure to provide side-to-side flow causes pools of condensate· to form 
between each pair of baffles whose cutout areas are on the top of the shell, 
thereby impeding the passage of vapor. 

The Allowable Pressure Drop for a Condensing Vapor. In the original 
Nusselt assumptions the condensing coefficient was considered to be 
independent of the vapor velocity across the bundle of the condenser and 
to depend only upon G' or G", the loading as pounds of condensate per 
hour per linear foot. It is customary for the sake of good vapor distribu­
tion to have the vapor travel across the bundle as rapidly as the pressure­
drop considerations will allow and to space the baffles accordingly. To 
account for the shrinkage in the total pounds of vapor as it travels the 

A 

Section 
through A-~ 

Section 
throughkA' 

Fra. 12.14. Vapor-belt detail. Fw. 12.15. F'lared-nozzle detail. 

length of the bundle, the baffle spacing may be staggered to give a nearly 
constant vapor mass velocity. At ~he inlet the baffies are spaced far 
apart but are spaced more closely toward the. outlet. The use of stag­
gered pitch is not universally accepted, since it reduces the adaptability 
of the equipment to other services in the event that the original process 
is discontinued. With uniform baffie pitch the condenser may be readily 
adapted to gas-liquid and liquid-liquid heat exchange. 

In distillation the allowable pressure drop for a vapor corning off a 
column is usually very small if the condenser is installed for the gravity 
return of the reflux to the column. Referring to Fig. 12.10 the hydraulic 
circuit consists of the weight of the overhead vapor line ~3 - z2, condenser 
pressure drop Me, the weight of the condensate leg z1, and the pressure 
drop in the condensate return line, which is usually neglected. The equa­
tion is given closely in pounds per square inch by 

PvZ! + tJ> = P1Z1 
144 c 144 
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where Pu = density of vapor, lb/ft3 

PI = density of liquid, lb/ft3 

AP. = pressure drop in condenser, psi 
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Expansion and contraction losses from and to the tower have also been 
neglected. For all practical purposes the mi11imum available hydrostatic 
head must exceed P1Z1 = 144 !lPr.. To this must usually be added an addi­
tional factor to permit the use of a flow-control valve in the reflux line. 
For a liquid with a specific gravity of 1.0 the minimum elevation of the 
condensate line above the level of the top plate for a 2.0 psi allowable 
pressure drop in the condenser is (2.0/14.7) X 34 = 4.62 ft, and for 
liquids of lower specific gravity the elevation of the condenser will be 
proportionately greater. For this reason the condenser is frequently 
installed at the ground level and a condensate return pump is substi~ 
tuted for gravity return of reflux. This is especially true at higher pres­
sures, where hydraulic control is more difficult and serious surging may 
occur at the top of the column. To prevent surging the condensate 
leaving the condenser first enters a condensate accumulator and then 
goes to the pump. With pumped return a vapor pressure drop of 5 psi 
is often allowed in the condenser. For gravity systems the allowable 
vapor pressure drop in the condenser will be usually 1 to 2 psi. 

In the condensation of a pure saturated vapor, the vapor enters the 
condenser at its saturation temperature and leaves as a liquid. The 
pressure drop is obviously less than that which would be calculated for a 
gas at the inlet specific gravity of the vapor and greater than that which 
would be computed using the outlet specific gravity of the condensate. 
The mass velocity of inlet vapor and outlet liquid are, however, the same. 
In the absence of extensive correlations reasonably good results are 
obtained when the pressure drop is calculated for a mass velocity using 
the total weight flow and the average specific gravity between inlet and 
outlet. This method can be further simplified, as in the condensation of 
steam, by taking one-half the conventional pressure drop computed 
entirely on inlet conditions. Thus for condensation in the shell, 

b.P = ! !G~D.(N + 1) 
8 2 5.22 X 1010D.,s (12.47) 

where s is the specific gravity of vapor. For condensation in tubes 

1 fGf Ln 
l:lP, = 2 5.22 X 1010D.,s (12.48) 

where sis the specific gravity of the vapor. No contraction or expansion 
losses Iieed be considered. Both Eqs. (12.47) and (12.48) are on the 
safe side, since the mass velocity of the vapor decreases nearly linearly 
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in the presence of a large At from inlet to outlet whereas the pressure drop 
decreases as the square of the velocity. 

When circumstances make it difficult to meet the allowahle drop 
through a 1-2 condenser, a lower pressure drop can be obtained by resort­
ing to split flow as shown in Fig. 12.16. Still another arrangement 

ef'lux..,. 

Condensale 

FIG. 12.16. Condenser with split flow and gravity return of reflux. 

whose characteristics will be discussed later is the double-flow or divided­
flow condenser shown in Fig. 12.17. This condenser consists of a con­
ventional bundle with a removable longitudinal baffle and transverse 
support plate as well as smaller baffles to induce side-to-side flow of the 
vapor and condensate. The support plate, in addition to supporting all 

Wt:rlerouf 

w .. terin 

F1o. 12.17. Divided-flow 1-2 condenser. 

the tubes, also serves to divide the flow. To prevent the condensate and 
vapor in the upper half of the shell from passing between the longitudinal 
baffle and the inside diameter of the shell, it is customary to provide 
sealing strips, which force the vapor and condensate to travel the half 
lengths of the divided flow condenser. 

Example 12.1. Calculation of a Horizontal n-Propanol Condenser. A horizonta1 
1-2 condenser is required for the condensation of 60,000 lb/hr of substantially pure 
n-propanol (propyl alcohol) coming from the top of a. distilling column operating at 
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.15 psig, at which pressure it boils at 244°F. Water at 85"F will be used as the cooling 
medium. A dirt factor of 0.003 is required with allowable pressure drops of 2.0 psi for 
'the vapor and 10.0 psi for the water. 

Because· of the location of the condenser, assume that 8'0" tubes are used. Tubes 
are to be % in. OD, 16 BWG on 1~6-in. triangular pitch. 

Solution: 

(1) Heat balance: 
n-Propanol, Q = 60,000 X 285 = 17,100,000 Btu/hr 
Water, Q = 488,000 X 1(120 - 85) = 17,100,000 Btu/hr 

(2) At: 

Hot Fluid Cold Fluid Diff. 

244 Higher. Temp 120 124 

244 Lower Temp 85 159 

0 Differences 35 35 

At = LMTD = 141"F (5.14) 
The exchanger is in true counterflow, since the shell-side fluid is. isothermal. 

(S) T, and t.: The influence of the tube-wall temperature is included in the con­
densing film coefficient. The mean t. = 102.5°F can be used for t •. 

Tria!: 

(a) Assume U D = 100: Condensing £1m coefficients will generally range from 150 to 
300: Assuming a film coefficient of 1000 for water U a will range from 130 to 230. 

A = _Q_ = 17,100,000 = 1213 ft! 
UnAt 100 X 141 

1213 
Number of tubes = 8,0, X 0.1963 = 773 

(b) Assume four tube passes: The quantity of water is large, but the condenser will 
have a large number of tubes, making a two-pass assumption inadvisable. 

From the tube counts (Table 9}: 773 tubes, four passes, %in. OD on lJj-15-in. tri-
angular pitch 

Nearest count: 766 tubes in a 31 in. ID shell 
(c) Corrected coefficient U n: 
A = 766 X 8'0" X 0.1963 = 1205 ft 2 

Q 17,100,000 
UD =A At= 1205 X 141 = 101 

Hot j/;u.id: shel! side, n-propanol 
(4') Assume maximum bafHespace. · This 
will be 32~, 31, and 32~ in. equal to 96 in. 
or 2 baffles and 3 crosses for side-to-side 
flow. 
a,= IDX C'B/144PT [Eq. (7.1)] 

= 31 X 0.1875 X 31/144 X 0.937 
= 1.34 ft2 

Cold fluid: tube; side;, water 
(4) Flow area, a; = 0.302in. 2 [Table IOj 
a, = N,a~/144n [Eq. (7.48)) 

= 766 X 0.302/144 X 4 = 0.402 ft• 
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Hot fluid: she7l side, 1"..-propanol 
(IV) G; = W /a. (for pressure drop only) 

[Eq. (7.2)] 
= 60,000/1.34 

= 44,700 lb/(hr)(ft!) 
Loading, G" = W/LN;'r'< [Eq. (12.43)] 

= 60,000/8 X 766% 
= 89.3 (lb) /(hr)(lin ft) 

Assume ii = h. = 200 
From (10) h;. = 1075 

Gold jl;u-id: tube side, wat~r 
(li) G, = wja, 

= 488,000/0.402 
= 1,210,000 lb/{hr)(W) 

Vel, V = G.(3600p 
= 1,210,000/3600 X 62.5 = 5.42 fps 

(6) At t. = 102.5•F, 
p. = 0.72 X 2.42 = 1.74lb/(ft) (hr) 

t,. = t. + h;. ~h. (T. - t.) [Eq. (5.31)] D = 0.62/12 = 0.0517 ft [Table 10] 

Re, = DG,jp. (for pressure drop only) 
= 102.5 + 200/1275(244 - 102.5) = 0.0517 X 1,210,000/1.74 = 36,200 

= 125°1<' (9) h; = 1300 [Fig. 25] 
t1 = (T. + t,.)/2 [Eq. (12.19)] (10) h;. = h; X ID/OD [Eq. (6.5)] 

= (244 + 125)/2 = 184.5°F = 1300 X 0.62/0.75 
k1 = 0.094 Btu/{hr)(ft')(°F/ft) [Table 4) = 1075 Btu/(hr)(ft2)("!t') s, = 0.80 [Table 6] 
N = 0.62 cp [Fig. 14] 
From Fig. 12.9 or Eq. (12.42) 
h = h. = 172 Btu/ (hr) (ft2H"F) 

Based onh = 172 instead of the assumed 200 a new value of t.,and t1 could be obtained 
to give a more exact value of h based on fluid properties at a value of t1 more nearly 
correct. It is not necessary in this example because the condensate properties will 
not change materially. 

Pressure Drop 

(1') At T. = 244•F 
,..,.~, = 0.010 X 2.42 

= ().0242 lb/(ft)(hr) [Fig. 15! 
D, = 0.55/12 = 0.0458 ft [Fig. 28] 
Re, = D.G./p. [Eq. (7.3)] 

== 0.0458 X 44,700/0.0242 "" 84,600 
f = 0.00141 ft!/in. 2 [Fig. 29] 

(2') No. of crosses, N + l = 3 

!VIol. wt. = 60.1 

D "t 60.1 
ensi y, P = 359(704/492){14.7 /29.7) 

= 0.238lb/ft 3 

s = 0.238/62.5 = 0.00381 
D, = a~12 = 2.58 ft 

3
, AP _ ~ f(J';D,(N + 1) 

( ) • - 2 5.22 X I0 10D,s 

. [Eq. (12.47)] 
1 0.0014 X 44,7002 X 2.58 X 3 

= 2 5.22 X 1010 X 0.0458 X 0.00381 
= 1.2 psi 

(1) For Re, = 36,200, 
f = 0.00019 ft•/in.! [Fig. 25) 

(2 M'. == jfi:Ln 
. ) ' 5.22 X 10"Dsq,, [Eq. (7.45}! 

0.00019 X 1,210,0002 X 8 X 4 
= 5.22 X 1010 X 0.0517 X 1.0 X l.O 

= 3.3 pai 

(3) M', = (4n/s)(F'/2g'} !Eq. (7.46)1 
= (4 X 4/1)0.20 = 3.2 psi 

(4) !!.1'1· = !ll' I + JJ.P, [Eq. (7.47)] 
== 3.3 + 3.2 = 6.5 psi 
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(1S) Clean overall coefficient U a: 

Uc ,:, h;~•h. = ~~;: ~ g; = 148.5 Btu/(hr)(ft•)(°F) 

(14) Dirt factor Rd:l U D from (c) = 101 

Rd = u~;u~D = ~::! ~ ~gi = 0.0032 (hr)(ft•)("F)/Btu 

Summary 

172 I h outside 1075 

Uc 148.5 

UD 101 

Rd Calculated 0. 0032 

Rd Required 0.003 

1.2 Calculated AP 6.5 

2.0 Allowable AP 10.0 

The first trial exchanger is satisfactory and will be 

Shell side 
ID = 31 in. 

Tube side 
Number and length = 766, 8'0" 
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(6.38) 

(6.13) 

Baffle space = 31 in. (approx.) OD, BWG, pitch = % in., 16 BWG, 1;!1e-in. tri. 
Passes= 1 Passes= 4 

It is interesting at this point to compare a vertical condenser with the 
horizontal condenser which fulfilled the process conditions of Example 
12.1. The horizontal and vertical condensing film coefficients are both 
affected by Wand Nt, and the best basis for comparison is obtained when 
the number of tubes in both condensers is the same. To this end a 
vertical condenser will be assumed which employs the same tube count 
as that of the preceding example except that the tube length may be 
12 or 16 ft as needed to account for the lower coefficients obtained in 
vertical condensation. 

Example 12.2. Design of a Vertical n-Propanol Condenser. Process conditions 
will be taken from Example 12.1. To prevent corrosion of the shell the water will :flow 
in the tubes. 

Solution: 
11) Heat balance: same as Example 12.1, Q = 17,100,000 Btu/hr 
(2) tJ.t: same as Example 12.1, !J.t = 141 °F 
(3) T; and t.: same as Example 12.1 

1 In condensation calculations the omission of the resistance of the tube metal may 
introduce a significant error and should be checked. 
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Trial: 

(a) Assume U D = 70. The equation for the condensing film coefficient gives 
greater values for horizontal tubes than for vertical tubes. It will consequently be 
necessary to reduce the value of U D· 

A = _Sl__ = 17,100,000 = 1730 ft• 
UDtJ.t 70X141 

NeaTest common tube length: 

1730 
766 X 0.1963 = 11.5 ft (use .12'0"} 

(b) The layout of Example 12.1, using %in. OD tubes on 1~6-in. triangular pitch 
and four passes will be retained for comparison. 

(c) Corrected coefficient U D: 
A = 766 X 12'0" X 0.1963 = 1805 ft2 

Q 17,100,000 
UD =A tlt = 1805 X 141 = 67·2 

Hot fluid: shell side, n-propanol 
(4') See (1') uqder Pressure Drop 
D. = 0.75/12 = 0.0625 ft 
(5') Loading, G' = W /3.1-tN,D. 

[Eq. (12.36)] 
= 60,000/3.14 X 766 X 0.0625 

= 399lb/(hr)(lin ft) 
Assume li = h., = 100 

t,. = t,. + h;. ~h. (T, - t,.) [Eq. (5.31)] 

= 102.5 + (100/1175) (244 - 102.5) 
~ 114.5°F 

tt = 7!i(T. + t,) [Eq. (12.19)] 
= (244 + 114.5) /2 = 179°F 

k1 = 0.0945 Btu/(hr) (ft2) (°F /ft) 
{Table 4] 

8f = 0.76 
,.~ = 0.65 cp (4G'/11- = 1025) [Fig. 14] 
From Fig. 12.9 or Eq. (12.41), 
li = h. = 102 Btu I (hr) (ft2) (°F) 

Cold fluid: tube side, water 
(4)-(10) Same as Example 12.1 
h;. = 1075 

Pressure Drop 

(1') It will be necessary to arrange the (1) Same as Example 12.1 except for the 
12-ft bundle into a minimum number of tube length. 
bundle crosses or N + 1 = 5. The spac-
ing will be 
B = 14% = 29 in. 
a. = ID X C'B/144Pr [Eq. (7.1)) 

= 31 X 0.1875 X 29/144 X 0.937 
= 1.25 sq ft 
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Pressure Drop 

G, .. W (a. [Eq. (7.2)] 
= 60,000/1.25 = 48,000 lb/(hr) (ftt) 

At T. = 244°F, p,.a,or (Fig. 15] 
= 0.010 X 2.42 'F 0.0242lb/(ft)(hr) 

D, .. 0.55/12 = 0.0458 ft [Fig. 28] 
Re, = D.G./J.I [Eq. (7.3)] 

= 0.0458 X 48,000/0.0242 = 91,000 
f = 0.0014ftt/in.• f~Ln 

(Z) AP, = 5.22 X 1010Ds¢, 
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(2') No. of crosses, 
N+l=5 

8 = 0.00381 
D, = ll}i2 = 2.58 ft 

[Eq. (7.43)) 
[Example 12.1) 

{3') AP = ! JG!D.(N + 1) 

0.00019 X 1,210,0002 X 12 X 4 
= 5.22 X 1010 X 0.0517 X 1.0 X 1.0 
= 5.0 psi 

• 2 5.22 X 1010D,s 
(Eq, (12.47)] 

(3) APr as in Example 12.1 = 3.2 psi 
(4) AP'l' = APe +APr 

1 0.00142 X 48,0002 X 2.58 X 5 
= 2 X 5.22 X 1010 X 0.0458 X 0.00381 

= 2.3 psi 
The pressure drop is high, and if it cannot 
be compensated for by elevating the con­
denser, it will be necessary to use the half­
eirele support bMH.es as in Example 7.8. 

(13) Clean overall coefficient U c: 

= 5.0 + 3.2 = 8.2 psi 

Uc =hi~·~· h. = ~g~: ~ ig; = 93.2 Btu/(hr)(ft•WF) (6.38l 

(14) Dirt factor Rd: U D from (c) = 67.2 

Rd = Uc- Un = 93.2- 67.2 = 000410 
UcVI> 93.2 X 67.2 • (6.13) 

Summary 

102 h outside 1075 

Uc 93.2 

Un 67.2 

R<1 Calculated 0. 00415 

Rd Required 0.0030 
--

2.3 Calculated AP 8.2 
--

2.0 Allowable AP 10.0 
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Discussion. The condenser is somewhat safe from a heat-traruifer standpoint but 
exceeds the allowable pressure drop, although not seriously. The advantage of hori· 
zontal condensation ros.y be observed from the U c of 148.5 in the horizontal condenser 
as comps.red with 93.2 in s. vertical condenser in an identics.l service. The vertical 
condenser has advantages, however, when the condensate is to be subcooled. 

The final vertical condenser is 

Shell side Tube side 
ID = 31 in. Number and length = 766, 12'0" 

Bs.ffie space = 29 in. OD, BWG, pitch =%_in., 16, lJi-1 6-in. tri. 
Passes = 1 Passes = 4 

Partial Condensers and the Balanced Pressure Drop. Sometimes it is 
desirable to condense only a portion of the vapor in a condenser such as 
may be needed only for reflux. Such a condenser is a partial condenser 
although the term dephlegmator was formerly used. The calculation of a 
partial condenser does not alter the method of computing the condensing 
film coefficient. The calculation of the pressure drop for a partial con­
denser is obtained with sufficient accuracy from the average of the pres­
sure drops based on inlet and outlet conditions. The pressure drop for 
the inlet conditions has already been treated and for the outlet conditions 
it is obtained for practical purposes by computing the mass velocity and 
Reynolds number from the weight flow of vapor still in the vapor phase 
at the outlet. 

A more precise calculation of the pressure drop involves an ad4itional 
factor. During partial condensation in a horizontal condenser the vapor 
stream travels in the upper portion of the shell and the layer of conden­
sate travels in parallel with it on the bottom of the shell. Both must 
traverse the length of the exchanger with the same pressure· drop, since 
the terminal pressures for both are identical. This is called the condition 
of balanced pressure drops, and it applies whenever two fluids flow in 
parallel in the same channel. For condensation inside horizontal tubes, 
particularly in tube bundles, the pressure drop can be computed by trial 
and error by assuming the average segments of the pipe in which the 
condensate and vapor flow. The equivalent diameter can then be calcu­
lated for each portion from the free-flow area and the wetted perimeter. 
The mass velocity, Reynolds number, and pressure drops can similarly 
be calculated. If the pressure drops for the assumed division of the 
segments do not check, a new assumption must be made and the calcula­
tion repeated. The principle of balanced pressure drops is particularly 
important when it is desired to subcool the condensate to a very specific 
temperature and the area for sensible-heat transfer must be determined 
closely. When dealing with the shell side of 1-2 horizontal condensers, 
it is extremely difficult to predict accurately the effective flow area at the 
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bottom of the shell unless it can be determined by planimeter from the 
actual layout, although the principle of balanced pressure drop must also 
apply. 

Influence of Impurities upon Condensation. In distillation operations 
the vol8iti1e component is always only partially separated from the less 
volatile components and the overhead product is never 100 per cent pure. 
Instead it may contain from a trace to a substantial concentration of the 
heavier components, and it does not condense isothermally except when · 
the overhead is a constant boiling mixture or a mixture forming two 
immiscible liquids. When the temperature range over which the con­
densation of a mixture occurs is small, perhaps not exceeding 10 to 20°F, 
it may be treated as a pure compound with the true temperature differ­
ence being the LMTD for 1-1 condensers or F'l' X LMTD for 1-2 con­
densers. The use of the conventional LMTD in either case assumes that 
the heat load removed from the vapor per degree of temperature decrease 
is uniform. Particularly where close approaches to the temperature of 
the cooling medium are involved, this may lead to serious error as demon­
strated in Chap. 13. For the majority of services the assumption does 
not cause a serious error. 

Another type of impurity causing a deviation from isothermal con­
densation is the presence of a trace of noncondensable gas, such as air, 
mixed with the vapor. A noncondensable gas is actually a superheated 
gas which is not cooled to its saturation temperature while the vapor itself 
is condensed. A common example is the presence of air in the condensa­
tion of steam. The presence of only 1 per cent of air by volume may 
reduce the condensing coefficient of steam by 50 per cent. The mecha­
nism of the condensation becomes one of diffusion of the vapor through 
the air, the latter serving as a resistance to the transfer of heat. Under 
conditions of superatmospheric pressure there is little hazard that air 
will leak into a system except for the small quantities which may have 
been dissolved in the feed water before it was vaporized. In vacuum 
operation the possibility of air leakage into the system requires that pro­
vision be made for its continuous removal. 

Condensation of a Superheated Vapor. The condensation of a super­
heated vapor differs from that of a saturated vapor in so far as there is 
sensible heat to be removed. The superheat may be the result of an 
additional heat absorption by a dry saturated vapor after removal from 
contact with the liquid from which it was formed or from passing a 
saturated vapor through a pressure-reducing valve. For the condensa­
tion of superheated steam McAdams1 cites a number of investigators who 
have found that the entire superheated and condensing heat loads may be 

I McAdams, op. cu., p. 279. 
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considered transferred by the temperature difference between the steam 
saturation temperature and the tube wall temperature, or 

Q = hA(Ts- tw) (12.49) 

where h is the condensing film coefficient and T sis the saturation temper­
ature of the superheated steam corresponding to its'inlet pressure. This 
is actually a compromise rule. It simplifies the calculation by balancing 

. the greater temperature difference that should be used for the desuper­
heating alone against a film coefficient which may be somewhat lower 
than the condensing coeffi.cient. In the light of less conclusive evidence 
one may speculate on what possibility occurs in a desuperheater-con­
denser. Consider a horizontal true counterflow or 1-1 condenser with 
the vapor in the shell. When the superheated vapor enters at the hot 
end of the condenser, the temperature of the tube wall may be lower than 
the saturation temperature of the vapor. The superheated vapor con­
tacting the tube wall condenses at its saturation temperature and may 
possibly even be subcooled. As the condensate drips from the tubes, it 
probably exchanges heat by reflashing into the hot superheated vapor at 
a great transfer rate, thereby effecting most of the desuperheating. 
Here, then, the desuperheating is probably controlled by the rate of sub­
cooling, which should be relatively high for a film on a cold tube wall 
provided the condensate does not drain too rapidly to be subcooled. · 

It is also possible to have a reverse condition. If the cooling medium 
has been heated so that the tube-wall temperature near the hot terminal 
is greater than the saturation temperature, the tube wall will be dry 
toward the hot end and desuperheating will occur only as if the super­
heated steam were a dry gas. In this case it is necessary to divide the 
unit into a desuperheating and a condensing zone, and this method will 
be treated presentli. 

In the condensation of vapors other than steam it must be noted that a 
different relationship exists between the relative heat content of the super­
heat and the latent heat of evaporation. When steam at atmospheric 
pressure and superheated 100°F is condensed, the desuperheat represents 
slightly less than 5 per cent of the total heat load. If an organic vapor 
whose boiling point is in the same range, such as n-heptane, is super­
heated 100°F and then condensed, the desuperheat represents over 25 per 
cent of the heat load. Furthermore, water vapor has a very low density 
compared with organic vapors, and the mechanics of reflashing anc! 
diffusion in the vapor phase is probably more active for steam than for 
organic vapors. In condensers with multiple tube passes, condensation 
does not occur where the tube-wall temperature is highSl"t.han the-satura­
tion temperature of the vapor, so that it is possible to have only part 
of the surface wetted. 
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The Weighted Clean Coefficient and Temperature Difference in 
Desuperheater-Condensers. In establishing the true temperature differ­
ence for counterflow and 1-2 exchangers it was assumed that no partial 
phase change occurred in the exchanger. The desuperheater-condenser 
is a distinct violation of this assumption, requiring the development of a 
new method of computing the true temperature difference. In Fig. 12.18 
the temperatures during the condensation of a pure vapor are shown. In 
Fig. 12.19 are sho;vn the. temperatures during the desuperheating and 
condensation of a superheated vapor. It is convenient to consider the 

T,tr-------------, 

T vapor isotherm01l 
~r--.--~~~~~--~ 

FIG. 12.18. Temperature distribution vs. 
·tuba length during isothermal ccndensation 
in a J.-2 condenser. 

FIG. 12.19. Temperature distribution vs. 
tube length in a 1-2 desuperheater-con­
denser. 

condenser as being subdivided into two zones in series, one for desuper­
heating and the other for condensation. The length L in the liquid 
condensate loading, G" = W jLNt%, for a horizontal desuperheater-con­
denser is then the length .of tube corresponding only to condensation and 
not the overall tube length. It will be seen that this requires an estimate 
of the length of tube corresponding only to condensation before ii can be 
obtained. This difficulty in calculation does not arise in vertical units. 

The temperature relations in the condensing zone of Fig. 12.19 are 
identical with those of a 1-2 exchanger, but those of the desuperheating 
zone differ from any type encountered previously. For a two-tube pass 
1-2 desuperheater-condenser with desuperheating occurring at the channel 
end, the temperature t~ may be obtained from differential equations for 
the heat transfer over the two tube passes of the desuperheating zone. 
Then tf is given by1 

t~ = ~ (: + 2Tt + tt - t2) 
± ~~(t2- tt- 2Tt ~ :;y- 4 [(2T1- t2)tt +(~f) Tt J 

1 Unpublished notes, D. Q. Kern and C. L. Carpenter. 
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By a heat balance t~ can also be found. For four or more tube passes the 
calculation of the temperature difference is considerably more involved 
but may be simplified semiempirically. For desuperheating and con· 
densation in a counterflow apparatus no problem arises. In a 1-2 con· 
denser if the condensation is isothermal or the condensing range is small, 
and if there is no temperature cross between the condensing range and 
the range of the cooling medium, it is possible, with small error, to consider 
the entire heat load delivered in counterflow regardless of the nozzle 
orientation. Temperature crosses in parallel flow-counterflow desuper­
heater-condensers should always be avoided if at all possible. Then the 
temperature rise of the water during condensation corresponds to the 
condensing heat load. This method is not so unsafe in the desuper­
heating zone as it appears if the tube-wall temperature at the hot terminal 
of the condenser is lower than the saturation temperature of the vapor. 
The calculation of the surface required for desuperheating by using a dry 
gas film coefficient without regard to possible desuperheating by reflash· 
ing in the desuperheating zone more than compensates for the error in the 
temperature difference encountered in real problems. If d and c indicate 
the desuper:heating and condensing zones, respectively, and q is the heat 
transferred in each, the two zones may be computed by qa = UdAd(ilt)d 
and qc = U cAc(ilt)c where Ud and Uc are the clean overall coefficients and 
Ad and Ac the corresponding surfaces. 

The use of the two zones permits the calculation of individual values 
of Ud and Uc, for each zone, but in the preceding examples the practice was 
established to judge the suitability of an exchanger by the size of the dirt 
factor, which was obtained from the difference between the clean and 
design overall coefficients. In each zone of a desuperheater-condenser 
there is a separate clean coefficient, and each is effective over an inde­
pendent surface. The t"'o overall coefficients may be replaced by a single 
value, the weighted overall clean coefficient, which is obtained from 

U ( . ht d) _ ~UcAc _ UcAo + UaAd 
c weig e - ~Ac - Ac + Aa (12.50) 

where U c is the weighted clean overall coefficient. 
To calculate a value of U n from the Fourier equation Q = UnA lit 

it is necessary first to obtain a single value for lit. This may be weighted 
in terms of the heat transferred, respectively, by the temperature differ­
ences for condensation and desuperheating. Since UnA = Q/ lit, 

lit (weighted) Ql Q 

= 2: Xt = cX;)c + cX:)d 
(12.51) 
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where At is the weighted temperature difference and (At). and (~t)d are 
LMTD in counterflow. The assumptions in the weighting method 
should be completely understood before attempting the solution of 
problems. They serve as a consistent means, if not entirely precise, for 
comparing the performance and design of desuperheater-condensers. 

In the calculation of desuperheater-condensers for the fulfillment of 
process conditions, it is difficult to establish a fast rule for assuming a 
reasonable value of U D for the trial calculation. It is not only dependent 
upon the film coefficients of the superheated and saturated vapor but to 
an equal extent upon the distribution of the heat load between condensa­
tion and superheat which may have any value. By weighting U D from 
the individual heat loads and anticipated individual design coefficients 
it permits a reasonably good approximation. Thus for a trial calculation 

U D (weighted) Q (12.52) 

Example 12.3. Calculation of a Butane Desuperheater-condenser. 27,958 lb/hr 
of isobutane with small amounts of n-butane issues from a gas reactor at 200°F and· 
85 psig. The gas becomes saturated at 130°F and is completely condensed at 125°F. 
Cooling is by well water from 65 to 100"F. 

A minimum combined dirt factor of 0.003 is required along with allowable pressure 
drops of 2.0 psi for the butanes and 10.0 psi for the water. 

Available for the service is a 23~ in. ID horizontal 1-2 gas exchanger with 352 
% in. OD, 16 BWG tubes 16'0" long laid out on l-in. triangular pitch for four passes. 
The baffles are spaced 12 in. apart. · 

Solution: 

Exchanger: 

Shell side 
ID = 23~ in. 

Baffie space = 12 in. 
Passes= 1 

(1) Heat balance: 

Tube side 
Number and length '7 352, 16'0" 

OD, BWG, pitch = % in., 16 BWG, 1 in.-tri 
Passes= 4 

Butanes: Desuperheating range, qd = 27,958 X 0.44(200 - 130) 
= 860,000 Btu/hr (Fig. 5 or 9) 

Condensing range (From Fig. 9): 
Enthalpy of n-butane vapor at 100 psis. and 130°F = 309 Btu/lb 
Enthalpy of n-butane liquid at 100 psia and 125°F = 170 Btujlb 
q. = 27,958(309 - 170) = 3,880,000 Btu/hr 
Q = 860,000 + 3,880,000 = 4,740,000 Btu/hr 

Water, Q = 135,500 X 1(100- 65) = 4,740,000 Btu/hr 
At....ter = 3,880,000/135,500 = 28. 7°F 
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(2) At weighted: 

Desuperheat (At)d 

Hot Fluid 

200 Higher Temp I 
130 Lower Temp 

70 Differences 

(AI)d = LMTD = 63.0°F 

~ = 860,000 = 13 650 
(At}d 63.0 ' 

I 

Cold Fluid Dilf. 

100 100 

93.7 36.3 

6.3 63.7 

. (5.14) 

Condensation (At), 
Hot Fluid Cold Fluid Diff. 

I 130 

125 

. 36.3/ 

-------I-L-o-we_r_T_e-,n-p-l---65-.-o--1~

7 
Higher Temp 93.7 

J 
5 Differences 28.7 ~ 

L-----~--------~-----~ 

(AI), = I,MTD ,;, 47.0"1•' 

_!!:._ = 3,880,000 = 82 500 
(At), 47 ' 

(5.14) 

W . ht. d 't Q 4,740,ooo 4" s·F 
etg e '"" = "Eq/At = 13,650 + 82,500 = "· (12.51) 

(3) T, and t,: Average values will be satisfactory. 

Hot fluid: shell side, buta.nes 
(4') a, = ID X C'B/144PT [Eq. (7.1)] 

= 23.25 X 0.25 X 12/144 X 1.0 
= 0.484 ft• 

Desuperheating (dry gas): 
(6') G, = Wja, [Eq. (7.2)] 

= 27,958/0.484 
= 57,800 lb/(hr)(ft) 

(6') At T. = 165°F, the mean for the 
superheated gas, 
,.. = 0.01 X 2.42 = 0.0242 lb/(ft)(hr) 

[Fig. 15] 
D. = 0.73/12 = 0.0608 ft [Flg. 28] 
Re. = D.G,j,.. 

= 0.0608 X 57,800/0.0242 = 145,000 
(7') jH = 239 (Fig. 28] 
(8') At 165~F, 
k = 0.012 Btu/(hr)(ft2)(°F) [Table 5] 
(cpfk)li = (0.44 X 0.0242/0.012)!-i 

= 0.96 

Cold fluid: tube 8ide, water 
(4) a: = 0.302 in.• [Table 10] 
a, = N,a:/144n 

= 352 X 0.302/144 X 4 = 0.185 ft2 

(5) G, = w/a, 
= 135,500/0.185 

= 732,000 lb/(hr)(ft') 
Vel, V = G./3600p 

= 732,000/3600 X 62.5 = 3.25 fps 
(6) At t. = 82.5°F, 
1-' = 0.87 X 2.42 = 2.1llb/(ft)(hr) 

[Fig. 14] 
D = 0.62/12 = 0.0517ft 
Re, = DG,jp (for pressure drop only) 

= 0.0517 X 732,000/2.11 = 18,000 

(9') h. =JH X;;, (Tt [Eq. (6.15b)] (9) h; = 800 
h;. = h; X ID/OD 

[Fig. 25] 
(6.5) 

= 239 X 0.012 X 0.96/0.0608 = 800 X 0.62/0.75 
= 45.2 Btu/(hr)(ft')(°F) = 662 Btu/(hr)(ft•WF) 

Clean overall coefficient U d, desuperheat: 

h;.h. 662 X 45.2 
u. = h;. +h. = 662 + 45.2 = 42·3 (6.38) 
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Clean surface required for desuperheating: 

A = _q_d - - 860,000 - 323 it• 
d Ud(At)d - 42.3 X 63.0 -

Condensation 
. (li') Assume condensation occurs over 
60% of the tube length. 
L, = 16'0" X 0.60 = 9.6 ft 

G" = W/LN % = 27,958 
' 9.6 X 352% 

= 58.3 lb/(hr)(lin ft) [Eq. (12.48)) 
ASsume h = h. = 200; 
From (9), h;. = 662 
Average temp of condensation: 
T. = (130 + 125)/2 = 127.5CF 

h. 
t, = t. + h,. +h. (T. - t~) [Eq. (5.31)] 

200 
= 82.5 + 662 + 200 (127.5- 82.5) 

= 93"F 
t1 = (T. + tw) /2 = (127.5 + 98) /2 

= uo•F [Eq. (12.19)1 
kt is not given in Table 4 for butane or 
isobutane, but from the values for pentane 
and hexane it should be about 0.076 at. 
86°F and 0.074 at 140°F. A value of 
0.075 will be used. s, = o~ss cuo·APrJ [Fig. 61 
~'l = 0.14 cp [Fig. 14] 
h = h. = 207 [Fig. 12.9] 

Theassumptionofk = 200issatisfactory. 

vlean overall coefficient U,, condensation: 

Average temp during condensation 
t. = sz.a•F 

287 

U = hock. = 662 X 207 = 158 Bt /(h )(ftJ)(oF) 
' h;. + h. 662 + 207 u r (6.88) 

Clean surface required for condensation: 

A - q, - 3,880,000 - 523 ft• 
'- U,(t.t),- 158 X47-

Total clean surface required Ac: 

Ac = Ad + A, = 323 + 523 = 846 ft2 

Check of assumed condensing length L,: 

A, 523 
A. +.Aa X 100 = 846 X 100 = 62% 

Assumed length = 60% (satisfactory) 
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(13) Weighted clean overall coefficient: 

Ua = ,;,~~c = 42.3 X 3238~ 158 X 523 == 114 Btu/(hr)(ft')(.F) (12.50) 

(14) Design overall coefficient U D: 

a" = 0.1963 ft2/Iin ft (Table 10) 
Total surface = 352 X 16'0" X 0.1963 = 1105 ftt 

u Q 4,740,000 872 
D = A llt = 1105 X 49.3 = . 

Rd = Ua- UD = 114-87.2 = 00027 UcU» 114 X 87.2 . (6.13) 

Pressure Drop 

(1') Desuperheat: 
For Re. = 145,000, 1 = 0.0013 ft'/in.2 

[Fig. 29] 
(2') No. of crosses 
(Ld = 16'0" X 0.40 = 6.4 ft) 
12L/B = 6.4 X 12/12 = 6 [Eq. (7.43)] 
Mol. wt. = 68.1 

D "t 58.1 
ensl y, P = 359(625/492 )(14.7/99.7) 

= 0.863 lb/ft3 
8 = 0.863/62.5 = 0.0138 
D. = 23.25/12 = 1.94 ft 

(S') llP = f(p;D,(N + 1) 
' 5.22 X 1010D,sq,, 

[Eq. (7.44)] 
0.0013 X 57,8002 X 1.94 X 6 

5.22 X 1010 X 0.0608 X 0.0138 X 1.0 
= 1.1 psi 

(1') Condensation: 
Use of the same Reynolds number will be 
satisfactory. 8 = 0.0146 
(2') No. of crosses (L, = 9.6 ft) 
N + 1 = 12 X 9.6/12 = 10 [Eq. (7.43)] 

(3') t:.P =! j(p;D,(N + 1) 
• 2 5.22 X 1010D.s 

[Eq. (12.47)] 
= ! X 0.0013 X 57,8002 X 1.94 X 10 

2 5.22 X 1010 X 0.0608 X 0.0146 
= 0.90 psi 

(4') llP. = 1.1 + 0.9 = 2.0 psi (total) 

(1) For Re, = 17,900, I = 00023 ft2/in. 
[Fig. 26] 

(2) t:.P _ . JG:Ln 
' - 5.22 X 1()10Dsq,, [Eq. (7.45)] 

0.00023 X 730,0002 X 16 X 4 
5.22 X 1010 X 0.0517 X 1.0 X 1.0 

= 3.0 psi 
(3) t:.Pr = (4n/s)(V2/2g') {Eq. (7.46)] 

!Fig. 27} 
= (4 X 4/1)0.075 = 1.2 psi 

(4) llPT = t:..P, + t:..Pr 
= 3.0 + 1.2 = 4.2 psi 
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Summary 

45.2/207 h outside 662 

De 114 

UD 87.2 

Ra Calculated 0. 0027 

Rd Required 0.0030 

2.0 Calculated AP 4.2 

2.0 Allowable AP 10.0 

The Vertical Condenser-subcooler. It is often desirable to subcool a 
vapor to a temperature lower than the saturation temperature of the 
vapor. This occurs in distillation when the overhead product is volatile 
and it is desired to send it to storage at a lower temperature to prevent 
excessive evaporation losses. Vertical 
condensers are excellent for use as 
condenser-subcoolers whether they be 
of the 1-2 type as shown in Fig. 12.11 
with condensation in the shell or the 
1-1 type in Fig. 12.13 with condensa-
tion inside or outside the tubes. 

If a saturated vapor passes into the 
shell of a vertical condenser, it is 
possible to divide it into two distinct 
zones operating in series, the upper 
for condensation and the lower for 
subcooling. This is accomplished by 
means of a loop seal as shown in Fig. 
12.20. The object of the loop seal is 

Weder 
out 

· to prevent the condensate from drain- $(1bcooietl 
condensate 

ing from the exchanger at so rapid a Fta. 12.20. Loop seal on vertical con­
rate that it emerges without subcool- denser-subcooler. 

ing. Since the shell will flow full of 
liquid in the subcooling zone, when a loop seal is used, the film coeffi­
cients for subcooling can be computed through the use of Fig. 28 in the 
same manner employed heretofore for liquids. The same is true for the 
tube side of a 1-1 exchanger using tube-side heat transfer data, Fig. 24, 
for calculating coefficients. 
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In establishing the true temperature difference for the condenser-sub­
cooler in Fig. 12.20 there is no margin of safety such as occurs in the 
desuperheater-condenser. In the subcooling zone the temperatures are 
identical with a 1-2 exchanger having water inlet and outlet temperatures 
t~ and t;, whereas in the condensing zone the pattern again differs. For a 
precise calculation of the true temperature difference it is necessary to 
estimate t~ and t~ and to solve for the two condensing passes separately. 
This entails a lengthy trial-and-error calculation. For four or more tube 
passes the solution is even lengthier. 

The cooling medium is heated over a greater temperature range in the 
first condensing pass than in the second, so that T1 - t1 is greater than 
T1 - tz. The temperature t~' at the bottom of the subcooling zone is 
actually higher than the mean of t1 and t2. 

As in the case of the desuperheater-condenser, the calculation of the 
effective temperature difference may be simplified by means of a similar 
assumption. Avoid process conditions which involve a cross between 
the cooling medium outlet temperatme and the subcooled condensate 
outlet temperatures. Then for 1-2 condensers with any even number of 
tube passes consider the cooling medium to be in counterflow and calc,u­
late the weighted temperature difference accordingly. 

Example 12.4. Calculation of a Vertical Condenser-subeooler. 21,000 lb/hr of 
mixed n--pentane and i-pentane comes from a distilling column at l30°F and 25 psia 
and condenses completely at 125°F. The condensate is to be subcooled from 125 to 
100°F for storage. Cooling will be effected by water from 80 to 100°F. A shell-side 
pressure drop of 2.0 psi is permissible for the vapor and 10.0 psi for water. A 
minimum fouling factor of 0.003 should be provided. 

Available for the service is a 25 in. ID vertical 1-2 condenser containing 370 .% in. 
OD, 16 BWG, 16'0" tubes laid out on l-in. square pitch. Shell baffies are 12 in. apart, 
a.nd the bundle is arranged for four tube passes; 

Will the condenser be a satisfactory ver.tical condenser-subcooler? 

Solution: 

Exchanger: 

Shell side 
ID = 25 in. 

Baffie space = 12 in. 
Passes= 1 

(1) Heat balance: 

Tube side 
Number and length = 370, 16'0" 

OD, BWG, pitch = % in., 16 BWG, 1 in.-:5quare 
Passes= 4 

Condensing range (130 to 125°F): (Data from Fig. 9). 
Enthalpy of n-pentane vapor at 25 psia and 130°F = 315 Btujlb 
Enthalpy of.n--pentane liquid at 25 psia and 125°F = 170 Btu,'lb 
q. = 21,000(315 - 170) = 3,040,000 Btu/hr 
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Subcooling range (125 to lOO"F) : 
q. = 21,000 X 0.57(125 - 100) = 300,000 Btujhr 
Q = Iq = 3;040,000 + 300,000 = 3,340,000 Btu/hr 

Water, Q = 1&7,000 X 1(100 - 80) = 3,340,000 Btu/hr 
During condensation t.t,..t..r = 3,040,000/167,000 = 18.2"F 

(2) At weighted: 

291 

Condensing, (t.t). = 86.4; q,/(t.t), = 3,040,000/36.4 = 83,500 Btu/(hr)("F) 
Subeooling, (At), = 30.2; q,/(At), = 300,000/30.2 = 9,930 

93,430 Btu/(hrWF) 

t.t = Q j \' !I = ;_
840

•000 = 35 s·F (12.51) i-t At 93,430 . 

(S) T, and t.: Average values will be satisfactory. 

Hat- flt~-id; sli.eU_ side, pentane.s 
(4') Condensation: 
D. = 0.75/12 = 0.0625 ft 
G' = WltrN,D. [Eq. (12.42)] 

= 21,000/3.14 X 370 X 0.0625 
= 290 lb/(hr) (lin ft) 

Assume 1i = h. = 125 
Average temp at"condeiJBing vapor: 
T. = (130 + 125)/2 = 127.5"F 

h. 
t,. == t. + h;; + k. (T, - t.) [Eq. (5.31)] 

Cold fluid: tubG ~irk, water 
(4) a; = 0.302 in. 2 [Table 101 
a, = N,a;/144n [Eq. (7.48)] 

== 370 X 0.302/144 X 4 == 0.194 ft 2 

(6) G, = wja, 
= 167,000/0.194 

= 860,000 lb/(hr)(ftt) 
Vel, V = G,j3600p = 860,000/3600 

= 3.84 fps 
(9) h; = 940 

X 62.5 

== 90 + 7771!5125 (127 .5 - 90) = 95•F 

t1 == (T" +t .. )/2 = (!27.5 + 95)/2 

h;, = hi X ID/OD 
[Fig. 25] 

.[Eq. (6.5)] 
= 940 X 0.62/0.75 

= 777 Btu/(hr)(ft')("F) 
= 111•F [Eq. (12.19)] 

k1 = 0.077 Btu/(hr)(ft2)(°F/ft) 
[Table 4] 

Bf = 0.60 (92"API) [Fig. 6j 
~'l = 0.19 cp [Fig. 14] 
h = h. = 120 (vs. 125 assumed. t, will 

not be changed materially by recalcu­
la.tion.) 

Clean overall coefficient for condensation U,: 

U = ~ = 777 X 120 = 104 Bt /(h 'J(ft2'·(°F) ' h,, +h. 777 + 120 u, r ' 

Clean surface required for condensation A.: 

A - _q_, - - 3,040,000 = 803 ft2 
' - U,(at), - 104 X 36.4 

(6.38) 
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( 4') Su bcooling: 
a, = lD X C'B/144PT [Eq. (7.1)] 

= 25 X 0.25 X 12/144 X 1.0 = 0.521 ft 2 

(5') G, = W /a, [Eq. (7.2)] 
= 21,000/0.521 

= 40,300 lb / (hr) (ft•) 
(6') At T. = 112.5"F, 

J.' = 0.19 X 2.42 = 0.46lb/(ft)(hr) 
[Fig. 14] 

D.= 0.95/12 = 0.0792 ft 

(6) At go•F, p. = 0.82 X 2.42 = 1.98 
[Fig. 14] 

D = 0.62/12 = 0.0517 ft 

Re, = D,G,fp. [Eq. (7.3) 
Re, = DGt/11 (for pressure drop only) 

= 0.0517 X 860,000/1.98 ~ 22,500 
= 0.0792 X 40,300/0.46 = 6950 

(7') }H = 46.5 
(B') At 112.5~F, 
k = 0.077 Btu I (hr) (ft2) c•F /ft) [Table 4] 
(c/1/k)'A = (0.57 X 0.46/0.077)'A = 1.51 

(9') h. = jH ;, (~t [Eq. (6.15b)] (9) h;. = 777 Btu/(hr)(ft2)(°F) 

= 46.5 X 0.077 X 1.51/0.0792 
= 68.0 Btu/(hr)(ft2WF) 

Clean overall coefficient for subcooling U,: 

U - h;.h. - 777 X 68.0 - 62 5 Bt /(h )(f ')(""") 
' - h ... + h. - 777 + 68.0 - · u r t "' 

Clean surface required for subcooling A,: 

A - _q_. - - 300•000 - 159 ft2 
' - U,(Jlt), -:- 62.5 X 30.2 -

Total clean surface required Ac: 

Ac =A, +A, = 803 + 159 = 962 ft 2 

(13) Weighted overall clean coefficient Uc: 

U = zU Ac = 104 X 803 + 62.5 X 159 = 97 1 c };Ac 962 · 

(14) Design overall coefficient U »= 

(6.38) 

(12.50) 

a" = 0.1963 ft• /lin ft (Table 10) 
Total surface = 370 X 16'0" X 0.1963 = 1160 ft• 

U Q 3,340,000 80 5 
D = A Jlt = 1160 X 35.8 = . 

(15) Dirt factor Ra: 

R. = U~;;u~n = ~i:~ ~ ~~:~ = 0.0021 (hr)(fts)("F)/Btu (6.13) 
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Pressure Drop 

Height of zones: (1) For Ret = 22,500,/ = 0.00022 ft2/in.• 
Condensing: L, = LA,/ A a [Fig. 26) 

= 16 X 803/962 = 13.4 ft 
(1') Condensation: 2 !GfLn E (7 ) 

( ) APt 5.22 X lQlODs¢
1 

[ q. .45 ] 
0.00022 X 860,0002 X 16 X 4 

= 5.22 X 1010 X 0.0517 X 1.0 
X 1.0 

= 3.9 psi 
At 7'. = 127.5•F, 
Jl. = 0.0068 X 2.42 = 0.0165lb/(ft)(hr) 

[Fig. 15] 
Re, = D.G./p. 

(3) APr = (4n/8)(V2/2g') [Fig. 27] 
= (4 X 4/1)0.10 = 1.6 psi 

. [Eq. (7.46)] 

= 0.0792 X 40,300/0.0165 = 193,000 
(4) APT = APt + AP. [Eq. (7.47)] 

f = 0.0012 ft• /in.• [Fig. 29] 
Mol. wt. = 72.2 

72.2 
Pvopor = 359(590/492)(14.7 /25) 

= 0.284 lb /fta 
$ = 0.284/62.5 = 0.00454 
(2') No. of crosses, N + 1 = l2L/B 

= 12 X 13.4/12 = 13.4, say 14 
D, = 2;12 = 2.08 ft· 

1 JG';D.(N + 1) 
(3') AP, = 2 5.221010D.s 

[Eq. (12.47)] 
1 0.0012 X 40,3002 X 2.08 X 14 

= 2 X 5.22 X 1010 X 0.0792 X 0.00454 
= 1.6 psi 

(4') AP of subcooling is negligible. 

Summary 

12%s h inside 

Ua 97.1 

UD 80.5 

Ra Calculated 0.0021 

Rd Required 0.003 

1.6 Calculated AP 

2.0 Allowable AP 

= 3.9 + 1.6 = 5.5 psi 

777 

5.5 

10.0 

The dirt factor is too small to warrant installation of the unit. 



294 PROCESS HEAT TRANSFER 

The Horizontal Condenser-subcooler. 1 The horizontal condenser can 
also be equipped with a loop seal as shown in Fig. 12.21 to provide sub­
cooling surface. This can also be accomplished by means of a dam baff.le, 
as shown in Fig. 12.22. The loop seal has the advantage of external 
adjustability. In either case the flow of vapor is predominantly the same 
as in a condenser. The condensing and subcooling zones are in parallel 
instead of in series as in the vertical unit. This requires that the con­
densing vapor and the condensate both travel the length of the exchanger 
with a balanced pressure drop, and since the specific gravity of the 
condensate is so much greater than that of the vapor, the flow area 
required for the condensate must indeed be very small. The calculation 
of a horizontal condenser-subcooler brings up the problem of balancing 

Vnpor 
in 

Wnkr 
ovf 

Wafer ,n 
FIG. 12.21. Loop seal on horizontal con­
denser-subcooler. 

FIG. 12.22. Dam bafBe. 

the pressure drops and at the same time balancing the performance for 
the sensible and condensing heat loads to correspond to the assumed 
proportion of the bundle submerged for subcooling. 

The calculation of the weighted clean overall coefficient to be employed 
here presupposes the presence of the two zones in parallel. It is further 
assumed that the surface for subcooling is not more than 50 per cent of the 
total surface. If subcooling represents more than 50 per cent, it would 
often be preferable to use a separate shell for subcooling ·alone where a 
higher condensate velocity can be attained. "When the condensation 
surface requirements are more than 50 per cent of the total surface 
requirement, the vapor may be assumed to travel as in an ordinary 
condenser and its film coefficient is computed by Eq. (12.43), except that 
N 1 in G" is the number of tubes which are not submerged. The value of L · 
used in calculating the vapor loading is. the overall tube length. For 
simplicity, subcooling may be assumed to occur at a heat transfer coeffi­
cient corresponding to free convection although all the correlations for 

t The method of computing this type of apparatus is arbitrary, although it gives 
overall coefficients which have proved satisfactory in a large number of cases. 
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free convection in Chap. 10 were for heating only. For light materials, 
such as organic solvents and petroleum fractions like kerosene and lighter, 
it is safe to assume a subcooling film coefficient of about fiO, arid for 
heavier condensates, such as aniline, straw oil, etc., it is about 25 or lower. 

The calculation of the weighted temperature difference is also modified. 
In the orientation of the tube passes in a horizontal 1-2 condenser-sub­
cooler the coldest pass is always placed in contact with the flooded portion 
of the shell, and it is a safe practice to consider the temperature rise of the 
cooling medium proportional to the transferred heat load. Thus if the 
subcooling heat load is 25 per cent of the total heat load, the cooling 
medium will rise the first 25 per cent of its temperature range while 
traveling through the subcooling passes. 

The pressure drop in the shell should be computed on the basis of bal­
ancing the pressure drops in the two zones, but this requires a number of 
additional assumptions which cannot be entirely justified. Instead, for 
any given submergence, it is possible to approximate the pressure drop 
by calculating the average pressure drop for the vapors alone, using a 
segmental flow area equivalent to the vapor space and assuming that the 
pressure drop so calculated is identical with that of the condensate. 

Example 12.6. Calculation of a Horizontal Condenser-subcooler. Using the 
same process conditions and condenser as in Example 12.4, which were unsatisfac­
tOry, what dirt factor would be achieved if the condenser-subcooler was operated 
horiz"ontally? 

It is understood that the baffle pitch will have to be somewhat greater if the unit 
is operated horizontally, since flooding the horizontal shell reduces the vapor flow 
area and therefore increases the pressure drop. But the baffle pitch is not regarded 
as influencing the transfer coefficients in the horizontal condenser-subcooler, and this 
example may be considered an illt1stration of the effective:fl.ess of horizontal vs. vertical 
surface in condenser-subcoolers. 

Sol1ttion: 

Exchanger: Same as Example 12.4. 

(1) Heat balance: Same as Example 12.4. 
(2) flt weighted: 

Temperature rise of water during condensation = 18.2"F 

Condensation (flt). Subcooling (flt), 

Hot Fluid Cold 'F41id Diff. Hot Fluid Cold Fluid Diff. 
'· 

130 Higher. Temp 100 1 30 

125 Lower Temp 81.8 I~ 
125 . I Higher Temp 81.8 J 43.2 

100 ~Lower Ter:1p 80. I 20. 

(.U), a L!I{TD = 36.4°F (Eq. ( 5.14)] (M), = LMTD = 30.2°F [Eq. (5.14)] 
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Condensing, (t.t), = 36.4 ..!1:._ = 3•
040

•000 = 83 500 Bt /(h ) (°F) (t.t), 36.4 ' u r 

Subcooling, (t.t). "" 30.2 q, 300,000 = 9,930 
(t.t), = 80:2 

93,430 Btu/ChrWF) 
_ Qj \' .!L = 3,34o,ooo = 35 s·F 

t.t - L., L!l.t 93,430 . (12.51) 

(3) T. and t,: Average values will be satisfactory. 

Trial: 

Assume shell is flooded to a height of 0.3D,. Originally subcooling represented 
15%62 = 16.5 per cent of the total surface. For the horizontal condenser ii will be 
much higher than for the vertical, hence about 25 per cent of the surface will be 
required for subcooling. 

From mathematical tables determine the area of shell cross section which is flooded 
a; to obtain the number of submerged tubes. 

For 0.3D,, C1 = 0.198 in the formula 
a~ = C1D! = 0.198 X 252 = 124 in.• 

124 
Number of submerged tubes = 370 X (1rj4) X 25, = 93 (approx.) 

Number of tubes for condensation = 370 - 93 = 277 
Flooded surface = (9%7e~)100 = 25% 

Condematitm: 

Gtl w 21,000 - 30 9 
= LN,Y. 16 X 2777i - . 

Assume the same film temperature as before. 
ii =h. = 251 
h;, = 777 from Example 12.4 
Clean overaJI coefficient for condensation U,: 

U, = h,~'~\. = ~~~ ~ ;:i = 190 Btu/(hr)(ft•)(°F) 

Clean surface required for condensation A,: 

A - q, - 3,040,000 - 440 ft• 
' - U,(t.t), - 190 X 36A -

Suboooling: (Free-convection rate assume h = 50): 

Clean overaJI coefficient for subcooling U,: 

U _ h;,h. _ 777 X 50 = 47 O B /(h )(f ')(•F) 
• - h;. + h. - 777 + 50 · tu r t 

Clean surface required for subcooling A,: 

A "' _q_,- - 300•000 - 211 ft2 
' U,(t.t), - 47.0 X 30.2 -

Total clean surface required Ac: 

Ac = A, + A, = 440 + 211 = 651 ftl 

(1~M3) 

(Fig. 12.9) 

(6.38) 

(6.9) 
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(lS) Weighted clean overall coefficient U a: 

Ua = ~~~ = 
190 

X 
440 :st·0 

X 
211 

= 144 Btu/(hr)(ft2)(°F) (12.50) 

(14) Design overall coefficient U D: 

UD =A QLl.t = 1;~~~.8 = 80.5 Btu/(hr)(ft2)(°F) 

(11i) Dirt factor R.: 

Rd = UU;U~D = ~:! ~ ~g:~ = 0.0054(hr)(ft2)(°F)/Btu (6.13) 

Pressure Drop 

It will be necessary to spread the batHes to a spacing of 18 in. to compensate for the 
reduction in crossfiow area due to the flooded subcooling zone. The tube-side pressure 
drop will be the same as before. Assume bundle flooded to 0.3D,. 

a, = 0.7 X ID XC' l4:PT == 0.7 X 25 X 0.25 X 144 
1~ l.O = 0.547 ft 2 (7.1) 

G. = ~ = ~\~7° = 38,400 lb/(hr)(ft2
) (7.2) 

Re, == D:G, = 0.0792 X ~~O~~ = 185,000 (7.3) 

f = 0.00121 ft 2/in. 2 (Fig. 29) 
12L 16 

Number of crosses, N + 1 = B = 12 X IS = 11 (7.43) 

D, = 2.08 ft 

_ ~ f<J';D,(N + 1) = ~ '0.00121 X 38,400' X 2.08 X 11 = l.O si (12.47) 
t:.P, - 2 5.22 X 101oD,s 2 5.22 X 1010 X 0.0792 X 0.00454 p 

Summary 

25Uo h inside 777 

Uc 144 

UD 80.5 

Rd Calculated 0 0054 

R. Required 0.003 

1.0 Calculated AP 5.5 

2.0 Allowable AP 10.0 

Remarks. The horizontal condenser-subcooler should be equipped with a loop seal 
or dam bafll.es approximately one-third the height of the shell. 
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It is possible to draw some general conclusions from the summaries of 
Examples 12.4 and 12.5 which shed light on the relative orders of magni­
tude between horizontal and vertical condenser-subcoolers. The vertical 
condenser has the advantage of well-defined zones, but it is restricted by 
the. height available at the top of a column when employed with a column 
and the smaller size of the condensing film coefficient. On the other 
hand, the horizontal condenser-subc~oler, though less adaptable to close 
calculations, gives considerably higher overall clean coefficients. The 
majority of the condenser-subcoolers 
used in industry are consequently of Venf 
the horizontal type. 

Vertical Refluxing inside Tubes. 
It is often necessary to treat a solid 
material with a volatile boiling liq­
uid or to maintain a liquid mixture at 

Water 
In 

FIG. 12.23. Re:fiux-type condenser. 

Waftr 

Fro. 12.24. Knock-back condenser. 

its boiling point so as to complete a chemical reaction. To maintain a 
constant pressure the volatile liquid is boiled overhead in the reactor 
and returned at a continuous rate as shown in Fig. 12.23. The rate at 
which the volatile liquid is boiled overhead is called the boil-up rate and 
is usually expressed in pounds per hour per square foot of liquid surface. 
A condenser operated in a closed circuit in this manner is a reflux-type 
condenser. When the vapor enters the bundle at the bottom as in Fig. 
12.24 it is a special case of the reflux type known as a knock-back con­
denser. The reflux type of condenser is not intended to produce sub­
cooling, and the condensate drains back freely into the treating vessel. 
Very often the bo:l-up rate is so great that the condensing film may be 
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partially in turbulent flow, whence the film coefficient is calculated front 
Colburn's relationship as given in Fig. 12.12. 

Greater headroom is required for a knock-back condenser, although 
it has some advantage over a horiz~mtal condenser due to its excellent 
drainage. If the Reynolds number for a vertical condenser, 4G' j J.Lh is 
less than 1800 to 2100 corresponding to the transition point in Fig. 12.12, 
all the condensation will occur in streamline flow as computed by Eq. 
(12.42). If the. Reynolds number is greater than about 1800, the upper 
surface where the condensate film is in streamline flow may be computed 
separately from that below it in turbulent flow. Knock-back condensers 
differ from reflux-type condensers, since the vapor enters at the bottom 
and may not, in fact, even reach the top. 

Example 12.6. Calculation of Vertical Reflux-type CSo Condenser. A solid 
material is treated in a vessel with carbon disulfide and traces of corrosive sulfur com­
pounds at 25 psig corresponding to a boiling point of 176°F and a total boil-up of 
30,000 lb /hr. A negligible pressure drop will be required for the tube side, and 10 psi. 
is available for the water, which enters at 85°F. A combined dirt factor of 0.003 will 
be necessary 

Available for the purpose is 1774: in. ID 1-1 exchanger having 177 %: in. OD, 16 
BWG tubes 16'0" long. They are laid out for l-in. square pitch, and the baffie spac­
ing is 6 in. 

Will the exchanger be satisfactory? 

Solution: 

Exchanger: 

SheU side 
ID = 1774: in. 

Tube side 
Number and length = 177, 16'0" 

Baffie space = 6 in. 
Passes .;, 1 

OD, BWG, pitch = % in., 16 BWG, l-in. square 
Passes c= 1 · 

(1) Heat balance: 
Carbon disulfide, Q = 30,000 X 140 = 4,200,000 Btujhr {Fig. 12) 
Water, Q = 120,000 X 1(120 - 85) = 4,200,000 Btujhr 

(2) ll.t: ll.t = LMTD = 72.1 °F (5.14) 
(3) T, and t,: The use of average temperatures will be satisfactory. 

In this particular ·problem it will be advisable to compute the shell side first, since 
the water rate is needed to establish the tube-wall temperat11re for condensation. 

Hot fluid: tube side, carbon di8ulfide 
Assume k;. = 300 

t. = t. + h;.h~ h. (T. - t.) 

= 102.5 + so9-fo 86 (176 - 102.5) 
= 122.5°F 

It = (122.5 + 176)/2 = 149°F 
[Eq. (12.19)] 

Cold flv,id: shell side, water 
(4') a, ~ ID X G'B/l44PT [Eq. (7.1)] 

= 17.25 X 0.25 X 6/144 X 1.0 
= 0.18 ft• 

(D') G, = wja, [Eq. (7.2)] 
= 120,000/0.18 

= 667,000 lb/(hr)(ft 2) 
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Hot fluid: tttbe side, carbon disulfide Cold fluid: sheU side, water 
PI = 0.28 X 2.42 ,. 0.68lb/(ft)(hr) (6') At tG = 102.5"F, 

[Fig. 24] p ... 0.70 X 2.42 .. 1.70 lb/(ft)(hr) 
k1 = 0.09 Btu/(hr)(ft1)("F/ft) [Fig. 14] [Fig. 14] 
Bf = 1.26; pj = 62.5 X 1.26 == 78.8lb /ft1 D • ... 0.95/12 = 0.0792 ft [Fig. 28] 
D = 0.62/12 = 0.0517 ft Re, ""D.G,fp [Eq. (7.3)] 
G' ,. W ; ... N J) [Eq. (12.42)] = 0.0792 X 667,000/1.70 = 31,000 

= 30,000/3.14 X 177 X 0.0517 (7') }H = 103 [Fig. 28] 
= 1045 lb/(hr)(lin ft) (8') At tG == 102.5"F, 

Re, = 4G'IP.I [Eq. (12.37)] k = 0.36 Btu/(hr)(ft1)("F/ft) 
= 4 X 1045/0.68 = 6150 (cpfk)'A .. (1 X 1.70/0.36)'A = 1.68 

The film will be in turbulent flow. , • k (cp.)'A 
ii(p.}/kMg)'A ... 0.251 [Fig. 12.121 (9) h. ""3H D, k [Eq .. (6.15b)] 

~
k•p•g)~ • 103 X 0.36 X 1.68/0.0792 

h; .. li. = 0.251 :; .. 786 Btu/(hr)(ft•)("F) 

= 0_251 (0.09 • X 78.~~-:s~-17 X IO•t 

:o400 
h;. = 400 X 0.62/0.75 

= 331 Btu/(hr)(ft1)("F) [Eq. (6.5)] 

Clean overall coefficient Uc: 

U = h;.h. = 331 X 786 ... 233 Bt /(h )(ftt)("F) 
c h;. + h. 331 + 786 u r (6.38) 

Design overall coefficient U D: 

Total surface = 177 X 16'0" X 0.1963 = 556 ft1 

U D = }t:..t = 5~;o~,~~l = 105 Btu/(hr)(ft•WF) 

Dirt factor Ra: 

R Uc- UD = 233- 105 = 000522 (h )(ft•)(.F)/Bt 
4 = UcUD 233 X 105 . r u (6.13) 

Pressure Drop 
(1) Flow area: a~ = 0.302 in.• [Table 10] (1') For Re, = 31,000 
a,= Nca~/144n [Eq. (7.48)] f =0.0017ft1/in.1 [Fig. 29] 

= 177 X 0.302/144 X 1 "'0.372 ft1 

(2) G, = W /ac [Eq. (6.3)] (2') No. of crosses, N + 1 = 12L/B 
= 30,000/0.372 [Eq. (7.43)]' 

= 80,500 lb/(hr)(ft2) = 12 X 16/6 - 32 
At inlet, 
p = 0.012 X 2.42 = 0.029lb/(ft)(hr) 

[Fig. 15) 
D = 0.62/12 = 0.0517 ft 
Re= 0.0517 X 80,500/0.029 = 143,000 
! = 0.000138 ftt/in.l [Fig. 26] 
Mol. wt. = 76.1 

p ... 359(636/4~:)~14.7 /39.7) "" 0•4431b/ft• 

D, = 17.25/12 .. 1.44 ft 
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Pressure Drop 

t = 0.443/62.5 = 0.0071 
t..P _ ! fef';Ln 

(S) 1 
- 2 5.22 X 1010Ds 

{S') llP ,., jQ'!D.(N + 1) 
• 5.22 X 1010D.ar/>. 

[Eq. (12.48)] 
0.000138 X 80,5002 X 16 

= 5.22 X 1010 X 0.0517 X 0.0071 
= 0.4 psi 

Summary 

331 I h outside 

Uo 233 

u]) 105 

Rd Calculated 0. 00522 

R~ Required 0.004 

0.4 Calculated AP 

neg. Allowable llP 

'I:he unit is satisfactory. 

[Eq. {7.44)] 
0.0017 X 667,0002 X 1.44 X 32 

= 5.22 X 1010 X 0.0792 X 1.0 
X 10 

= 8.4 psi 

786 

8.4 

10.0 

THE CONDENSATION OF STEAM 

The Surface Condenser. Any saturated vapor can be condensed by a 
direct spray of cold water under appropriate conditions of temperature 
and pressure provided contamination of the condensate by water is not 
objectionable. Steam, on the other hand, as generated in power stations, 
is an extremely pure form of water substantially free of the impurities 
causing scale. 'rhe term surface condenser is reserved for tubular appa­
ratus employed for the condensation of steam. 

In the design and operation of a steam turbine or engine the exhaust 
temperature of the heat is kept as low as possible so that a maximum 
change in enthalpy occurs during the conversion of heat into work. This 
is a natural deduction of the Carnot cycle. The exhaust temperature is 
limited only by the coldness and abundance of the cooling medium and 
the allowance of a reasonable temperature difference. The economics 
and optimum energy distribution of power cycles is beyond consideration 
here, but with cooling water available at 70°F or thereabouts a turbine 



302 PROCESS HEAT TRANSFER 

will exhaust at 75°F, which corresponds to a vacuum saturation pressure. 
Consequently, such apparatus is usually designed for vacuum operation 
on the steam side. . 

The surface condenser, as a development of the power rather than 
chemical industry,· is handled differently from preceding illustrations, and 
the purpose here is to indicate the exceptions. Equations (12.44a) and 
(12.44b) for the condensation of steam at atmospheric pressures have 
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FIG. 12.25. Influence of air on the condensing coefficient of 230°F steam. (Data of 
Othmer.) 

already been presented. These equations give steam-condensing coeffi­
cients at atmospheric pressure and are of little use in estimating the 
condensation rate under a vacuum of 1 to 1% in. Hg abs. Furthermore, 
air dissolved in the boiler feed water, despite deaeration, tends to accumu­
late in the condenser, where it impedes heat transfer. Othmer1 has shown 
that, when as little as 1 per cent of air by volume is mixed with the inlet 
steam, the condensing coefficient falls from 2000 to 1100 with a tempera­
ture difference between the steam and cooling medium of 20°F. When 
the air concentration is 2 per cent by volume, the condensing coeffici!mt 
falls from 2000 to 750 at the same temperature difference. It is also 
found that during steady-state transfer the air tends to surround. the 

I Othmer, D. F., Ind. Eng. Chem., 21, 576 ~1929). 
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ONE PASS l'WO PASS 
(b)· SECTIONS THROUGtt HOT WELL AND AIR OUTLET 

FIG. 12.26. Surface condenser. (Foster Wheeler Corporation.) 

tube surface, setting up a resistance through which the steam must diffuse. 
Othmer's data are reproduced in Fig. 12.25. 

Surface condensers are usually much larger than other types of tubular 
equipment, some containing ov.er 60,000 ft2 of condensing surface. The 
attainment of a very small steam-side pressure drop directly affects 
the pressure of the condenser exhaust and the cycle efficiency for a given 
cooling-water inlet temperature. A typical small surface condenser is 
shown in Fig. 12.26. To permit a low pressure drop and a deep penetra-
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Condensafe 
pumpsucflon 

FIG. 12.27. Large dual-bank surface condenser. (Foster Wheeler Ccrrporation.) 

tion of the steam into the bundle tubes are laid out for crossflow, using 
radial pitch as shown in Fig. 12.26b. Another important consideration 
is the removal of air, since an accumulation of air increases the total 
pressure in the condenser and raises the condensation temperature. Only 
when surface condensers contain 15,000 ft 2 or less are they apt to have 
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cylindrical bodies. When they contain surface in excess of 15,000 ft2, 
they are made in the boxlike manner shown in the elevation of Fig. 12.27. 
In large condensers the steam is not required to pass through the entire 
tube bundle but instead through a divided portion of the tube bundle. 

The principal parts of surface condensers, in addition to the shell and 
water boxes or channels, are a large exhaust steam inlet port, shell-side 
air-removal outlets, and a hot well equipped with condensate and air 
outlets. The condenser shown in Fig. 12.26 is arranged horizontally for 
two passes or double flow on the water side as are the majority of such 
condensers. The tubes are usualiy 22 to 26 ft in length with support 
plates through which all the tubes pass, since the steam travels in cross­
flow. The lower portion of the bundle is separated to permit the cooling 
of the air-vapor mixture which leads to the vacuum apparatus. This is 
usually an air jet pump as discussed in Chap. 14. Since the steam con­
denses isothermally, the LMTD in crossflow is identical with that for 
counterflow. The method of calculation outlined in the remainder of 
this chapter is in agreement with the recommended practices of the Heat 
Exchange Institute, whose member companies include the larger manu­
facturers of surface condensers. 

Definitions. There are a number of definitions which apply to surface 
condensers. The more important are given here: The steam load is 
expressed in pounds per hour of steam having an assumed heat rejection 
to the cooling water of 950 Btu/lb. When used in connection with the 
exhaust of a steam engine the rejection is taken as 1000 Btu/lb. The 
condenser vacuum is the difference between atmospheric pressure and the 
pressure measured at the steam inlet and is expressed in in. Hg at a 
temperature of 32°F. The absolute pressure in a condenser is the differ-

. ence between the barometric pressure and condenser vacuum and is 
expressed in in. Hg abs. The heat head is the difference between the 
inlet circulating water temperature and the temperature corresponding 
to the absolute pressure at the steam inlet to the condenser, Ts. The 
temperatura rise refers to the circulating-water temperatures t2 - t1, and 
the terminal difference is defined as T s - t2. 

Since the condensate is also under vacuum, it collects in a hot well 
at the bottom of the condenser and requires pumping out. The conden­
sate depression is the difference between the temperature of the condensate 
in the hot well and the temperature corresponding to the absolute pressure 
of the steam at the inlet to the condenser. It is the actual number of 
degrees the condensate is subcooled, and must be maintained within close 
limits since subcooling reduces the saturation pressure and hence the 
suction pressure on the intake of the condensate pump, reducing its 
performance. It is also customary to compute the total surface in a 
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surface condenser using the tube length between the facing sides of the 
-tube sheets instead of the overall tube length. This is equivalent to the 
effective surface described in Chap. 7. 

There are several conventions employed in surface condensers which 
are rarely violated. Surface condensers are seldom designed to operate 
at an absolute pressure below 0. 7 in. Hg abs with a terminal difference of 
less than 5°F, with a dissolved oxygen content in the condensate of less 
than 0.03 cm3jliter, or with a steam loading [not to be confused with G' 
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Fw. 12.28. Overall coefficients in surface condensers. (Heat Exchange InstitUte.) 

or G11
, lb/(hr)(lin ft)) exceeding 8lb/(hr)(ft2). Water velocities of less 

than 3 fps are not used. The quantity of air which leaks into the system 
must be estimated for the design of the air pump whether a mechanical 
pump or a jet-type ejector is used. The Heat Exchange Institute gives 
a graph of overall clean heat-transfer coefficients to be used as shown in 
Fig. 12.28 and with the maximum loading of 8 lb/(hr)(ft2) of steam con­
densed when the inlet water is at 70°F. The clean overall coefficient foi: 
different tube diameters and a loading of 8 lb/(h:r)(ft2) can also be 
obtained by 

Uc = CtVV (12.53) 

where C, is a constant as shown in Fig, 12,28 for each tube outside diam­
eter and V is the water velocity in feet per second. Dirt factors are 
defined as a percentage of the clean overall coefficients called the cleanli-
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n;essfactor. Thus a cleanliness factor of 85 per cent means that the design 
overall coefficient will be 85 per cent of the clean overall coefficient. The 
design overall coefficient U D for a loading of 8lb/(hr)(ft2) and inlet water 
temperature of 70° is 

UD = CC!Ct .yv 
And the coefficient for any other loading and temperature is 

UD = CLCTCciCtv'V 

(12.54) 

(12.55) 

where CL is the loading correction equal to -\lloading/8 and CT is the 
temperature correction. 

Surlace Condenser Calculation. The condenser pressure-drop calcula­
tion is far more complex than for previous types of equipment and hinges 
very greatly upon the geometric design of the surface condenser. There 
is no published correlation between the pressure drop of condensing steam 
in crossflow and radial pitch, and the calculations performed here deter­
mine the surface requirt:Jd for the heat load without layout refinements. 
The calculations, however, permit the evaluation of a condenser for 
conditions other than those for which it. was designed. 

The pressure drop on the tube side is conventionally determined by a 
formula of the Williams and Hazen type using a constant of 130, so that 

V1.84 
t:.Pt = 0.0067 dl.l6 (12.56) 

where V = water velocity, fps 
d = tube ID, in. 

It differs somewhat on the unsafe side from Eq. (7.45) at velocities of 
6 fps and less but agrees very closely at velocities approaching 10 fps. 
The return losses suggested by the Heat Exchange Institute correspond 
to less than the four velocity heads given by Eq. (7.46). The relation­
ships for the condenser are 

Q = w1(t2 - t1) = 500G.(t2 - tr) 

where G. are the gallons per minute and multiplication by 500 gives the 
flow in pounds per hour. 

t _ T Ts- t1 
2 

.,.. s - antilog UA/(2.3 X 500Go) 

(12.57) 

(12.58) 
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The outlet temperature of the water tz depends upon gallons per minute 
circulated G. or the velocity V. But U is also dependent upon V. 
Equation (12.58) can be solved directly for t2, since 

A= La"Ne 

where a" are the square feet of external surface per foot of tube length and 

UA U La"Nen 0.00279ULna" 
2.3 X 500G. = 2.3 X 500 7.5 X 60V(a:/144)Ne = Va; 

and 
t _ T _ . Ts- t1 

2 
-

8 antilog 0.00279 ULna" /Va~ 
(12.59) 

Example 12.7. Calculation of a Surface Condenser. A steam turbine exhausts 
250,000 lb/hr of steam at a pressure of 1.5in. Hg. Cooling water is available at 70~F. 
A preference has been designated for the use of U in. OD, 18 BWG tubes and a cleanli­
ness factor of 85 per cent. 

To permit estimation of the cost of thE! condenSer on the basis of dollars/ft2, how 
much surface will be required and what will be the operating quantity and range of the 
cooling water? 

Solution. Assume the maximum loading of 8 lb/(hr)(ft2) and a water velocity of 
7.5 fps. 

Cc1 = 0.85 Cr = 1.0 CL = 1.0 
UD = Cc,CrCLC< VV (12.55) 

= 0.85 X 1.0 X 1.0 X 263 v'7:5 = 612 

A = 250~00 = 31,250 ft 2 

The necessary outlet terminal water temperature will be 

Ts- It 
t2 = Ts- , 

antilog 0.000279 X ULna"/Va 1 

(12.59) 

For a.% in. OD, 18 BWG tube, a" = 0.229 ft2/ft, ID = 0.777 in., and a; = 0.475 in.1 

(computed from Table 10). 

Ts "" 1.5 in. Hg = 91.72"F 

Since this will be a relatively large condenser, assume a maximum tube length of 
26'0" and two tube passes. 

72 91.72 - 70 8 o·F 
t2 = 91. - antilog (0.000279 X 612 X 26 X 2 X 0.229)/(7.5 X 0.475) = 5·9 

The circulation rate is 
250,000 X 950 

G. = (85.90 - 70) X 500 = 29•800 gpm 

Individual Film Coefficients for Steam Condensers. The method of 
calculating surface condensers has been based on the use of overall coeffi­
cients instead of individual coefficients. Individual coefficients are diffi-
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cult to obtain from direct experimentation but can be computed from the 
overall coefficients. Unlike condensers employing organic vapors, the 
condensing coeffiCient for steam is considerably greater tha,n that for the 
water, and under these circumstances the tube metal resistance is a 
sufficiently sizable portion of the total resistance to require inclusion in 
the calculation. For a clean tube the overall coefficient of heat transfer 
may be equated thus: 

and for a dirty tube: 

\vhere R. is the resistance of the condensing vapor, Rm is the resistance 
of the tube metal, and R,. the resistance of the water in the tubes, all 
based on the tube outside diameter. Wilsoni has shown that the sum of 
the first three resistances for a series of tests is essentially constant and 
that Rw is the controlling resistance. Furthermore, the film coefficient 
for water in tubes is proportional to the 0.8 power of the velocity through 
the tubes, R, can then be replaced by 1ja1V0•8, and the equations above 
can·be rewritten with ao and a1 constants. 

1 1 
U = ao + alvo.s (12.60) 

A plot of 1/U vs. 1/V0·8 on rectangular coordinates should yield a 
straight line permitting the evaluation of both constants a0 and a1• a0 

is actually the intercept for an infinite water velocity, and when the metal 
and dirt resistances are subtracted, the true value of. the condensing 
coefficient can be obtained. 

PROBLEMS 

12.1. 62,000 lbjhr of pure ethyl alcohol at 2.0 psig is to be condensed by water from 
85 to 120°F. A dirt factor of 0.0!)3 should be provided. A pressure drop of 2 psi is 
allowable for the vapor and 10.0 for the water. 

Calculate the required siZe of a 1-2 horizontal condenser using 1 in: OD, 14 BWG 
tubes 16'0" long on 13·(-in. triangular pitch. 

12.2. Using the data of Frob. 12.1 calculate the size of a 1-2 vertical condenser 
required to fulfill the conditions. 

12.3. Using the data of Prob. 12.1 ca.lculate the size of a 1-1 vertical condenser with 
condensation in the tubes~ 

1 Wilson, R. E., Trans. ASME, 3'1, 47 (1915). 
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12.4. 24,000 lb/hr of nearly pute methyl ethyl ketone vapor at 2 psig (boiling point 
180°F) is to be condensed and cooled to 160°F by water from 85 to 120•F. Pressure 
drops of 2.0 psi for the vapor and 10.0 for the water are permissible, 

Available for the service is a 25 in. ID 1-2 horizontal condenser with 468% in. OD, 
16 BWG tubes, 16'0" long arranged for four passes on 1~6-in. triangular pitch. 
Baflles are spaced 25" apart. 

(a) W}lat is the true temperature difference? 
(b) What are the dirt factor and the pressure drops? 
12.5. For the data of Prob. 12.4 calculate the true temperature difference ~nd size 

of a horizontal 1-2 condenser-subcooler required to fulfill the conditions using %in. 
OD, 16 BWG tubes 12'Q"long on 1X6·in. triangular pitch with a dirt factor of 0.003. 

12.6. 50,000 lb/hr of ethyl acetate at 35 psig (boiling point 248°F) enters a hori-
zontal1-2 desuperheater-condenser at 300°F and leaves at 248°F. Cooling is effected 
by water from 85 to 120•F. 

Available for the service is a 27 in. ID 1-2 condenser containing 432% in. OD, 16 
BWG tubes 12'0" long arranged for four passes on l-in. square pitch. Baffles are 
spaced 24 in. apart. 

Calculate the true temperature difference and 'the dirt factor and pressure drops. 
12.7. 57,000 lbjhr of nearly pure hexane enters the shell of a vertical1·2 condenser 

at 5 psig and 22o•F. The condensing range is from 177 to 17o•F, at which temper~ 
ature it goes to storage. Cooling water is used between 90 and 120°F. 

Available for the service is a 31 in. ID condenser containing 650 %in, OD, 16 BWG 
tubes 16'0" long on four-pass layout using l-in. triangular pitch. Baffles are spaced 
18 in. apart. 

Calculate the true temperature difference, the dirt factor, and the pressure drops. 
12.8. 59,000 lb/hr of a mixture of light hydrocarbons, principally propane, enters a 

1-2 horizontal condenser at the initial condensing temperature of 135°F at 275 psig. 
The condensing range is from 135 to 115"F, at which temperature 49,000 lb/hr is con­
densed by cooling water from 90 to 110. The remainder of the condensation occurs 
with refrigerated water. 

Available for the service is a 37 in. ID 1-2 horizontal condenser with 1100 %: in. 
OD, 16 BWG tubes 16'0" long arranged for four passes on 1~6-in. triangular pitch. 
Baffies are spaced 36 in. apart. 

Wha.t is the dirt factor, a.nd wha.t a.re the pressure drops? 

At 
A a 
a 
a" 
a, 

I a, 
ao, at 
B 
c 
Cor, CT, CL 
c, 

NOMENCLATURE FOR CHAPTER 12 

Heat-transfer surface, ft2 

Heat-transfer surface for condensation, desuperheating, and sub-
cooling, respectively, ft2 

Cross-sectional area of a film, ft2 

Total clean heat-transfer surface, ft 2 

Flow area, ft 2 

External surface per linear foot, ft 
Submerged cross section of shell, ft2 

Flow area per tube, in. 2 

Constants 
Baffle spacing, in. 
Specific heat of hot fluid in derivations, Btu/(lb)(°F) 
Cleanliness, temperature, a.nd loading factors, dimensionless 
Tube factor, dimensionless 



C' 
c,, o~, o, 
c 
D 
D, 
D, 
d 
d, 

f 
G 
G' 
(]" 
Go 
g 
g' 
h, h;, h. 

jH 
k 
L 
L, 
LMTD 
1n 

N 
n 
N, 
p 

PT 
AP 
APT, AP,, AP, 
AP, 
Q 
Q. 
Qc, Qd, q$ 

rn 
Re 
8 

T, T,, T 2 

CONDENSATION OF SINGLE VAPORS 

Clearance between tubes, in. 
Constants 
Specific heat of cold fluid, Btu/(lbWF) 
Inside diameter of tubes, ft 
Outside diameter of tubes, ft 
Equivalent diameter for heat transfer and pressure drop, ft 
Inside diameter. of tubes, in. 
Outside diameter of tubes, in. 
Friction factor, ft 2/in. ~ 
Mass velocity, lb/(hr)(ft2) 

Condensate loading for vertical tubes, lb/(hr)(ft) 
Condensate loading for horizontal tubes, lb/(hr)(ft) 
Circulating water rate, gpm 
Acceleration of gravity, ft/hr2 

Accelera.tion of gravity, ft/sec 2 
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Heat-transfer coefficient in general, for inside fluid, and for outside 
fluid, respectively, Btu/ (hr) (ft2) (°F) 

Value of h; when referred to the tube on. Btu/(hr)(ft2)(°F) 
Condensing film coefficient at a distance x from the top of the tub~ 

Btuj(hr) (ft2) (°F) 
Condensing film coefficient at angle a•, Btu/(hr)(ft2)(°F) 
Average value of the condensing film coefficient between two poini'l, 

Btu/(hr)(ft2)(DF) 
Factor for heat transfer, dimensionless 
Thermal conductivity, Btu/ (hr) (ft2) (°F /ft) 
Tube length, ft 
Tube length exposed to condensation, ft 
Log mean temperature difference, •F 
A constant 
Number of shell-side baffies 
Number of tube passes 
Number of tubes effective for condensation 
Perimeter, ft 
Tube pitch, in. 
Pressure drop in general, psi 
Total, tube, return pressure drop, respectively, psi 
Pressure head of condensate, psi 
Heat flow, Btujhr 
Heat flow at distance x from top of tube, Btu/hr 
Heat flow for condensation, desuperheating and subcooling respec­

tively, Btu/hr 
Combined dirt factor, (hr)(ft2)(°F)/Btu 
Resistance of condensate film, tube metal, and water, respectively, 

(hr) (ft2) (°F) /Btu 
Radius of tube, ft 
Hydraulic radius, rn "= flow a.rea/wetted perimeter, ft 
Reynolds number, dimensionless 
Specific gravity, dimensionless 
Temperature in general, inlet and outlet of hot fluid, respectively, 

OF 



312 

t~ 

t. 
It, t., 
t' 
At 
(At)., (~t)a, (At.) 

u., u., u. 

u 
;z 
v 
w 
W' 
w 
w' 
z, z' 
z. 

y, y' 
z 

"' 
X 

J.' 
p,' 
p,,. 

p 
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Average temperature of hot fluid, °F 
Caloric temperature of hot :fluid, °F 
Steam temperature, oF 
Cold-fiuid temperature in general, inlet, and outlet, respectively, 

oF 
Average temperature of cold fluid, °F 
Caloric temperature of·cold fluid, °F 
Temperature of film and tube wall respectively, °F 
Temperature at outer surface of condensate film, °F 
True temperature difference in Q = U DA At, °F 
True or fictitious temperature difference for condensation, desuper­

heating, and subcooling, respectively, °F 
(T.- t..)/2, °F 
Overall coefficient of heat transfer, clean coefficient, and design 

coefficient, respectively, Btu/(hr)(ft2)("F) 
Clean overall coefficient for condensation, desuperheating, and 

subcooling respectively, Btu/(hr) (ft') (°F) 
Film velocity along axis of tube, ft /hr 
Average film velocity, ft/hr 
Velocity, fps 
Weight flow in general; weight flow of hot fluid, lbjhr 
Rate of condensation, lb/(hr)(ft•) 
Weight flow of cold fluid, lb/hr 
Rate of condensation per tube W jN,, lb/(hr)(tube) 
Length of film, ft 
Distance from top of tube at which change from streamline to 

turbulent flow occurs, ft 
Width of film, ft 
Distance, ft; height of a hydrostatic leg, ft; a synthetic function 
Angle of tube, deg 
Latent heat of condensation or vaporization, Btujlb 
VIScosity, centipoises X 2.42 = lb/(ft)(hr) 
VIScosity, centipoises 
Viscosity at tube-wall temperature, centipoises X 2.42 = lb/(ft)· 

(hr) 
Density, lb/fta 
.Tangential stress, lb /ft1 

Viscosity ratio, (p,fp,.,) 0•14, dimensionless 
A function 

Subscripts (except otherwise noted) 

c 
I 
l 
3 

v 

Condensate, condensing 
Film or film temperature 
Liquid 
Shell side 
Vapor 
Tube side 



CHAPTER 13 

CONDENSATION OF MIXED VAPORS 

Introduction. In the preceding chapter it was assumed that the con­
densing vapor consisted of a pure or substantially pure compound which 
condensed isothermally. If the vapor was mixed with another com­
pound having a slightly different boiling point, the mixture condensed 
over a small condensing range. It was further assumed that, where 
there was a condensing range, the latent heat of condensation was trans­
ferred to the cooling medium uniformly over the entire condensing range. 

However, consider a mixture of two diverse fluids having a condensing 
range of 100°F. In order to effect the first 10 per cent reduction in the 
vapor temperature it may be necessary to remove 50 per cent of the total 
heat load from the vapor mixture, since the less volatile component con­
denses more rapidly as the vapor temperature is reduced. Previously, in 
using the LMTD for condensing vapors in counterflow it was assumed 
that during the first 10 per cent reduction in the vapor temperature only 
10 per cent of the heat was removed. The substitution of the logarithmic 
mean for the true temperature difference based on assumed uniform con­
densing characteristics for the vapor mixture may lead to a conservative or 
an unsafe value of t::.t and the selection of the wrong condenser. The prob­
lems imposed by the condensation of a vapor mixture do not end there. 
Depending upon the nature of the mixture, the average condensing coeffi­
cient ii may not remain constant throughout the condensing range and 
may vary greatly with the composition of the vapor mixture as the less 
volatile components are condensed. The latter is particularly true of a 
mixture consisting of a vapor and a noncondensable gas, such as steam 
and air. 

The Phase Rule. 1 The different types of vapor mixtures may be 
studied qualitatively through the use of the phase rule of J. Willard Gibbs. 
Phases are defined as homogeneous amounts of matter in the solid, 2 liquid. 
or gaseous form which are distinguishable from each other by the presence 
of an interface between any two phases. A vapor is the coexistence of a 
gas and a liquid and, like any boiling liquid and its vapor, consists of 
two phases. 

t The treatment of the- phase rule is simplified here for the particular applications 
in this book. 

t In nonthermodynamic texts these are frequently referred to as states. 
313 
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There are many organic chemical compounds which are not soluble in 
water, forming immiscible mixtures with it. If a cylindrical vessel is 
filled to the top with a mixture of pentane and water, an interface appears 
between the water on bottom (q = 1.0) and the pentane on top (s = 0.8) 
and the system contains two liquid phases. While agitation may be used 
to disperse the water into the pentane layer as droplets, it does not affect 
the number of phases, since only the nature of the interface is of conse­
quence and not its shape. On the other hand, a mixture of two gases 
readily forms a homogeneous mixture in a vessel, and as in all gas mix­
tures, all the gaseous compounds form but one phase. An interesting 
relationship is obtained if a mixture of water and pentane is brought to a 
boil in an enclosed vessel: There is a mixture of pentane and water in the 
gas phase and two liquid phases, so that the bounded matter or system 
consists of three phases. 

Suppose a mixture of two mutually soluble or miscible compounds is 
olaced in an insulated vessel at its boiling point as shown in Fig. 13.1. 

FIG. 13.1. Equilibrium vessel. 

If the vapor and liquid are in equi­
librium, no heat can escape and the 
system continues to vaporize and 
condense indefinitely. The boiling 
point of the system is related to the 
total pressure of the system as well 
as the ratio of the two compounds 
in the original liquid. Assume next 
that it is desired to change the pres­
sure on the system. Does the liquid 

still continue to boil at the same temperature if the enthalpy remains 
constant? Do the chemical compositions of the vapor and liquid phases 
remain the same? If these questions can be answered, it is possible 
without running experiments to determine whether or not a given mixture 
condenses isothermally. If condensation is isothermal, the true tempera­
ture difference may be taken as being identical with the LMTD. H 
condensation is not isothermal, then other methods must be applied for 
the calculation of the true temperature difference, the commonest of 
which will be developed later in this chapter. 

Gibbs1 formulated a rule to determine the number of independent 
variables pertaining to a system in equilibrium which must be specified 
for the number of phases to be fixed permanently. Thus if a system con­
sists of several phases in equilibrium, what conditions in the original 
system can be varied while keeping the kind (compositions) and number 

t Gibbs, J. W., Trans. Conn. Acad. Arts Sci., III, 108-248 (1876). 
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of phases from changing? Changes in the relative sizes of the phases are 
of no consequence. The numbers of variables, such as the temperature, 
pressure, and compositions of the system, which the process engineer is 
free to fix so as to fix the number and kinds of phases permanently are the 
degrees of freedom (of selection). Sometimes it is possible to fix the num­
ber of phases in a system by simply fixing the pressure. This is true of a 
pure boiling fluid such as water. If it is desired to boil water by estab­
lishing a gas and a liquid phase, can it be done und.er any combination of 
pressure and temperature the engineer desires to fix? If the pressure is 
regarded as a degree of freedom, since it may be freely and independently 
chosen, and it is fixed at 14.7 psia, it suffices to fix all the conditions for 
the existence of the two phases. But the temperature may not be freely 
and independently chosen, since it is not an independent variable but in 
the equilibrium system it is a property dependent upon the saturation 
(pressure) curve of the liquid. It is consequently not possible to have 
the water present in two phases at a pressure of 14.7 psia at any other 
temperature than 212°F. 

The boiling of a single compound is a relatively simple matter. If 
several compounds are mixed together, it is considerably more difficult to 
determine how the compositions, pressure, and temperature serve to fix 
permanently the number and kinds of phases in the original system. 
Gibbs's phase rule allows the rapid determination of the number of 
degrees of freedom in systems of greater complexity. The phase rule is 
written 

F=C-P+2 (13.1) 

where F is the number of degrees of freedom, C the number of individual 
chemical compounds or chemical substances in the system, and P is the 
number of phases. Nothing in the phase rule determines how many 
phases will result from the admixture of any particular group of chemical 
components. The number of phases which a group of chemical com­
pounds may form in a boiling system must be known beforehand from a 
knowledge of the miscibility or immiscibility of the components as liquids 
plus the addition of one gas phase into or from which vaporization and 
condensation may occur. This information can be obtained from the 
solubility tables included in chemical handbooks. 

Applications of the Phase Rule. There are nine common types of 
vapor mixtures encountered in heat transfer, and these are given in Table 
13.1. To demonstrate the use of the phase rule for determining the 
isothermal or nonisothermal nature of the condensation of a vapor mix­
ture in a condenser three of the types will be illustrated. It is agair.. 
emphasized that, in ordinary process design, condensers operate at sub-



316 PROCESS HEAT TRANSFER 

TABLE 13.1. COMMON CONDENSATION REQUIREMENTS 

Degrees Tempt diU"-
Case Type of components Example of ing con-

freedom densation 

1 Pure vapor Water 1 Isothermal 
2 Two miscible Butane- 2 Decreasing 

pentane 
3 n-Miscible Butane-pen- n* Decreasing 

tane-hexane 
4 Vapor and noncondensable Steam-air 2 Decreasing 
5 n-Miscible + noncondensable Butane- n+l Decreasing 

pentane-a-ir 
6 Two immiscible Pentane-steam 1 Isothermal 
7 n-Miscible + one immiscible Butane-pen- n Decreasing 

tane-steam 
8 n-Immiscible + noncondensablc Pentane- 2 Decreasing 

steam-s.ir 
9 n-Miscible + one immiscible + non- Butane- n + 1 Decreasing 

condensable pentane-
steam-air 

* Where there are more than three degrees of freedom, the additional degrees represent coneentratio,. 
which must be fu:ed. Thus a mb:ture of butane, pentane, and hexane requires fixing not only tho butane 
in relation to hexane but also the amount of pent&ne in relation to hexane. 

t For constant-pressure processes. 

stantially constant pressure and that one degree of freedom is usually 
fixed by the operating pressure of the process. 

For the analyses below reference should be made to Fig. 13.2 which 
shows the inlet end of a condenser. Directly under the inlet nozzle at 

II 
ITI 
I L-c ----l---.----

1 

I 
I 

z' 

1-1' the inlet temperature is T1, and at 
another section such as 2-2', after par­
tial condensation has occurred, the 
temperature is designated as T 2, which 
may or may not be identical with T1• 

When a vapor is to be condensed, it is 
convenient to consider condensation 
as the transfer of material between 
a gas phase and one or more liquid 
phases. Since tJondensation occurs 
because the heat-transfer surface is 

FIG 13 2 Conditions at condenser 
inlet. • • below-the dew point of the vapor, it is 

proper to assume that the heat-trans­
fer surface directly under the inlet nozzle is wet and supplies the liquid 
phases immediately after the vapor enters the condenser. 
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Case 2. Condensation of a Mixture of Two Miscible Components. 
Example: Butane-pentane. 

F=C-P+2 
=2-2+2=2 (2 deg of freedom) 

At the inlet to the condenser the pressure Pt and the composition Ct of 
the vapor are fixed by the process operation preceding the condenser such 
as distillation. The system is completely defined by the process which 
has already fixed the two degrees of freedom Pt and Ct, and T1 at 1~11 is 
fixed therefore as a dependent variable as in the case of water boiling 
at 14.7 psia. Between 1-1' and 2-2' heat is removed and with it a quan­
tity of the high-boiling compound and a lesser quantity of the low-boiling 
compound condense into the liquid phase. The composition C2 of the 
vapor at 2-2' differs from C1 at 1-1', the vapor being leaner in the high­
boiling compound. Apply the phase rule again at 2-2'. There must 
still be two degrees of freedom, since it is desired to retain the same 
number of phases. The pressure is constant at Pt, but the composition 
has changed to C2. According to the laws governing vapor-liquid equi­
librium, the temperature T2 at Pt, C2 cannot be the same as Tt at Pt, Ct, 
since the latter is a point on a vapor-liquid equilibrium line just as 212°F 
and 14.7 psia is a point on the equilibrium line for water. The tempera­
ture of condensation must consequently vary from 1-1' to 2-2', and the 
condensation is not isothermal. 

Case 4. Condensation of a Vapor from a Nonc<Jndensable Gas. Exam­
ple: Steam-air-water. 

F=2-2+2=2 (2 deg of freedom) 

The operating pressure is fixed, and C1 is fixed at the illiet to the condenser 
by the ratio of steam to air in the inlet gas. Since two degrees of freedom 
p1 and C1 are fixed, the temperature T1 is again a dependent variable at 
1-1'. Moving along to 2-2', where the pressure on the system is still p 1, 

some of the steam is condensed while the gas is not condensed and a new 
composition C2 results. The temperature T2 for Pt, C2 must differ from 
T1 at p1, C1 for the same reason as before. The temperature at 2-2' or 
any other point is actually the dew point for the mixture remaining in 
the gas phase and varies from the inlet to outlet as the composition of 
the vapor phase changes. Condensation is not isothermal. 

Case 6. Condensation of a Mixture of Two Immiscible Components 
Example: Pentane-steam-water. 

F=2-3+2=1 (1 deg of freedom) 
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The condensate consists of two liquid phases. With but one degree of 
freedom the system is completely fixed at 1-1' by selecting the operating 
pressure p1• The temperature T1 then corresponds to Pt· At 2-2' the 
pressure is the same, p1, and since this fixes the system, T2 and Tt must 
be identical, both being dependent upon Pt· Condensation is isothermal. 

1. CONDENSATION OF A BINARY MIXTURE 

Vapor-liquid Relationships. In the derivation of the Nusselt equation 
for a single component it was assumed that the rate at which the vapor 
enters the condensate film is nearly infinite. A vapor entering a con­
denser at its saturation pressure condenses because the surface is at 11 

temperature below its dew point or saturation temperature. The rate 
at which the vapor passes from the vapor phase to the liquid phase, how­
ever, is dependent upon the mechanism of diffusion. This means that, 
if the temperature of the condensa.te film is lower than the saturation 
temperature of the bulk of the vapor, the pressure of the component at 
the condensate film is less than that of the vapor and a pressure differential 
is established. The direction of the differential promotes the flow out 
of the vapor phase. 

In the condensation of a binary mixture the problem of diffusion is 
slightly more involved, although it does not produce a significant resist­
ance in series with the resistance of the condensate film. In a binary 
mixture unless it is a constant boiling mixture such as 95 per cent ethanol­
water, the higher boiling component condenses in greater proportion near 
the condenser inlet. The rate of condensation of both components is 
related to their individual pressure differentials between the bulk of the 
vapor and the condensate film. Colburn and Drew1 pointed out that the 
ratio of the partial pressures exerted by the condensate film for a binary 
mixture is dependent upon the temperature of the film, which in turn is 
related to the temperature of the cold surface and the cooling water 
range. Thus for a given binary mixture entering a condenser not only 
the overall rate but also the chemical composition of the condensate are 
influenced by the temperature of the cooling water. This is not of par­
ticular concern in the total condensation of a vapor, but it can influence 
the composition of the product from a partial condenser. Colburn and 
Drew give equations for calculating the composition and temperature at 
the vapor-condensate interface for binary mixtures. It is customary, 
however, to assume the temperature of the condensate at the vapor-liquid 
interface to be the same as that of the vapor. 

In the condensation of the overhead vapor coming from a binary dis-
1 Colburn, A. P.1 and T. B. Drew, Tram. AIChE, 33, 197-215 (1937). 
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tillation the vapor is almost entirely composed of the more volatile com­
ponent and the presence of the second component establishes a condensing 
range as predicted by the phase rule. The second component, being less 
volatile, condenses more rapidly near the inlet than the outlet. It is 
conceivable, then, for a binary mixture with a condensing range of 20°F 
that the higher boiling component comes out in greater proportion during 
the first 10° than it does during the second 10°. SimHarly, more of the 
heat may be removed from the vapor in the second 10° than in the first. 
The use of the LMTD is slightly in error on the unsafe side in the case 
of binary overhead vapors, although the size of the error does not usually 
justify its rejection. Where a number of compounds are contained in 
the overhead vapor as in multicomponent distillation, the temperature 
range and the distribution of the heat transfer differ greatly from the 
straight-line relationship of Q vs. t on which the LMTD is predicated. 
Methods of treating multicomponent mixtures are dealt with in the next 
section. 

Film coefficients for the transfer of heat by condensation from binary 
mixtures may be treated in the same manner as heretofore for a single 
vapor using the weighted film properties of the mixture. 

2. CONDENSATION OF A MULTICOMPONENT MIXTURE 

Vapor-liquid Relationships in Mixtures. The phase rule has been 
used only qualitatively, but it is important for the identification of the 
various types of mixture problems. Except in binary mixtures or mix­
tures of several compounds whose boiling points in the pure condition do 
not differ greatly, the condensation of the vapor mixture occurs over a 
long temperature range. The fraction of the total heat load delivered 
during a fractional decrease in the vapor temperature need not be uniform 
over the entire condensing range, and this invalidates the use of the 
logarithmic mean alone or FT X LMTD in the case of a 1-2 condenser. 
The solution of such problems requires the determination or calculation 
of the conden8ing curve for the mixture. 

When a single vapor is in equilibrium with its liquid, the vapor and 
liquid have the same composition. For a mixture some of the compo­
nents are more volatile than others (except in constant-boiling mixtures) 
and the vapor and liquid in equilibrium have different compositions, the 
percentage of the more volatile components being greater in the vapor. 
The following discussion applies particularly to mixtures which form ideal 
soluticns, although suggestions for its application to nonideal solutions 
are included. 

An ideal solution is one in which the presence of the several components 
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has no effect upon the behavior of each and which is governed by Dalton's 
and Raoult's laws. For such a system Dalton's law states that the total 
pressure is the sum of the partial pressures in the phase above the liquid 
solution. Raoult's law states that the partial pressure of a component 
in the phase above a liquid solution is equal to the product of its pressure 
as a pure component and its mol fraction in the solution. The latter is 
not true of nonideal solutions in which the presence of the various com­
ponents tends to reduce the partial pressures of the othE'rs so that the 
total pressure is not the sum of the products of the mol fractnms and vapor 
pressures in the pure condition. Materials of an electrolytic or ionic 
nature deviate from the laws of ideal Rolutions to a great extent. For an 
ideal solution: 

Dalton's law: 

p, = Pt + P2 + Pa 
and Raoult's law: 

Pt = PcYt (13.2) 

(13.3) 

where p, is the total pressure, P1 the partial pressure of component 1, p111 

the vapor pressure of the pure component 1 at the temperature of the 
solution, Y1 the mol fraction of component 1 in the vapor phase, and x1 

the mol fraction of component 1 in the liquid. Subscripts 2, 3, etc., refer 
to other components. The mol fraction is the ratio of the number of 
mols of a single component to the total number of mols in the mixture 
and is sometimes abbreviated by mf. The mol per cent is the mol frac­
tion multiplied by 100. 

Solving Eqs. (13.2) and (13.3) for p1, 

(13.4) 
Rearranging, 

(13.5) 

Solutions which are ideal at moderate pressures appear to deviate from 
ideality at high pressures, each component tending in some degree to 
lower the pressure of the other. The total pressure is then no longer the 
summation of the partial pressures, and Eq. (13.5) is not valid. Fugaci-­
ties or corrected pressures, designated by the letter f, are therr introduced. 
The fugacities are the partial pressures of the compounds such that the 
various criteria of ideality may be retained, and their values originate 
with experimental pressure-volume-temperature studies on the actual 
chemical compounds. 

(13.6) 
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where j, replaces the total pressure p 1 

or 

Yl = fplXl 
f, 

K is called the equilibrium constant. 

321 

(13.7) 

(13.8) 

(13.9) 

When a mixture is in vapor-liquid phase equilibrium, the vapor pos­
sesses a greater percentage of the more volatile components than the 
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FIG. 13.3. Vapor pressure curves. 

liquid. It is possible from Eqs. (13.4) to (13.9) at any given total pres­
sure to calculate the mol fraction Y1 of the component in the vapor phase 
which may coexist with a mol fraction x1 of the same component in the 
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liquid phase. The vapor pressures of the pure components must be 
known at the temperature at which the vapor-liquid equilibrium is 
assumed to exist. Given butane, pentane, and hexane, as seen in Fig. 
13.3, the butane possesses the highest vapor pressure at any given 
temperature. If several mixtures of the three compounds are formulated 
with equal ratios of pentane to hexane, the one with the largest percent­
age of butane would start to boil most nearly at the boiling point of pure 
butane. Other mixtures having a preponderance of hexane boil nearer 
the boiling point of hexane. Any mixture of the three compounds starts 
to boil at an initial temperature higher than the boiling point of pure 
butane and lower than the boiling point of pure hexane, since boiling 
starts only when the sum of the partial pressures, P1 + P2 + Ps, is infini­
tesimally greater than the total pressure on the system. 

Boiling is presumed to start when the first bubble is forced out of the 
solution. This temperature is called the bubble point of the mixture, the 
term boiling point being reserved for a pure compound. If the mixture 
is boiled at constant pressure with a full expansion of the volume of vapor 
formed, the liquid phase does not disappear until the last droplet is 
vaporized. For the mixtures referred to above the last droplet consists 
mainly of hexane and it disappears at a higher temperature than that at 
which the initial bubble ()f the mixture formed. Upon complete vapor­
ization the composition of the total vapor is the same as the composition 
of the liquid before vaporization began. Conversely, if the equilibrium 
were to start with all the mixture in the vapor phase, the liquid phase 
begins with the formation of the first droplet of condensate which is 
identical in composition to the last droplet vaporized. The temperature 
of formation of the first droplet by heat extraction from the vapor phase 
is again called the dew point. The difference between the bubble point 
and dew point is the boiling range, which must exist for any miscible mix­
ture as predicted by the phase rule. 

Example 13.1. Calculation of the Bubble Point, Dew Point, and Vapor Composi­
tion of a Mixture. The following mixture is to be heated and vaporized at atmospheric 
pressure. What is the temperature at which boiling will start (i.e., the bubble point), 
and what is the composition of the first vapor formed? 

Compound Lb/hr 
Mol. 

Mol/hr mf 
wt. 

Butane, C,H10 ••••••••.... 1,625 58.12 28.0 0.077 
Pentane, C,H,. ............ 16,200 72.15 224.0 0.613 
Hexane, C.H,. ............ 9,750 86.17 113.0 0.310 

27,575 365.0 1.000 
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Solution: 

(a) Bubble point: At atmospheric pressure, p 1 = 14.7 psi = 760 mm Hg. 

p, = 760mm Assume T = 100°F Assume T = 96°F Assume T = 9JDF 

x,, mf ppl.!Oo"F P• = p,,x, p, •. 9."F P• = p,,x, PJJ1,517°F P• = p,,x, 
---

C,* 0.077 3,170 244 2,990 230 3,040 234 
c. 0.613 790 484 725 444 740 454 
c. 0.310 250 77.5 229 71 234 72.4 

1.000 P• = 2:p, = 805.5 745 760.4 
Too high Too low Check 

*The use of the letter C with a subscript is the usual abbreviation for a straight-chain organic. mole~ 
cule where the subscript indicates the number of carbon atoms. lf not straight-chain aS isobutane, the 
subscript designates the number of carbon atoms but the C is preceded by i-. Thus butane C ,, iso­
butane i--0,, :pentane C&, iaopentane i-Cr., etc. 

The composition of the fust bubble is found from Eq. (13.5), y 1 = p,,x, 
P• 

c. 234/760.4 = 0.308 
c. 454/760.4 = 0.597 
c 6 72.4/760.4 = 0.095 

1.000 

(b) Similarly at what temperature will the mixture start to boil if the system is under 
a pressure of 35 pBia and what will the composition be? P• = 35 psia = 1810 mm. 

Assume T = 150°F Assume T = 149°F 
x,,mf p,,x, -- =y, 

p,,,uo"F P• = p,,x, ppl,l<9°F P• = p,,x, P• 

--
c. 0.077 6100 469 6050 467 46J:i81o = 0.258 
c. 0.613 1880 1153 1850 1135 11371810 = 0.627 
c. 0.310 680 211 670 208 80!ii810 = 0.115 --

1.000 p, = 2:p, = 1833 1810 1.000 
Too high Check 

(c) Parts (a) and (b) may have been solved by Eqs. (13.6) to (13.9) from tabulated 
values of J,//1 which were computed from experimental data and are shown in Fig. 7 
in the Appendix. In Fig. 7 values of the equilibrium constant K are plotted for a 
number of hydrocarbons against temperature and pressure. It is, in effect, the vapor 
pressure curve for the 18 compounds indicated. Thus if a focal point of K = 1 is 
chosen for any compound, a line connecting pressure and temperature through K = 1 
gives the boiling temperature of the pure compound corresponding to any pressure. 
Since K = 1, from Eq. (13.8), fp/f, = 1, and the pressure of a pure compound!, or p, 
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must be identicJI.l with the total pressure f, or p 1 when there is no other fluid present. 
At 700mm or 14.7 psia the bubble point computed from the fugacity data represented 
by Fig. 7 will be higher than in (a) owing to the mutual reduction of partial pressures 
tesulting from nonideality. 

BUBBLE POINT 

Assume T = 95°F Assume T = lOO"F Assume T = 102°F 
x1, mf 

K.,"F y, = K,x, K, ... F y, = J(,z, Kto•"F y1 = K,x, 

-----
c, 0.077 3.13 0.241 3.35 0.258 3.45 0.266 
c, 0.613 0.92 0.564 1.00 0.613 1.02 0.625 
c. 0.310 0.30 0.093 0.335 0.104 0.35 0.109 

1.000 ~y. = 0.898 0.975 1.000 
Too low Too low Check 

(d) The use of K values gives y, directly and permits use of the total mol fraction of 
T.y 1 = 1.00 as the criterion for equilibrium. Similarly for 35 psia 

Assume T = 150°F Assume T = 153"F 
X1 

Kl5o'F Y• = K,a:, K,,,.F Y• = K,a:, 

--
c, 0.077 2.80 0.216 2.90 0.223 
c, 0.613 1.01 0.619 1.06 0.650 
c, 0.310 0.40 0.124 0.415 0.1285 ---

1.000 ~y. = 0.959 1.0015 
Too low Check 

(e) The temperature at which the liquid phase disappears if boiling occurs in an 
enclosed vessel is the temperature at which only the last droplet is left. But this is 
the same as the physical picture of the dew point when the first droplet is formed. 
The initial compositions are then the vapor mol fractions or y's, and for the liquid 
formed X1 = y!/K,. 

Dew point: At p, = 14.7 psia, 760 mm. 

Assume T = 130°F Assume T = 120°F Assume T = 123°F 

Y• 
Kuo'F 

y, 
Kuo'F. X1 = J/.!:.. K12a'F a:,= x: XJ = Kt K1 

--
c, 0.077 5.0 0.015 4.4 0.0175 4.60 0.0167 
c. 0.613 1.65 0.371 1.40 0.437 1.49 0.412 
Ca 0.310 0.62 0.500 0.51 0.608 0.545 0.568 ---

1.000 T.x = 0.886 1.062 0.9967 
Check 

The dew point is 123"F. 
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At P• = 35 psia 

Assume T = 174°F 

y, 
:z;l =1!1.. K174F K, 

--
c, 0.077 3.70 0.0208 
c. 0.613 1.38 0.444 
c. 0.310 0.58 0.533 ---

1.000 };:z; = 0.998 

The dew point is 174°F. 

The Operating Pressure of a Condenser. In Example 13.1 may be 
found the quantitative requirements for setting the operating pressure 
of a distilling column and condenser. If the condenser is operated at 
atmospheric pressure, the condensing range is from 123 to 102°F. The 
application of 1-2 condensers for these temperatures is not very satisfac­
tory when cooling water is available at 85°F, since the water temperature 
range must be kept small to prevent a large temperature cross above the 
102°F condensate outlet. It would be necessary for atmospheric pressure 
condensation to operate the condenser with a At of about 16.5°F with the 
use of a large- amount of water. If the distilling column pressure were 
raised to 35 psia, the range of condensation would be from 174 to 153°F. 
The cooling-water range could be from 85 to 120°F, and the At would be 
about 57°F, requiring approximately one-quarter as much surface as at 
atmospheric pressure. It must be realized, however, that raising the 
pressure on the column increases the column first cost and also the temper­
ature of the heating medium in the reboiler. The selection of the opti­
mum process operating pressure is a matter of economic analysis. The 
total annual operating cost for several pressures, which includes utilities 
and fixed charges, is plotted against operating pressure, the optimum 
occurring when the total annual cost is a minimum. 

Relative Volatilities. Another method of obtaining the composition 
during phase equilibrium is by relative volatilities. This method utilizes 
the principle that in a mixture of several components some are more and 
some are less volatile (have larger or smaller K's) than an intermediate 
compound. Although the K's may change greatly even over a small 
temperature range, the ratios of the equilibrium constants relative to 
each other remain nearly constant. By means of this premise it is pos­
sible to eliminate the successive trial-and-error calculation provided the 
first trial is reasonably close. For a three component system 

Y1 = K1x1 Y2 = K~2 Ys = Kaxa 
Y1 K1x1 Ys Kaxs 
1J; = K2X2 Y2 = K2x2 

(13.10) 
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K 1/K2 = a1-2 is the relative volatility of compound 1 to compound 2 and 
K 3/K2 = aa-2 is the relative volatility of compound 3 to compound 2. 

For vaporization: 

Relative to Y2 

Substituting, 

Rearranging, 

and since 

Y1 + Y2 + Ya = 1.00 

a1-2Xi 
Yl = 1iax 

X2 X1 - = a1-2-
Y2 Y1 

Y2 = Y2 

For condensation: 
X1 + X2 + Xa = 1.00 

Xl + 1 + ~ = _!_ 
X2 X2 X2 

~+l+~=l 
Y2 a1-2 Y2 aa-2 X2 

___)f2_ + 1 + ~ = _!_ 
Y2 a1-2 Y2 aa-2 X2 

X2 = Y2 
yda1-2 + Y2 + Ya/aa-2 

Yd a1-2 Y2 Ya/ aa-2 
X1 = ~y/a X2 = ~y/a Xa = ~y/a 

(13.11) 

(13.12) 

(13.13) 

(13.14) 

(13.15) 

(13.16) 

Example 13.2. Calculation of the Bubble Point and Vapor Composition by Relative 
Volatilities. As before, make the assumption that the bubble point is 95°F; which is 
considerably off. 

Bubble point: p, = 14.7 psia. Assume T = 95°F. 

Xt Ko&'F lX9!i°F a1Xi 
a1X1 y,=-
~ax 

c. 0.077 3.13 3.40 0.262 0.269 
c. 0.613 0.92 1.0 0.613 0.628 
c. 0.310 0.30 0.326 0.101 0.1035 

1.000 ~ax= 0.976 1.000 

K, =1!:. = (q,x,j~ax). = 0.628 = 1 025 
x. x. 0.613 . 
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Look up the temperature of C, in Fig. 7 corresponding to a K 2 of 1.025 and p1 = 14.7 
psia.. 

T = 102"F (Checks Example 13.1 on first trial) 

Dew point; P• = 14.7 psia. Assume T = 130"F. 

y, Kuo"F al3(1°F '!1.2. y,fa, 

"'' 
x, = "Z;y/a 

c. 0.077 5.0 3.03 0.0254 0.0175 
c. 0.613 1.65 1.00 0.613 0.419 
Ca 0.310 0.62 0.376 0.824 0.5635 

1.000 "Z;y/a = 1.462 1.0000 
K = ~ = I v/a = 0.613 = 146 2 x. y, ]:,yja. 0.419 . 

Look up the temperature of Cs corresponding to a K, = 1.46 and P• = 14.7 psia. 

K 2 = 1.46 T = 122°F 

The value computed from K values was 123°F, showing a small variation in the actual 
relationship of the volatilities. 

Calculation of Compositions between the Dew Point and Bubble 
Point. The calculation of dew points and bubble points from mol frac­
tions is usually an unnecessary step, and it is desirable to carry out multi­
component calculations on the total number of the mols directly. 

Since 

it is the same as 

where V1 is the :number of mols of a component in the vapor and L1 the 
number of mols of the component in the liquid. V and L are the total 
number of mols of vapor and liquid, respectively. 

At the dew point, 
(13.17) 

At the bubble point, 
Ll = Vt 

Kt 
(13.18) 

In an enclosed vessel at equilibrium at any temperature between the dew 
point and bubble point if Y is the original number of mols of vapor con­
sisting of Y1, Y2, and Y 3, etc., for each compound, the amount condensed 
is given by 

Y=V+L 
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where V is the total mols of vapor remaining and L is the total mols of 
liquid formed. Then 

and 

(13.19) 

To determine the mols condensed at any given temperature between the 
dew point and bubble point, assume a ratio of V /L and calculate by 
Eq. (13.19) the number of mols of liquid formed for the assumed value 
of V /L. If the ratio of the mass of vapor remaining to the mols of liquid 
formed does not check the assumed value of V /L, a new assumption must 
be made. 

Differential Condensation. The equilibrium in a condenser causes 
differential condensation. Consider a condenser as shown in Fig. 13.4 
divided into a number of condensing intervals as 0-0 to 1-1, 1-1 to 2-2, 
etc. At 0-0 there is perhaps one droplet of condensate, but in the zone 

0 

6 ao• 
J20° 

FIG. 13.4. Differential condensation in a condenser. 

from 0-0 to 1-1 considerable condensate is formed. At 1-1 there is now a 
layer of condensate, and the total mols of vapor plus condensate is the same 
as at 0-0, but the mols of vapor is less and its composition differs from 
the original feed. The equilibrium at 1-1 differs from the dew point 
in so far as there is now a definite number of mols of liquid present instead 
of one droplet. In the interval from 1-1 to 2-2 where a new equilibrium 
is established, the vapor is in equilibrium not merely with the liquid 
which has been formed by condensation during the interval but also 
with a liquid whose composition consists of all the precondensed liquid 
from previous intervals. The similarity between this behavior and that 
which occurs in a constant-pressure batch vessel can be demonstrated. 
lf L. are the total mols of liquid condensed in the zone 0-0 to 1-1 before 
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the zone from 1-1 to 2-2, £., the mols of component 1 condensed from 
0-0 to 1-1, and£' and£~ the total mols and mols of component 1 formedjn 
the zone from 1-1 to 2-2 in Fig. 13.4, then at 2-2 

V1 _ K L~ +L., 
V- 1 L' +L. 
v1 = Y1- L~ 

Yt - L~ _ K L~ + L., 
V - 1 L' + L. 

L ' _ y _ K V(Li + £.,) 
1- 1 1 L' + L. 

L' _ Y - K 1(V /L' + L.)L., 
1

- 1 + K1(VjL' + Lc) 
(13.20) 

At any point, however, L' + L. = L, L~ + Lc, = £1, and Eq. (13.20) 
reduces to Eq. (13.19). Figure 13.4 is obviously idealized and does not 
take into account the hydrodynamics of such a condensate layer. 

The Calculation of the Condensing Curve for a Multicomponent Mix­
ture. The calculation of the weighted temperature difference is depend­
ent upon the shape of the condensing curve which is a plot of vapor heat 
content vs. vapor temperature for the condensing range. The weighted 
temperature difference is then obtained by taking increments of the 
condensing range and computing the average temperature diffP.rence 
betweell. the vapor and water temperatures. From a practical .. tand­
point it is necessary to chooae only a :reasonable number of temperatures, 
since the solution of Eq. (13.19) is by trial and error. The best selection 
of the intervals should give equal increments of dQ/ !::..t or U A, but this is 
rather difficult to accomplish by inspection. It is usually helpful to 
observe whether the vapor to be condensed has fronts or tails. Tails 
indicate that for a high dew point the main portion of the vapor does not 
condense until a considerably lower temperature is reached. Thus in 
example 13.1 if a small number of mols of C9 or C1o was added to the mix­
ture, the dew point would be considerably higher than before although 
the major heat load removed by condensation would start only at the 
temperature which previously was the dew point or near 130°F at 14.7 
psia. With small amounts of C9 and C1o the temperature of the vapor 
would fall rapidly upon the removal of a small amount of heat. Sim­
ilarly in the case of fronts, the presence of the small amount of propane 
Ca reduces the bubble point, although the heat removal between the old 
and new bubble points would not necessarily represent a significant per­
centage of the total heat load removed in the condenser. 

The Weighted Temperature Difference. In the desuperheater-con­
denser and condenser-subcooler it was assumed that the counterflow 
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temperature differences could be applied over the entire length of the 
shell to obtain the weighted lit. In the case of a multicomponent mix­
ture, because it requires an integration. to obtain the weighted At, it is 
similarly very convenient to assume that the cooling medium is in counter­
flow with the multicomponent vapor even if a 1-2 condenser is employed. 
The percentage rise in the temperature of the cooling medium at any cross 
section of the shell is then taken as proportional to the percentage of the 
heat load removed from any condenser cross section to the exit. The 
weighted At is then the averaged temperature difference between the 
condensing curve (vapor heat content vs. T. plot) and a straight line 
representing the cooling medium. When a 1-2 condenser is employed, if 
the value of FT based on inlet and outlet temperatures is not very nearly 
1.0, the assumption above may not be admissible. If q is the heat load 
for an interval on the condensing curve, then the weighted lit is obtained 
from the total heat load Q divided by the summation of the values of 
qj lit..v where lit..v is the average temperature difference for the interval. 

Heat-transfer Coefficients for a M ulticomponent Mixture. When a 
multicomponent mixture is condensed, the condensing range between the 
dew point and the bubble point may be greater than 100°. The liquid 
which is formed near the inlet differs greatly in composition from that 
formed near the outlet and must be cooled to the bubble point at the end 
of the shell before it drains from the condenser. The film coefficient in 
the condenser differs somewhat from the Nusselt assumptions in that the 
first liquid to condense is the higher boiler and higher boilers in any 
homologous chemical series are more viscous than the lower ones. For 
vertical or horizontal tubes this means that the Reynolds number for the 
inlet portion of the tubes might well be lower than might be calculated 
using the mean properties of the total mixture for the condensate film. 
Nevertheless, to avoid the tediousness of an integration to determine the 
changes in ii due to changing liquid properties for differential changes in 
area dA, it is possible to use a method of averaging the inlet and outlet film 
coefficients. This can be done by using the mean properties of the mix­
ture, or, if there is a great difference in the characteristics of the conden­
sate between inlet and outlet, to calculate hat both terminals and take 
the mean. The compositions of the final condensate on the tubes of 
vertical and horizontal condensers condensing the same mixture are not 
identical, since the condensate is cumulative on vertical tubes. There 
appears to be little need, however, in view of the other assumptions which 
also apply, to take this into account except with viscous condensates. 

In either vertical or horizontal condensers it is helpful to consider, as 
in the development of Eq. (13.20), that the phase equilibrium at a cross 
section exists between the residual vapor and all the liquid formed up to 
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that point. In condensing a multicomponent mixture between its dew 
point and bubble point the vapor is cooled and the condensate formed at 
the inlet leaves at the temperature of the outlet, which may be colder by 
some 100°F or more. The vapor and condensate must be cooled sensibly 
as they travel the length of the shell, although this is not the same as 
desuperheating or subcooling, since it occurs concurrently with conden­
sation rather than in distinct zones. The clean surface required for 
condensation is frequently calculated from the entire heat load, the 
weighted At, and a value of UCJ••"• using h obtained from either of the two 
methods described above. The main problem of sensible-heat transfer 
appears to be in cooling the condensate rather than the vapor, since the 
vapor coefficient in the presence of condensation is quite high as discussed 
for steam in Chap. 12. One method of treating the sensible-heat transfer 
is to allow additional surface equivalent to the percentage which the 
sensible-heat load is to the total heat load. The sensible-heat-transfer 
surface is then an additional percentage of the condensing surface. This 
is equivalent to the use of a sensible-heat-transfer coefficient about one­
half the condensing coefficient. Another method is to compute conden­
sate cooling surface using the free-convection coefficient of about 50 but 
applied only to the average liquid cooling sensible-heat load. Actually 
both methods give about the same answer. The effectiveness of the 
surface required for sensible-heat transfer, and particularly for cooling 
the condensate, is assured by submerging all the additional surface 
allowance through the use of a loop seal or dam baffle as discussed previ­
ously. The overall clean coefficient is then the weighted coefficient based 
on the total clean surface. If the vapor enters above the dew point or 
condensate leaves below the bubbie point, the desuperheating and sub­
cooling zones are weighted along with the condensing zone as in Chap. 12. 

Example 18.3. Condenser Calculations for a Multicomponent Mixture. The 
overhead vapor from a distilling column operating at 50 psia contains only saturated 
hydrocarbons such as propane, butane, and hexane and has the following analysis: 

Lbjbr Mol/hr 

Ca 7,505 170.5 
04* 16,505 284.0 
Ca 4,890 56.8 
07 34,150 341.1 
Ca 32,400 284.0 

95,450 1136.4 

$A trace of c, has been combined half with c, and half with Co to simplify the ealoulation. 
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It is to be condensed in a 1-2 horizontal condenser using cooling water from 80 to 
120°F. Pressure drops of 2.0 psi for the vapor and 10.0 psi for the water should be 
adequate. A minimum dirt factor of 0.004 should be provided. Available for the 
service is a 33 in. ID 1-2 condenser having 774 % in. OD, 16 BWG tubes 16'0" long 
and laid out on l-in. triangular pitch. The bundle is arranged for four passes, and 
baffles are spaced, except at the inlet and outlet, 30 in. apart. 

(a) Determine the condensing range. 
(b) Compute the condensing curve. 
(c) Compute the weighted at. 
(d) Establish the suitability of the condenser. 
Solution. (a) Condensing range: This is the temperature spread between the dew 

point [Eq. (13.17)] and the bubble point [Eq. (13.18)]. 

Dew point: A.ssume T = 283°F Bubble point: Assume '1' = 120°F 

Vt Kt.at283°.F 
Vt Lt Ktat 120°F KtLt Kt 

c, 170.5 13.75 12.40 170.5 4.1 700 
c. 284.0 6.18 46.0 284.0 1.39 395 
c. 56.8 1.60 35.5 56.8 0.17 9.66 
c1 341.1 0.825 414. 341.1 0.06 20.44 
Cs 284.0 0.452 628. 284.0 0.023 6.54 

1136.4 1147.0 1136.4 1132.6 
Check Check 

Assume intervals at 270, 250, 230, 200, 160°, and the.dew point, and solve for V /L by 
Eq. (13.19) to obtain the condensation in each interval and from it the heat load for 
the interval. 

Range: 283 to 270°F 
Trial: Assume V /L = 4.00. 

Yt Ko1o" 
KtV 1 +KtV L Yt z;- L 1 = 1 + Kt(V/L) 

c. 
170.5 12.75 51.0 52.0 3.28 
284.0 5.61 22.4 23.4 12.13 

c. 56.8 1.40 5.60 6.60 8.60 
c. 341.1 0.705 2.82 3.82 89.3 
c1 284.0 0.375 1.50 2.50 113.7 
Cs 

1136.4 L = 'l:Lt = 227.0 

v = 1136.4 - 227.0 = 909.4 
V/L calculated = 1 4.00 
V /L assumed = 4. 00 Check 
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If the assumed and calculated values of V /L had not checked, a new value would 
have been assumed. A check in this type of calculation generally infers a variation 
of 0.01 or less as the ratio of V/L decreases. For the next range, 270 to 250°F, pro­
ceed as above and obtain the actual mols of condensation for the interval by subtract­
ing the liquid in equilibrium at 27o•F from that in equilibrium at 250°F. Then L., 
are the mols of the individual compounds formed before the interval and L~ are the 
mols of the individual compounds formed in the interval. L; is obtained by subtract­
ing L,1 from L,, which is in turn obtained from a. checked assumption of V /L where 
'l:L, = L. A summary of the point-to-point calculations is given in Table 13.2. 

(b) Condensing curve: This step requires the calculation of the heat load between 
intervals. Except at the inlet and outlet of the condenser there is a change in both 
vapor and liquid quantities over the interval. The heat changes are determined from 
the change in enthalpies as given in Fig. 10. A representative interval is calculated 
following Table 13.2. · 

The LMTD would be 87.7°F, and the error resulting from its use would have been 
(13/100.7) X 100 = 12.9 per ·cent on the safe side. In any system without serious 
fronts or tails the use of the LMTD is usually satisfactory, although there is no assur­
ance that the error will always be on the safe side. 

The condensing curve for true counterflow is shown as a straight line in Fig. 13.5. 
The actual condensing curve is shown as a curved line, and the area enclosed by the 
two represents the actual increase in temperature potential which is available. 

TABLE 13.2. POINT-TO-POINT COMPOSITIONS 
L1 = L.t + L; L = (Lt) 

250° 

I L1, y, L, y, L,, Yt L,, Lt• y, L,, L,' 

-- ------------ ------
c, 171).5 3.28 167.2 3.28 5.85 161.4 9.13 8.1)2 153.3 17.15 16.41) 
c. 284.0 12.13 271.9 12.13 20.81 251.1 32.94 26.04 225.0 58.98 46.6 
c. 56.8 8.60 48.2 8.60 12.00 36.2 20.60 11.02 25.2 31.62 11.88 
c, 341.1 . 89.3 251.8 89.3 94.5 157.3 183.8 63.6 93.7 247.4 51.6 
c. 284.0 113.7 171).3 113.7 82.4 87.9 196~1 41.7 46.2 237.8 28.2 ----------

1136.4 227.0 909.4 227.0 215.6 693.9442.5 150.3 543.4 593.0 154.7 
V/L- 4.01) 1.567 0.916 0.520 

2oo• 160° 120"(BP) 

y, L,, Lt' y, L., L>' 

--------
c. 136.9 33.55 40.2 96.7 73.8 170.5 
c. 178.4 105.6 83.7 94.7 189.3 284.0 
c. 13.3 43.5 9.30 4.0 52.8 56.8 
c, 42:1 299.0 31.8 10.3 330.8 341.1 
c. 18.0 266.0 i4.30 3.7 280.3 284.0 ----------

388.7 747.7 179.3 209.4 927.0 1136.4 
V/L ~ 0.520 1).226 
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HEAT LOAD FOR THE INTERVAL 270 TO 250° 

Mol. 
Hv,21o• Y, H. H1,2ro' Lei H, wt. 
---

c3 44 324 167.2 2,384,000 210 3.28 30,300 
c, 58 334 271.9 5,260,000 212 12.13 149,200 
Ce 86 352 48.2 1,460,000 226 8.60 167,000 
c, 100 359 251.8 9,030,000 236 89.3 2,105,000 
Cs 114 368 170.3 7,150,000 239 113.7 3,100,000 

25,284,000 5,551,500 
5,551,500 

H210' = 30,835,500 Btu/hr 

Mol. 
Hv,2.fi0° ~I H. Hz,'J&o0 L,, H, wt. 

c. 44 313 161.4 2,221,000 195 9.13 78,400 
c, 58 323 251.1 4,700,000 197.5 32.94 377,000 
Ce 86 341 36.2 1,060,000 212.5 20.60 376,000 
c, 100 350 157.3 5,500,000 224 183.8 4;110,000 
c. 114 358 87.9 3,580,000 225 196.1 5,040.000 

17,061,000 9,981,400 
9,981,400 

H2oo• == 27,042,400 Btujhr 

Qm.250' == 30,835,500 - 27,042,000 = 3;793,100 Btujhr 

HEAT LOAD FOR THE ENTIRE RANGE. 

Tvapor,°F H q = t.H t.tw* tw, °F illav .!1.. qcumuiative At 
--

283 34,312,000 3,476,500 6.55 120 0 
270 30,835,500 3, 793,100 7.15 113.4 159.8 21,780 3,476,500 
250 27,042,000 2,839,400 5.35 106.3 150.1 25,210 7,269,600 
230 24,203,000 3,359,000 6.34 100.9 136.4 20,800 10,109,000 
200 20,844,000 3,931,100 7.42 94.6 117.2 28,620 13,468,000 
160 16,912,900 3,803,900 7.17 87.2 88.2t 44,550 17,399,100 
120 13,109,000 80.0 54.9t 69,450 21,203,000 

21 ;2o3,ooo 39.98 
I , 

l:UA = 210,410 

* Wa.ter requirement: tw is the water temperature. 

21203 000 . . 
Iio _' 

80 
= 530,000 lb/hr of coohng water"" 1060 gpm 

t LMTD 

W . h d l:q 21,203,000 OO 7oF 
etg te at= l:UA = 210410 = 1 · 

' 



300 

200 
~ 

i 
i 
E 

,.!! 100 

.....;;: 

CONDENSATION OF MiXED VAPORS 

::::-r- -,.... 
......... ........ :---... ~ 0/Ff'erenflal 

........ ~.bo -.......:-~ 
""' ....... 

I'- 1'--
1'-- 1'--

["""'-.. r-..... I' 
r-..... 1--. 

11/a-:fer 

5 10 15 
HeGtt loG~ a, million Btu 

FIG. 13.5. Straight-line and differential condensing curves 

The calculation of the exchanger for Example 13.3 follows: 

Exchanger: 

Shell side 
ID = 33 in. 

Tube side 
Number and length = 774, 16'0" 

" ["""'-.. ~ 

20 

Baffle space = 30 in. OD, BWG, pitch = .%: in., 16 BWG, l-in. tri. 
Passes= 1 Passes= 4 

(1) Heat balance: 
Q shell = 21,203,000 Btu/hr 
Q water = 530,000 X 1(12(' - 80) = 21,203,000 Btu/hr 

. 95 450 
Average·molecular werght = 1136.4 = 84 

335 

This corresponds very closely to hexane (mol. Wt. = 86.2) whose properties will be 
used throughout. 

. . 0.6(283 - 120) 
Condensate sensrble heat load = 95,450 X 2 = 4,670,000 Btu/hr 

100 Submergence = 4,670,000 X 21203 000 = 22% (approx) 
' ' (2) llt: Weighted llt = l00.7°F 

(3) T. and t.: The use of average temperatures will be satisfactory. 

Hot fluid: shell side, vapor 
(4') · Unsubmerged tubes 

= 774 X (1 - 0.22) = 604 
G" = W jLN/fi = 95,450/16 X 604% 

= 83.7 [Eq. (12.43)] 

Cold fluid: tube side, water 
(4) Flow area, a; = 0.302 in.• 

[Table 10] 
a, = N,a;/144n [Eq. (7.48)] 

= 774 X 0.302/144 X 4 = 0.406 ft2 
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Hot fluid: shell side, vapor 
Assume h = 200 
T. = (283 + 120)/2 = 201.5°F 

h. . 
t., = t. + h;. +h. (T. - t.) [Eq. (5.31)] 

200 
= 100 + l120 + 200 (201.5 - 100) 

= u5•F 
t1 = ~(T. + t.,) = U(201.5 + 115) 

= ts8•F 
Sf = 0.60 [Fig. 6} 
PI = 0.21 cp [Fig. 14] 
k1 = 0.077 Btu/(hr)(ft2)(°F/ft) [Table 4] 
h = 206 [Fig. 12.9] 

Clean overall coefficient Uc, condensation: 

Cold fluid: tube side water 
(~) G, = wja, 

= 530,000/0.406 
- 1,300,000 lb/(hr) (ft1) 

v = Gl/3600p = 1,300,000/3600 X 62.5 
= 5.79 fps 

(6) hi = 1355 [Fig. 251 
h,. =hi X ID/OD 

= 1355 X 0.62/0.75 
= 1120 Btuj(hr)(ft'WF) [Eq. (6.5)] 

U, = h;.h. = 1120 X 206 = 174 Btu/(hr)(ft2}eF) (6.38) 
h;. + h. 1120 + 206 . 

Clean surface required for condensation: 

A = ___!k_. = 21,203,000 = 1210 It• ' U. At 174 X 100.7 

Clean surface required for subcooling: 

A. = 1210 X 0.22 == 267 ft2 

Total surface required: 
Aa = 1210 + 267 = 1477 ft" 

Weighted overall clean coefficient Ua: 

Q 21,203,000 
Uc = A At = 1477 X 100.7 = 143 

Design overall coefficient U D: 

a" = 0.1963 ft2/lin ft (Table 10) 
Total surface = 774 X 16'0" X 0.1963 = 2430 ft2 

U = _5L = 21,203,000 = 86 7 Bt /(hr)(ft•)(•F) 
D A At 2430 X 100.7 . u 

Dirt factor R.: 

Ro = U~du~D = i!!; :::~ ":' 0.00455 (hr)(ft2)(°F)/Btu (6.13) 

Pressure Drop 

(1') a. = ID X 0'B/144PT [Eq. (7.1)] (1) At 100°F, 
= 33 X 0.25 X 30/144 X 1.0 p. = 0.72 X 2.42 = 1.74 lb/(ft)(hr) 

= 1.72 ft 2 [Fig. 14] 
· St1bmergence may be neglected unless the 
calculated pressure drop is close. 
G. = W /a. [Eq. (7.2)] 

= 95,450/1.72 = 55,500 lb/(hr)(ft 2) 

D = 0.62/12 = O.O.'H7 ft 
Re1 = DG,jp 

= 0.0517 X 1,300,000/1.74 = 38,600 
f = 0.00019 ft2/in. 2 [Fig. 26] 
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Pressure Drop 

At Tt = 283"F, 
p. = 0.009 X 2.42 = 0.0218lb/(ft)(hr) 
D, = 0.73/12 = 0.0608 ft [Fig. 15] 
Re, = D,G,/iJ. 

= 0.0608 X 55,500/0.0218 = 155,000 
J = 0.00125 ft'/in. 2 [Fig. 29] 
(2') No. of crosses (N + 1) = 12L/B 

[Eq. (7.43)] 
(2) M' - j(]'fLn [E (7 1 

- .5.22 X l01~Dsq., q. .45)] 

= 12 X 16/30 = 7 
84 

P = 359 X 743/49.2 X 14.7/50 

8 = 0.527/62.5 = 0.00844 
D, = 33/12 = 2.75 ft 

= 0.527 lb/ft• 

0.00019 X 1,300,0002 X 16 
X4 

5.22 X 1010 X 0.0517 X 1.0 
X 1.0 

= 7.6 psi 

(S') M' = ~ JG;D,(N + 1) 
' 2 5.22 X 10toD,s 

(3) llP. =· (4n/.t)(V2/2g') [Eq. (7.46)] 
= 4 X 4 X 0.23 = 3.7 psi 

[Fig. 27] [Eq. (12.47)] 
1 0.00125 X 55,5002 X 2.75 X 7 

= 2 5.22 X 1010 X 0.0608 X 0.00844 
(4) llPT = &', + AP. 

= 7.6 + 3.7 = 11.3 psi 
= 1.4 psi [Eq. (7.47)] 

Summary 

206* h outside 1120 

Uo 143 

UD 86.7 

Rio Calculated 0. 00455 

Rd Required 0.004 

1.4 Calculated l:.P 11.3 

2.0 Allowable l:.P 10.0 

* Condel18ation only. 

The slightly excessive tube-side pressure drop for water should not be objectionable. 
The bundle should be submerged about 25 to 30 per cent. 

3. CONDENSATION OF A MIXTURE OF .MISCIBLES AND ONE IMMISCIBLE 

This case arises in the steam distillation of organics which are miscible 
among themselves but not with water. The stripping of the volatile 
compounds from absorption oil is a typical example as shown in Fig 11.1. 



338 PROCESS HEAT TRANSFER 

The introduction of the steam permits part of the total operating pressure 
in the distilling column to be contributed by the steam, so that the mix­
ture of volatiles and oil need not be raised to a high temperature to 
accomplish distillation. In this way and without resorting to vacuum 
a greater separation can be made between the volatiles and the oil, which 
boils over a somewhat higher range than that at which the distillation is 
carried out. If the overhead vapor is a mixture of a single compound 
and steam, the condensation occurs isothermally. If the mixture con­
tains more than one compound miscible with the first but immiscible 
with water, there is a condensing range. Since the total pressure in the 
latter consists of water plus the miscibles, the equilibrium relationships 
for the miscibles corresponds to the sum of their partial pressures instead 
of the total pressure on the system. The partial pressure of the steam 
depends only upon the saturation pressure corresponding to its tempera­
ture in the mixture as given by the properties of saturated steam in Table 
7. The total pressure is constant, but the relative partial pressures of the 
miscibles and steam change from point to point. The problems involved 
in the calculation of the condensing curve for this system are included in 
the more comprehensive problem demonstrated in Sec. 5 of this chapter. 
Ordinarily the calculation is so lengthy that the use of the LMTD or 
the use of F T X LMTD is justifiable as the case may be. 

Hazelton and Baker1 carried out experimental work on a single vertical 
tube condensing benzene; toluene, and chlorbenzene with steam. It was 
found that the presence of the organic tended to favor the dropwise 
condensation of the steam. Film coefficients were found to be inde­
pendent of the temperature drop across the condensate film and inde­
pendent of the properties of the liquid condensed with water. Hazelton 
and Baker were able to correlate their work with the experimental results 
of others. For vertical tubes they obtained 

h = 79 [ (wt-%)AAA + (wt-%)sAs]l4 
(wt-%)AL 

(13.21a) 

where A and B refer, respectively, to the organic and the water in the 
condensate film and L is the tube length in feet. They were able to corre­
late the work of several investigators on horizontal tubes by 

(13.2lb) 

For tube bundles in horizontal exchangers it is unlikely that the coeffi­
cient differs greatly from the value predicted by Eq. (13.21b). 

1 Hazelton, R., and E. M. Baker, Trans. AIChE, 40, 1-29 (1944). 
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4. CONDENSATION OF A VAPOR FROM A NONCONDENSABLE GAS 

As in the case of a gas compressor intercooler (Chap. 9) u a mixture 
of a vapor and a gas is cooled in a constant-pressure operation, the temper­
ature at which the first droplet of condensate appears is the dew point. 
The dew point is the saturation temperature of the vapor corresponding 
to its partial pressure in the mixture. The calculation of the dew point 
of a mixture of a vapor and a noncondensable gas was demonstrated in 
Example 9.3. The calculation of the compressor intercooler is covered in 
this section. 

When a mixture of a vapor and a noncondensable gas is fed to a con­
denser and the temperature of the tubes is below the dew point, a film 

FIG. 13.6. Condensation potentiais with noncondensa.bles. 

of condensate forms on the tubes. The relationship of the partial pres­
sures is shown in Fig. ·13.6. A film of noncondensable gas and vapor 
collects about the condensate film as suggested by the data of Othmer in 
Fig. 12.25. If an equilibrium is presumed to exist on the surface of the 
condensate film, the partial pressure of the vapor at the tube wall cor­
responds to the cold condensate Pc and the partial pressure of the vapor 
in the gas film lies between that at the condensate film Pc and that in 
the gas body p.. In order for the vapor in the gas body to continue 
condensing into the condensate film, it must be driven across the gas film 
by the difference between the partial pressure of the vapor in the gas body 
and in the condensate. The passage of one component through another 
is called diffusion or mass transfer, and in a diffusion system the rate at 
which the steam condenses is no longer dependent entirely upon Nusselt's 
condensing mechanism but upon the laws governing diffusion. When 
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vapor diffuses through a noncondensable gas film and liquefies at the 
tube wall, it also carries with it its latent heat of condensation. In 
addition to the partial-pressure difference promoting diffusion there is 
also a temperature difference between the gas body T11 and the condensate 
film Tc by which the gas is sensibly cooled. It will be shown that the rate 
of diffusion and the rate of heat transfer are not independent of each other. 

Relationships between Heat and Mass Transfer. The theory of diffu­
sion will be. treated in greater detail in Chap. 17, which is devoted to 
diffusional heat transfer. 

It was shown in Chap. 3 that there is an analogous behavior between 
heat transfer and fluid friction when a fluid flows in a tube. Another 
analogy exists for a system in which a transfer of matter by diffusion is 
accompanied by a transfer of heat. A number of authors have con.:. 
tributed to the refinement and extension of this analogy, but the deriva­
tions employed here are essentially those of Colburn, 1 Colburn and 
Hougen, 2 and Chilton and Colburn. 3 The paper of Colburn and Hougen 
forms the basis for design calculations. 

It was shown in Chap. 9 that when dealing with gases it is advantageous 
to express the heat-transfer factor jii for a fluid flowing inside a tube by 

jll = hf(c:rri = £(c:Y"(~a) (13.22) 

A new factor jh may then be defined as jh = jii/(DGjp.) or 

(13.23) 

By employingjh it is possible to eliminate the variation of k with tempera­
ture in making a sensible-heat-transfer calculation, since (cp.jk) is nearly 
constant over a wide temperature range. Since 

Q = wc(t2 - t1) = h1r DL t:..t 

and G = 4w/11'D2, on substituting for both hand G Eq. (13.23) becomes 

. = ~ (cp.)% = t2 - t1 .!2 (cp.)~" (13.24) 
:lh cG k .tlt . 4L k 

Multiplying the last term by 1rD/1rD, 

jh = c~(c:y· = t2 ~ tl(i)(c:r· 
where a is the flow area 7rD2/4, and A is the tube surface 1r DL. 

1 Colburn, A. P., Trans. AIChE, 29, 174 (1933). 
2 Colburn, A. P., and 0. A. Hougen, Ind. Eng. Chem., 26, 1178 (1934). 
3 Chilton, T. H., and A. P. Colburn, Ind. Eng. (]hem., 26, 1183 (1934). 

(13.25) 
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When a vapor is absorbed from a gas, which is not saturated with mole­
eules of the solvent, diffusion may occur in two directions: Molecules of 
the vapor ma.y pass into the absorbent, and molecules of the absorbent 
may pass into the gas. In the passage of water vapor from the gas body 
into a condensate film consisting of liquid water alone the transfer of 
matter is in one direction and the mols of matter transferred from the 
gas to the liquid is given by 

(Gap~) dN d = d M mPt = Ka Ap dA 

where A = diffusion surface, ft2 

a = flowarea of gas and vapor, ft 2 

G = mass velocity, lb/(hr)(fV) 
Ka = mass diffusion coefficient, molj(hr)(ft2)(atm) 

(13.26a) 

M"' = mean molecular weight of the vapor and noncondensable, 
lb/mol 

N4 =material transferred, mol/hr 
p. = partial pressure in atmospheres of the vapor at condensate 

film, atm 
p .. = partial pressure in atmospheres of the vapor in gas body, 

atm 
p1 =total pressure on the system in atmospheres, atm 

Ap = instantaneous driving potential in atmospheres, Pv - p., 
atm 

'l'he coefficient Ka is simply the dimensional rate constant which makes 
dNd equal to the right side of the equation. Ka is determined experi­
mentally, and therefore Ka and U are similar in function, Ka being to Ap 
in mass transfer what U is to At in heat transfer. If the initial concentra­
tion of the condensable vapor is small, it is convenient to use the simplifi­
cation that the mass velocity of the mixture does not vary appreciably · 
during the diffusion of the vapor out of the gas and that 

!!_ = G; (-P_t ) 
M,. M; Pt- p. 

where the subscript i refers to the inert gas. Replacing p1 - p, by p., 
the pressure of the inert gas in the gas body, and keeping Pt constant 
in the tube with constant a, the differentiation of the second term in 
Eq. (13.26a) yields 

Gadp .. 
dNd = -M = KaApdA 

mPt 
(13.26b) 
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The second and third terms can be readily regrouped to give 

%;a;~=(?;)(~') (d~) 
where Pal is the log .mean of Pu of the inert in the gas body and p~ = Pt -
Pc the pressure of the inert at the condensate film. In integrated form 
it becomes 

~7ff: = (P1 :PP2) (~:) (~) (13.27) 

where P1 and P2 are the partial pressures of the diffusing component at 
A1 and A2. 

When a fluid flows along a surface, the particles within the fluid 
exchange .momentum with the stationary film at the surface, causing a 
pressure drop in the fluid in the direction of flow. This assumption led 
to Eq. (3.51) in the Reynolds analogy. It is entirely conceivable that a 
similar condition occurs when a vapor traveling along a surface condenses 
against the condensate filin which it enters by moving at right angles to 
the direction of flow and giving up its momentum. In Eq. (3.51) and 
subsequent equations it became apparent that the ratio of the loss 
of momentum by skin friction to the total momentum of the stream 

· depended upon how much stationary surface there was for the total 
amount of fluid flowing. For a given quantity of fluid flowing in a tube 
and a given total diffusion or heat-transfer surface, the amount of skin 
friction will be greater if the path consists of a long small-bore tube than 
for a short tube of large diameter. The index of these possibilities is the 
ratio A/a or, when used in a diffusion factor, its reciprocal a/ A. Just 
as it was found in the refinement of the Reynolds analogy that the ratio 
of p,jk influences the heat transfer, so it can be inferred that the properties 
of the fluid also affect· diffusion. The properties associated with skin 
friction are contained in the dimensionless Schmidt number p,j pkd, where· 
ko. is the diffusion coefficient (diffusivity) in square feet per hour of one 
gas through another and p, and p are the viscosity and density of the 
mixture. If the influence of p,fka, on diffusion is comparable to that of 
p,jk in heat transfer, then it is reasonable to multiply Eq. (13.27) by 
(p,jpkd). Assuming p01/p. = 1.0, designating the diffusion factor io., and 
arbitrarily using the two-thirds power 

(13.28) 

Attention is now directed to the similarity between Eqs. (13.25) and 
(13.28). From an extension of the Reynolds analogy to distillation, 
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where the analogy between mass and heat transfer is very close, there is 
good reason to believe that }a and j,. are the same function of the Reynolds 
number and equal. The relationship between diffusion and heat trans­
fer is then obtained by equating Eqs. (13.215) and (13.28) and solving 
for Ko. 

(13.29) 

The principal deduction from Eq. (13.29) is that the rates of diffusion 
and heat transfer do not occur independently. When the vapor concen­
tration is high, as in many industrial applications, Eq. (13.28) must be 
calculated for incremental changes in the surface, since PoiiPu will no 
longer be unity. 

The overall coefficient of heat transfer varies greatly during the con­
densation of a vapor from a noncondensable gas which is initially at its 
dew point because the potential for diffusion varies greatly as the vapor 
is removed from the gas body leaving a. higher percentage of inert. At 
the inlet the composition of a mixture of vapor and noncondensable may 
be almost· all vapor and the film coefficient may be very nearly that of the 
pure condensing coefficient for the vapor alone. But after much of the 
vapor has condensed, the outlet may consist of substantially pure non­
condensable gas with a low accompanying film coefficient. It is often 
possible to have a variation of U a for the condensation of steam from air 
from 11500 Btu/(hr)(ft2)(°F) at the inlet to a value of 115 at the outlet. 

Inasmuch as the film coefficient varies from inlet to outlet, the heat 
distribution may also vary owing to a differential rate of change in the 
enthalpy of the vapor mixture as the temperature falls. In other words, 
although the temperature of the gas declines 50 per cent of the total gas­
temperature range, it is probably untrue that 50 per cent of the total heat 
load will have been delivered. This is not merely the case of finding the 
true temperature difference but the heat-transfer coefficient also varies 
as dQ = q varies. The surface is then defined by the fundamental 
equation 

f dQ 
A= (U !::.t) (13.30) 

Equation (13.30) cannot be integrated unless U and !::.t are expressed as 
functions of Q. A much simpler method is to integrate numerically 
dQ = q for small but finite intervals; 

Diffusivities. For an excellent account of diffusion and the experi­
mental methods of determining the diffusivity of one gas through another, 
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the reader is referred to Sherwood's excellent book. 1 Gilliland• has 
established an empirical equation for the determination of the diffusivity 
of one gas through another which is given by 

T~• ( 1 1 )~ 
ka = 0.0166 Pt(V.t~ + Vs~)2 M.t + Ms 

where ka = diffusivity, ft2 jhr 
Pt = total pressure, atm 

(13.31) 

v.~., v8 = molecular volumes of diffusing and inert gases computed 
from the data on atomic volumes in Table 13.3 

T = absolute temperature °K(°C abs) 
M .~., M 8 = molecular weights of the diffusing and inert gases, respec­

tively 

TABLE 13.3. AToMic VoLUMES 

Bromine ...... : ..................... 27.0 
Sulfur. . . . . . . . .. . . . . . . . . . . . . . . .. . . . . 25. 6 
Oxygen............................. 7.4 

In methyl esters. . . . . . . . . . . . . . . . . . . 9 .1 
In higher esters and ethers. . . . . . . . . . 11. 0 
In acids .......................... 12.0 

Carbon ............................. 14.8 
Chlorine ............................ 24.6 
Hydrogen .... ,...... . . . . . . . . . . . . . . . . 3. 7 
Nitrogen. . . . . . . . . . . . . . . . . . . . . . . . . . . . 15. 6 

In primary amines ............... ·. . 10. 5 
In secondary amines. . . . . . . . . . . . . . . 12. 0 

For benzene ring formation deduct. . . . . 15 
For naphthaline deduct. . . . . . . . . . . . . . . 30 
For the hydrogen molecule use ........ v = 14.3 
For air use .•. .- ...................... v = 29· .. 9 

Example 13.4. Calculation of the Diffusivity of a Mixture. Calculate the diffu-
sivity of a steam-C02 mixture at 267°F and 30 psig. 

For steam, H.O: V.t = 2 X 3.7 + 7.4 = 14.8 M.t = 18 
For C02 : va = 14.8 + 2 X 7.4 = 29.6 Ms = 44 

T = 267°F eo 273 + 130 = 403°K 30 psig eo 
14·~4~ 30 = 3.04 atm 

_ 403% (l. l.)~ 1 kd - 0.0166 X 3.04(14.8~ + 29.6~)~ 18 + 44 = 0.41 ft /hr 

Development of an Equation for Heat Transfer. Chilton and Colburn 
have shown that the results of their analogy, culminating in Eq. (13.29), 

1 Sherwood, T. K., "Absorption and Extraction," McGraw-Hill Book Company, 
Inc., New York, 1937. 

2 Gilliland, E. R., Ind. Eng. Chem., 26, 516 (1934). 
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hold on the safe side for flow inside tubes, flow across a single tube, and 
flow along plane surfaces. In each case the appropriate value of h is 
substituted in Eq. (13.29). · It appears likely that these equations are 
valid in most cases of a vapor forming a nonvisc.ous, noncontrolling 
condensate film. The use of ho calculated for the gas from Fig. 28 and 
substituted in Eq. (13.29) for the condensation of steam from air and C02 

in the shells of horizontal baffled condenser has been known to hold suc­
cessfully in a number of applications. 

To establish an equation which may be solved from point to point for 
U and At as in Eq. (13.30) it should be necessary only to sum up all the 
resistances in series at an average cross section in each increment of q. 
In the condensation of a vapor from a noncondensable gas the quantity 
of heat which leaves the gas film must equal the quantity picked up by 
the cooling water. The total heat flow across the gas film is the sum of 
the latent heat carried by vapor diffusion into the condensate film plus 
the sensible heat removed from the gas because of the temperature differ­
ence Ta - T.. The heat load expressed in terms of the shell-side, tube­
side, and overall potentials per square foot of surface when the mixture of 
gas and vapor :fiows in the shell is 

(a) (b) (c) 
ho(Ta - Tc) + KaM.A(p. - Pc) = hio(Tc - tw) = U(Tu - tw) (13.32) 

where ho = shell-side dry-gas coefficient, Btu/(hr)(ft2WF) 
h;o = tube-side water coefficient, Btu/ (hr) (ft2) (°F) 
Ta =temperature of the gas, °F 
Tc = temperature of the condensate, °F 
tw = water temperature, °F 
p. = partial pressure of vapor in the gas body, atm 
Pc = partial pressure of the vapor at the condensate film, atm 

M. = molecular weight of vapor, dimensionless 
X = latent heat, Btu/lb 

The possibility of subcooling the vapor at the tube wall has been omitted 
from the heat balance, since it is not usually significant compared with 
the larger latent effects. If subcooling is of consequence, it means that 
the amount of heat delivered at the tube wall is greater than that which 
entered the gas film. 

In the application of Eqs. (13.29), (13.30), and (13.32) to the solution 
of an actual condenser it is assumed that there is a single value of T0 

and T. at any cross section and hence of p. and p.. In a condenser having 
several tube passes with water in the tubes this is obviously not possible. 
If there is a long condensing ra:r;tge, a small cooling-water range, and no 
temperaturE' cross so that FT for a 1-2 condenser would be :oubstantially 
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1.0, then little harm results in the assumption of a true counterflow 
distribution of water temperatures. At whatever point the gas gives up 
half of the total heat load, the water can be assumed to have received 
half the total heat load. This may appear rather arbitrary, but in the 
final analysis it is a problem of maintaining T0 - T. and Pv - p. in their 
proper relation, and both require the presence of the same single value of 
T. at any point. Otherwise the solution must be extended to cover each 
of the passes as a related condenser. 

The Calculation of a Vapor-Noncondensable Mixture. The method of 
applying Eqs. (13.29), (13.30), and (13.32) are outlined below: 

1. A complete exchanger must be assumed to fix the shell-side and tube­
side flow areas. The surface is obtained by integration on the assump­
tion of true counterflow. 

2. From the process conditions compute h. and k,. for the gas and 
cooling medium, respectively. The use of an average value for h;. is 
accept;1ble but not for h., since the mass velocity of the gas changes from 
point to point. 

3. From the value of h. obtain Ka!Pu! from Eq. (13.29). 
4. Fix the first interval of calculation by fixing T0 , which also fixes 

the heat load q for the interval. 
5. Assume values of T., the condensate temperature, so that Eqs. 

(13.32a) and (13.32b) balance. For each assumed value ofT. it is neces­
sary to compute a new value of Por. since the pressure of the vapor at the 
condensate film is the saturation pressure corresponding to T •. 

6. When Eqs. (13.32a) and (13.32b) balance, the total heat load trans­
ferred per square foot of each is the same as the load which must have 
been transferred overall, U(T0 - t.). 

7. From q obtained in 4 and U(T0 - t.) obtain dA for the interval. 
8. Proceed with the next interval by assuming a lower value of T 0• 

Example 13.6.. Calculation of a Steam-Carbon Dioxide Condenser. Steam is to 
be condensed from carbon dioxide in the following exchanger: 

21U in. ID shell with 12-in. baffle spacing. 
246 tubes, %: in. OD, 16 BWG, 12'0" on l-in. square pitch. 
The tube bundle has four passes. 
The hot stream is a mixture of 4500 lb of steam and 1544lb of C02 at 30 psig entering 

at the dew point and leaving at 120°F. Cooling water will enter at so•F and leave 
at l15°F. 

The diffusivity of steam-COo mixtures calculated by the Gilliland formula is 0.41 
ft2jhr, and (pfpka)% may be taken for simplicity as constant at the average value of 
0.62 between inlet and outlet. 

(a) Determine the weighted At. (b) Determine the dirt factor for the condenser. 
Solution. As a simplification it may be assumed that the heat-transfer coefficient 

at the average water temperature is constant throughout the exchanger. This does 
not alter the earlier assumption that the wa.ter temperature is considered in true 
counterflow with the condensate. 
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Basis: One hour 

Entering Lb/hr Moljhr 

co. ·1544 35 
H.o 4500 250 

Total 6044 285 

Total pressure = 30 + 14.7 = 44.7 psia ""3.05 atm where psi/14.7 = atm 
Partial pressure of water = 2 S% 8 s X 44.7 = 39.2 psi ""2.68 atm 
Dew point = 267° from Table 7 "" 2.68 atm 
Mean molecular-weight, Mm = 604% 85 = 21.2 

(a) Weighted temperature difference ll.t: 

Overall balances: 

Inlet: Water vapor. pressure, P• = 2.68 atm 
Inert pressure, Pu = 3.05 - 2.68 = 0.37 atm 
Total pressure = 3.05 atm. 

Exit: Partial pressure of water at 120°F = 0.1152 atm 
Water vapor pressure, p. = 0.115 atm 
Inert pressure, Pu = 2.935 atm 
Total pressure = 3.05 atm 

Pound mols steam inlet = 250 

Pound mols steam exit = 35 X ~:~~~ = 1.37 

Pound mols steam condensed = 250 - 1.37 = 248.63 
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Heat load: Assume points at 267, 262, 255, 225, 150, 120°F, and compute the heat 
load q for each interval. 

For the interval from 267 to 262°F: 

From Table 7, P• at 262°F = 2.49 atm 
Pu = 3.05 - 2.49 = 0.56 atm 

Mol steam remaining = 35 X ~:!~ = 156 

Mol steam condensed == 250 - 156 = 94 
Heat of condensation.= 94 X 18 X 937.3 + 0.46(267- 262) X 94 X 18 

Heat from uncondensed steam = 156 X 18 X 0.46(267 - 262) 
Heat from noncondensable = 1544 X 0;22 X 5.0 

= 1,590,000 Btu 
6,450 
1,700 

Total for interval = 1,598,150 
Heat balance: 

Interval, °F 
267-262 
262-255 
255-225 
225-150 
15(}--120 

q 
1,598,000 
1,104,000 
1,172,000 

751,000 
177,000 

Total 4,802,000 

Total water = ii~o~o: = 137,000 lb/hr 
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Water coefficient, h;: 

a; 0.302 
a, = N, 

14
4n = 246 X 

144 
X 

4 
= 0.129 ft2 

w 137000 
G, = a. = o.i29 = 1,060,000 lb/(hr)(ft2) 

G 1,060,000 
V = 3600p = 3600 X 62.5 = 4·72 fps 
h; = 1120 

h;. = h, X 6~' = 1120 X g:~: = 926 

(7.48) 

(Fig. 25) 

(6.5) 

Now proceed to determine U At from point to point in the unit by assuming tem­
peratures for the condensate film so that Eqs. (13.32a) and (13.32b) are equal. 
Shell-side coeffcient for entrance gas mixture. 

Mean properties for Point 1: 

Mean c = 1544 X 0.226~44500 X 0.46 = 0.407 Btu/(lb)(.F) 

Mean k = 1544 X 0.012:0144500 X 0.015 = 0.0146 Btu/(hr)(ft2)(•F/ft) 

Mean p. = 1544 X 0.019 sci4!500 X 0.0136 = 0.015 X 2.42 = 0.0363lb/(ft)(hr) 

a, = ID X 0' 14,i;,r = 21.25 X 0.25 X 144 
1~ l.O = 0.442 ft2 (7.1) 

w 6044 
G, =a, = 0.442 = 13,650 lb/(hr)(ft 2

) (7.2) 

R - D,G, D - 0·95 - 00792ft e,----p:- ,-12-. (Fig. 28) 

13,650 
= 0.0792 X 

0
_
0363 

= 29,800 (7.3) 
jy = 102 (Fig. 28) 

(~)!-3 = (0.407 X 0.0363)!-3 =' 1 O 
k 0.0146 . 

h.= jn ~. (~)!-3 = 102 X 0.0146 X 0.~~92 = 18.9 (6.15b) 

(p.fpkd)3• = 0.62 (7tY" = (0.40~-~~60363t = 1.01 

Ko = h.(cp./k)% = 18.9 X 1.01 = 3.56 
cp01M,.(p.jpkd)% 0.407 X Pol X 21.2 X 0.62 Pol 

Point 1: 
T, = 267°F (entrance) p. = 2.68 atm Po = 3.05 - 2.68 = 0.37 atm 
tw = 115°F At = To - tw = 267 - 115 = 152°F 

Try 
T, = 244°F Pc = 1.83 atm p; = 3.05 - 1.83 = 1.22 atm 

p~ - Po 1.22 - 0.37 O 715 Pot= , ~ . atm 
2.3 log p

0
/p. 2.3 log 1.22/0.37 

h.(T. - T,) + KoM;X.(p. - p,) = h;.(T. - tw) (13.32) 

18.9(267 - 244) + ;;:
5 

X 18 X 933.8(2.68 - 1.83) ~ 926(244 - 115) 

71,400 ;>6 129,000 No check 
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Try 

T, = 220°F P• = 1.17 atm p~ = 1.88 atm P•l = 0.93 atm 

18.9(267 - 220) + ~:!~ X 18 X 933.8(2.68 - 1.17) = 926(220 - 115) 

98,400 = 97,500 Check 

u Ll.t = 98,400 + 97,500 = 97,950 
2 

u = 97,950 = 644 
267 - 115 
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Having determined the conditions at the inlet, proceed from point to point in the 
exchanger. Since the partial pressure of water changes rapidly at high temperatures, 
it follows that most of the condensation will occur near the inlet. (Refer to the 
saturation curve for water.) To obtain a reasonable distribution of heat loads over 
t)le condenser, a second point very near the inlet has been chosen. 

Point 2: 
T • = 262°F and saturated Pv = 2.49 atm Pa = 3.05 - 2.49 = 0.56 

Mol steam remaining = 35 X ~::~ = 156 

New gas rate = '1544 + 156 X 18 = 4352 lb/hr 
Mean properties: M.,. = 22.8 c = 0.382 k = 0.0143 
I" = 0.0154 X 2.42 = 0.0373 

G, = W = ~ = 9850 lb/(hr)(ft2) a. 0.442 

Re = D;G• = 0~0792 X O~g:~3 = 20,900 

jn = 83.5 (1;)~ = 1.0 (T)% = 1.0 

h.= 15.0 
K 15.0 X 1.0 = 2.80 

G = 0.382 X Put X 22.8 X 0.62 P•t 
Water rise = 1,598,000/137,000 = 11.7°F 
tw = 115 - 11.7 = 103.3°F 

Try 
T, = 182°F p, = 0.534 atm p; = 2.51 atm P•l = 1.305 atm 

15.0(262 - 182) + ;:~5 X 18 X 937;3(2.49 - 0.534) = 926(182 - 103.3) 

71,900 = 72,800 Check 

u At = 71,900 + 72,800 = 72,350 
2 

72,350 
u = 262 - 103.3 = 456 

Points 3, 4, and 5 are calculated in the same manner. 

Point 6: 
Ta = 120°F and saturated P• = 0.115 atm Po= 3.05 -0.115 = 2.935 atm · 

Mol steam remaining = 35 X ~:~~~ = 1.37 
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New gas rate = 1544 + 1.37 X 18 = 1568.7 
Mean properties: 
M,n = 43.1, C = 0.214, k = 0.0102, 

p. = 0.016 X 2.42 = 0.0387 

G, =:!!!.. = 
1568

·
7 = 3570 lb/(hr)(ft2) a, 0.442 
3570 

Re = 0.0792 X if.0387 = 7300 

jH = 47.5 (7ft = 0.935 

(7rY' = 0.872 

ho = 5.7 

Ka = 0.87 
Pul 

W . 177,000 3oF 
ater nse = 137 OOO = 1. 

' 
tw = 81.3 · :- 1.3 = 80°F 

Try 

1', = 80.7°F p, = 0.0352 atm p; = 3.05 - 0.0352 = 3.015 Pul = 2.97 

5.7(120 - 80.7) + ~:~; X 18 X 1025.8(0.115 - 0.0352) = 926(80.7 - 80) 

u t:.t = 654 + 648 = 651 
2 

651 
u = (120 - 80) = 16·2 

654 = 648 

Having determined both q and U t:.t, it need only be recalled that A = .Zq/T.U t:.t 
and proceed to evaluate A. This may be done in any of several ways. More accu­
rately, T.q should be plotted against 1/U l!.t, the area of the graph correspondiil.g .to A. 
A simpler and generally acceptable method involves tabulation of the results obtained 
so far and a numerical summation. This last will be demonstrated, 

Point T. 
T,, 

Ut:.t (U !::.t)av q A =--q-·- t:.t l::.tav 
q 

OF (U f!.t)av l::.t.v 

--------
1 267 220 97,950 . . . . . . . . . . . .. . . . ............. 152 
2 262 182 72,350 85,150 1,598,000 18.8 158.7 155.5 10,300 
3 255 145 45,900 59,075 1,104,000 18.7 159.7 159.2 6,930 
4 225 101 12,900 26,000* 1,172,000 45.2 138.2 149.0 7,870 
5 150 84 1, 710 5,560* 751,000 135.1 68.7 99.3* 7,570 
6 120 80.7 651 1,098* 177,000 161.0 40.0 53.3* 3,320 

4,802,000 A.= 37.8.8ft2 

Lt:.L = 35,990 

*LMTD. 



CONDENSATION OF MIXED VAPORS 351 

The LMTD based on a shell range from 267 to 120•F and tube range from 80 to 
ns•F is 84.o•F, but when weighted by the summation of 2:U A = Q/ !lt, 

Weighted t..t = _Q_ = 4•802•000 = 133•F 
'Zq / Atav 35,990 

and 

Q 4,802,000 
U01..., = A At = .378.8 X 133 = 95·3 

External surface/ft = 0.1963 (Table 10) 
Total surface available = 246 X 12'0" X 0.1963 = 580 ft2 
u Q 4,802,000 . 62 3 

D = A At = 580 X 133 = . 
Ro,. Ua- UD = 95.3- 62.3 = 0_0055 

U aU D 95.3 X 62.3 
Remarks. The pressure drop for the shell side can be computed from the average 

ba.Sed ori the inlet and outlet total gas conditions. The 0.0055 dirt factor is greater 
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FIG. 13.7. Condensation of CO.-steam mixture. 

than is generally necessary, but large dirt factors are recommended beca1ise of the 
sensitivity of the calculation in the later stages. A plot of U and A vs. Q is shown in 
Fig. 13.7. Note that Uc varies from 644 to 16.2 from inlet to outlet. 

It is not usually necessary to account for heat for subcoo!ing all the condensate to 
the outlet temperature when the vapor is steam because of its high thermal conduc­
tivity when condensing on the tu[)e wall. When the condensing vapor is organic, it 
will. be neoessary to allow extra surface as discussed in the preceding section. 
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5. CONDENSATION .J,'ROM A NONCONDENSABLE OF A 
MIXTURE IMMISCIBLE WITH WATER 

The Influence of Components on the Condensing Curve. This section 
corresponds to Case 9 in Table 13.1. The methods used here refer par­
ticularly to steam distillation in the petroleum industry, although varia­
tions of the method can be applied to other problems as well. 

When an organic vapor mixture immiscible with water enters a con­
denser and contains a noncondensable gas as well as steam, the calculation 
can be carried out using Eq. (13.20) with modifications. The total 
pressure is the sum of three distinct pressures: the pressure of· the mis­
cibles, pressure of the gas, and the pressure of the immiscible. The 
equilibrium among the miscibles is unaffected by the presence of the other 
components except that the equilibrium exists only at the sum of the 
partial pressures of the miscibles and not at the operating pressure of the 
condenser. Since the steam-gas and miscibies-gas mixtures attain their 
separate equilibrium relationships, the system may have two dew points, 
one for the steam and the other for the miscibles, although both need not 
be passed in the condenser. If there are a large number of miscible com­
pounds, the calculation of the condensing curve will be considerably 
lengthier than the direct calculation of a multicomponent mixture. 

A vapor mixture of miscibles is affected in definite ways by the presence 
of a noncondensable and steam. The noncondensable reduces the curva­
ture of the condensation curve for the miscibles. This is due to the fact· 
that the mols of noncondensable remain constant while the miscibles 
leave the vapor. The noncondensables, however, reduce the condensing 
coefficient for both the vapor of the miscibles and the steam. The dew 
point of the miscibles can be obtained from the sum of the pressures of 
the miscibles and the noncondensable by the summation of the K 1L1 

values with the mols of noncondensable included as a constant. Since 
the steam is immiscible with the miscibles, its dew point is a function only 
of the partial pressure and temperature at which the noncondensable 
becomes saturated with steam as found in tables of steam properties such 
as Table 7. Which of the two dew points occurs at the higher tempera­
ture depends upon the composition of the initial vapor. It is entirely 
possible to have either the steam or the miscibles condense first, or both 
may have dew points close together. Since the latent heat of the steam 
is about six to eight times as great as that of an oil, it is extremely impor­
tant to determine just where the steam starts to condense, and the con­
densing curve may exhibit a greater divergence from a straight line on a 
heat capacity vs. Tu plot than is usually encountered with multicompo­
nent mixtures of miscibles alone. The calculation of this type of problem 
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can be facilitated by empirical methods. A problem of this type will be 
solved presently using an empirical method developed for petroleum 
fractions. 

Development of an Empirical Solution. In the petroleum industry it 
is customary to take liquid samples of complex vapors and actually distill 
them in the laboratory at atmospheric pressure by either of two methods. 
The first is the ASTM distillation, which is carried out in a standardized 
manner with prescribed equipment as outlined in the ASTM Standards, 
1930, Part II. A 100-cm3 sample is distilled batchwise in a distillation 
flask with a thermometer submerged in the neck. The temperature is 
recorded at the initial bo.iling point (IBP) and for successive 10-cm3 

portions distilled over. The percentages distilled over are plotted against 
the temperature. This is called the ASTM distillation curve. Anothe1 
method which is more accurate but much more elaborate is the trus 
boiling point (TBP) distillation. This consists of introducing the sample 
of material into a round-bottom flask which is then connected to a Pod~ 
bielniak distilling column containing a large numb~r of theoretical dis­
tilling plates. The material is distilled over with a re:flux ratio of 10: 1 
to 30: 1. The TBP curve is plotted in a similar manner to the ASTM 
distillation except that a nearly complete separation takes place and the 
percentages distilled can be iden.tified by their boiling points as pure 
compounds. The first material to come overhead in a TBP distillation 
has a lower initial boiling point than the ASTM, since the most volatile 
fraction will have been separated almost individually from the next less 
volatile fraction. The presence in an ASTM distillation of the unsep­
arated fractions shortens the range of temperatures between the initial 
boiling point and the end point of the distillation by comparison with 
the TBP. 

A number of correlations have been made by Piroomov and Beiswenger1 

and Packie, 2 of which the latter is used here. These studies undertake 
the problem of correlating a batch distillation such as the ASTM or TBP 
with the performance to be expected in a distilling column where the 
vaporization occurs by a continuous process. Thus suppose a still were 
continuously operated at its boiling point by the introduction of liquid 
feed which separates continuously into a vapor rising . upward and a 
liquid which is withdrawn at the bottom. Consider such an equilibrium 
system. It is assumed that boiling prod:uces a liquid of uniform compo­
sition and that the vapor is in equilibrium with the still liquid. A similar 
condition. exists in distilling columns, reboilers, and condensers in which 
liquid continuously in equilibrium with the vapor above it is formed from 

1 Piroomov and Beiswenger, Am. Petroleum Inst. Bull. 10, p. 52, Jan. 3, 1920. 
2 Packie, J. W., Trans. AIChE, 37, 51-78 (1941). 
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point to point. A curve which indicates the temperature of the liquid 
as a function of composition and for a given pressure when it is maintained 
in equilibrium with its vapor over its entire boiling or condensing range 
is called an equilibrium flash curve (EF). An EF curve is necessary for 
the calculation of the condensing curve, and it naturally differs from an 
ASTM curve in which the material previously vaporized is removed 
from the system. The method given below permits the conversion of an 
ASTM or TBP curve to an EF curve empirically as the result of a correla­
tion of many flash distillations which have been compared with their 
respective ASTM and TBP distillations. The procedure for obtaining 
the condensing curve and the true temperature difference from the ASTM 
or TBP curve is as follows: 

The true temperature difference: 

1. Draw the ASTM distillation curve with per cent vaporized as the 
abscissa and temperature as the ordinate. 

2 .. Draw the distillation reference line which is a straight line through 
the 10 and 70 per cent points of the ASTM or TBP curves. 

3. Determine the slope of the distillation reference line by the follow­
ing formula; where percentages represent points on the respective curves. 

Temp °F at 70% - temp °F at 10% = oF/ 01 
60 10 

4. Compute an average 50 per cent point for the distillation curve by 
averaging the 20, 50, and 80 per cent points, or if the 80 per cent point is 
lacking, use the 50 per cent point of the distillation reference line. 

5. Enter the appropriate curves in Fig. 13.8 or 13.9, which is the 
key to the correlation. It relates the 50 per cent point of the ASTM 
distillation reference line to the 50 per cent point on the equilibrium flash 
reference line. 

6. Using the slope calculated in 3 enter Fig. 13.10, which relates the 
slope of the ASTM reference line to the slope of the equilibrium flash 
reference line. 

7. The 50 per cent point and slope determine the flash reference line, 
which is assumed to be straight through the 10 and 70 per cent points 
of the flash vaporization curve. 

8. At the various percentages read temperatures from the ASTM or 
TBP curve and its reference line, and subtract the· temperature for the 
reference line from that for the distillation curve noting the sign of the 
difference. 
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9. For each percentage distilled read on the appropriate curve in Fig. 
13.11 or 13.12 the corresponding value of the ratio 

(Temp on flash vaporization curve) - (temp on flash reference line) 
(Temp on distillation curve) - (temp on distillation reference line) 

10. Multiply the ratio obtained in 9 by the difference obtained in 8 to 
obtain the difference between the temperatures on the flash vaporization 
curve and the flash reference line for a given percentage distilled. This 
enables a translation for the curvat'ure of the ASTM to the EF curve. 

11. For the same percentage distilled and used to obtain the product 
in 10, read a value of the temperature on the flash reference line and add 

~120~-r--r--r-,r-,--,--,--,--,--,--.--,--.--, 
1::' ... 
c 
~ 100 1::--=!'..::;.;:?. 

}ao~~-q~~~~~~~--1--+--+--+--~-r~ 
160~~~~~~~~~~~~~--~+--r-4 

*6 40~~~:r~ ~---f~~~~~s-~~~~~~~~~d-~ 
it 

§zo~~~t:t=~~~~~t:~~~ 
!or:~t=~±=~~I:~~~~~~~ ~ OL 100 200 300 400 500 

SO percent point* on AS'rM distille~tion. °F 
FIG. 13·.8. *An average of the 20, 50, and 80 per cent "alues. · Relation between 50 per 
cent points of ASTM and EF curves. (Paclcie, Tram. AIChE.) 

to or subtract from it, according to the sign, the product obtained in 10. 
Proceed point by point to determine the entire flash vaporization curve. 

12. The curve obtained thus is the EF or flash vaporization curve for 
l atm pressure, since it refers to the ASTM curve at atmospheric pressure. 
To obtain a curve at other pressures when the distilling column is to be 
operated at sub- or superatmospheric pressure, refer to Fig. 8 in the 
Appendix. 1 

1 Figure 8 is a plot of the vapor pressure of hydrocarbons. It is not plotted by 
individual compounds but rather by the boiling points pure compounds have or may 
have at atmospheric pressure. Thus, isohexane boils at 140°F at atmospheric pres­
sure. The oblique curve at 140"F may then be considered the vapor pressure curve 
for isohexane. Normal hexane, however, boils at 156°F; and its vapor pressure curve 
will be a curve in Fig. 8 proportionately between the 140 and 160° curves. Traveling 
upward or downward along the 140° curve one obtains a value for the pressure of"the 
compund as the ordinate and the saturation temperature corresponding to that pres­
sure. Thus at 14.7 psia isohexane has a boiling point of 140° read as the abscissa, 
If the pressure at 100•F is desired, move downward on the 140° curve to a temperature 



356 PROCESS HEAT TRA.NSFEJ.. 

Observe the temperature at the intersection of the flash reference and 
the distillation reference line. On the vapor pressure chart (Fig. 8) 
estimate the number of degrees of displacement in boiling point that the 
change in pressure would cause for a pure hydrocarbon with an atmos­
pheric boiling point the sam:e as the temperature at the intersection of 
the two-reference curves. Displace each point of the flash vaporization 
curve by the same number of degrees by which a pure compound with 
atmospheric boiling point at the temperature of the intersection would be 

'E 120 

~JOO~~~~~d---~-4---+--4---+--4--~--4---+-~--~ 
s 
l80~~~=7~~d=~~~4--4--+-~~--~--+~ 

~60~~-d--··~~~~~~~~~~+-~--~~~ 
~ 
~~~~~~~~~~~~~~~~~~~~~+--4 

*5 ~~!;~~~::~~~~~~;;~~~~~~~~~~~ ] 20 

8. 0 s 0 200 300 400 500 
50 per cent point on TBPC distill~tion, "F 

FIG. 13.9. Relation between 50 per cent points of TBP and EF curves. (Packie, Trans­
actions of American Institute of Chemica/. E11{Jineers.) 

displaced by the change from atmospheric pressure. For operating pres­
sures greater than 25 psi greater accuracy may be expected by employing 
the method of Katz and Brown. 1 

The method of calculating the heat-transfer coefficients for such 
systems is deferred following an illustrative example on the calculation 
6f the weighted true temperature differences, so that the problems origi­
nating in the calculation of the condensing curve can be clarified first. 

Example 13.6a. Calculation of a Hydrocarbon-Noncondensable-steam Mixture. 
The overhead of a distilling column operating at 5 psig containsl3,330 lbjhr of oil 
vapor, 90 lbjhr of nonconden8able gas of 50 mol. wt., and 370 lb/hr of steam. On 
condensation the oil vapor has an average gravity of so• API. The overhead is at a 

of roo• read on the abscissa, giving a value at the left of 6.5 psia. In a mixture of 
organic compounds, if its boiling temperature is known at 14.7, Fig. 8 permits with 
equal facility the determination of the pressure and corresponding temperature for 
any new condition. This type of graph has certain inherent advantages over the 
more conventional Cox chart, particularly when it is preferable to divide arbitrarily a 
mixture of hydrocarbons into a number of fictitious pure compounds so as to approxi­
mate the total composition of the mixture. 

1 Katz, D. L., and G. G. Brown, lrul. Eng. Chem., 26, 1373-1384 (1933). 
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temperature of 305°F and is to be completely condensed (as far as practicable) with 
water from 85 to 120°F. 

Determine the weighted true temperature difference. 
The ASTM distillation on the oil alone in the overhead is as follows: 

% distilled 
IBP 
10 
20 
30 
40 
50 
60 
70 
80 
90 

End point 

Temp, °F 
90 

145 
180 
208 
234 
260 
286 
312 
338 
367 
400 
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Soluti<m: Basis 1 hour. 
(1) and (2) Plot the ASTM curve and reference line as shown in Fig. 13.13. 

Applying the method outlined, determine the dew point of (a) oil vapor and (b) 
steam, (c) ·the condensing curve, (d) the heat load, (e) the weighted true tem­
perature difference, and lastly (f) the condenser. 

(3) Slopeofthe ASTM = 70%~%10% = 312
; 

145 
= 2.79°F/% 

(4) A 50"1 • t 20 + 50 + 80% 180 + 260 + 338 259 aoF verage to pom = 3 = 3 = . 

(5) For the 50 per cent point on the equilibrium flash curve (EFC) from Fig. 13.8 
where the slope on the ASTl\f = 2.79°F/% and 259.3°F 
50% point AS1'M = 50% point flash curve = 38°F 
50% on EFC = 259 - 38° = 221 °F fixing first point on EFC 

(6) From Fig. 13.10, upper curve 
Slope of flash reference line = 1.65°F I% 
10% on EFC = 50% - 40% = 221 - 40 X 1.65 = 155°F 
70% on EFC = 50% + 20% = 221 + 20 X 1.65 = 254°F 

(7) Draw this line as a reference through the 50 per cent point. Calculate the flash 
curve for different percentages off. 

(8) D.T ASTM = °F ASTM - °F ASTM reference 
(9) AT ASTM X (factor Fig. 13.11) = AT EFC 

(10) °F EFC reference + AT EFC = °F EFC 
(11) 0% off: 

AT ASTM = 90 - 117 = -27°F. 
AT EFC = -27 X 0.50 = 13.5°F. 
°F EFC = 139 - 13.5 = 125.5. 

10% off: 
AT ASTM = 145 - 145 = 0. 

20% off: 
AT ASTM = 180 - 173 = +7.0°. 
AT EFC = +7.0 X 0.82 = 5.7°. 
°F EFC = 172 + 5.7 = 177.7. 

30%off: 
AT ASTM = 208-201 = +7.0°. 
AT EFC = +7.0 X 0.67 = 4.7°. 
°F EFC = 188 + 4.7 = 192.7. 

40% off: 
AT ASTM = 234 - 229 = +5.0°. 
AT EFC = 5.0 X 0.57 = 2.9°. 
°F EFC = 204 + 2.9 = 206.9. 

70% off: 
AT ASTM = 312- 312 = 0. 

(12) Correct for pressure: Intersection ASTM reference and EFC reference at 170°F. 
From Fig. 8 in the Appendix follow oblique at·170° to intersection with 19.7 psi 
at 187°F. Add 187° - 170° = 17° to each point. 

Calculation of the 80 per cent point: 

The following vapor enters, 13,330 lbjhr oil50°API, 370 lb/hr steam, 90 lb/hr gas 
50 mol. wt. 
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For 80 per cent, 13,330 X 0.80 = 10,664lb/hr oil uncondensed. 
Average boiling point from the EFC at 1 atm is 269°F from Fig. 13.13. 
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Average boiling point from the EFC at 19.7 psia add l7°F = 269 + 17 = 286°F. 
The molecular weight of the vapors from point to point is determined from Fig. 13.14. 
For 50° API oil and 269°F, mol. wt. :a 113. 
The mols of oil still to be condensed = 10,664/113 = 94.3. 
The following are also present: Mols gas = 9% 0 1.80 

Mols steam = 819{ 8 = 20.6 
Mols total = 116. 1 

The total pressure is 19.7 psia, and the partial pressure of each component is pro-
portional to its mol fraction. 

Partial pressure of oil = (94.3/116.7)19.7 = 15.9 psia. 
Partial pressure of NC gas = (1.8/116.7)19.7 = 0.304 psia. 
The temperature at which the oil will condense in the presence of noncondensable 

corresponds to its partial pressure. 
Refer to .Fig. 8 in the Appendix, which relates the temperature at which a fraction 

will boil at a higher or lower pressure if the temperature at a given pressure is known. 
At 19.7 psia the boiling point is 286°F. At the intersection of this ordinate and 

abscissa follow the oblique to an ordinate of 15.9 psia and read the new abscissa, 277°F. 
These values are the actual condensing temperatures of the oil vapor in the presence of 
noncondensable gas and steam. 

To determine the heat load it is also necessary to determine the temperature at 
which the steam starts to condense, since the ultimate condensate, water, is immiscible 
with the condensed oil. The steam may condense before the dew point of the oil is 
reached, during condensation of the oil, or after nearly all the oil has condensed. The 
dew point of the steam is a function only of its partial presure in the vapor and the 
saturation temperature of pure steam at the partial pressure. 

At 19.7 psia, if only pure steam were present, it would condense at 227°F. The dew 
point in this case must be considerably lower. 

CALCULATION OF DEW PoiNT OF THE STEAM 

T, °F [pt - (Pail + PNc)] = P.team p ... t (steam tables) 
---

95 19.7 6.73 12.97 0.815 
127 19.7 9.40 10.30 2.050 
163 19.7 12.25 7.45 5.09 
205 19.7 14.64 5.06 12.77 
240 19.7 15.65 4.05 24.97 

These are plotted in Fig. 13.15, the point of i.ri.tersection, l73°F, being the dew point 
of the steam. 

To establish the respective heat loads in the oil and steam.zones the condensation 
of oil from inlet to the dew point of the steam is determined from Table 13.4. Where 
steam and oil condense together, it will be necessary to assume a temperature below 
the dew point of steam and the amount of oil condensed at that point. If at the 
assumed temperature the sum of the partial pressures adds up to the total pressure, 
19.7 psia, the amounts of oil, steam, and noncondensable will be fixed. 



362 PROCESS HEAT TRANSFER 

At 173°F, the dew point of steam, P••• =: 6.417 psia 
Poii + PNc = 19.7 - 6:417 = 13.29 psia 

Mol/hr 
Oil= X 

NC gas = D%0 = 1.8 
Steam = 3791 8 = 20.55. 

22.35 +X 
But the 20.55 mol steam ""6.417 psia. 

19.7 X 20.55/(22.35 +X) = 6.417 
X = 40.75 mols oil 

The partial pressures of the components, being in the mol ratios, are 

Psi 
Oil ............... . 12.74 
NC gas ........... . 0.56 
Steam ............. . 6.42 

19.72 

173°F and 12.74 psia are equivalent to 180°F at 14.7. From Fig. 13.14 the molecular 
weight of the vapors is 85. 

Lb/hr vapor = 40.75 X 85 = 3470 lb 

01 C d d _ (131330 - 3470)HiO _ 7401 /O on ense - 13,330 - Yo 

It is now necessary to determine the amounts of steam and oil condensed at tempera­
tures below the steam dew point. In constructing Table 13.4 the partial pressure of 

TABLE 13.4. OIL CONDENSING CURVE 

Av BPon 
Par- Par-

Con-
EFC 

50° Total .tial 
tial 

dens- API Mol 
Mol 

Mol Mol pres- Cond 
NC pres- pres-

temp, % abies, 14.7 19.7 mol. oil ·steam total sure sure, sure 
NC OF 

lb/hr psia, psi a, wt. gas 
psia oil, 

OF OF psia gas, 
psia 

--------------------
100 13,330 300 317 124 107.5 1.8 20.6 129.9 19.7 16.3 0.273 305 
80 10,664 269 286 113 94.3 1.8 20.6 116.7 19.7 15.9 0.304 277 
60 7,998 239 256 103 77.7 1.8 20.6 100.1 19.7 15.3 0.354 240 
40 5,332 207 224 93 57.4 1.8 20.6 79.8 19.7 14.2 0.444 205 
20 2,666 178 195 84 31.8 1.8 20.6 54.2 19.7 11.6 0.654 163 
10 1,333 155 172 78 17.1 1.8 20.6 39.5 19.7 8.5 0.897 127 
5 667 141 158 75 8.9 1.8 20.6 31.3 19.7 5.6 1.13 95 

steam and the mols in the gas phase were considered constant. Actually, however, 
when the steam is condensed, it is the result of a continuously decreasing partial 
pressure. This correction is made below 
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The reduction in the partial pressure of steam in the mixture increases the partial 
pressure of oil, thereby increasing the percentage condensation for a given tempera­
ture. Thus for 80 per cent condensation if both the steam and noncondensable gas 
were removed, the temperature would correspond to 195"F on the 19.7 psia EFC 
instead of 163"F when the steam and noncondensable gas are present. 

Trial!: 

At 163"F, assume 90 per cent of oil vapor is condensed. 

Mol/hr mf 

Oil vapor 13,300 X 0.10/78 .. 17.1 17.1/(18.9 +X) 
NC gas ..................... 1.8 1.8/(18.9 +X) 
Steam .................... X X/(18.9 +X) 

Total. .................. 18.9 +X 

Then 19.7X/(18.9 +X) is the partial pressure of the steam. Since water is 
insoluble in the hydrocarbons, the partial pressure is also fixed by the saturation 
pressure given in the steam tables. 

For 163°F p • ..,.m = 5.09 psia 

19.7X/(18.9 +X) = 5.09 
X = 6. 58 mols steam 

Mol/hr 1nf mf X P• = PP•rtW 

Oil vapor ...... ' ..... 17.1 0.672 13.23 
NC gas .............. 1.8 0.070 1.38 
Steam ............... 6.58 0.258 5.09 

Total. ............. 25.48 1.000 19.70. 

A temperature of 163°F at 13.23 psia is equivalent to a temperature of 188"F at 19.7 
psia. From the EFC at 19.7 psia in Fig. 13.13 it will be seen that 16.5 per cent will 
be vaporized at l88°F or 83.5 per cent condensed. It was assumed that 90 per cent 
was condensed; hence the amount of oil assumed to be condensed was in error, requir· 
ing a new trial. 

Trial2: 

At 163°F assume 85 per cent of vapor condensed. 

Mol/hr mf mfXPt 

Oil vaporJ 13,330 X .15/81 .......... 24.7 0 692 13.62 
NCgas, 9%o ........ ........ ...... 1.8 0.050 0.99 
Steam, X (X = 9.23) 0.258 5.09 

1.00 19.70 

-
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163°F at 13.62 psia * 185°F on the 19.7 psia EFC. This point corresponds to 15 per 
cent liquid or 85 per cent condensed. The assumption checks the curve. 

Initial steam = 3 7% 8 = 20.55 mols 
Uncondensed steam at 163°F = 9.23 
Mols condensed, 173 - 163°F = 11.32 

Similarly 

T, •F Oil cond, % Oil cond, lb Steam cond, lb 
---

173 74 9,863 0 
163 85 11,350 204 
127 97.5 13,000 357 
95 100 13,330 370 

Condensing Curve. The following enthalpy data have been taken from Fig. 11 in 
the Appendix and the steam ·tables. The limitations of this type of petroleum 
enthalpy data may be found in the literature. The inconsistency of the enthalpy 
datum temperatures for steam and the oil vapor does not affect this solution, since 
only differences are involved. 

Oil Steam 

T,, °F H., Hz, H. or H., Hz, liquid vapor liquid gas or vapor 

305 368 242 1197.0 Superheated 
277 359 225 1184.1 Superheated 
240 337 204 1167.0 Superheated 
205 322 185 1150.6 Superheated 
173 310 168 1135.4 140.9 
163 306 163 1131.4 130.9 
127 293 144 1116.6 94.9 
95 283 128 1103.1 63.0 

Heat load 

3o5•F: H q 
Oil vapor = 13,330 X 368 = 4,920,000 
Steam 370 X 1197.0 = 443,000 
NC gas 90 X 0.46(273) = 11,300 

5,374,300 0 
277°F: 

Oil vapor = 10,664 X 354 = 3,770,000 
Oil liquid = 2,666 X 225 595,000 
Steam 370 X 1184.1 = 438,000 
NC gas 90 X 0.46(245) = 9,300 

4,812,300 562,000 
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240"F: H 
Oil vapor=­
Oil liquid = 
Steam 
NCgas 

7,998 X 337 = 2,695,000 
.5,332 X 204 = 1,088,000 

370 X 1167 = 432,000 
90 X 0.46(208) = 8,600 

4,223,600 

205"F: 
Oil vapor = 
Oil liquid = 
Steam 
NCgas 

5,332 X 322 = 1,715,000 
7,998 X 185 = 1,480,000 

370 X 1150.6 = 426,000 
90 X 0.46(173) = 7,200 

3,628,200 

173°F (dew point of steam): 
Oil vapor = 2,666 X 310 = 827,000 
Oil liquid = 10,664 X 168 = 1,790,000 
Steam 370 X 1135.4 = 420,000 
NC gas 90 X 0.46(141) =. 5,800 

l63°F: 
Oil vapor -= 1,980 X 306 
Oil liquid = 11,350 X 163 
Steam 166 X 1131.4 
Water 204 X 130.9 

3,042,800 

= 606,000 
= 1,850,000 

188,500 
26,700 
5,400 NC gall 90 X 0.46(131) = 

127•F: 
Oil vapor = 330 X 293 
Oil liquid = 13,000 X 144 
Steam 13 X 1116.6 
Water 357 X 94.9 
NC gas 90 X 0.46(95) 

95•F: 
Oil liquid = 13,300 X 128 
Water 370 X 63 
NC gas 90 X 0.46(63) 

These calculations are plotted in Fig. 13.16 

Summary: 
Inlet to steam dew point: 

2,676,600 

96,600 
= 1,870,000 

14,400 
33,900 
3,900 

2,018,800 

= 1,710,000 
23,300 
2,600 

= 1,735,900 

q 

588,700 

595,400 

585,400 

366,200 

657,800 

282,900 

5,374,300 - 3,042,800 = 2,331,500 Btu/hr 
Steam dew point to outlet: 

3,042,800 - 1,735,900 == 1,306,900 
Total 3,638,400 Btu/hr 

Total water = ~2~~~~ = 104,000 lbjhr 

365 
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In this particular problem the condensing curve from the inlet to the dew point 
of the steam is nearly straight. When both the· shell and tube steam temperature 
changes fl,re proportional to the heat load, the LMTD may be applied. 

Water temperature at dew point of steam, 

Weighted true temperature difference, At: 
Inlet to dew point of steam: 

T1 305 120.0 to 
Tx 173 97.5 ty LMTD = 122.2°F 

UA = !lq = 2,331,500 = 19 050 
!lt 122.2 ' 

Dew point of steam to outlet (from Fig. 13.16): 

\ !J.q T, I 
tw lll.v !lq = UA q 

I 
D.t ... 

2,331,500 ....... 173 97.5 
2,500,000 169,000 169 96 74 2,285 
2,750,000 250,000 161 93 70.5 3,550 
3,000,000 250,000 149 91 63 3,970 
3,250,000 250,000 134 89 51.5 4,850 
3,500,000 250,000 112 86 35.5 7,040 
3,638,000 138,000 95 85 18.5 7,460 

UA=l:~ 29,155 
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W · hted · Q 1•306•900 44 s•F elg At = ~ AgjM = 29,155 = . 

Overall weighted temperature difference: 

w · ht d t.t - 3•638•500 - 75 5•F elg e - 29,155 + 19,050 - · 

The uncorrected LMTD is 60.FF. 

The Overall Coefficient of Heat Transfer. The condensing curve of 
Example 13.6a is typical of the condensation which may occur for the 
phase system indicated. It is repeated here that the steam dew point 
may be higher than the oil dew point and that the steam may start to con­
dense first. When the latter occurs, the surface from the steam dew 
point to the oil dew point· can be treated as the ordinary condensation of a 
vapor from a noncondensable with the superheated oil vapor combining 
with the gas to form the total noncondensables. If the vapor enters at a 
temperature above either dew point, it is cooled to the first dew point as a 
dry gas, although this does not happen after .a distilling column, since the 
top plate vapor is always at a dew point. 
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FIG. 13.17. Condensing coefficients for vapors and noncondensab!es. 

Where steam is above its dew point, it is regarded as a noncondensable 
gas .as a matter of safety even though the tube-wall temperature may be 
below the dew point of the steam and therefore wet. When oil vapor 
condenses in the presence of noncondensables, the problem is again one 
of diffusion except that the equations employed heretofore for diffusion 
are not very reliable when calculated from the properties of vapors of 
high molecular weight. A curve for the condensing and diffusion coeffi­
cient for oil vapors in the presence of noncondensable gases is plotted in 
Fig. 13.17 as a function of the percentage of noncondensables. Its origin 
is discussed presently. 
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When steam diffuses through a noncondensable gas and the vapor of 
miscibles, the rate of heat transfer is quite different from that of pure 
diffusion. An unpublished correlation has been made ofthe overall clean 
coefficients U a obtained by calculating the pure diffusion of steam, using 
the method under Sec. 4 of this chapter, through gases with molecular 
weights between 16 and 50. The calculated data define a common line 
when U a is plotted against the percentage of noncondensables even 
though the operating pressures on the systems varied. The curve 
obtained from this data is taken as the base curve, and to it is added a 
film resistance corresponding to an oil layer of 0.002 in., which gives an 
average resistance o£.0.0020. The steam curve shown in Fig. 13.17 was 
arrived at in this manner. The. oil diffusion curve was established by 
taking the· pure condensing coefficient for a vapor and reducing it in the 
same percentage as the steam curve is reduced by the increase in the per­
centage of the noncondensables. The base value for the oil curve in 
Fig. 13.17 was 300, but any other condensing coefficient can be used and 
reduced accordingly. This will usually not be a necessary refinement. 
The use of the curves at low vacuums or very high pressures IS question­
able, but a large number of condensers have been designed at rates 
corresponding to those obtained by this method and have operated 
successfully. 

While a method based on using fictitious coefficients as suggested 
above may not be so desirable as a method employing individual film 
calculations, it has the advantage of being rapid. The cooling of the 
condensate to the outlet temperature in horizontal condensers may be 
treated similarly to that in Sec. 2, by using the free convection rate U of 
about 50 and applied to the average liquid-cooling sensible heat load. 
The water is. considered to be in the coldest passes, and the temperature 
rise of the water is figured accordingly. 

Example 13.6b. Calculation of a Condenser for the Condensation from Noncon­
densable of a Mixture Immiscible with Water. The vapor of Example 13.6a is to be 
condensed with a fouling factor of at least 0.0030 and pressure drops not exceeding 
2.0 psi for the vapor and 10.0 psi for the water. 

Available for the purpose is a 27 in. ID exchanger containing 286 1 in. OD, 14 BWG 
tubes 12'0" long laid out on Hi-in. triangular pitch. The bundle is arranged for 
eight tube passes and baffles are spaced 16 in. apart. 

Solution: 

Exchanger: 

Shell side Tube side 
ID = 27 in. Number and length = 286, 12'0" 

Baffle space = 16 in. OD, BWG, pitch = 1 in., 14 BWG, 1~ in. tri. 
Passes = 1 Passes = 8 
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Clean .surface requirements: 

Heat load inlet to dew point of steam = 2,331,500 Btu/hr 
At = 122.2°. h;. for water is 700 Btu/(hr)(ft'WF). 
From Table 13.4 at inlet 

NC gas +steam = 1.8 + 20.6 = 22.4 moljhr 
Total = 129.9 mol/hr 

% NC gas = 12;0~ = 0.1735 

From Fig. 13.17, h. = 205 Btu/(hr)(ft2)(°F) 
At dew point of steam 

Moljhr 
NC gas+ steam .......... 22.4 
Oil ....................... 40.75 

Total. .. . . . . . . . . . . . . . . . . 63 . 2 

% NC = ::; = 0.354 

From Fig. 13.17, h. = 140 
Log mean overall coefficient = 136.5 Btu/(hr)(ft~)(°F) 
At= 122.2°F 

1 - Q - 2,331,500 - 139 5 ft• 
• Cl - u At - 136.5 X 122.2 - . 
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At the dew point of the steam the water vapor is no longer considered a noncondens­
able gas. And since the remainder of the oil vapor is condensing, it is not to be con­
sidered a noncondensahle in the presence of water ve.por a.l.though the presence of each 
influences the rate of diffusion of the other. 
At dew point of steam to outlet: 

Mol/hr 
NC gas.......... 1.8 
Steam ............ 20.6 

TotaL ......... 22.4 

% NC gas= i2~4 = 0.080 

From Fig. 13.17, Uc = 212 (weighted for oil and steain) 
At outlet 

From Fig. 13.17, Uc = 15 

NC gas = 1.8 mols 
Steam= neg 

Log mean overall coefficient = 74.5 Btu/(hr)(ft2)(°F) 
At= 44.8°F 

A - . Q - 1,306,900 - 391 ft• 
co - u At - 74.5 X 44:8 -

Subcooling rate: Consider all the condensate cooled over half the entire condensing 
range. 

Heat of liquid (50°API) = 13,330 X 0.55(305 - 95)/2 = 770,000 Btu/hr 
Assume the coldest water passes are in contact with the condensate. 

W t . 770•000 X 35 7 4°F a er rJse = 3,638,400 = . 

Condensate, 305· to 95 °F 
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Water, 85 to 92.4°F 
LMTD = 66.3°F 
Use a value of U = 50 for free convection. 

A = _9_ = 770,000 = 232 5 ft• 
• U llt 50 X 66.3 . 

Total clean surface, Ac = 139.5 + 391 + 232.5 = 763 ft2 

Clean overall coefficient Uc: 

Uc = A~t:.t = 7!:3~·:.5 = 63.2 Btu/(hr)(ft2)(°F) 

Design overall coefficient U D: 

External surface/ft of length = 0.2618 ft 
A = 286 X 12'0" X 0.2618 == 897 ft2 

U 3,638,400 53 7 
D = 897 X 75.5 = . 

Dirt factor: 

Rd = u'&;u~D = ~~:; ~ ~g = 0.0028 (hr)(ft')(•F)/Btu 

The pressure drop is computed in the usual manner. 
Submerge (232.5/763)897 = 274ft' of surface 

Summary 

• I h outside I 
Uc 63.2 

UD 53.7 

Rd Calculated 0. 0028 

Rd Required 0.003 

0.8 Calculated t:.P 

2.0 Allowable t:.P 

"'Composite. Low dirt factor. 

PROBLEMS 

700 

5.6 

10.0 

13.1. The following vapor enters a condenser at 40 psia: 

Mols/hr 
c. 6.4 
c. 219.7 
Ce 2.3 

228.4 

(Table 10) 

Assume a pressure drop of 5 psi in the condenser. Available for the service is a 
25 in. ID 1-2 horizontal condenser containing 222 1 in. OD, 14 BWG, 12'0" long tubes 
arranged for eight passes on 1X-in. square pitch. Baffies are spaced 18 in. apart. 
Cooling is by water from 85 to 12o•F. 



CONDENSATION OF MIXED VAPORS 

(a) What is the true temperature difference? 
(b) What are ihe dirt factor and pressure drops? 
13.2. The following overhead vapor enters a condenser at 20 psia. 

Mols/hr 
c, 10.5 
c. 150.0 
C6 39.6 
c, 63.7 
c. 191.5 

Cooling is effected by water from 85 to 120°F. 
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Available for the service is a 23:!4 in. ID 1-2 horizontal condenser containing 308 
% in. OD, 14 BWG, 12'0" long tubes arranged for four passes on l-in. square pitch. 
Baffies are spaced 24 in. apart. 

(a) What is the true temperature difference? 
(b) What are the dirt factor and the pressure drop? 
13.3. The following overhead vapor enters a condenser at 50 psia. 

Mols/hr 
c, 31 
c, 245 
c. 124 

H,O 40 
440 

Cooling is effected'by water from 85 to 120°F. 
(a) What is the true temperature difference? 
(b) Calculate the size of 1~2 horizontal condenser required I or the service providing 

a millimum dirt factor of 0.004 and a pressure drop of 2.0 for the vapor and 10.0 for 
water. Use l-in. tubes on 1;!4-in. square pitch and a minimum water velocity of 3.0 
fps. 

13.4. 2800 lb/hr of air is saturated with water vapor at 203°F at 5 psi, and the 
mixture enters a condenser where it is cooled to 100°F by water from 70 to 100°F. 

Available for the service is a 27 in. ID 1-2 condenser containing 462 % in. OD, 
16 B.WG, 12'0" tubes arranged for four passes on 1-in. triangular pitch. Baffies arc 
spaced 24 in. apart. 

(a) What is the true temperature difference? 
(b) What are the dirt factor and the pressure drops? 
13.5. An oil has the following ASTM distillation curve: 

% distiUed "F 
IBP 310 

10 328 
20 338 
30 346 
40 354 
50 360 
60 367 
70 372 
80 377 
90 382 

100 387 
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28,000 lb/hr of oil (mol. wt. = 154) and .4400 lb/hr of steam enter a condenser at 
20 psia. Cooling will be effected by water from 85 to 100°F. Available for the 
service is a 31 in. ID 1-2 vertical.condenser 16'0" tall containing 728 % in. OD, 
l6 BWG, 16'0"long tubes arranged for two passes on l-in. triangular pitch. 

(a) What is the weighted Llt? 
(b) What are the dirt factor and pressure drops? 
13.6. A 48° API oil has the following ASTM distillation curve: 

% distilled oF 
IBP 100 

10 153 
20 190 
30 224 
40 257 
50 284 
60 311 
70 329 
80 361 
90 397 

End point 423 

15,300 lb /hr of oil vapor, 3620 lb /hr of steam, and 26,200 lb /hr of noncondensable gas 
(mol. wt. = 46) at 2.0 psi are to be condensed using cooling water with an inlet temp­
erature of 85°F. 

Available for the service are two 33 in. ID 1-2 horizontal condensers connected in 
series and containing 680 %in. OD, 14 BWG tubes 16'011 long laid out for four passes 
on l-in. square pitch. Baffles are at full pitch. 

(a) Considering the condenser to be at atmospheric pressure, what is the weighted 
t:.t? 

(b) What are the dirt factors and the pressure drops? 

A 
Ac 
A., A. 
A. 
a 
B 
0 

0' 
c 
lJ 
D. 
d 
D, 
d, 
F 

f 
fp,fl 

NOMENCLATURE FOR CHAPTER 13 

Heat-transfer surface, ft2 
Clean heat-transfer surface, ft2 
Heat-transfer surface for condensation and subcooling respectively, ft 2 

Heat-transfer surface corresponding to the heat load interval q, ft 2 

Flow area, ft2 
Baffle spacing, in. 
Specific heat of hot fluid in derivations, Btu/(lb)(°F); number of 

components in the phase rule, dimensionless 
Clearance between tubes, in. 
Specific heat of cold fluid, Btu/ (lb) (°F) 
Inside diameter of tubes, ft 
Outside diameter of tubes, ft 
Inside diameter of tubes, in. 
Equivalent diameter for heat transfer and pressure drop, ft 
Equivalent diameter for heat transfer and pressure drop, in. 
Degrees of freedom in the phase rule 
Friction factor 
Fugacity of the pure compound, fugacity at the total pressure, atm 



G 
Gm 
G' 
G" 
g' 
H., H; 
h, h;, h. 

Lc 
L, 

MA, MB 
Mm 
M. 
mf 
N 
Nd 
N, 

n 
p 

PT 
llP 
llPT, t>P,, APr 
p 
Pt, P> 

P.t 
llp 
Q 
q 
q, 

CONDENSATION OF MIXED VAPORS 

Mass velocity, lb/(hr)(ft2) 

Mol mass velocity, mol/(hr)(ft2) 

Condenser loading for vertical condensers, lb/(hr)(ft) 
Condenser loading for horizontal condensers, lb/(hr)(ft) 
Acceleration of gravity, ft/sec 2 

Enthalpy of the vapor, enthalpy of the liquid, Btu/lb 
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Heat-transfer coefficient in general, for inside fluid, and fo:r outsid•, 
fluid, respectively, Btu/ (hr) (ft2) (°F) 

Value of h; when referred to the :tube OD, Btu/(hr)(ft2)(°F) 
The average condensing film coefficient, Btu/ (hr) (ft2) (°F) 
Factor for heat transfer, (hD/k)(cp./k)-'fl<, dimensionless 
Factor for heat transfer, (h/cG)(cp./k)'ta, dimensionless 
Factor for diffusion, dimensionless 
Equilibrium constant, dimensionless 
Equilibrium constant for any single compound or the first compound, 

dimensioilless 
Diffusion coefficient, (lb-mol) I (hr) (ft2) (atm) 
Thermal conductivity, Btu/ (hr) (ft2) (°F /ft) 
Diffusivity, ft2 /hr 
Tube length, ft or total liquid, mol or mol/hr 
Liquid of a single compound or the first compound, mol or mol/hr 
Liquid of a single compound or the first compound condensed in an 

interval, mol or mol/hr 
'Length of tube on which condensation is effective, ft 
Liquid of a single compound condensed prior to an interval, mol or 

mol/hr 
Molecular weight of diffusing and.inert gases, respectively 
Mean molecular weight of vapor mixture, lb/mol 
Molecular weight of diffusing component, lb/mol 
Mol fraction, dimensionless 
Number of baffles, dimensionless 
Number of mols transferred by diffusion, dimensionless 
Number of tubes effective for condensation in a partially submerged 

bundle, dimensionless 
Number of tube passes; number of compounds in a mixture 
Number of phases in the phase rule 
Tube pitch, in. 
Pressure drop in general, psi 
Total, tube, and return pressure drop, respectively, psi 
Partial pressure in general, atm 
Partial pressures of the components; partial pressures for one com­

pound at two different points, atm 
Total pressure and pressure of the pure compound, atm 
Partial pressure of the inert gas in the gas body and at the condensate 

film, atm 
Log mean pressure difference of the inert gas between p• and p., atm 
Pressure difference of diffusing fluid between P• and p,, atm 
Heat flow, Btu/hr 
Heat flow for interval, Btu/hr 
Heat flow for condensation, Btu/hr 
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Ra 
Re 

T 
T,, T~ 
Tc 
Ts 
t, t,, t. 
lc 
t, 
t1v, t,. 
At 
U, Uc, UL' 

u., u. 

w 
Xt X1 7 .Xz 

Y, Y 1, Y, 
y, y,, Y• 
a 
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Combined dirt factor, (hr) (ft') (°F) /Btu 
Reynolds number, dimensionless 
Specific gravity, dimensionless 
Temperature of a gas mixture, oK 
Inlet and outlet temperatures of hot fluid, °F 
Temperature of condensate film; caloric temperature of hot fluid, °F 
Steam temperature, °F 
Cold-fluid temperatUre in general, inlet, and outlet, respectively, °F 
Caloric temperature of cold fluid 
Temperature of film, °F 
Temperature of water, tube-wall temperature, °F 
True temperature difference, °F 
Overall coefficient of heat transfer, clean coefficient, and design coeffi­

cient, respectively, Btu/(hr)(ft2)(°F) 
Clean overall coefficient for condensation and subcooling, respectively, 

Btu/ (hr) (ft') (°F) 
Velocity, fps or total vapor, mol or mol/hr 
Vapor of a single compound or the first compound, mol or moljhr 
Molar volumes of diffusing and inert gas, dimensionless 
Weight flow of hot· fluid, lb /hr 
Weight flow of cold fluid, lb /hr 
Mol fraction in liquid 
Total vapor feed or each eomponcnt, mol or mol/hr 
Mol fraction in vapor 
Relative volatility 
Latent l1eat of vaporization, Btu/lb 
VIScosity, centipoises X 2.42 = lb/(ft)(hr) 
Viscosity at the tube-wall temperature, centipoises X 2.42 = lb/ 

(ft)(hr) 
Density, lb/ft3 
Viscosity ratio, (p.jp..,)"·,. 

Subscripts (except as noted above) 

a 
c 
f 
g 

v 

Average 
Condensate or condensing 
Film 
Gas (inerts) 
Inert 
Liquid 
Shell side 
Tube side 
Vapor 



CHAPTER 14 

EVAPORATION 

The Mechanism of Vaporization. Much of our present knowledge of 
the boiling phenomenon is obtained from the work of Jakob and Fritz1 

and later researches of Jakob. 2 When steam flows through a tube which 
is submerged in a pool of liquid, minute bubbles of vapor form at random 
points on the surface of the tube. The heat passing through the tube 
surface where no bubbles form enters the surrounding liquid by convec­
tion. Some of the heat in the liquid then flows toward the bubble, caus­
ing evaporation from its inner surface into itself. When sufficient 
buoyancy has been developed between the bubble and the liquid, the 
bubble breaks loose from the forcesholding it to the tube and rises to 
the surface of the liquid pool. Kelvin postulatEJd that, in order for this 
behavior to prevail, ·the liquid must be hotter than the saturation temper­
ature in the incipient bubble. This is possible, since the spherical nature 
of the bubble establishes liquid surface forces on it so that the saturation 
pressure inside the bubble is less than that of the surrounding liquid. 
The saturation temperature of the bubble being lower than that of the 
liquid surrounding it, heat flows into the bubble. The number of points 
at which bubbles originate is dependent upon the texture of the tube 
surface, the number increasing with the roughness. Jakob and Fritz 
have detected the presence of superheated liquid close to the heating 
surface and have found the difference between the temperature of the 
superheated·ljquid and the saturation temperature of the vapor to be less 
for rough surfaces than for smooth surfaces. 

Heat transfer by vaporization without mechanical agitation is obvi­
ously a combination of ordinary liquid free convection and the additional 
convection produced by the rising stream of bubbles. Under very small 
temperature differences between tube wall and boiling liquid the forma­
tion of bubbles proceeds slowly and the rate of heat transfer is essentially 
that of free convection as given in Eqs. (10.13) and (10.14). The 
surface tension as an influence on bubble formation and growth is another 
variable as shown in Fig. 14.1. The surface tension of water against air 

1 Jakob, M., and W. Fritz, Forschr. Gebiete lngenieurw., 2, 434 (1931). 
2 Jakob, M., Mech. Eng., 1!8, 643 (1936); "Heat Transfer," Vol. 1, John Wiley & 

Sons, Inc., New York, 1949. 
315 
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is approximately 75 dynes/em at room temperature, whereas the majority 
of organics have surface tensions ranging from 20 to 30 dynes/em at 
room temperature. The surface tensions of most liquids at their respec­
tive boiling points, however, are probably not so far apart as at room 
temperature. The surface tensions of the liquids against metals may also 
differ from their surface tensions against air, since the rate of vaporization 
of water is actually much greater than that of organics under identical 
conditions. If the surface tension of the liquid is low it tends to wet 
surfaces, so that the bubble in Fig. 14.1a is readily occluded by the liquid 
and rises. For liquids with intermediate surface tensions, as in Fig. 
14.1b, a momentary balance may exist 
between the bubble and the tube wall, 
so that it is necessary to form larger 
bubbles before the buoyant force can 
free it from the surface. The bubble 
in Fig. 14.lc indicates the influence of 
high surface tension. 

1,000,000 

100,000 

~ 
0 

:;- 10,000 
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.s:J.!±i~li.1 lw 1--1----
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1 5 10 50 100 
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Fro. 14.1. Effect of interfacial tension on bub- FIG. 14.2. Bpiling curve of water from 
ble formation. (After Jakob and Fritz.) pools. (After McAda1m.) 

Consider the typical boiling coefficient curve of McAdams1 based on 
the data on several investigators for water as shown in Fig. 14.2. From 
a (Llt)w above 5°F there is a relatively straight logarithmic relationship 
between the coefficient of vaporization and the temperature difference, 
where (Llt),. is the difference between the tube wall and the vapor tempera­
tures. This relationship changes, however, at the critical temperature 
difference, which occurs at about 45°F for water evaporating from pools. 
At that temperature difference the hot surface and liquid approach the 
condition shown in Fig. 14.3. There is a predominance of vapor at the 
tube wall because of the high rate of heat throughput, and very little 
liquid actually contacts the hot tube wall. This condition is called 

1 McAdams, W. H., "Heat Transmission," p. 296, McGraw-Hill Book Company, 
Inc., New York; 1942. 
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blanketing or vapor binding, wherein the large amount of vapor formed at 
the tube wall actually serves as a gas resistance to the passage of heat 
into· the liquid and· reduces the film coefficient for vaporization as the 
temperature difference increases. Drew and Mueller1 have reported the 
critical temperature differences for a number of organic compounds under 
varying conditions of surface and the organics exhibit a critiual tempera­
ture difference of roughly 60 to 120°F. When vaporization takes place 
directly at the heating surface, it is called nuclear boiling, and when it 
takes place through a blanketing film of gas, it is film boiling. 

A useful criterion of performance during vaporizatiun is that of the 
maximum attainable heat flux defined as (Q/A)max or (U At)max. The 
heat flux vs. (At)w is plotted for boiling water as the upper curve of Fig. 
14.2. It represents the number of Btu per hour being transferred per 
square foot of surface with the maximum attainable flux corresponding 
to the heat flow at the critical tern-
perature difference. For water at _____________ _ 
atmospheric· pressure this occurs, ------------- --

according to McAdams,
2 

when =-r-l-:::-n--u-=--n-= 
h. = 8800 and (Q/ A)max = 400,000 
and at higher pressures both val-
ues increase. More than (Q/ A)max 't4fe(;ff;lq:n:;ac; • 
Btu/(hr)(ft2) cannot be forced· Q 

b FIG. 14.3. Incipient blanketing. (Afte1' 
through the heating surface e- Jakob and Fritz.) 

cause of the appearance of a gas . 
film. When a higher (At)w than the critical is employed, a smaller vapor­
ization coefficient results and the flux similarly decreases. It follows 
then that the large temperature differences so favorable to conduction 
and convection may actually be a hindrance to vaporization. 

The following factors are found to affect the rate of heat transfer by 
vaporization from pools and have defeated, to a great extent, the possi­
bility of obtaining one or two simple correlations applicable to the major­
ity of liquids: (1) nature of the surface and distribution of bubbles; (2) 
properties of the fluid such as surface tension, coefficient of expansion, and 
viscosity; and (3) the influence of the temperature difference upon the 
evolution and vigor of the bubbles. 

Effect of Pressure and Properties on the Vaporizing Coefficient. Much 
of the present method of calculation of vaporization from pools consists of 
nothing more than the use of observed coefficients for individual liquids 
reported at atmospheric pressure. If the coefficient for vaporization 
from a pool has been reported for a fluid at atmospheric pressure, it can 

1 Drew; T. B., and A. C. Mueller, Tmns. AIChE, 33, 449-471 (1939). 
2 McAdams, op. cit., p. 297. 
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be converted to subatmospheric pressures by the equation of Jakob: 1 

~ p )~" hv = hv,l4.7ps;.. --. 
14.7 poia 

(14.1) 

For superatmospheric pressures up to 226 psi the coefficient is given by 

~ )~· hv = hv,l4.7pol& _P __ 
14.7 paia 

(14.2) 

where h, and p refer to the new conditions. 
Since blanketing is caused by the accumulation of vapor bubbles, the 

pressure on the system is important in defining the size of individual 
bubbles. The influence of the viscosities and surface tensions of liquids 
on their respective atmospheric coefficients as functions of the absolute 
values of the properties has not been correlated. From experiments on 
single liquids outside single tubes with variable pressure Cryder and 
Finalborgo, 2 working at low fluxes, obtained a family of curves of nearly 
uniform slope when plotting h, vs. (.:lt),.. Their mean equation is 

(14.3) 

where h, and t refer to the new conditions. 
Classification of Vaporizing Equipment. There are two principal 

types of tubular vaporizing equipment used in industry: boilers and vapor­
izing exchangers. Boilers are directly fired tubular apparatus which 
primarily convert fuel energy into latent heat of vaporization. Vapor­
izing exchangers are unfired and convert the latent or sensible heat of 
one fluid into the latent heat of vaporization of another. If a vaporizing 
exchanger is used for the evaporation of water or an aqueous solution, it 
is now fairly conventional to call it an evaporator. If used to supply the 
heat requirements at the bottom of a distilling column, whether the vapor· 
formed be steam or not, 'it is a reboiler. When not used for the formation 
of steam and not a part of a distillation process, a vaporizing exchanger is 
simply called a vaporizer. When an evaporator is used in connection 
with a power-generating system for· the production of pure water or for 
any of the evaporative processes associated with power generation, it is a 
power-plant evaporator. When an evaporator is used to concentrate a 
chemical solution by the evaporation of solvent water, it is a chemical 
evaporator. Both classes differ in design. Unlike evaporators it is the 
object of reboilers to supply part of the heat required for distillation 
and not a change in concentration, although a change generally cannot 

1 Jakob, M., Tech. Bull. Armour Inst. Tech., ll, N0 . 1 (1939). 
2 Cryder, D. S., and A. C. Finalborgo, Trans. AIChE, 33, 346-361 (1937). 
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be avoided. Very often the term evaporator is also applied to a combina­
tion of several pieces of equipment each of which can also be defined as 
an evaporator. 

Unfortunately certain classes of evaporators are still designed as part 
of an art rather than the rational summation of the individual resistances 
to heat flow as practiced heretofore. This is due to the high transfe< 
coefficients with which certain classes of evaporators operate and the 
difficulty of identifying each of the small individual resistances which 
make up the overall resistance. As in the case of surface condensers in 
Chap. 12, numerous classes of evaporators are designed on the basis of 
·accepted overall coefficients, and it is these classes and their processes 
which are treated in this chapter. Generally they involve vaporization 
from pools as compared with vaporization in the shell or tubes of a 1-2 
exchanger. Evaporators which may be or are usually designed from 
individual coefficients will be treated in Chap. 15. 

POWER-PLANT EVAPORATORS1 

Introduction. One of the main purposes of power-plant evaporators is 
to provide relatively pure water for boiler feed. The principal features 

Stlfefy vPive 
connecflon 

Fro. 14.4. Power-plant evaporator. (The Lummus Company.) 

·incorporated in power-plant evaporators are a tubular heating element, a 
space in which the liquid droplets which are carried up by the bursting 
bubbles may be disengaged, and a means of removing the scale from the 
outsides of the tubes. Three typical examples, each with merit, are 
shown in Figs. 14.4 to 14.6. In Fig.l4.4 the tube bundle is laid out fiat 
and the feed is introduced at the bottom. In Fig. 14.5 the bundle is 
Gylindrical and the feed is introduced just below the liquid level. All 

1 The author is indebted to Gerald D. Dodd of the Foster Wheeler Corporation for 
his generous assistance in the preparation of this section. Readers interested only in 
chemical evaporation may omit pages 379 to 393 without loss of context. 
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operate half full of water, the upper half being the disengaging space, and 
all are equipped with separators which return the entrained liquid below 
the liquid level in the evaporator. 

The Treatment of Feed Water. When a pound of steam is evaporated 
from a pool of boiling water, most of the impurities originally in the water 

Manhole 

Feed 

Vapor 
Sept:~r,.for 

Sprax inlet 

Slowdown 
FIG. 14.5. Power-plant evaporator. (Alco Product&.) 

FIG. 14.6. Power-plant evaporator. 

Prain 

remain behind and in time tend to form scale on the submerged heating 
surface. All natural water contains mineral salts, of which those of 
calcium and magnesium in particular form scale. The scale forms more 
rapidly on hot surfaces and is an additional resistance to the flow of heat. 
This is detrimental to the performance of evaporators which are designed 
for high rates of heat transfer. Water is classified as hard or soft prin~ 
cipally from its behavior in household use. Soap reacts with the calcium 
and magnesium salts, forming insoluble compounds, but water which is 
considered soft in the home may still be unsatisfactory as feed to a con­
tinuous evaporator. In order to reduce the accumulation of the scale-· 
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forming materials, it is customary to vaporize only 90 per cent of the 
water feed continuously, the remaining 10 per cent being drained con­
tinuously as blowdown. 

There are three principal chemical means by which waters are softened. 
These are (1) the cold lime-soda process, (2) th,e hot lime-soda process, and 
(3) the zeolite process. The last is by far the-commonest on new installa­
tions. In the sodium zeolite process a complex sodium silicate reacts 
continuously with the scale-forming compounds of the feed water, replac­
ing the positive ions of the calcium and magnesium compounds with 
sodium ion~ and at the same time retaining the calcium and magnesium 
compounds as calcium and magnesium zeolites. It is therefore necessary. 
to have two zeolite beds in operation so that the calcium and magnesium 
can be removed from one bed while the other accumulates calcium and 
magnesium as zeolites. A detailed discussion of water conditioning is 
beyond the scope.of this chapter, but since evaporation is itself a purifica­
tion process, the question arises as to the need for preliminary chemical 
purification. The reasons are as follows: When bubbles of vapor are 
disengaged from the liquid at the surface of a pool, the vapor entrains, or 
carries off, some of the liquid water with it which has not been distilled 
and consequently contains the impurities of the concentrated blowdown. 
When these small quantities of carry-over are continuously fed to a 
boiler, they cause scale deposition on the boiler tubes. In addition they 
increase the quantity of blowdown which must be removed from the 
boiler where the temperature is greater than in the evaporator and which 
represents an added loss in sensible heat from the power generating 
system. 

The softening of water prior to entering the evaporator is in no sense a 
guarantee of the purity of the final boiler feed since a number of factors 
influence the amount of entrainment occurring at the surface of the 
liquid. Significant is the ratio of the total solids to suspended solids 
or the ratio of total solids to sodium alkaline solids, particularly when 
accompanied by a large quantity of suspended solids or a minute quantity 
of inorganic solids. When the softening reduces the surface tension of 
the water appreciably, excessive priming or foaming invariably results. 
The control of foaming is consequently one of the most important con­
siderations in evaporator design. The standard required purity of a 
typical evaporator product in the United States contains not more than 
two to four parts of mineral solids per U.S. gallon. . Notwithstanding 
these precautions the formation of scale in an evaporator is such that it is 
considered normal to descale a power-plant evaporator every 24_hr. 

There are three principal types of scale: (1) soft scale which can be 
washed from the tube, (2) hard scale which can be removed only manu-
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ally, and (3) hard scale which can be shocked from the tube. All three 
evaporators in Figs. 14.4 to 14.6 are equipped for the removal of the last 
type of scale. The principle of scale removal by shocking is as follows: 
In Figs. 14.4 and 14.5 the distance between the tube sheets is fixed by 
external bars connecting them. In order to descale, all the hot water is 
removed from the shell and steam is circulated through the tubes, caus­
ing expansion of the tubes alone so that they bow if originally straight 
or straighten if originally installed with a bend at their centers. The hot 
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scale is stressed owing to the expansion, and cold water is sprayed on the 
tubes, resulting in a sudden differential contraction which cracks the 
scale and causes it to be shed. If the evaporator is small, 100 to 600 ft2

, 

it is customary to flood the shell with cold water instead of spraying. For 
large installations the time required to fill and drain the shell would cause 
too long a shutdown period, and spraying is employed. Another varia­
tion of the power-plant evaporator is shown in Fig. 14.6 using serpentine 
tubes. The bundle is stressed between the vertical support pieces so. 
that the scale is effectively removed from the curved portions as well as 
the fiat portions of the tube. 
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Heat-transfer Coefficients in Power-plant Evaporators. The rates of 
heat transfer in power-plant evaporators, as mentioned before, are not 
treated on the basis of individual film coefficients. Because of the 
rapidity of scale formation and the nature of the scale resistance, the 
overall rates are based on the normal operating cycle of about one 
descaling every 24 hr. In Fig. 14.7 the percentages of a base average 
overall coefficient U » are plotted against lit which in an evaporator is the 
difference between the saturation temperature of the heating steam and 
the saturation temperature on the shell side. This temperature differ­
ence is always employed when evaporators are designed from overall 
coefficients. In the power-plant evaporator it is called the temperature 
head, and in chemical evaporators it is the apparent temperature difference, 
designated (llt)a. The values of U » and llt so defined permit the direct 
substitution of U v in Q = U »A llt. The overall coefficient is greatly 
influenced by the pressure on the system, since the vapor volume of the 
bubbles is less at high pressure than at low pressures so that larger coef­
ficients may be expected for the former. This is reflected by the curves 
which have been plotted in Fig. 14.7 as functions of the vapor temper­
ature and which represent indirectly the operating pressure of the shell side. 
The curves level off abruptly at high-temperature heads owing to incipient 
vapor blanketing. · The base value of the overall coefficient is varied in 
industry owing both to special problems suggested by a chemical analysis 
of the water and to changing competition among manufacturers. 

A value of 700 Btu/(hr)(ft2)(°F) is a fair average for the base value of 
U », although higher base coefficients have frequently been used. 

Example 14.1. Calculation of Evaporator Surface. · 10,000 lb/hr of distilled water 
is required froi:n untreated water. Steam is available at 300°F, and the condenser 
will vent to the atmosphere. How much surface is required? 

Assume a pressure drop through the condenser and lines of about 5 psi. The satura­
tion temperature in the evaporator shell will be 19.7 psia or 226°F. 

Heat balance: 

Q • .,.P = 10,000 X 961 = 9,610,000 Btu/hr 
Qsoo'F = 10,550 X 910 = 9,610,000 Btujhr 

Temperature head: 

At = 300 - 226 = 74"F 

Overall coefficient: 
From Fig. 14.7 at a heat head of 74°F and a vapor temperature of 226°F, the coeffi. 

cient is 86.5 per cent of base. Using a base of 700 Btu/(hr) (ft2)"F 
UD = 700 X 0.865 = 605 

A = _g__ = 9,610,000 = 2150 ft2 
Up At . 605 X 74 
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Temperature Differences at Less than Maximum Flux. The preced­
ing calculation is of value only to estimate the surface requirement. The 
surface will fill half of the shell or less, and the method of spacing the sur~ 
face varies greatly with different manufacturers. Tubes, as a rule, are 
spaced farther apart in evaporators than in exchangers. 

According to Fig. 14.7 it would be possible to obtain increasing overall 
coefficients up to a temperature head of 100°F although the vapor temper­
ature is 212°F corresponding to atmospheric pressure. Previously it was 
stated that the critical temperature difference at atmospheric pressure 
was 45°F. A temperature head of At of 100°F corresponds to a critical 
temperature difference (At),. of about 75°F but the limitation of the 
critical temperature difference holds only when operating at maximum flux. 
In Fig. 14.7 the flux for 212°F vapor and At = 100°F is 

700 X 0~85 X 100 = 60,000 Btu/(hr)(ft2) 

If the flux has a value less than maximum, the temperature difference (At),. 
may be greater .than the critical temperature difference. The flux is 
the princip~l index of vapor binding, and for this reason it is always 
restricted to a fraction of the maximum attainable when designing com­
mercial evaporators. Restricting the flux to a design maximum amounts 
to an increase in the total surface for the purpose of reducing the amount 
of vaporization per unit of heat~transfer surface. 

Multiple-effect Evaporation. In the production of distilled water the 
vapor formed in the evaporator is useful steam as well as relatively pure 
water. If a pound of steam is supplied to an evaporator as shown in 
Fig. 14.8a, it can be used to produce about 0.9lb of steam from a pound 
of water. The remaining O.llb of water contains the bulk of the impuri­
ties, and it is removed from the evaporator as evaporator blowdown. 
The 0.9 lb of vapor from the evaporator can be condensed by partially 
preheating the evaporator feed, or in the power plant, it can br, mixed 
directly with cold return condensate before being fed to the boilr r. 

If, however, the original pound of steam was supplied to a process 
as shown in Fig. 14.8b and the vapor produced in the first evaporator 
was then used as a heat source in a second evaporator operat ng at a 
lower pressure than the first, an additional utilization could be made of 
most of the heat. If both evaporators in Fig. 14.8b were fed in parallel 
with raw water, about 0.85 lb of pure water would be formed in the first 
effect and about 0.75 lb would be formed in the second effect. For each 
pound of steam supplied about 1.6lb of pure water would be produced. 
The original pound of steam can also be considered a pound of pure water. 
When the vapor formed in the first effect is reused as the heating medium 
in a second effect, it is a double-effect evaporator. When applied to three 
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effects as shown in Fig. 14.8c, it is a triple-effect evaporator and the original 
pound of steam produces about 2.25 lb of pure water. 

In order to maintain temperature differences for heat transfer between 
the vapor from one effect and the boiling liquid of the next effect, the 
pressure on each succeeding evaporator must be lower than its prede­
cessor. The quantity of blowdown, which is arrived at from experience 
with water of different impurities, carries with it considerable sensible 
heat and thereby reduces the amount of vaporization which can be 
realized in succeeding effects. Due in part to this escape of heat from the 
system there is a limit to the number of effects which are justifiable. The 
fixed charges for additional effects ultimately dissipate the savings in 
energy which result from the use of a large number of effects. 

Power-plant Evaporation Processes. Power-plant evaporation proc­
esses fall into four classes: 

1. Make-up evaporators for boiler feed 
2. Process evaporators for the production of purified water 
3. Heat-transforme1· evaporators 
4. Salt-water distille1·s 

These processes are discussed below with typical flow sheets which con­
tain all the necessary information computed from simple heat balances. 
Since only enthalpy differences are involved, it has not been felt necessary 
to include the individual heat balances for each case. 

1. Make-up Evaporators. Make-up evaporators supply boiler feed 
water to replace leakage and losses from the system as process steam in 
plants or as discarded condensate. This is by far the largest class of 
evaporation process and is usually accomplished in a single-effect evapo­
rator, although occasionally a double-effect evaporator may be used 
depending upon the characteristics of the condensate cycle in the power 
plant and the amount of make-up required. There is hardly a power 
plant built today which does not inolude such equipment. The evapo­
rators themselves are small, containing about 100 to 1000 ft2 of surface. 
Typical process examples of the use of single-effect make-up evaporators 
are shown in Figs. 14.9 and 14.10. · In Fig. 14.9 a turbine operating on 
150,000 lbjhr of steam at 400 psig and superheated to 800°F is bled in 
three stages to supply sufficient high-temperature superheated steam so 
that the make-up can be heated to the saturation temperature of the 
boiler corresponding to 400 psig. Naturally saturated steam at 400 psig 
cannot be used to heat feed up to its saturation temperature. It can be 
shown by an economic balance that it would be wasteful to use steam 
directly from the superheater at 800°F for fced-Yrater heating in prefer­
ence to the use of partially spent superheated steam from the turbine. 
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Bleed steam from the eighth stage of the turbine is run directly to the 
evaporator where it vaporizes 9000 lb/hr of make-up. The vaporized 
make-up and evaporator steam are both condensed in an evaporator­
condenser by the bulk of boiler feed with a 5°F temperature approach. 
The remainder of the diagram is obtained by trial-and-error calculation 
for the optimum efficiency of the cycle. 

A variation of this flow arrangement is shown in Fig. 14.10 in which 
some of the steam formed in the evaporator is combined with the make-up 

ISO,OOO lh/hr 
400*ga soo•F 
/4/5.88fu 

c 

u4.s• ~-tmzU-r:l 
159.500 lb/hr 

JJ7.5• To boiler 

/18,S78lb/hr 

500,0008/u 
SOO!b/hr 

FIG. 14.9. Single-effect make-up evaporator with evaporator-condenser between two 
bleed. heaters.· 

in a preheater. The remainder of the steam formed in the evaporator 
goes to an evaporator-condenser, where it is condensed by the boiler feed. 
The condensate from the evaporator tubes and the evaporator-condenser 
is then combined in the flash tank. In the flash tank the condensate 
from the evaporator comes out as superheated (339.4°F) liquid compared 
with the condensate from the evaporator-condenser· (313.3°F), and a 
portion flashes back to the evaporator-condenser, thereby providing all 
the pressure differences necessary for the operation of the equipment. In 
Fig; 14.11 a triple-effect evaporator is shown for cases where an exces­
sively large amount of make-up water is required. 
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The location of the evaporator-condenser is important. In the modern 
power plant the evaporator is heated by turbine bleed steam and the 
vapor produced discharges either into a stage heater on the next bleed 
point below or into an evaporator-condenser located between t.he two 
stage heaters A and C (see Fig. 14.9) where B is a feed-water heater. 

To deaending 
het:rfer 

457,000 lb/hr 
JOS.!"F 

457,000/b/hr 
2S5"F 

FIG. 14.10. Single-effect make-up evaporator with preheater, evaporator-condenser, and 
flash tank. 

Fw. 14. 11. Triple-effect make-up evaporator. 

The latter arrangement is generally the most economical particularly if 
the vapor condensed is on the suction side of the boiler feed pump, i,e., 
the low-pressure end of the bleed cycle. If there is sufficient temperature 
difference between the two stages in question, A and C, the evaporator 
will receive steam from the same bleed point from which the higher stage 
heater 0 receives steam. The evaporator-condenser is then located 
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between that particular stage heater and the next lower one B. This 
arrangement permits taking all the heat for heating feed water in the 
evaporator-condenser and for the higher of the two feed heaters C, from 
the high bleed point without displacing the bleed steam from the next 
lower bleed point. It can readily be seen that, if the evaporator dis­
charges into the next lower bleed heater, the heat absorbed in the next 
lower heater will come from the next higher bleed point and will have 
by-passed several stages of the turbine in so doing, resulting in a loss of 
kilowatts. 

2. Process Evaporaiors. There are a number of industries which con­
tinuously require large quantities of distilled water. This type of plant 
employs double, triple, or quadruple effects and receives heat either 

rrom flash tank N•.J 222,0/S lh/hr 
Less.sleam afJSp$1« 83_20Sib/hr 2?2,0/>lb/hr 
Netdishlled wafer 1~8/0 lb/hr 

FIG. 14.12. Triple-effect process evaporator. 

from a bleed point or from the boiler directly. The selection of the 
number of effects is closely allied to the relationship among the fixed 
charges and the steam operating cost. M1.1ltiple-effect evaporators with 
parallel feed need not have all effects simultaneously in operation and 
can therefore be adjusted if the demand for distilled water varies. Evap­
orators for this type of service are generally of medium size, about 
500 to 2000 ft2 per shell. A ·typical triple-effect process evaporator 
is shown in Fig. 14.12, where 83,205 lb/hr of steam at 35 psia (20 lb 

· gage) and saturated is split to mix directly with the cold feed at 70°F 
and for vaporization in the evaporator. This process employs several 
of the elements discussed under make-up evaporators. The final product 
is 222,015 lb/hr of distilled treated water. In order to obtain a maxi­
mum quantity of vaporization from a given quantity of steam initially 
near atmospheric pressure, temperature differences are maintained from 
the first to the last effect by operating Vvith the last effect under vacuum. 
This is accompllshed ·by using a steam jet vacuum pump on the last 
effect. Thus the shell side of the first effect in Fig. 14.12 operates at 
18.9 psia or 225°F, the second at 8.6 psia or 186°F, and the third at 
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2.5 psia or 134°F. This establishes differences .ih the effects. of 34, 
39, and 52°F. The operating pressures for each of the effects is deter­
mined by trial and error, so that all three effects will have the same 
surface as calculated by A = Q/U D At. This procedure will be demon­
strated in detail in the treatment of a chemical evaporator. If the 
vacuum were not applied, the maximum available temperature difference 
over the three effects would be from 259 to 212°F or 47 instead of 125°F 
as shown in the flow sheet. 

The principle of vacuum evaporation is extensively used in chemical 
evaporation. Since the vapor from the last effect is at a low temperature, 
it has little value in the preheating of the feed, its temperature in this 
case being 134 °F. The evaporator-condenser, therefore, operates with 
cooling-tower water instead of feed water. It will be noted that, although 

40£800/h 'hr 
210'F 

Evap feed P'""P 

Heat-transformer evaporator. 

the heat from the last-effect vapor is rejected, the blowdow'n heat losses 
of such a system are reduced considerably by being at a low heat level. 
The steam required for the vacuum pump must also be taken into account 
in computing the efficiencies of vacuum processes. 

3. Heat-transformer Evaporators. The heat-transformer evaporator is a 
single-effect system of one or more shells in parallel receiving steam 
from the exhaust of a high-pressure turbine or high-pressure engine. 
Flow sheets are shown in Figs. 14.13 and 14.14. The. purpose of this 
type of evaporator is to condense steam from a high-pressure boiler which 
has passed through a high-pressure turbine and into the evaporator. The 
condensate is then returned directly to the high-pressure boiler by a 
pressure booster, thereby keeping the high-pressure circuit closed and 
continuously supplied with high-:pressure boiler water and steam. Obvi­
ously high-pressure boiler and turbine installations are favorably affected 
by this circuit. By the condensation of the exhaust steam from the high­
pressure turbine or engine the heat transfer in the evaporator is used to 
produce large quantities of process steam, all or a large part of which is 
never returned to the evaporator system. If the condensate is ·not 
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returned, it is because it may be difficult to collect or the vapor may be 
consumed in a chemical or heating process or it may be continuously 
contaminated. 

This type of evaporator is relatively large, having been built in a single 
unit in sizes up to 11,000 ft2 of surface and capable of producing 150,000 
to 200,000 lb/hr of steam. Single evaporators of this size are 10 to 11ft 
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FIG. 14.14. Heat-transformer evaporator. 

in diameter and 40 to 50 ft in length. There are not many of the larger 
installations, but where large quantities of process or heating steam are 
required, it is readily understood that a high-pressure boiler operating 
at 1400 psi throttle pressure and exhausting at 200 psi produces large 
quantities of "by-product" power. This power is charged only with the 
heat extracted .on the passage of the steam through the turbine, the 
remaining charges being debited to the cost of producing high-pressure 
steaJr>., the primary object of the steam cycle. When the energy from a 
high-pressure line is continuously used to produce low-pressure steam 
for purposes outside the original installation, it is called a heat tran8former 
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from its similarity to a stepdown electrical transformer and also a reduc­
•:ng-valve transformer. It is actually the only way in which high-pressure 
saturated steam can be converted to low-pressure saturated steam with­
out superheat. The reason for the reducing-valve evaporator, however, 
is primarily to preserve the pressure on the high-pressure side. 

Sometimes the heat going to process must be transported a consider­
able distance. To prevent condensation the vapor should be somewhat 
superheated before leaving the generating system, although the heat­
transformer evaporator produces only saturated steam. For this purpose 
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FIG. 14.15. Heat-transformer evaporator supplying superheat. 

the arrangement shown in Fig. 14.15 is generally used to provide a heat 
exchanget or reheater which passes the steam to the heat-transformer 
evaporator through the tubes and the vapor from the evaporator through 
the shell, thereby providing some superheat. 

4. Salt-water Distillers. A pound of fuel can normally yield about 
10 lb of steam, and in a double-effect evaporator for use with salt water 
10 lb of steam will yield a total of 18.5 lb of pure water. It is little 
wonder, then, that ships at sea c~mmonly produce their own water 
requirements from sea water. Sea water contains about 3 per cent solids 
by weight corresponding to about 34,000 ppm compared with 340 ppm 
in fresh water. Instead of about 90 per cent vaporization it is customary 
to vaporize only about one-third of the feed. The remainder, containing 
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about 5 per cent solids or 51,000 ppm, is dumped overboard. Because 
of the largeness of the blowdown the use of a vacuum system with low 
evaporation temperatures is desirable, since low temperatures are also 
favorable to low rates of scaling. Unlike evaporators in stationary power 
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FIG. 14.16. Salt-water distiller. 
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plants salt-water evaporators or distillers operate for 600 to 700 hr with­
out descaling. The flow sheet of a typical salt-water distiller is shown in 
Fig. 14.16. 

Vacuum Operation of a Process. Evaporators frequently operate with 
the last effect under vacuum, and one of the important considerations is 
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the method of continuously maintaining the vacuum. The use of a 
mechanical compressor on the last stage is usually prohibitive because of 
the energy required for compression. The specific volume of water vapor 
at 2 in. Hg abs is 399.2 ft3 /lb. Furthermore, there is little reason to 
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:b'ro. 14.18a. Two-stage ejector 
with jet inter- and aftercondensers. 
(Footer Wheeler Corporation.) 

barometric condenser with air ejectors, an example of which is shown 
in Fig. 14.17. It is operated by the two steam jet ejectors. 

A single ejector connected to a condenser is capable of maintaining a 
vacuum of about 26.5 in. Hg abs and can be made with several jets 
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replacing the single-motive steam nozzle. This provides a more uniform 
distribution of steam in the mixing zone. When a vacuum of 26.5 to 
29.3 in. is desired, it can be accomplished by means of a two-stage 
ejector as shown in Fig. 14.18a and b.· Forhigher vacuums the use of a 
three-stage ejector is required. The two-stage detail in Fig. 14.18a is 
the same as that employed in Fig. 14.17. The condenser in Fig. 14.17 is 
a barometric condenser equipped with a water inlet and distribution plates, 
so that the water entering the inlet cascades or sprays over the incoming 

fliqh 
,l===========~~=[~~~pressure 

steam 

Ora in 
FIG. 14.18b. Two-stage ejector with surface inter- and aftercondensers. (The Lummus 
Company.) 

stream from the evaporator or precondenser and removes a large part of 
the steam from the process as condensate. The remaining air with less 
steam flows overhead into the first stage ejector. After compression in 
the first stage the partial pressure of the steam will have been increased 
and most of the remaining vapor can be condensed by another direct 
contact with cooling water. 

Again referring to Fig. 14.17, in order to remove the water and con­
densate from the assembly without losirig vacuum it is necessary that 
a leg of liquid be maintained with a hydrostatic head zp equal to the 
difference between the vacuum and atmospheric pressure, where z is the 
height and p the density. In this manner the upper surface of the liquid 
in the tail pipe is at a pressure corresponding to the vacuum and the 
liquid at the bottom of the tail pipe is at atmospheric pressure due to the 
weight of the hydrostatic head. Thus liquid· under vacuum continu-
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ously enters the tail pipe, and liquid at atmospheric pressure continually 
leaves by way of the hot well at the bottom of the tail pipe. Atmospheric 
pressure correaponds to a hydrostatic head of 34ft of water, and complete 
vacuum corresponds to zero hydrostatic head. To maintain a process at 
substantially complete vacuum requires that a leg of 34 ft of water be 
maintained between the barometric condenser and the hot well. If a 
vacuum of less than 29.92 in. Hg is to be maintained by the ejectors 
but a leg of 34 ft equivalent to 29.92 in. Hg has been provided, it means 
merely that the height of liquid in the tail pipe will automatically drop 

Water 
In 

.1- To fail pipe 
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Fra. 14.19. Barometric condensers. 

to provide only the necessary hydrostatic difference between the operat­
ing vacuum of the ejector and the atmospheric pressure. 

Barometric condensers are of two types, counterflow and parallel flow 
as shown in Fig. 14.19a and b. In counterliow types the temperature 
of the water at the liquid level may approach the vapor temperature more. 
closely than in parallel-flow types. Counterflow types are preferable 
where water is at a premium or it is difficult to have the vapor enter from 
the top. If a pump is used to remove the tail liquid instead of a total 
barometric height,· whatever head is supplied by the pump can be 
deducted from the total barometric height and the assembly is known as 
a low-level condenser. 

The quantity of water required in the barometric condenser can be 
computed from 

- Q 
Gpm - 500( T - t - t ) a . W a 

(14.4) 
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where T. = saturation temperature of the vapor, °F 
tw = temperature of the water, °F 
ta = degrees of approach, to T., °F 

In counterflow barometric condensers ta is taken as 5°F. 
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The two-stage ejector assembly in Fig. 14.18a will produce the same 
results as that of Fig. 14.18b. It differs only in that the condensation 
after each stage is accomplished by means of tubular surface instead of 
the direct contact of the cooling water with the steam or vapor mixture. 
The tubular intercondenser and aftercondenser are combined in a single 
shell, since the total surface required is usually quite small. Surface 
condenlilation is mandatory where the vacuum exhaust cannot be mixed 
with the cooling water for reasons of corrosion or chemical reaction. 

Aftercondem;er 
Drain Trap 

Fro. 14.20. Single-stage ejector with surface aftercondenser serving a surface condenser. 
(Foster Wheeler Corporation.) 

In the operation of a steam turbine or engine the surface condenser dis­
cussed in Chap. 12 actually serves as the precondenser for the main­
tenance of vacuum across the turbine. The surface condenser yields not 
only condensate but also a mixture of air saturated with water vapor, 
which must be continuously removed. Failure to remove the air causes 
an increase in the pressure and temperature of the condenser, as well as a 
noncondensable air blanket which reduces the overall heat-transfer coeffi­
cient. The air removal can be accomplished as shown in Fig. 14.20 with 
a surface intercondenser and a removal pump. The hot-well pump is 
provided for low-level installation. A counterpart using a low-level 
barometric condenser can also be used. For the design and selection of 
ejectors Jackson1 has presented a comprehensive discussion. 

I Jackson, D. H., Chem. Eng. Proyress, 44, 347-352 (1948). 
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CHEMICAL EVAPORATION 

Comparison between Power-plant and Chemical Evaporation. The 
purpose of the majority of power-plant evaporators is the separation of 
pure water fl·om raw or treated water. The impurities are continuously 
withdrawn from the system as blowdown. In chemical industry the 
manufacture of heavy chemicals such as caustic soda, table salt, and 
sugar starts with dilute aqueous solutions from which large quantities of 
water must be removed before final crystallization can take place in 
suitable equipment. In the power-plant evaporator the· unevaporated 
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w2 

(OI)·FORWARD FEED 

( b 1-BAC~WARD FEED 

Fw. 14.21. Quadruple-effect chemical evaporator arranged for forward and backward 
feed. 

portion of the feed is the residue, whereas in the chemical evaporator it is 
the product. This leads to the first of several differences between power­
plant and chemical evaporation. These are as follows: 

Absence of Blowdown. Chemical evaporators do not operate with blow­
down, and instead of liquid being fed in parallel to each body it is usually 
fed to multiple-effect systems in series. Common methods of feeding 
are shown in Fig. 14.21a and b. The feed to the first effect is partially. 
evaporated in it and partially in each of the succeeding effects. When the 
liquid feed flows in the same direction as the vapor, it is forward feed, and 
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when fed in the reverse direction, it is backward feed. From the stand­
point of effectively using the temperature potentials forward feed is 
preferable. If the liquid is very viscous, there is an advantage to the 
use of backward feed, since the temperature of the first effect is always 
the greatest and the corresponding viscosity will be less. The advantages 
and disadvantages of both will be discussed later. The absence of blow­
down enables greater heat recovery in a chemical evaporator. 

Boiling Point Rise (BPR). Although chemical evaporators are capable 
of high heat efficiencies, they are incapable under certain conditions of a 
high utilization of temperature potentials and consequently require 
greater surfaces. This is due to the fact that a concentrated aqueous 
solution undergoes a boiling point rise above the saturation temperature 
corresponding to pure water at the same pressure. Suppose steam enters 
the tubes or chest of a chemical evaporator at 45 psia and is to evaporate 
water from a caustic soda solution. The steam temperature is 274°F. 
If pure water is evaporated at 18 in. Hg, the temperature .of the vapor 
formed woUld be 169°F. But because of the dissolved salt the liquor 
boils at 246°F at 18 in. Hg instead of at 169°F. The temperature differ­
ence across the heat-transfer surface is only 274 - 246 = 28°F, and the 
difference of 246 - 169 = 77°F represents lost potential which cannot be 
attained owing to the presence of the dissolved material. The difference 
between i;he temperature of heating vapor and the saturation temperature 
corresponding to the pressure of the evaporating vapor is the apparent 
temperature drop (Ll.t)a, or 274 - 169 = 105°F in the example above. 
Heat-transfer coefficients, which are reported on a basis of 

U - Q 
D - A(At)a1 

are apparent overaU coefficients. If coefficients are based on the tempera­
ture difference across the heating surface between the heating vapor and 
the evaporating liquid, as in most cases; U » = Q/ A At, where At = 28°F 
in the example above. If solutions have boiling point rises above about 
5°F, the latent heat of vaporization of steam from the solution differs 
from that obtained from the steam tables (Table 7) at the saturation 
pressure of the vapor. The latent heat of vaporization for steam from a 

. solution can be computed either from Duhring's relationship or from the 
equation of Othmer.1 According to Duhring's rule, 

(14.5) 

I Othmer, D. F., Ind. Eng. Chem., 32, 841-856 (1940). 
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where A.. = latent heat of I lb of pure water from solution at the tempera­
ture t and pressure p. 

Xw = latent heat of l.lb of pure water at the temperature t:V but at 
p., the same pressure as t 

t~, t:r = boiling points of the solution and water at the same pressure, 
p., OR 

ilt~j ilt:V = rate of change of the two boiling-point curves over the same 
pressure range 

According to Othmer's method and based on the Clausius-Clapeyron 
equation, 

x. d log p. 
A.w = d log Pw 

(14.6) 

where p. and pw are the respective absolute vapor pressures of the solu­
tion and pure water over an identical range of temperatures. 

The BPR ca,n be computed but only for dilut~ solutions which are 
relatively ideal. For real solutions the data on boiling-point elevation 
must be obtained experimentally by measuring the vapor-pressu;re curve 
for a given concentration at two different temperatures. Additional 
determinations can be made for other concentrations if more tha.n a single 
effect is used. 

Fruid Properties. In the power-plant evaporator the water-softening 
process is modified in different localities so that the evaporator feed 
composition causes a minimum of foaming and other operating difficulties. 
In the chemical evaporator the residue, a concentrated solution, is the 
desired product, and usually no adjustment can be made to the solution 
to prevent foaming or to eliminate the deposition of scale. This must be 
taken into consideration in the design of the equipment. Furthermore, 
concentrated solutions, as discussed in Chap. 7, produce liquors of high 
viscosity. Particularly since boiling is a combination of vaporization 
and free convection the overall coefficient of heat transfer is a function of 
both the concentration and the temperature at which evaporation occurs. 
The influence of viscosity may be so great that a negligible Grashof group, 
D 3p2g(3 ilt/ J.1.2, results for evaporators operating with natural circulation. 
Under these circumstances the liquor cannot be relied upon to circulate 
very rapidly about the heating element and it is necessary to use forced 
circulation instead of natural circulation as presumed heretofore. 

CHEMICAL EVAPORATORS 

Chemical evaporators fall into two classes: natural circulation and 
forced circulation. N atural;.circulation evaporators are used singly or in 
multiple effect for the simpler evaporation requirements. Forced-
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circulation evaporators are used for viscous, salting, and scale-forming 
solutions. Natural-circulation evaporators fall into four main classes: 

1. Hori:rontal tube 
2. Calandria vertical tube 
3. Basket vertical tube 
4. Long tube vertical 

The discussion of evaporator. design in this chapter deals only with 
those which are designed on a basis of flux and accepted overall coeffi­
cients. Those employing film coefficients are treated in the next chapter. 

Horizontal-tube Evaporators. Horizontal-tube evaporators as shown 
in Fig. 14.22 are the oldest type of chemical evaporator. Although they 
once enjoyed widespread use, they have given way to other types. They 
consist of a round. or square shell 
and a horizontal tube bundle which 
is usually square. They do not take 
very good advantage ofthe thermal 
currents induced by heating and 
therefore. are not so acceptable as 
thetypeswhichhavereplaced them. 
The horizontal evaporator is the 
only distinct type of chemical evap­
orator employing steam in the tubes. 
The principal advantages of hori­
zontal evaporators lie in the rela­
tively small headroom they require 
and the !'Lbility to arrange the bundle 
so that air.brought ii::t with the steam FIG. 14.22. Horizontal-tube evaporator. 

(Swenson Evaporator Company.) 
does not collect and blanket useful 
surface. The horizontal evaporator is least satisfactoryJor fluids which 
form scale or deposit salt, the deposit being on the outside of the tube, and 
it is therefore used only for relatively simple problems of concentration 
rather than for the preparation of a liquid for ultimate crystallization. 
It is well suited to processes in which the final product is a liquor instead 
of a solid, such as industrial sugar sirups, where the large volume of 
liquid stored in the evaporator can permit a close adjustment of the final 
density by changing the holdup in the evaporator. The tube length is 
determined by the size of the evaporator body itself. Because evapora­
tion occurs on the outside of the tubes, eliminating a scale problem inside 
the tubes, the horizontal-tube evaporator uses smaller tubes than any 
other type, from % to lX in. OD. 

Calandria-type Evaporators. The calandria evaporator is shown in 
Fig. 14.23. It consists of a short vertical-tube bundle, usually not more 
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than 6'0" high, set between two fixed tube sheets which are bolted to the 

Sfeom ----

shell flanges. The steam flows out­
side the tubes in the steam chest, 
and there is a ·large circular space 
for downtake in the center of the 
bundle whereby the cooler liquid 
circulates back to the bottom of the 
tubes. The flow area of the down­
take is from one--half the flow area 
of the tubes to an area equal to it. 
Tubes are large, up to 3 in. OD, to 
reduce the pressure drop and permit 
rapid circulation and are installed 
in tube sheets with ferrule-type 
packing. The layout of a typical 
calandria is shown in Fig. 14.24. 
One of the problems is to bafHe 
the steam chest so that there is a 

FIG. 14.23. Calandria-type evaporator. 
(Swe7U!on Evaporator Company.) relatively uniform tube coverage. 

f)ownfr;;rke 

Steam 
in/ef 

Fro. 14.24. Typical calandria baffiing. Arrows indicate direction of steam flow. Shaded 
areas indicate location of noncondensable bleed points. 
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Anotheris to provide adequate bleed points so that no pockets of noncon­
densable gas develop. The condensate is removed at any convenient point. 
The space above the liq\lid level on the tube sheet serves primarily to dis­
engage the liquid, which is carried along by the vapor. A common acces­
sory of evaporators is a catchall which is installed on the vapor line for the 
purpose of removing entrained liquid and returning it to the bulk of the 
fluid. Two typical catchalls are shown in Fig. 14.25a and b. They oper­
ate on the principle of centrifugally removing the liquid droplets. 

Calandria evaporators are so common· they are often referred to .as 
standard evaporators. Since scaling occurs inside the tubes, it is possible 
to use the standard evaporator for more rigorous services than the hori-

i 

~~-~ 

lJ:G. 14.25a. Catchall with bottom outlet. 

_vapor 
out 

l;'IG. 14.251t. Catchall with top outlet. 

zontal tube evaporator and, in addition, a propeller can be installed in 
the dished or conical bottom to increase the rate of circulation. 

Basket-type Evaporators. A basket-type evaporator is shown in 
Fig. 14.26. It is similar to a calandria evaporator except that it has a 
removable bundle which can be cleaned quite readily. The bundle is 
supported on internal brackets, and the downtake occurs between the 
bundle and the shell instead of in a central downtake. Because the tube 
sheets hang freely, the problem of differential expansion between the 
tubes and the steam chest shell is not important. This type frequently is 
designed with a conical bottom and may -also have a propeller installed 
to increase circulation. As a result of these mechanical advantages the 
basket evaporator can be used for liquors which have a tendency to scale, 
although they are not recommended for liquids with high viscosities or 
great rates of scaling. The selection of a basket or calandria evaporator 
usually follows the established policies of the different industries in which 
they are used after years of experience, or modifications suggested by 
manufacturers. Some manufacturers have preferences for the one type 
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in a certain application, whereas another will prefer the second type for 
the same service. 

Long-tube Vertical Evaporators. A long-tube vertical evaporator is 
shown in Fig. 14.27. It consists of a long tubular heating element 
designed for the passage of the liquor through the tubes but once by 
natural circulation. The steam enters through a vapor belt as dis-

Feed -

FIG. 14.26. Basket-type evaporator. FIG. 14.27. Long-tube vertical evaporator. 
(Swenson Evaporator Company.) (General American Transportation Company.) 

cussed in Chap. 12, and the bundle is baffied so that there is a free move­
ment of steam, condensate, and noncondensable downward. The upper 
tube sheet is free, and just above it there is a vapor deflector to reduce 
the entrainment.· This type of evaporator is not especially adapted to 
scaling or salting liquors, but it is excellent for the handling of foamy, 
frothy liquors. The velocity of the vapor issuing from the tubes is 
greater than in the short-tube vertical types. Tubes are usually 17.4: to 
2 in. OD and from 12 to 24ft in length. When arranged for recirculation 
the apparatus will be as shown in Fig. 14.28. In this type, disengagement 
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occurs outside the evaporator body. The calculation of this type of 
evaporator for aqueous solutions with known physical and thermal prop­
erties will be discussed in Chap. 15. 

Forced-circulati,on Evaporators. Forced-circulation evaporators are 
made in a variety of arrangements as shown in Figs. 14.29 through 14.31. 
Forced-circulation evaporators may 
not be so economical to operate as 
natural-circulation evaporators, but 
they are necessary where the concen-

FIG. 14.28. Long-tube recirculation evapo­
rator. (General American Transportation 
Company.) 

FIG. 14.29. ·Forced-circulation-typo 
evaporator with inlride vertical heating 
element. (Swenson Evaporator Company.) 

tration problem involves a solution with poor flow, scale, and thermal 
characteristics. Since the Grashof group varies inversely with the square 
of the viscosity, there is a limit to the viscosities of solutions which will 
naturally recirculate. With very viscous materials there is no alternative 
but to use this type of evaporator. Also, where there is a tendency to 
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form scale or deposit salts, the high velocities obtainable by the use of 
circulating pumps are the only means of preventing the formation of 
excessive deposits. Forced-circulation evaporators are well adapted to a 
close control of flow, particularly when a long time of contact may be 
injurious to the chemical in solution. Tubes for forced-circulation evap­
orators are smaller than in natural-circulation types, usually not exceed­
ing 2 in. OD. 

FIG, 14.30. Forced-circulation evaporator with vertical external element. (General 
American Transportation Corporation.) 

In Fig. 14.27 the steam enters the bundle outside the evaporator body 
and contacts the tubes at the top of the bundle by means of the annular 
space provided. A deflector plate is installed above the upper tube sheet, 
and the circulating pump is installed at ground level. In Fig. 14.30 the 
same effect is produced by means of a vertical external bundle, which 
simplifies construction to a degree but which is not so compact. Figure 
14.31 is a variation with a horizontal bundle which is particularly adapt­
able where the headroom is low. 
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Effect of Hydrostatic Head. Consider a pure 'fluid with a boiling sur­
face somewhat above the top of a bundle of horizontal tubes. The boiling 
point is regarded as being set by the pressure at the liquid-vapor inter­
face. If there is a great layer of liquid above the tube bundle, it will 
exert a hydrostatic pressure upon the liquid in contact with the tube sur­
face. The added pressure upon the liquid raises the boiling temperature 

FIG. 14.31. Forced-circ.ulation evaporator with horizontal external element. (General 
American Tramportation Corporation.) 

at the heat-transfer surface above that necessary to produce vapors of the 
saturation temperature corresponding to the pressure at the liquid-vapor 
interface. The effect of hydrostatic head, as in the case of BPR, reduces 
the useful temperature difference effective upon the heat-transfer surface. 
Since evaporators operate on fixed apparent temperature differences, the 
size of the heat-transfer surface must be increased accordingly for the 
presence of a hydrostatic head. The influence of temperature and 
pressure on theoverall coefficient is essentially that shown in Fig. 14.7. 
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At high temperatures the liquid is less viscous and is more favorably 
suited to evaporation. 

The effect of hydrostatic head may be estimated from 

where f:..th = hydrostatic elevation of the boiling point, °F 
TR = solution boiling temperature, 0 R 

v = specific volume of water vapor at TR ft3/lb 

(14.7) 

X. = latent heat of vaporization corresponding to the saturation 
pressure, Btu/lb 

f:..p = hydrostatic head, ft 
Usually f:..p may be taken as corresponding to one-half the indicated 
liquid level. It is apparent that the influence of hydrostatic pressure 
will be greater as the vacuum upon the system is increased, since v varies 
considerably with the pressure whereas X. varies. but little. 

For' all evaporators operating with natural circulation a ;loss in avail­
able capacity due to hydrostatic head cannot be avoided but the loss 
can be reduced by maintaining the lowest liquid levels consistent with 
the efficient operation of the equipment. If the froth is regulated to 
10 in. above the upper tube sheet of vertical heating elements, good 
operating control can usually be ~ffected. The achievement of good 
operating control is facilitated by the choice of the tube diameter and 
length and in general by designing for a high fluid velocity into the dis­
engaging space. Problems of arrangement for natural circulation will be 
treated in Chap. 15. 

Multiple-effect Chemical Evaporation. In the study of parallel-feed 
multiple-effect power-plant evaporators it was shown that in a triple­
effect evaporator 1 lb of steam evaporated approximately 2.25 lb of 
water. The use of parallel feed is by no means the most economical 
and is used in chemical evaporation only when the feed solution is nearly 
saturated to begin with and evaporation is intended for the purpose of 
supersaturation. In chemical evaporation it is customary to employ 
forward feed, backward feed, or a modification of both, known as mixed 
feed. Returning to Fig. 14.21 there a;re certain opposing advantages 
and disadvantages resulting from the use of either forward .or backward 
feed. 

In forward feed if the feed liquor is at a higher temperature than the 
saturation temperature of the first effect, some evaporation will occur 
automatically as vapor flashing. Since a vacuum is usually maintained 
on the last effect, the liquor. flows by itself from effect to effect and a. 
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liquor removal pump is required only on the last effect. Similarly, since 
the saturation temperature of the boiling solution in each effect is lower 
than the temperature of the effect preceding it, there is flashing or "free" 
evaporation in each succeeding effect, which reduces the overall steam 
requirement. In ~n evaporator the boiling film is the controlling resist­
ance and the numerical value of the overall coefficient decreases with 
concentration because the viscosity is increasing. In forward feed the 
concentrated liquor is in the last effect, and obviously that effect has the 
lowest overall coefficient, since the liquor is most concentrated there and 
at the same time coldest. 

When backward feed is employed, it overcomes the objection of having 
the most concentrated liquor in the coldest effect. Here the dilute liquor 
enters the last and coldest effect and leaves concentrated in the first 
effect, which is at the highest temperature. In this feed, arrangement 
liquor must be heated in each effect as compared with solution flashing 
in each effect in forward feed. Furthermore, the feed must be pumped 
from effect to effect, which means that the number of places for air leak­
age, such as the pump and flanges, increases the maintenance and power 
cost. The temperature relations in backward feed usually offset these 
disadvantages in part, since the system is in counterflow and the economy 
of steam is greatest under these conditions. 

If the feed liquor to a backward-feed evaporator is initially hot, its 
introduction into the last effect is wasteful, since the vapors which flash 
off in the last effect are lost to the condenser. In forward feed not only 
would these vapors flash but in each succeeding effect they would reevap­
orate additional water. The problem of the direction of feed to be 
employed is, as in most alternate problems of heat transfer, an economic 
one. Backward feed may or may not lead to smaller surface require­
ments, depending upon the extent of concentration and the viscosity of 
the desired final solution. The steam cost will be less for backward feed 
if the feed is cold and less for forward feed if the feed liquor is at approxi­
mately the operating temperature of the first effect or higher. The 
computation of problems by both methods will readily establish the most 
favorable operating relationship. 

THE CALCULATION OF CHEMICAL EVAPORATORS 

BY JOSEPH MEISLERl 

Referring to Fig. 14.21a the surface and steam requirements for 
multiple-effect chemical evaporation can be computed by imposing a 
heat balance across each effect individually and a material balance 

1 The Air Reduction Company, Inc., and the Polytechnic Institute of Brooklyn. 
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over the whole system. The following nomenclature will be employed 
for a quadruple effect: 

CF = specific heat of feed, Btu/(lb)(0F) 
tF = temperature of feed, °F 

WF = feed, lb/hr 
T s = saturation temperature of steam to first effect, °F 

Ws = steam to first effect, lb/hr 
WI-4 = total water removed by evaporation, lb/hr 

cl, c2, Cs, C4 = specific heat of liquor in effects 1 to 4, Btu/ (lb) eF) 
tl, t2, ta, t4, = boiling points of liquor in effects 1 to 4; °F 

WI, w2, wa, w4 = water removed in effects 1 to 4, lb/hr 

Assume that there are no chemical heat effects as a result of the concen­
tration (i.e., negative heats of solution) and that there is no BPR. 

Forward feed 

Heat balance on first effect: 

W.sXs + WFCF(tF - h) = w1>.1 

Heat balance on second effect: 

wr>.I + (wF - WI)ci(h - t2) = w2>.2 

Heat balance on third effect: 

w2X2 + (WF - WI - w2)c2(t2 - ta) = wa>.s 

Heat balance on fourth effect: 

wa>.a + (wF ....,. W1 - W2 :.._ Wa)ca(ta - t4) = W4A4 

Material balance: 

The surface requirements will be 

A _ Q _ Ws>.s 
1

- UDAt- U1(Ts- h) 

A2 = w1Xr 
U2(h - t2) 

Aa= 
w2>.2 

Ua(t2 - ta) 

A4 = WaAa 
U 4(ts - t4) 

(14.8) 

(14.9) 

(14.10) 

(14.11) 

(14.12) 

(14.13) 
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Let 
(14.14) 

where U 1, U 2, U 3, and U 4 are the design overall coefficients in the respec­
tive effects. From the material balance and the heat balances there are 
five equations and five unknowns: W s, w1, w2, wa, and W4. These may be 
solved for simultaneously. 

Backward feed. Referring to Figure 14.21b: 
Heat balance on fourth effect: 

Heat balance on third effect: 

W2A2 + (WF - W4)c4(ta - t4) = WaAa 

Heat balance on second effect: 

W1X1 + (WF - W4 - Wa)ca(t2 - ta) = W2A2 

Heat balance on first effect: 

WsXs + (wF- W4 - Wa.- w2)c2Ch - t2) = w1X1 

Material balance: 

(14.15) 

(14.16) 

(14.17) 

(14.18) 

(14.19) 

The surface relations will be the same as before, since it is practical 
to impose the restriction that the surface in each of the bodies be identical. 
It has also been shown by experience that under this condition the pres­
sure differences between effects will be approximately equal. If steam 
enters the first effect of a quadruple-effect evaporator at atmospheric 
pressure and the last effect is at 26 in. Hg vacuum corresponding to 1.95 
psia, the pressure difference between the steam and the first effect and 
from effect to effect will be (14.7 - 1.95)/5. This will enable selection 
of the saturation pressures in the individual effects. Since the heat­
transfer coefficients will be different in the individual effects, it may be 
found that the surfaces defined by Eqs. (14.13) and (14.14) are unequal. 
This means that owing to the inequality in the overall coefficient in the 
different effects the t:..t across each effect does not correspond to the 
assumption of an equal division of the total pressure differential. This 
will be particularly true ·when the overall coefficients in the different 
effects differ greatly or when there is considerable flashing in the first 
effect. To equalize the surface in each body the temperature differences 
in the individual effects can be adjusted so that a larger temperature 
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difference will be employed in the effect having the lowest heat transfer 
coefficient, the heat loads in all effects remaining nearly equal. 

Multiple-effect evaporators may be designed for minimum· surface or 
minimum initial cost. These cases have been treated by Bonilla.1 The 
design of multiple-effect evaporators for optimum conditions, however, is 
more the exception in industry than the rule, the trend being in the dl.rec­
tion of standardization. 

Example 14.2. Calculation of a Triple-effect Forward-feed Evaporator. It is 
desired to concentrate 50,000 lbjhr of a chemical solution at l00°F and 10.0 per cent 
solids to a product which contains 50 per cent solids. Steam is available at 12 psig, 
and the last effect of a triple-effect evaporator with equal heat-transfer surfaces in each 
effect will be assumed to operate at a vacuum of 26.0 in. Hg referred to a 30-in. 
barometer. Water is available at 85°F for use in a barometric condenser. 

Assume a negligible BPR, an average specific heat of 1.0 in all effects, the conden­
sate from each effect leaves at its saturation temperature and that there are negligible 
radiation losses. Calculate: (a) Steam consumption, (b) heating'surface required for 
each body, (c) condenser water requirement. The accepted overall· coefficient~ of 
heat transfer for the different effects will be U 1 = 600, U 2 = 250, and U ~ = 125 Btu/ 
(hr)(ft2)("F), 

Solution: 

Total feed Wp = 50,000 lb)hr 
Total solids in feed = 0.10 X 50,000 = 5000 lbjhr 

5000 Total product = 
0

.
50 

= 10,000 lbjhr 

Total evaporation, w1_, = 50,000 - 10,000 = 40,000 lb)hr 
Cp = 1.0. 

'l.'he balances applying to this problem are 

First effect: W s}.s + WF(tF - t,) = w,x, 
Second effect: wzXz + (wp - wr)(tr - t2) = w,x. 
Third effect: w,}.. + (wp - W1 - wo)(t. - to) = w,}., 
Material: wz + w2 + ws == W1-• 

tp = 1oo•F · 
Ts at 12 psig = 244°F 
T, at 26 in. Hg (1.95 psia) ,; 125°F 
Total temperature difference = l19°F 

When a forward-feed multiple~effect evaporator employs equal surfaces in each 
effect, as noted above, experience indicates that the differences in the pressures between 
effects will be nearly equal. This will rarely be entirely true, but it forms an excellent 
starting point for the calculation of the pressures in the effects. Any discrepancies 
can be adjusted later. 

A diff 25.70 - 1.95 8 25 ·; ff t verage pressure erence = 
3 

= . ps1 e ec 

1 Bonilla, C. F., Trans.AIChE, 41, 529-537 (1945). 
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BREAKUP OF THE TOTAL PRESSURE DIFFERENCE 

AP, 
Steam 

Pressure, psia or vapor, psi OF 

Steam chest, 1st effect ...... 26.70 .... Ts = 244 
Steam chest, 2d effect ....... 18.45 8.25 tt =.224 
Steam chest, 3d effect ....... 10.20 (20. 7 in. Hg) 8.25 t. = 1,!)4 
Vapor to condenser ••....•.. 1. 95 (26 in. Hg) 8.25 ta = 125 

949Ws + 50,000(100 - 224) = 961w1 

96lw1 + (50,000 - Wt)(224 ...;.. 194) = 981w2 

98lw• + (50,000 - Wt- wo)(194- 125) = 1022w3 

w, + Wo + wa = 40,000 
Solving simultaneously, 

W! = 12,400 
w. = 18,300. 
w. = 14,800 

Wt-8 = Wt + Wo + Ws = 40,000 
Ws = 19,100 

A,= Ws;>..s = 19,100 X 949 = 1510 ft• 
U,(Ts - t,) 600 X 20 

A. = WtAl = 12,400 X 961 = 1590 
U o(t, - t.) 250 X 80 

413 

"A, Btu/lb 

AS= 949 
il.t = 961 
x. = 981 
As= 1022 

Aa = WoAo = 13,300 X 981 = 1510 
Ua(to - ta) · 125 X 69 

(Use 1600 ft2/effect) 

Heat to condenser = Wsil.s = 14,300 X 1022 = 14,710,000 Btujhr 
Water requixement = 14,710,000/(120 - 85) = 420,000 lbfhr or 420,000/500 

= 840 gpm 
Economy, lb evaporationflb steam = 40,0oo/19,100 = 2.09lbflb 
Remarkll. During operation the equal pressure-drop distribu.tion may not maintain 

itself. This will occur if there is undue scaling in one of the effects, if a body is gas 
bound, or if liquor levels are not properly maintained. Another factor may be the 
withdrawal of a large quantity of steam from one of the effects as a source of low-pres­
sure heating steam. Any deviation from an equal pressure-drop distribution does 
not mean that the entire multiple-effect assembly will fail to·operate but instead that 
the unit will assume a new pressure distribution and operate with a reduced capacity 
and steam economy. 

Nonalgebra.ic Solution of Evaporators. It will presently be shown 
that the use of· a simultaneous ~ebraic solution such as that above can 
acarcely be applied advantageously to more complicate<:! arrangements 
or to a great number of effects. In industrial problems it has been found 
preferable and timesaving to perform the heat and material baJances on 
the evaporator by directly assuming the value of Ws and solving each 
effect by a direct balance on itself instead of through the use of simul-
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taneous equations. If the total evaporation based on the assumed. value 
of W8 does not equal the required quantity, a new value of W8 is assumed 
and the calculation repeated. This method is demonstrated in Example 
l4.2a, in which the hmt that W8 = 19,100 from Example 14.2 is used. 

Example 14.2a. Solution of Example 14.2 by Assuming W 8 

Heat balance 
1. Assume steam to 1st effect W 8 = 19,100 lb/hr, WF = 50,000 lbjhr 

19,100 lb at 12 psig = 19,100 X 949 = 18,100,000 Btu/hr 
Deduct for heating feed =:' 50,000(224 - 100) = 6,200,000 
Available for evaporation = 11,900,000 Btu/hr 
>.1 at 224°F = 961 Btu/lb, w 1 = 11,900,000/961 = 12,400 lb/hr 
Transfer to 2d effect = 50,000 - 12,400 = 37,600 lb/hr 

2. Vapors from 1st effect =.11,900,000 Btu/hr 
Add flash, 37;600(224 - 194) = 1,130,000 
Available for evaporation = 13,030,000 Btu/hr 
>.2 at 194°F = 981 Btu/lb, w2 = 13,030,000/981 = 13,300 lb/hr 
Transfer to 3d effect = 37,600 - 13,300 = 24,300 lb/hr 

3. Vapors from 2d effect = 13,030,000 Btujhr 
Add flash, 24,300(194 - 125) = 1,680,000 
Available for evaporation = 14,710,000 Btujhr 
>. 3 at 125°F = 1022 Btu/lb w, = i4,710,000/1022 = 14,300 
Product = 24,300 - 14,300 10,000 lb/hr 

4. Heat to condenser = 14,710,000 Btu/hr 

If the quantities failed to check a new value for W 8 could be assumed. 
As a first trial the steam could have been estimated in· the absence of the hint 

obtained from Exercise 14.2 by the relationship 

w- w, 8 -0.75 X number of effects (14.20) 

where w, is the total pounds of evaporation. Equation (14.20) is based on feed enter­
ing at its boiling point. If the feed enters below its boiling point; the factor 0.75 must 
be reduced somewhat: With the feed at only l00°F ·and the boiling point at 125°F 
the value must be reduced to 0. 70. 

Example 14.3. Backward-feed Multiple-effect Evaporator. Conditions are the 
same as Example 14.2 except using backward feed with overall coefficients of U 1 = 400, 
U2 = 250, and U, = 175 Btu/(hr)(ft'WF). 

Solution. As before, 

Wt = 50,000 lb/hr Wt-3 = 40,000 lb/hr 
and 

l)p = 1.0 

The balances applying to this problem are 
Third effect: w,x. + Wp(tF - ta) = Wa.l.z 
Second effect: w,>.1 + (wF - wo)(t, - ta} = W•A• 
First effect: W8A8 + (wF - wa - w,)(t, - t,) = w,Jit 
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W1 + Wz + Wa .= Wl-3 

981w. + 50,000(100 - 125) = 1022w3 

961wl + (50,000 - wa)(125 - 194) = 981w• 
949Ws + (50,000 - W3 - w.)(194 - 224) = 96lw1 

W1 + W2 + Wa = 40,000 
W1 = 15,950 
w. = 12,900 
w. = 11,150 

W1-•. = Ui! + W2 + w8 = 40,000 
Ws = 16,950 

A = 16,950 X 949 = 2010 ft2 
1 400X20 

A = 15,950 X 961 = 2040 ft2 
2 250 X 30 

A = 12,900 X 981 = 1050 ft2 
3 175 X 69 

415 

Since the heating surfaces for the three effects are far from equal, the temperature 
differences employed in the effects must therefore be modified to meet the conditions 
of the problem. For the first trial the average surface was 

(2010 + 2040 + 1050) = 1700 ft~ 
3 

With a better distribution of temperatures and pressures, however, less than 

3 X 1700 = 5100 ft2 

of surface may be expected, since the At in both of the first two effects will be improved 
at the expense of pruy the last effect. 

Recalculation: 
Assume an average surface of 1500 ft 2/effect, and find the temperature differences 

which will provide these surfaces. Assume 
First effect: Ts -it = 28°F, At = 2%s X 2010 = 1450 ft2 
Second effect: t1 - t2 = 41 °F, A2 = a%1 X 2040 = 1490 ft 2 

Third effect: t2 - t8 = 50°F, A. = 6%o X 1050 = 1440 ft2 
Ts - ta = l19°F. 

The new temperature-pressure distribution is 

Pressure, Steam or 
psia vapor, °F 

Steam chest, 1st effect ........... 26.7 Ts = 244 
Steam chest, 2d effect ........... 16.0 tl = 216 
Steam chest, 3d effect ........... 16.4in. Hg t. = 175 
Vapor to condenser ............. 26.0in. Hg t. = 125 

X, Btujlb 

949 
968 
992 

1022 
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Solving again for w,,_ w,, wa, and W s, 

WI= 15,450 
W: = 13,200 
Wa = 11,350 

A 1 = 1450 
A,= 1470 
Aa = 1490 (Use 1500 ft 2/effect) 

Ws = 16,850 

Heat to condenser = 11,350 X 1022 = 11,600,000 Btu/hr 
Water requirement = 11,600,000/(120 - 85) = 332,000 lb/hr = 332,000/500 

= 664 gpm 
Economy, lb evaporation/lb steam = 40,000/16,850 = 2.37lb/lb 

COMPARISON OF FORWARD AND BACKWARD FEED 

Forward Backward 

Total steam, lb /hr .............. 19,100 16,850 
Cooling water, gpm ............. 840 664 
Total surface, ft' ............... 4,800 4,500 

'l:he operating conditions for both forward and backward feed are shown in Fig. 
14.32a and b. · Substantiating the simple reasoning, backward feed is more effective 
thermally than forward feed. Omitted, however, is the maintenance and investment 
on backward-feed pumps between each effect and the problems of air leakage and flow 
control. All of these are considerably greater in backward feed. 

Optimum Number of Effects. The greater the number of effects the 
larger the amount of evaporation per pound of steam admitted to the first 
effect. The operating costs will be less the larger the-number of effects. 
This is offset, however, by the increased first cost of the apparatus and 
increased maintenance charges for cleaning and replacement, both of 
which enter as fixed charges. Supervisory labor will be the same for the 
operation of any number of effects. The cost of condenser water must 
also be included, and it, too, will decrease the greater the number of 
effects employed. The optimum number of effects may be obtained by 
computing the process requirements with two, three, four, or up to six 
or eight effects and determini:Q.g the fixed charges and operating cost 
resulting from each arrangement. When the total cost is plotted against 
the number of effects, a minimum will occur corresponding to the opti­
mum number of effects. Actually, however, the number of effects in the 
various heavy chemical industries are fairly standardized. For example, 
table salt is concentrated in four effects in which parallel feed of liquor is 
used, caustic soda with two or three effects and backward feed, and sugar 
with five or six effects and forward feed. Except when introducing an 
entirely new chemical process it will rarely be necessary to carry out a 
complete economic analysis. 
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Bleed Steam. In certain industries and particularly in the production 
of sugar, there is a great need for low-pressure steam, say 10 to 15 psia, 
for the large amount of liquor preheating required throughout the plant. 
For the preheating it is found advantageous to use some of the steam 
from the first or subsequent effects for various preheating services such 
as in the decolorization of sugar sirup. Since any vapor formed in the 
first and later effects will have already been used one or more times for 

w"=sqooo 
J1:S=I~!OO 

(a) 

FIG. 14.32a. Example 14. Forward feed. 

(b) 

FIG. 14.32b. Example 14. Backward feed. 

evaporation, the cost per Btu of the vapor is cheaper than that of fresh 
steam. Steam can be bled economically from one or . more effects for 
these additional services while reducing the overall heating cost of the 
plant. To account for this in the heat-balance equations [Eqs. (14.8) 
through 14.18)] one need only include the term WB for the pounds per 
hour of bleed steam in the effect in which it occurs. The quantity 
of bleed steam must also be introduced into the material balance of 
Eqs. (14.11) and (14.18). To prevent the introduction of one or more 
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unknowns than there are simultaneous equations, W B should not be 
entered as another unknown but as a definite number of pounds of bleed 
steam or as a percentage of the total evaporation if the calculation is for 
an existing installation. 

The Solution of Industrial Problems.1 The preceding examples have 
served to introduce the elementary methods of calculation and the 
principles of multiple-effect evaporation. Actually, industrial problems 
are rarely so simple. Instead, the evaporator system must be integrated 
with the operation of the entire manufacturing process, and this compli­
cates the calculation greatly. The element of experience is essential to 
the completion of a calculation within a reasonable period of time. In 
the remainder of this chapter several of the most widely met commercial 
problems will be analyzed. These are sugar concentration, waste-liquor 
evaporation in the paper pulp industry, and the production of caustic 
soda. The analyses involved in their solution should be readily adaptable 
to the majority of other problems. A fourth process, distillery waste 
concentration, has been omitted in favor of evaporation by therinocom­
pression. The methods indicated may be employed either for the design 
of a new evaporator or for the calculation of performance in an existing 
evaporator. 

THE CONCENTRATION OF CANE-SUGAR LIQUORS-FORWARD FEED 

Description of the Process. It is the practice in cane-sugar production 
to strain the juice containing the sugar after it has been pressed from the 
sugar cane and clarified chemically. In the initial stage of clarification, 
called defecation, large amounts of colloids and inorganic and organic 
salts are removed. This is accomplished by the addition of lime to the 
juice at 200°F, forming a heavy slime which is removed by settling, 
decantation, and filtration. The clear solution is then fed to the multiple­
effect evaporator for concentration. 

Example 14.4. An evaporator installation is to have a capacity for concentrating 
229,000 lbjhr of 13°Brix (degrees Brix is the per cent by weight of sugar in the solu­
tion) to 6o•Brix, at which concentration it will be decolorized. This quantity of sugar 
solution results from milling 2300 tons of sugar cane per 20-hr day. The raw juices 
will be heated from 82 to 212°F by the use of exhaust vapors bled from the first and 
second effects. Steam will be available to the first effect at 30 psig. 

Solution. The arrangement of equipment is shown in Fig. 14.33 and is justified by 
the fact that bled vapor is a cheaper preheating medium than fresh steam. In this 
analysis it is arbitrarily assumed that 37,500 lbjhr of 15 psig vapor is bled from the 
first effect for use in the vacuum pans in the crystallizing section of the plant. The 

1 Readers who are not directly interested in chemical evaporation problems may 
omit the remainder of this chapter without affecting the context of later chapters. 
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BPR and specific heats of sugar solutions are given in Fig. 14.34. A flow diagram 
such as that in Fig. 14.33 is usually arrived at from experience or from preliminary 
l!tudies of total surface requirements as in Table 14.1. 

TABLE 14.1. AVERAGE EvAPORATIOl'l PER SQuARE FooT HEATil'lG SURFACE FOR 

SUGAR EvAPORATORS 

Effects 
1 
2 
3 
4 
5 

Water evaporated, 
lb I (hr) (jt•) 

14-16 
6-8 
5-6 
4-5 
3-4 

In the matter of choosing the number of effects from experience, it is the praetice to 
use a straight quadruple effect if little or no vapor bleeding is required and to add a 
"preevaporator" as' a first effoot if excessive bleeding of low pressure vapor are 
:required for preheating feed, etc., or if relatively low-pressure live steam is. bled for 
other plant processes, i.e., vacuum pans.1 

The forward-feed arrangement is common in the sugar industry, since stronger 
\uices or. sirups are sensitive to high temperatures. This procedure places a severe 
handicap on the last effect of a multiple-effect evaporator where the most viscous juice 
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FIG. 14.341>. Specific heats of sugar solutions. 

boils at the lowest temperature. However, because of the "caramelizing" tendency 
of high-concentration solutions this procedure is of paramount importance in the 
preparation of a product of high purity. 

Table 14.2 is a convenient reference in estimating the temperature-pressure distribu­
tion and for presenting a summary of all the important process and design conditions. 
Items 2 to 9 inclusive are estimated first, and from these the heat balance can be made. 

It is shown in item 2 of Table 14.2 that 30 psig steam is fed in parallel to effects 
lA and 1B, the temperature 274°F in 3 being the saturation temperature correspond­
ing to the steam pressure. The last-effect vapor body is designed to operate under a. 

1 Futher discussion of the flow diagram will be given at the conclusion of the 
heat balance. 
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vacuum of23in. Hg (147°F). Thisisshownin 7 a.nd8. Item 13showsthatthesirup 
leaving the last effect is 60°Brix. From Fig. 14.34a this concentration corresponds to a 
boiling temperature of 147 or 154°F as shown in 5. For· 6 of Table 14.2 it can be 
assumed tentatively that the •Brix concentration is divided evenly among all the 
effects; thus, the BPR for each effect can be read from Fig. 14.34a. The ultimate 
material distribution determined from the heat balance, however, will give a precise 

TAl!LE 14.2. EvAPORATOR SUM1-IARY 

Effects 
Item 

1A lB 2 3 4 5 
------

1. Steam flow, lb /hr 42,600 38,000 
2. Steam pr~ssure, psijin. 

Hg 30 30 15 5 4" 14~" 
3. Steam temp, °F 274 274 250 227 205 181 
4. At, °F 23 23 21 20 20 27 
5. Liquor temp, °F 251 251 229 207 185 154 
6 .. BPR, °F 1 1 2 2 4 7 
7. Vapor temp, °F 250 \ 250 227 205 181 147 
8. Vapor pressure, psi/in. 

Hg 15 15 5 4 14~ 23 
9. >., Btujlb 946 946 960 975 990 1,010 

10. Liquor in, lb/hr 229,000 190,200 154,000 117,100 87,800 64,000 
11. Liquor out, lb/hr 190,200 154,000 117' 100 87,800 64,000 49,600 
12. Evaporation, lb/hr 38,800 36,200 36,900 29,300 23,800 14,400 
13. 0 Brix (out) 15.7 19.4 25.5 34.3 46.5 60.0 
14. A, ft2 3,500 3,500 5,000 5,000 5,000 3,500 
15. UD, Btu/(hr)(ft•WF) 478 425 310 264 219 138 
16. U D t.t, Btu/(hr) (ft2) 11,000 9,780 6,520 5,270 4,390 3,740 

estimate of the Brix distribution in the different effects. Item 13 is a summary of the 
latter. In oi:der to complete 2 to 9 inclusive, the distribution of temperature differ­
ences in each effect must be determined as in 4. 

The total temperature difference in the evaporator system is 274° - 147 = 127°F. 
From the total must be subtracted the sum of all the BPR (i.e., from effect 1B to the 
fifth effect inclusive), a sum of l6°F. This will-give 127 - 16 = 111 °F as the total 
"effective" temperature difference. The latter is distributed along the following 
lines: (a) The total is distributed in proportion to the values found in practice for 
a unit with the same number of effects. (b) The total is distributed on the basis 
of accepted average values of heat :flux U D t.t = Q/ A as found in industry and with 
values of U D estimated from similar operations. Accepted values of the flux are 
given in (16) of Table 14.2. They may be redistributed for a different number of 
effects. (c) An equal distribution of the total pressure drop is assumed through the 
system. Either method will give a sufficiently close estimate of the temperature 
difference distribution for obtaining items 2 to 9 required for working the heat 
balance. It might be noted here that, if the estimated values of the temperature 
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differences are found to be very much out of line with those found in practice, they 
must be revised. Having estimated the distribution of the temperature difference 
the saturated vapor pressure above the liquor or the saturated steam pressure in the 
following effect may be determined from the steam tables (Table 7). The latent 
heats corresponding to saturated vapor pressures will be obtained similarly. 

Since it is planned to bleed vapors from the different effects for preheating both the 
raw and clarified sugar solutions, it is necessary to determine the quantities which 
will be bled from each effect. The raw ~ugar solutions will be preheated from 82 to 
212•, a range of 130°F. Vapors from the fourth effect will be used to preheat the raw 
sugar solution from 82 to 144°F, vapors from the third effect from 144 to 184•, and 
vapors from the second effect from 184 to 212°. Heat quantities and surfaces for the 
juice heaters are calculated· as in Table 14.3. Similarly juice from the clarifier is 
preheated by second-effect vapors from 200 to 220• and by first-effect evaporators 
from 220 to 243°F. In all instances the preheaters are designed to permit a duplica­
tion of surface, although in some instances overdesign obviously results. A spare 
heater is usually included in the system to allow continuity of operation during clean­
ing. In arriving at the temperature range for the individual preheaters a mini­
mum terminal difference of 7°F has been used. Larger terminal differences may be 
employed if the spread of temperatures makes them permissible. 

TABLE 14.3. SUGAR-JUICE HEATERS 

Raw-juice heaters 
1. 229,000(212 - 184)(0.91) 

= 5,840,000 Btu/hr 
Vaportemp. = 227°F At= 26.6°F 

UD = 231 

S rf A -
5

•
840

•
000 

950 ft 2 u ace, - 26.6 X 231 = 

2. 229,000(184 - 144)(0.90) 
= 8,250,000 Btu/hr 

Vapor temp. = 205°F At = 37.6°F 

S rf A - 8,250,000 - 950 ft• 
u ace, - 37.6 X 230 -

3. 229,000(144 - 82)(.90) = 12,800,000 
Vaportemp. = 181°F At= 62.2°F 

S rf A - 12,800,000 - 950 ft• 
u ace, - 62.2 X 217 -

Use 3 heaters at 1000 ft 2 each plus 1 
heater as spare 

Clear-juice heaters 
1. 229,000(243 - 220)(0.91) 

= 4,800,000 Btu/hr 
Vapor temp. = 250°F At = 15.8°F 

UD = 234 

Surface, A = 1!:~~~4 = 1300 ft• 

2. 229,000(220 - 200)(0.90) 
= 4,120,000 Btujhr 

Vapor temp. = 227°F At = 14.89F 

S f A - 4,120,000 - 1300 f 2 ur ace, - 14.8 X 214 - t 

Use 2 heaters at 1300 ft• each plus 1 
heater at 1300 ft• as spare 

Table 14.4 shows the heat and material balance for the evaporator. To effect a 
balance it is necessary to estimate ·correctly the steam flow to the first effect. In the 
simple case where no vapors are bled for process heating an assumption is made by 
using a quantity of steam which is about 20 per cent above theoretical, i.e., the hourly 
evaporation divided by the number of effects. In the present case where excessive 
vapors are bled, the "extrapolated evaporation" is divided by the number of effects. 
The extrapolated evaporation is equivalent to the actual plus that which the vapors 
could effect if not bled for process work. Since only an estimate of the steam is 
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TABLE 14.4. HEAT BALANCE 

Effect Btu/hr 

lA. Heat in steam= 42,600 X 929 X .97................ 38,400,000* 
Heating liquor = 229,000(251 - 243).91. .......... 

1 
__ _::1:!'.::67:.:0~,'-=oo=o..,.... __ 

- 38,800 36,730,000/946 

Liquor to 1B 190,200 
lB. Heat in steam = 38,000 X 929 X ·.97 ............... . 34,200,000* 

Beating liquor 190,200(251 - 251) ....... . 

- 36,200 34.200. 000/946 

Liquor to 2d effect = 154,000 
2. He"t in lA vapors................................ 36,730,000 

Beat in lB vapors ...........•..................... 
1 
__ _:3:.::4:.!.'::20:::0~,:.:0.::0::.0 ___ 

1 
Total heat ava.ilable. . • . . . .. .. . . . • . • . . . . . . . . . .. . . 70,930, 000 

First effect cond. 1lash = 80,600(274 - 250) .......... ___ 1.::':..:9..:4.::0:.:, 0:..:0:..:0 ____ 
1 

72,870,000 
Heat to vacuum paris = 37,500 X 946 •••........•. .'. __ -...::_35:_•:_:5:.:00=,0::00:.::.. ___ 

1 
37,370,000 

Beat to dear-juice heaters .......................... __ -_4.::':..:8c:.00~,0:..:0:..:0 ____ 
1 

Beat to 2d effect................................. 32,570,000* 
Liquor flash = 154,000(251 - 229).85 ..........•..•. _..:+:....:2:.:•.::880=·-=o.::oo:_ __ 

36,900 35.450.000/963 

Liquor to 3d = 117,100 
a. Beat in 2d vapors................................. 35,450,000 

Cond.fiash = 37,500(250- 227) .................... 
1 
___ :..:86=5:.:,0:..:00:_:_ ___ 

1 
36,315,000 

Beat to clear-juice heaters .......................... 
1 
__ -_::4:.!.'.::12::0:.::·•:.:0.::00::.__. __ 

32,195,000 
Beat to raw-juice heaters ........................... 

1 
__ -_::5.:.;8.:.4=-0c.:'..:.0.:.00.:__ ___ 

1 
26,355,000* 

Liquor flash = 117,100(229- 207).83 ...•..•....... 
1 
__ +.!.....2=.:.:,1::5.::0:.:,0::0.::0 ___ 

1 
29,300 28,505,000/975 

Liquor to 4th = 87,800 
4. Heat in 3d vapors ............. ,................... 28,505,000 

Cond. fiash = 74,200(227 - 205) .. , ................. 
1 
__ -=-1,:..:63=0'-', 00=0 ___ 

1 
30,135,000 

Heat to raw-juice heaters ..........•..........•..... 
1 
__ --=8c.:,2:.:5::0:..:•.::00.::0:_ ___ 

1 
21,885. <ioo• 

Liquor flash = 87;800(207 -185).80 ............... 
1 
__ +.!.....1=.•:..:5_:4.::0:.c,o:..:o..:.o ___ 

1 
23,800 23.425.000/989 

Liquor to 5th = 64,000 
5. Beat in 4th vapors............................... 23,425,000 

Cond. Bash = 101,400(205 - 181) ............... · ..... __ _:2:.:•_:4::..80:.:•c:oo..:.o:_ ___ 
1 

25,1)05,000 
Beat to raw-juice heaters ........................... __ -....:.12=,8:::0.::0.!.,000==-----l 

13,105,000* 
Liquor flash = 64,000(184 - 154).74 ..... 

14,400 

Prod. discharge = 49,!100 

* He11t Sllpplied by heating element. 

+ 1,470,000 
14,575,000/1010 

Total hourly evaporation 

423 

Evaporation, 
lb/hr 

38,800 

36,200 

36,900 

29,300 

23,800 

14,400 

179,400 
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required, the following rule can be used to obtain the extrapolated evaporation: Add 
to the actual evaporation the equivalent evaporation of the bled vapors thus: 

Lb/kr 
(a) Actual evaporation .............................................. 179,400 
(b) Equivalent evaporation from vapors of 1st effect used for vacuum pans 

(4 X 35,500,000)/977 ............................................ 145,500 
(c) Equivalent evaporation from 1st effect vapors used for clarified-juice 

heaters, (4 X 4,800,000)/977.. ... . . . . . . . . . . . .. .. . . .. . . . . .. . . . . . . . . . 19,700 
(d) Equivalent evaporation from 2d effect vapors used for clarified- and raw-

juice heaters, (3 X 9,960,000)/977................................. 30,600 
(e) Equivalent evaporation from 3d effect vapors used for raw-juice heaters, 

(2 X 8,250,000)/977 ............................ , . . . . . . . . . . . . . . . . 17,900 
(f) Equivalent evaporation from 4th effect vapors used for raw-juice heaters, 

(1 X 12,800,000) /977 ............................. : . . . . . . . . . . . . . . 13, 100 
Extrapolated evaporation. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 406,200 

Estimated steam quantity 
4065200 = 81,240 lbjhr 

Actual steam required from final heat balance = 80,600 
Error = 640 lb jhr 

This method of estimating the steam quantity to the first effect gives quite con­
sistent results and can be used as a "first" trial in Table 14.4. One or two trials will 
determine the exact steam flow for obtaining the required evaporation. 

It will be noted from Table 14.4 that liquor and steam flow in series through all 
effects (in forward-feed arrangement) except for the first effect where the total steam 
is divided for parallel flow between effects lA and lB. The latter procedure is com­
mon where excessive evaporation in a single effect would require a very large vapor 
body. The division of the total steam in the heat balance between effects lA and lB 
is arbitrary, especially if equal heating surface will be supplied. However, it is the 
usual practice to divide the total steam in the ratio of 1.1/1.0 for effects lA/lB to 
simplify calculations and to take into account the fact that the lA effect will have a 
higher heat-transfer coefficient and thus use more steam for greater evaporation. 

In effects lA and lB liquor must be preheated to its boiling point before evaporation 
commences. In all other effects the liquor flashes or vaporizes a portion of its water 
on entering the following body. To increase the steam economy still further, it is 
customary to flash the condensate to the vapor space of the following effect. Thus 
the total steam condensate·is flashed to the vapor space in the first effect, and the 
vapors obtained from this flash are added to the total vapors leaving the lA and lB 
effects. Likewise the net condensate in the second effect (38,800 + 36,200 - 37,500, 
which was removed for vacuum pans) is flashed to the corresponding second-effect 
saturated vapor, etc. It will be noted that the total flash in each effect is cumulative, 
since the condensate flows in series to a common discharge header through a series of 
flash tanks. A well-designed condensate flash system may save as much as 10 per cent 
of the live-steam requirement. 

The heat balance is completed when one obtains a product from the last effect equal 
in quantity and 0 Brix concentration to that for which the evaporator is being designed. 
Thus a material balance in the present case shows: 

Feed = 229,000 lb/hr X 0.13 = 29,800 lb/hr sugar 

Discharge = 
2g::go = 49,600 lb/hr of 60°Brix sugar 

Evaporation = 229,000 - 49,600 = 179,400 lbjhr water evaporated 
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If an incorrect quantity of steam is assumed or a very poor temperature distribution 
is made, the required evaporation or product discharged will not be obtained. In the 
latter case, an apportionment of the difference between the required evaporation and 
that obtained in the first trial, based upon the assumed steam quantity and a recalcu. 
lation of the heat balance, will give results close enough for practical purposes. In 
general, if the heat balance is off by less than 1 per c~nt in product or evaporation, it 
may be considered to check. 

The vapors from the last effect can be used for process heating or carried to a con­
denser. Evaporator vapors are used to heat the juice before and after clarification by 
means of two· sets of heaters.. In Fig. 14.33 the heaters are grouped in sets of four and 
three. The first set is for preheating the raw juice with vapors of the second, third, 
and fourth effects. The second set is for preheating the clarified juice before it enters 
the first effect of the evaporator and uses vapors from the first and second effects. 
Each set of heaters operates with one less than that indicated, the omitted unit acting 
as a spare. 

The first four effects of the evaporator system are designed to have bodies of the 
long-tube vertical-film type (Fig. 14.27), while the fifth effect is provided with a 
calandria-type body (Fig. 14.23). The first four effects have catchalls with tangential 
vapor inlets and bottom outlets, whereas the fifth effect is designed with a top vapor 
outlet. The entire evaporator unit is arranged to allow by-passing any unit from the 
system for cleaning or repair. 

Vacuum is maintained by a barometric condenser and ejector. The gallons per 
minute of water required in the barometric condenser is calculated from Eq. (14.4). 
Where low vacuum and cold water are combined as in the present example, a value of 
l5°F may be used for the approach temperature difference t~. 

W ~ 14,575,000 583 
aoer = 500(147 -. 82 - 15) = gpm (14.4) 

Discussion. In Table 14.2 items 10 to 13 inclusive summarize the 
data obtained from the material and heat balance in Table 14.4. The 
surface design, i.e., the heating element, vapor head, etc., is shown in 14 
to 16 inclusive. Item 16 lists values of U D !1t employed commercially; 
dividing these values of U D !1t by the estimated !1t yields the values of U D 

sho-wn in 15. If the values of U D are much out of line with correlated 
values for similar operation, then a redistribution of either !1t or U D !1t 
may be necessary. Both are affected simultaneously. Surfaces are 
found by dividing the starred heat loads in Table 14.4 by respective 
values of U D !1t .. 

In designing heaters for both raw and clear juice in Table 14.3 the 
importance of equal size and duplication of units is emphasized. A care­
ful division of the total heat load was made to allow large temperature 
differences when using the bled vapors of the different effects. Slightly 
larger transfer coefficients could have been used, but it is desirable to 
equalize the surfaces at the expense of arbitrarily varying the transfer 
coefficients. 

A check of Eq. {14.7) will show that it is not imperative to account 
for the hydrostatic loss when setting up Table 14.2. Since the evaporator 



426 PROCESS HEAT TRANSFER 

bodies are designed for high velocity and low liquor levels, it has been 
assumed that any capacity loss due to hydrostatic head is compensated 
for by a slightly conservative design of surface. 

THE EVAPORATION OF PAPER PULP WASTE LIQUORS-BACKWARD FEED 

Description of Paper-pulp Production Processes. There are three 
standard processes for producing paper pulp, namely, the soda; sulfate, 
and sulfite processes. All three produce wastes which are recovered 
either because of valuable residues or to avoid public nuisance. 

1. In the soda. process wood chips are cooked in. digesters with caustic 
soda solution of about l2°Be. Mter digestion, the pulp is washed clean 
with a hose in tanks having screen bottoms or ~lse passed through a 
filter which is used for washing it. The liquor separated from the washed 
pulp, called black liquor, contains the resin and lignin of the wood and all 
the alkali used in the digester. The black liquor is evaporated, and 
solids are recovered for the value of the alkali. 

The soda process is applied to both nonresinous and resinous woods. 
In the latter case the black liquors tend to foam and evaporators of the 
long-tube, vertical-film type are used almost exclusively. The solutions 
are not scale forming, undergo little elevation in boiling point (BPR), and 
the concentrated product is not excessively viscous. Liquors are usually 
concentrated to about a 40 per cent solid content by backward feed in a 
sextuple (or higher) effect evaporator, and the concentrate is subsequently 
fed to rotary incinerators. The latter produces black ash; which is 
leached, and the resulting solution is recausticized for use in the digesters~ 

2. The sulfate pulp process uses a mixture of sodium hydroxide, sodium 
carbonate, and sodium sulfide for digestion of wood chips. The sulfide 
is renewed by adding sodium sulfate· and reducing it with carbon (thus, 
"sulfate" process). The process is used on resinous woods, and the 
content of inorganic material in the waste liquor is higher. It is usually 
concentrated to about 50 and often 55 per cent. The liquor is more 
viscous than the soda black liquor of same density, foams more, and has a 
higher elevation in boiling point owing to the larger content of inorganic 
solids. The usual practice is to use long-tube vertical-film-type evapo­
rators with six effects or more and with backward feed. Because of the 
high viscosity in the first effect it is customary to divide the latter into 
two bodies with paraliel steam flow. This procedure increases the liquor 
rate, which offsets the detrimental effect of the high viscosity on the heat­
transfer rate. 

3. The sulfite pulp process uses calcium or magnesium bisulfite as the 
active chemical in wood chip digestion. The active material is not 
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recovered. 1 When a mill is located in an isolated area the waste liquor is 
discarded; when a mill is located in nonisolated districts, evaporation of 
the liquors and burning of the concentrate are required to prevent surface 
or subsurface water polution. In recent years, however, much develop­
ment work has been carried out on the fermentation of sulfite liquors for 
alcohol production. 

Example 14.6. A unit concentrating soda pulp black liquor will be designed to 
evaporate 90,000 lb/hr of water from a feed of 144,000 lb/hr which enters at 170°F and 
contains 15.2 per cent solids. This is equivalent to a product dis~harge of 54,000 lb /hr 
containing 40.5 per cent solids. These quantities are based on the production of 
150 tons of pulp per day, and the resulting black liquor contains 3500 lb/ton of total 
solids. Utilities available are dry saturated steam at 35 psig and condenser water 
at 60°F, 

Solution. Economy studies in the industry indicate that a six-body sextuple­
effect evaporator will be required. In this type of unit the liquor flow is arranged for 
divided feed to the fifth and sixth effects to eliminate the large vapor bodies which 
would otherwise be required were the total feed passed through in series. From the 
last two effects the liquor is pumped through the remaining bodies in series, backward 
flow. The discharge from the first effect, after passing through a liquid-level control 
valve to a liquor flash tank, is finally sent to a product storage tank._ Figure 14.35 
illustrates schematically the arrangement of the equipment for this process. 

In this type of process all vapor, liquor, and condensate lines are designed with 
by-pass arrangements, permitting any one body to be cut out for cleaning or main­
tenance and still allowing the operation of the unit as a quintuple effect. 

The vapors from the last effect are condensed in a multijet barometric condenser 
or are used for heating mill water to l10°F. If the latter scheme is followed, a surface 
condenser can be substituted for the multijet condenser. 

The factors entering in making the heat balance are similar to those discussed under 
sugar evaporation. Referring to Table 14.5 it is important first to estimate correctly 
the "temperature-pressure distribution, items 2 to 8. 

The overall temperature difference is 280 - 125 = 155°F (corresponding to 35 psig 
and 26 in. Hg). For the estimated per cent solids distribution in each body, the BPR. 
can be obtained from Fig. 14.36a. The estimated total BPR is 41 °F, and the effective 
temperature difference (disregarding hydrostatic head factors in accordance with the 
discussion under sugar evaporators) is 155 - 41, or l14°F. Specific-heat data are 
given in Fig. 14.36b. The distribution of temperature differences t:.t in item 4 is in 
accordance with general practice, using higher temperature differentials in the first. 
and last effects owing to the larger evaporation loads and the relatively even distribu­
tion in the other effects. Slight deviations in the estimated values of the temperature­
difference distribution from what may be found in actual operation will not affect the 
heat balance or design of the evaporator too greatly. Poor temperature-difference 
estimates, however, will be reflected by poorly correlatable transfer coefficients. The 
accepted overall coefficients for multiple-effect soda-black~liquor processes are given 

I Recent development by the Weyerhaeuser Timber Co. of a cyclic recovery sys­
tem using the magnesium bisulfite base has increased interest in this method of pulp 
production. . From unpublished paper on sulfite waste evaporation by D. Q. Kern 
r.nd ,T. Meisler. 
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TABLE 14.5. EvAPORATOR SUMMARY 

All bodies will consist of 300 2 in. OD, 10 BWG tubes 24'0"long 

Effects 

Item 

3 4 5 6 

-----------1----------- ------
1. Steam flow, lb/hr .................. 20,000 
2. Steam pressure, psi/in. Hg ... 35 14.5 4 7" 16.5" 22" 
3. Steam temp, •F ................... 280 249 224 199 174 151 
4. M,°F ............. ............... 21 17 18 19 18 21 
5. Liquor temp, °F ............... 259 232 206 180 156 130 
6. BPR, °F ...............•.......... 10 8 7 6 5 5 
7. Vapor temp, °F .•...... ." ........... 249 224 199 174 151 125 
8. Vapor pressure, psi/in. Hg .......... 14.5 4 7" 16.5 11 22 11 26 11 

9. )., Btu/lb .....•....•.............. 946 962 978 994 1,008 1,022 
10. Liquor in, lb/hr ................... 73,400 88,300 101,100 ll3,000 72,000 72,000 
11. Liquor out,lb/hr .................. 56,200 73,400 88,30(} 101' 100 58,3(}0 54,700 
12. Evaporation, lb/hr . .' ............... 17,200 14,900 12,800 11,900 13,700 17,300 
13. Tots.! solids, %* ................... .38.9 29.8 24.7 21.6 18.7 20.0 
14. A,ft, ............................ 3,250 3,250 3,250 3,250 3,250 3,250 
15. UD, Btu/(hr)(ft')(°F) .............. 262 295 252 251 221 221 
16. UD t.t, Btu/(hr)(ft') ................ 5,510 5,000 4,530 4,770 3,980 4,650 

* 40.5 per cent from :Bash tank; 22,000 lb/hr vaporized in :Ba.eh tank. 
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in Table 14.5. If the calculated coefficients differ appreciably from the accepted 
values, the At distribution will have to be altered accordingly. 

Table 14.6 shows the procedure in determining the heat balance. It will be observed 
that this balance is one of trial and error. With some experience in backward-flow­
evaporator calcUlations, however, not more than two trials are necessary to obtain the 
correct balance. A first trial is necessary for determining the approximate quantity 
of live steam to the first effect. Since the overall material balance (Table 14.5) shows 
that a total of 90,000 lb/hr of water is evaporated, the theoretical amount of steam 
for a six-effect evaporator would be 90,000/6, or 15,000 lbjhr. It is found, however, 
that the economy of multiple-effect black,liquor evaporators falls in the order of 
75 per cent of theoretical or 6 X 0.75 which is 4.5. Thus, as an estimate 

90,000 lb = 20 000 lb/hr 
4.5 ' 

of steam will be used for a trial balance. This value is converted to its total evapora­
tion potential by multiplying by its latent heat of vaporization and a factor of about 
0.97 to take into account heat losses by radiation. 

Since the feed is backward, the quantity of liquor being pumped from the second 
to the first effect is unknown. In fact, the only known liquor quantity is 54,000 lb/hr 
of product discharge leaving the flash tank. Ordinarily the black liquor in the first 
effect is not concentrated to the final desired solid content, but several of the last 
per cent of water are allowed to vaporize in a flash tank which is located ahead of the 
first effect and which is connected to one of the low-pressure evaporator bodies as 
shown in Fig. 14.35. In this instance the flash tank receiving the discharge from the 
~st effect is piped to the vapor body of the third effect, which is at a saturation 
temperature of 199°F. Since the solution discharged from the first effect has a BPR 
of 10°F, its actual boiling temperature in the third effect is 199 + 10 = 209°F and a 
flash corresponding to 259 to 209°F is effected. 

If the quantity of liquor discharged from the first effect were known, the amount 
of additional water evaporated by flash could easily be calculated. An estimate is 
therefore made of this quantity as follows: 

Divide the total evaporation by the number of effects, i.e., 90,000/6 = 15,000, and 
add to it about 15 per cent, giving a total of 17,200 lb/hr .. The latter is an estimate 
of the amount of evaporation in the first effect. Since the flash is usually a few per 
cent of the product (here 2200/54,000 = 4.1 per cent), an estimated value of the flash 
is added to the evaporation in the first effect and the total added to the product iliil­
charge from the flash tank: thus 54,000 + (17,200 + 2200) = 73,400 lb/hr. This 
quantity is the estimated discharge from the second effect and must be preheated from 
232 to 259°F, the boiling point in the first effect. The latter is indicated in item lb 
of the heat-balance calculations, Table 14.6. By subtracting the preheat from 1a 
and dividing the difference (16,270,000/946) by the latent heat of vaporization corre­
sponding to the saturated vapor pressure in the first effect, the amount of actual 
evaporation in the first effect lc is obtained. The latter value should correspond 
to that estimated. If it does not check, the value of the discharge liquor from the 
second effect 1b is revised to bring the estimated and the calculated evaporation 
rates in line. Moreover, since the preheat load 1b is usually in the order of 8 
to 10 per cent of the steam load 1a only a small change is ordinarily required in the 
former to balance the estimated and calculated evaporation rates. The discharge 
to the :Bash tank is the difference between .lb and lc. The amount of flashed vapor is 
equal to the heat load ld divided by the latent heat of vaporization corresponding to 
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TABLE 14.6. HEAT BALANCE 

Cooling water at 60°F 17,750,000 71 
500(125- 15- 60) = Ogpm 

Effect 

·1. a. Heat in steam = 20,000 X 924 X .97* ... ,. 
b. Heating liquor = 73;400(259 ~ 232) .82 .. . 

c. Evaporation = 17,200., ......... ... . 

d. To flash tank = 56,200(259 - 209).78 ...... . 
e. Flashed vapor = 2,200 

f. Product = 54,000 
2, a. Heat in 1st vapors ................... .. 

b. Heating liquor = 88,300(232 - 20&).85 .. . 

c. Evaporation = 14,900 ............... . 

d. Liquor to Ib = 73,400 
3. a, Heat in 2d vapors ..... , ............... . 

b. Condensate flash = 17 ,200(249 - 224) ... . 

c. Total heat to 3d effect steam chest ....... . 
d, He&tiog liquor = 101,100(206 - 180).86 .. . 

e. Evapor&tion = 12,800 ... , ........ , , .. 

f. Liquor to 2b = 88,300 
4. a. Heat in 3d vapors ...... : . ................ . 

b. Condensate flash = 32,100(224 - 199) ... . 
c. Liquor flash from flash tank ............... . 

d. Total he&t to 4th effect ......••....... , ... . 
e. Heating liquor = 113,000(180 - 143).88 .... . 

f. Evaporation = 11,900 ................ . 

o. Liquor to 3d = 101,100 

Btu/hr 

17,900,000t 
1,630,000 

16 '270' 000/946 

2 '200 '000/978 

16,270,000t 
- 1,940,000 

14' 330' 000/962 

14,330,000 
+ 430,000 

14,760, OOOt 
2,250,000 

12,510,000/978 

12,510,00() 
+ 800,000 
+ 2,200,000 

15,510,000t 
- 3,680,000 

11,830,000/995 

5. a. Heat in 4th vapors............................ 11,830,000 
b. Condensate flash= 44,900(199- 174) .............. 

1 
_ __:+_1-',_12_0:..c'c.:oo..:....o __ _ 

c. Total heat to 5th effect·, .. , . . . . . • . . . . . . . . . . . 12,950, OOOt 
d. Liquor flash = 72,000(170- 156).90..... + 900,000 

e. Evaporation = 13,700 ................ ,..... 13,850,000/1008 

/. liquor to 4e = 58,300 
6._a. Heat in 5th vapors............................... 13,850,000 

b. Condensate !lash= 56,800(174- 151).. .... . . . + 1,310,000 

c. Total heat to 6th effect ............. ,.... . . . . . . . . . 15,160,000t 
d. Liquor flash = 72,000(170- 130).90 ....... 

1 
__ +-'--c-=2":,5-,9cc0-'-,o,.,o:-:o-:-,..-,--l 

e. Evapor&tion = 17,300.... ................ 17,750,000/1022 

f. Liquor to 4e = 54,700 
g. Liquor to 4e from 5f = 58,300 

h. 4e - 113,000 

431 

Evaporation, 
lb/hr 

17,200 

2,200 

14,900 

12,800 

11,900 

13,700 

17,300 

Total hourly evaporation = 90,00() lb 
90,000 

Economy = 
20

,
000 

= 4.50 lb/lb 

* Radiation factor. 
t For surface c&loulation. 
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saturated pressure in the third effect. Subtracting the flash le from ld should give 
the known product in If. If a deviation from the product is obtained, slight changes 
~ue required in 1d, lc, and lb to complete the balance in the first effect. 

In the second effect the value of 2a corresponds to the heat load of the vapors leav­
ing the first effect and entering the second effect steam chest. The value of 2d is 
equal to lb, which has already been determined. An estimate of 2b determines 2c. 
A check on the estimated value of 2b is obtained if 2b - 2c = 2d. If they are unequal, 
.a slight change in 2b will establish the equality. 

The value of item 3a corresponds to the heat load of vapors leaving the second 
effect. Moreover, to increase steam economy the condensate from the second effect 
is discharged through a flash tank into a condensate header. The flash tank is piped 
to the steam chest of the third effect. Item 3b shows the equivalent heat load added 
to the steam chest of the third effect by flashing the condensate of the second effect 
into it. 

Since item 3f equals 2b, an estimate of 3d determines the value of 3e. A check on the 
estimate 3d i$ determined by the equality of the values under 3d - 3e = 3/. 

Item 4a is the net heat load in the third effect vapors and 4b is the combined con­
densate flash from effects 2 and 3; i.e., 17,200 + 14,900 = 32,100 lb/hr. Item 4c 
corresponds to 1d, since it was stated above that the discharge from the first effect 
passed through a flash tank piped to the steam chest of the fourth effect (or to the 
vapor line of the third effect). The flashed vapors are therefore used as an additional 
source of heat for evaporation and are included in the total heat load in the vapors 
entering the fourth-effect steam chest 4d. Item 4e is estimated similarly to 3d, etc. 
It will be noted, however, that in using a temperature differential for preheating the 
liquor to the boiling temperature, 1so•F, the liquor was preheated from 143 to Iso•F. 
From Table 14.5 it will be observed that the boiling points in effects 5 and 6 are, respec­
tively, 156 and 130°F. Since the feed is passed through the last two effects in par­
allel, the common temperature of the combined discharged liquor from these effects 
is taken as their arithmetic average; i.e., (156 + 130)/2 = 143°F. 

Item 5b in Table 14.6 is the combined condensate flash of effects 2, 3, and 4; i;e., 
17,200 + 14,900 + 12,800 = 44,900 lb/hr. Since feed enters above its boiling-point 
temperature in both the fifth and sixth effects, a certain amount will flash on entering 
the two bodies. Items 5d and 6d show the flash calculations: The discharge from 
the fifth effect, 5/, combined with the discharge from the sixth effect, 6/, is pumped to 
the fourth effect. 

Item 6b is the combined condensate flash of effects 2 to 5 inclusive. When added 
to 6a the sum gives the total heat load to the steam chest of the sixth effect. 

If the heat balance is closed so that the total calculated hourly evaporation is found 
to be equal to that which is required in the material balance, then the sum of 5/ and 
6/ will be equal to 4e and the estimated steam requirement will be satisfactory. If 
the heat balance does not close on the first trial, a revision of the steam estimate is 
made and 1 through 6 inclusive are repeated. To revise the steam requirements it is 
seen that the algebraic. difference between the obtained and required evaporation 
divided by the estimated economy need only be added to the initial estimate of steam. 
Thus, if the calculated evaporation were 94,500 lb /hr, (90,000 - 94,500) /4.5 = -1000 
or approximately 20,000 - 1000 = 19,000 lb/hr of steam would be used for rework­
ing the balance. Ordinarily not more than two trials need be made to obtain a 
closure in the balance. 

Each body in Fig. 14.35 is of the long-tube vertical-film type Fig. 14.27. 
The water rating of a multijet barometric condenser is quite similar to that for a 
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countercurrent barometric type employed on sugar evaporators. The major differ­
ence lS in the allowable approach to the vapor temperature. Whereas in the counter­
current barometi:ic condenser it iB permiBsible to use about 5°F approach for a good 
d.esign, the multijet is designed conservatively for a l5°F approach. Thus, the gallons 
per minute required are . 

Q 17,750,000 
500(T, - 15 - tw) = 500(125 - 15 - 60) = 710 gpm 

In usirig a surface condenser it will not be desirable to approach the saturated vapor 
temperature closer than l5°F; thus, 710 gpm can be heated from 60 to l10°F for use 
as mill water. 

CAUSTIC SODA CONCENTRATION-FORCED-CIRCULATION EVAPORATORS 

Description of the Process. The concentration of caustic soda solu­
tions obtained either from the reaction of soda ash and lime or from the 
electrolytic decomposition of brine present certain distinct problems: (1) 
Caustic solutions have a high elevation in boiling point which causes a 
large loss of available temperature difference in multiple-effect evapo­
rators. (2) The concentrated solutions are· highly viscous, reducing 
sharply the heat-transfer rate in natural-circulation evaporators. (3) 
Caustic solutions may have detrimental effects on steel, causing caustic 
embrittlement. (4) Caustic solutions may require the removal of large 
quantities of salt as the solution becomes concentrated. 

In order to avoid caustic embrittlement of steel, solid nickel tubes 
are used along with nickel-clad plate-steel bodies. All auxiliary equip­
ment which comes in contact with the caustic solution is also nickel clad. 
Due to the costliness of nickel as a material of construction, however, it 
-is important to design this class of equipment for as small a heating sur­
face as possible. Since the liquor-film heat-transfer coefficient is a func­
tion of the velocity of the caustic solution through the tubes, a high 
velocity must be established in order to obtain a large transfer coefficient 
in the tubes, 

The process flow sheet is shown in Fig. 14.37. Cell liquor feed, along 
with filtrate aJ1d wash brine from the salt filter or centrifuge, is intro­
duced into the filtrate feed tank a. From a the liquor- is_ pumped into 
the second effect b of the evaporator where partial concentration and 
partial salt precipitation occur. The resulting semiconcentrated effluent 
from the second effect is pumped into the weak-liquor settler c along with 
the slurry underflow from the 50 per cent caustic settler d. The underflow 
from a contains all the precipitated salt from the system in the form of a 
slurry. This slurry is pumped to the filter or centrifuge to remove the 
precipitated salt and to wash the salt with brine. The filtrate entering 
the filtrate tank a is recirculated through the system with cell liquor feed 
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FIG. 14.37. Double-effect forced-circulation caustic evaporator. 
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as described above. The overflow from c is pumped into the first effect 
of the evaporator f for further concentration and further salt precipita­
tion. The effluent from the first effect is at a temperature of 246°F and 
contains concentrated caustic solution and a suspension of salt. This 
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slurry is pumped to the forced~circulation flash tank g where it is cooled 
to approximately 192°F and where further flash evaporation and further 
salt precipitation occurs. The flash-tank efHuent is pumped to d. The 
underflow from this settler consists of a salt slurry which flows into c 
along with the second-effect effluent, and the salt is eventually removed 
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by a as described above. The overflow from d is the product liquor 
containing 50% NaOH, 2.7% :NaCl, and 47.3% water. 

Steam, usually 20 psig, is introduced into the heating element of the 
first effect. Here the steam condenses and gives up its latent heat to the 
liquor circulated through the tubes, causing this liquor to boil when it 
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FIG. 14.39. SpecHic gravity of caustic soda solutions. (Columbia Alkali Corporation.) 

reaches the vapor body of the first effect. The condensate from the first 
effect passes through a trap into a flash chamber h, where flashing occurs 
with the evolution of more vapors. The vapors from the first effect 
leave through a catchall k, returning the entrained liquor back to. the 
bottom of the first-effect body. The stripped vapors leaving the catchall 
combine with the condensate flash vapors and are introduced into the 
second-effect heating element, where they are condensed and removed by 
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means of a condensate pump. The condensation of these vapors produce 
further boiling in the second-effect vapor body. The vapors leaving the 
second body pass through another catchalll into a barometric condenser 
m, where they are totally condensed by contact with cold water. The 
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FIG. 14.40a. S_pecific heats of high-concentration caustic soda solutions. 

FiG. 14.40b. Specific heats of low-concentration caustic soda solutions. (Columbia 
Alkali Corporation.) 

noncondensables from the system eventually reach the condenser through 
a system of vent piping, and there they are removed by a steam jet 
ejector n. 

Example 14 •• 6. Electrolytic cell liquor containing 8.75% NaOH, 16.60% NaCl, 
and 74.65% water at a temperature of 120°F is to be concentrated to a product con­
taining 50% NaOH, 2.75% NaCI, and 47.25% water at a 'temperature of 192°F. The 
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capacity of the unit is 25 tons per ~hour day based on 100% caustic soda. Physical 
properties are given in Figs. 14.SS to 14.41. 

Solution. Table 14.7 is a material balance. It will be observed that the calcula­
tions are conveniently based on 1 ton NaOH production per hour, and therefore 
the 'numerals in Fig. 14.37 are obtained by using a factor of 1.25 greater than those 
shown on Table 14.7. 

From the material balance and from the temperature-pressure distribution in 
Table 14.8 the heat balance (Table 14.9) can be worked out rather easily for this 
evaporator. 

Percent NGIOH 
Fw. 14.41. Relative heat content of caustic scda solutions. (Columbia Alkali Cor­
poration.) 

In Table 14.8 the total temperature difference between the saturated live steam 
and 27 in. Hg vacuum is 274 - 115 = 159°F. From Fig. 14.38 the estimated BPR 
of the solutions in the first and second effects is 77 and 26°F, respectively, correspond­
ing to concentrations appearing in Table 14.7. Thus, the effective temperature 
difference is 159 - (77 + 26) = 56°F. The latter is arbitrarily divided evenly 
between the two effects. In addition to the two effects of the evaporator; an addi­
tional amount of evaporation is obtained in the forced-circulation flash tank. The 
latte.r operates at 27 in. Hg and receives the concentrated slurry from the first .effect 
and cools it from 246 to 192°F. The last colW:nn of Table 14.8 summarizes the 
thermal and material quantities for the flash tank. 
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TAllLE 14.7. CAUSTIC EvAPORATOR MATERIAL BALANCE 

BGBis: 1 ton/hr NaOH 
CeU l;g..or a.t 120'F 

8.75% NaOH = 2000 
16.6% NaCI = 3800 
74.65% H,o = 17050 

Total oellliquor - 22s5o 

Waeh a.t SO'F 

25% NaCI- 340 
75% H,o = 1020 

Total wash = Til6ii 

NaOH NaCl 

% Lb 

H,o, Total, 
Lb Lb 

Lb 

-------------· --------------·-
Overall operation: 

Cellliquor.................. .... .... ....... 8.75 2000 16.60 3800 17,050 22,850 
Wash .......•.............................. _._._._._. _._._ .. _ 25.00 ~~~ 
Totalin.................................... . .. .. 2000 .. .. . 4140 18,070 24,210 
Product.................................... 50.00 2000 2. 75 110 1,890 4,000 
Remo?ed ................................... -.-.-.-.. -~--::::-;-- 4030 16,180 20,210 

Weak-liquor settler oper.ation:a 
From 2d eflect.............................. .. .. . 6000 • • • • • 5505 20,775 32,280 
From 50% settler ........................... 50.00 2500 ....!.!.!.!..:.~~~ 
Total in.. .. . .. • .. . • .. .. . .. . . . . . . . . . . . . . . . . . .. .. . 8500 . .. .. 6895 23,136 38,780 
Solids ............... : .. .. .. .. .. .. .. .. .. .. .. 24.62 8500 8.22 2835 23,135 34,470 
Bait pptd ...•.•............................ -.-.-.-.. - ---~4000 -------

Ce;,_t;!u~e~~'ll~~~~~ettler..................... .. . .. 4000 5395 10,905 20,300 
Wash .. , ....•• , ............................ _._._._ .. _ _,_,_,_,_~~~~ 
Totalin.................................... . .. .. 4000 5735 11,925 21,660 
Solids ...................................... 23.05 4000 9.84 1705 11,925 17,630 
Salt pptd, .....•...•....................... --::::-;-- -.-. -.. ---::-:-:-:- 4030 ~ ---

2d effect opera.tion:c: 
From centrifuge ............................. 23.05 4000 P.84 1705 11,!125 17,630 
Cellliquor ................ : ................ 8.75 2000 16.60 3800 17,050 22,850 
Evaporator feed. . . . . . . . . . . . . . . . . . . . . . . . . . . . 14.82 6000 13. 60 "5505 28, 97 5 ~ 
Evaporation................................ .... . . . .. . .. .. ... . 8,200 8,200 
Product .................................... -.-.-.-.. - 6000 --- 5505 20,775 32.280 
Solids ...................................... 19.96 6000 11.22 3370 20,775 30,045 
Salt pptd .................................. ~ -.-.-.. ---::::-;-- 2135 ~ ---

let effect operation:• 
From weak liquor settler .................... 24.62 4500 8.22 1500 12,230 18,230 
Evaporation.. .. .. .. .. .. .. . .. .. . .. . .. .. .. .. . .. . .. .. .. • .. .. 7, 537 7, 537 
Product .................................... -.-.-.-.. -45oll--- 1500 ~ 10,693 
Solids ...................................... 47.05 4500 3.84 357 4,693 9,560 
Salt pptd .......•............•.......... , .. --::::-;-- ~--::::-;-- "''l3a ~ ~ 

Flash-tank operation:• · 
From lot effect............................. . .. .. 4500 1500 4,693 10,693 
Evaporation.. . .. .. .. .. .. .. . .. .. .. .. .. .. .. .. .. . .. • .. • • .. .. .. .. 443 443 
Product ...................... · .............. -.-.-. -.. - 4500 ---1500 4';250 10, 250 
Solids ....... : .............................. 50.00 4500 2.75 248 4,250 8,998 
Balt.pptd .................................. -:-:-:-:-:--~ ~ 1252 -.-.-.. -. -. 1';252 

From·fiash tank............................... .. .. . 4500 . .. .. 1500 4,250 10,250 
50%out ................................... ,. 50.00 2000 2.75 110 1,890 4,000 
Underllow .................................... -.-.-.-.. - 2500 - .. -.-.. -"'i390 2,360 6,250 
Saltpptd.................................... ..... .... ...;. 1252 ...... 1,252 
SolidS ........................................ 50.00 2500 ~ ~-r.aao {',998 

• Solution temperature approximate) - 145°F. 
• Solution temperature ~approximate) - 150°F. 

• Solution temperature approximate) - l41°F. 
tl Solution temperature approxims.te) ..,. 246°F. 
• Solution temperature approximate) - 19ZOF. 

It was noted that in a forced-circulation evaporator the surface is not a direct func­
tion of the temperature difference between the boiling solution and the saturated 
vapor temperature in the steam chest. The surface in a forced-circulation evaporator 
is determined by an economic balance between the size of the evaporator and the rata 
of circulation or, what amounts to the same thing, the power requirements of th& 
pumps. 
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TABLE 14.8. CAUSTIC EvAPORATOR SUMMARY* 

Effect 
Item Flash tank 

I II 

1. Steam pressure, psi ................. 30 
2. Steam temperature, °F .............. 274 169 
3. tJ.t, °F ............................. 28 28 
4. Liquor temperature, °F ............. 246 141 192 
5. BPR, °F .......................... 77 26 77 
6. Vapor temperature, °F .............. 169 115 115 
7. X, Btu/lb .......................... 997 1,027 1,027 
8. Feed, lb/hr* ....................... 22,788 50,602 13,367 
.9. Product, lb/hr* .................... 13,367 40,352 12,813 

10. Evaporation, lb/hr* ................ 9,421 10,250 554 
11. Heat flow, Btujhr* ................. 11,890,000 11,020,000 
12. U D, Btu/ (hr) (ft2WF) ............... 700 
13. A, ftt ............................. 683 683 
14. Tubes, OD, in. and BWG ........... 1, 16 1, 16 
15. Tube length, ft ..................... 7 7 
16. No. tubes ......................... 432 432 
17. Circulating pump, gpm ............. 3200 at 20ft 3200 at 20ft 167 at 45ft 
18. Apparent efficiency, % .............. 54 64 
18. BHP ............................. 38 35 8.2 
20. Motor, hp ......................... 40 40 10.0 

* Correspond to actualftows in Fig. 14.37. 

A method generally used to solve for surface requirements is indicated below. In 
designing for optimum surface it is customary to use about 8 fps velocity through the 
tubes of the heater. Furthermore, in this illustration tubes will be 1 in. OD, 16 BWG,. 
solid nickel, 7'0" long arranged on a two-pass layout. The heaters must be designed 
for sufficient surface to transfer enough heat from the vapor or steam side to satisfy 
the heat quantities under 11 of Table 14.8. 

For effect I. 0.8w(t~ - 246) = 11,840,000 = U DA tJ.t •. That is, by circulating w 
lb /hr of liquid through the tubes and raising the temperature of the latter to t~, a small 
temperature differential above the saturated-solution boiling temperature in the flash 
chamber, a gentle flash will occur with not too rapid a crystal growth. By assuming a· 
given value t~, both w and tJ.t are determined. Furthermore, by designing for a given 
velocity of 8 fps, the value of U c, the clean overall coefficient, is determined from the 
thermal characteristics of the solution. This is illustrated below: 

G = V(a X 62.5 X 3600) = 8 X 1.5 X 62.5 X 3600 = 2,700,000, lb/(hr)(ft2) 

For this mass velocity a tube-film coefficient approximately equal to 1375 can be 
obtained from the methods employed in Chap. 7. Combining the latter with a steam 
film coefficient of approximately 1500 will give a value for Ua or U D equal to 700. 
Setting up the following table: 
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t., •F w, lb/hr flt Ua A, ft2 a,, flow area. 
Goa~. Uoo.tc per pass, ft2 

----
251 2,970,000 25.4 700 670 0.87 3,420,000 
252 2,480,000 25.0 700 680 0.88 2,820,000 
252.5 2,290,000 24.7 700 686 0.89 2,570,000 700 
253 2,120,000 24.5 700 695 0.90 2,520,000 

Thus the gain per minute for circulation is 3200, and from pressure-drop calculations 
.in tubes, the static head, etc., a total dynamic head of 20 ft is found to be required. 

TABLE 14.9. CAUSTIC EvAPORATOR HEAT BALANCE 
Basis = 1 ton/hr NaOH 

Effect Btu/hr Evaporation, 
lb/hr 

1. a. Heat in steam = 10,500 X 930 X 0.974 9,500,000 
b. Heating liquor = 18,230 

X (246 - 150) X 0.83 ............... 1,470,000 
c. Resultant heat.: ................... ; 8,030,000 
d. Heat of concentrate .................. 300,000 
e. Heat of vapors ...................... 7,730,000/997 7,750 

2. a. Heat of vapors .............. : . ...... 7,730,000 
b. Condensate flash = 10,500(274 - 169) 1,090,000 
c. Heat flow .......................... 8,820,000 
d. Heating liquor 

= 40,480(141 - 130)0.92 ............ 410,000 
e. Heat of vapors ...................... 8,410,000/1027 8,200 

Flash tank: 
a. Liquor flash = 10,693(246 - 192)0.79). 460,000 
.b. Heat of concentrate .................. 10,000 
c. Heat of vapors ...................... 450' 000/1027 443 
Total evaporation ...................... ..... ':, ...... 16,393 

Condenser: 
Heat of flash tank vapors (above no•F). 452,000 
Heat of vapors 2 (above l10°F) .......... 8,450,000 
Total heat in (above 110°F) ............. 8,902,000/20 = 445,000 lb 
Water flt = (110 - 90) = 20• ........... = 890 gpm/(ton)(hr) 

ofNa.OH 

For effect II. 0.92w(t,. - 141) = 11,020,000 = U DA At. For a velocity of 8 fps 
G = 8 X 1.35 X 62.5 X 3600 = 2,430,000 lb/(hr){ft'). Using thermal character­
istics for this solution gives an approximate U D = 700 Btu/(hr)(ftt)("F). 
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As for effect I: 

t., °F w, lb/hr t:.t Uc A, ft2 
a,, flow area 

Goa~. Uoa1o per pass, ft2 
----

146 2,400,000 25.4 700 620 0.80 2,790,000 700 
146.5 2,160,000 25.2 700 683. 0.89 2,430,000 

From the design coefficient above a smaller surface could have been used. How­
ever, since it is desirable to duplicate both the surface and pump of the first effect, 
the larger surface is chosen. 

THERMOCOMPRESSION 

The principle of thermocompression is continuously finding wider 
application in industry. Consider a single-effect evaporator. It is fed 
with steam and generates vapors which have nearly as much heat content 

FIG. 14.42. Thermocompression evap­
orator. (Buffalo Foundry & Machine 
Company.) 

as was originally present in the steam. 
These vapors are condensed with water 
as a convenient means of removal, but 
this is a severe waste of both Btu and 
water. Were it not for the fact that 
the temperature of the generated va­
pors is lower than the steam, it would 
be possible to circulate the vapor back 
into the steam chest and evaporate 
continuously without supplying addi­
tional steam. But apart from the heat 
balance, a temperature difference must 
exist between the steam and the gen­
erated vapors or no heat would have 
been transferred originally. If the va­
pors from the evaporator were com­
pressed to the saturation pressure of 
the steam, however, the temperature 
of the vapors could be raised to that 

of the original steam. The cost of supplying the necessary amount of 
compression is usually small compared with the value of the latent heat 
in the vapors. 

The practice of recompressing a vapor to increase its temperature and 
permit its reuse is thermocompression. Where fuel is costly, the compres­
sion may be accomplished with a centrifugal compressor as in the Klein­
schmidt still for the production of distilled water. Where steam is 
available at a pressure higher than that required in the evaporator, the 



EVAPORATION 443 

recompression can be effected in a steam jet booster. The latter operates 
on the principle of an ejector and is used to compress vapors instead of a 
noncondensable gas. A thermocompression evaporator of the type using 
a booster ejector is shown in Fig. 14.42. 

The pressure at which steam is discharged from a thermocompressor 
depends upon the pressure and proportion at which the live steam and the 
vapors are supplied. It will be apparent from the analysis below that 
the higher the desired discharge pressure the greater the percentage of 
live steam required. Table 14.10 compares the proportions of live steam 
to entrained vapors for steam-chest pressures of 18 to· 26 psig when live 
steam is available to the jet at 150 psig and the entrained vapors are 
taken off at 15 psig. 

TABLE 14.10. THERMOCOMPRESSOR EcoNOMY 

Steam-chest pressure, psig ................. 18 20 22 24 26 
Entrainment ratio, lb entrained vapor jib live 

steam ................................. 3.33 2 1.43 1.08 87 
Amount of live steam saved, % ............. 66 67 59 52 46 

Table 14.10 shows substantial savings of live steam for fixed quanti­
ties of low-pressure steam discharged from the compressor. Figure 
14.43 represents the variation of the reciprocal of the entrainment ratio 
with steam-chest pressure for entrained vapors at different pressures. 

Derivation of charts similar to Fig. 14.43 can be made by analyzing the 
thermodynamic conditions imposed on the jet thermocompressor. 
Referring to Fig. 14.44, high-pressure steam is caused to expand in the 
nozzle a fro:rn which it issues with a high velocity·into the mixing space b 
where it transfers some of its momentum to the vapor sucked in. In 
the diffuser section d, which is the reverse of a nozzle, the mixed vapors 
are compressed to the steam-chest pressure pa. The work of compression 
results from the conversion of kinetic energy of the high-velocity mixture 
into pressure head. Thus, vapor at low pressure Pz is entrained and 
compressed to a higher pressure Pa at the expense of energy in the motive 
steam. Using the treatment of Kalustian,l 

let H 1 = enthalpy of steam at P1, Btu/lb 
H 2 = enthalpy of steam after isentropic expansion in nozzle to pres­

sure p2, Btu/lb 
H2' = enthalpy of steam after actual expansion in nozzle to pressure 

P2, Btu/lb 
e1 = efficiency of the nozzle 

1 Kalustian, P., Refrig. Eng., 28, 188-193 (1934). 
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Then 
_ H 1 - H 2' _ actual work of expansion 

e1 - H1- H2 -theoretical work of expansion ( 1~·21) 
Let H a = enthalpy of the mixture at start of compression in the diffuser 

section at p2, Btu/lb 
H4 = enthalpy of the mixture after isentropic compression from p2 

to the discharge pressure pa, Btujlb 
e2 = efficiency of compression in the diffuser 

Then 
H4 -Ha 

e2 = -;--.----,-::--..-=----.­actual work of compression 

Let M 2 = entrained vapor at pressure P2 lb 
M 1 = motive high-pressure steam, at pressure p1, lb 

The actual work required for compressing the mixture, of vapors in the 
diffuser is given by (M 1 + M 2) (H 4 - H a)/ e2. The actual work obtain-

FIG. 14.44. Ejector. 

able from the expansion, of the high-pressure steam is less than the 
theoretical value (H 1 - H 2) because of friction in the nozzle, which is 
taken into account by the nozzle efficiency e1. There is a further loss in 
available energy in the transfer of momentum from the high-velocity 
jet to the relatively slow-moving entrained vapor. If ea is the efficiency 
of momentum transfer, the net available work from the jet is 

M1e1ea(H1 - H2). 

By equating the net available work obtained from the jet to the actual 
work required for compressing the mixture in the diffuser, one obtains 

Entrainment ratio, ~: = [ ~~: = ~ :~ e1e2ea - 1], 

lb vapor entrained/lb steam (14.22) 

Equation (14.22) must be solved by trial and error, since Hs and H4 
are functions of x3, the quality of the steam at p3 which is in itself a func-
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tion of M 2 and M 10 If one assumes no heat and no enthalpy change due 
to the mixing a balance on the mixing process gives 

Xa(M1 + M2) = X2"M1 + x,M2 

X2"Ml + X4M2 
Xa = M1 + M2 

(14o23) 

(14o24) 

where X2" is the quality of motive steam after expansion to P2 and after 
it has lost its kinetic energy in the entraining process, X4 is the quality of 
the entrained steam, and x2" is related to X2', the quality after expansion 
but before the entrainment step, by the equation 

(14025) 

where A is the latent heat of vaporization of the fluid at P2o X2' is related 
to x2, the quality after isentropic e;x:pansion, by 

(1 - e1)(H1 - H2) ;, (x2' - x2)A 

As an illustration, take the case where P1 = 150 psig, P2 = 9 psig, 
H1 = 1196 Btu/lb (from Table 7), H2 = 1050 Btu/lb (after isentropic 
expansion from P1 to p2). and x2 = Oo885o It will be assumed that the 
values of e1, e2, ea are, respectively, Oo98, Oo95, and.Oo85o 

H1 - H2' = Oo98(1196 - 1050) = 143 

and therefore H2' = 10530 From Table 7 A = 954 and from Eqo (14o22) 

954(x2' - x2) = (1 - Oo98)(1196 - 1050) 

and therefore X2' = Oo89o From Eqo (14o25) 

(1 - Oo85) (143) = 954(x2" - Oo89) 

and therefore X2" = Oo91. Assuming xa = Oo95, 

Ha = 1159(0o95) = 1100o 

Since the entrained steam at P2 is assumed saturated, X4 = 1 and there­
fore H, = 1164; hence from Eqo (14022) 

~: = 1
6:: (0079) - 1 = 1.80 -1 = Oo8 

As a check on the assumed value of xa, from Eqo (14o24) above 

Xa = X2" + x,(M2/M1) = Oo91 + 0080 = 1.71 = 0 95 
1 + M 2/ M 1 1 + Oo80 1.8 ° 

(which checks the assumed value) 0 
Since the entrainment ratio M 2/ M 1 is a function of the thermal ( expan­

sion <tnd compression) and mechanical (mixing) .efficiencies of the com­
pressor, specialized and good design of the different elements of the 
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unit will increase the overall efficiency e1e2ea. The closer this product 
approaches unity the higher the entrainment ratio or the greater the 
saving in live steam. In good design, overall efficiencies approach 0.75 
to 0.8, with individual efficiencies in the order of e1 = 0.95 - 0.98, 
ez = 0.90 - 0.95, and ea = 0.80 to 0.85. 

To study the saving in steam, the reduction in water requirements 
and condenser size, a comparison will be made of a straight triple-effect 
evaporator and one involving the use of a thermocompressor in conjunc­
tion with a triple-effect evaporator. 

THERMOCOMPRESSION SUGAR EVAPORATOR 

Example 14.7. It is required to concentrate 100,000 lb/hx of a 10°Brix sugar solu­
tion to-30°Brix. Exhaust steam at 20 psigis available in limited quantity. Water is 
available at 85°F and also in limite& quantity owing to cooling-tower capacity. The 
feed will enter at 230°F. The thermocompressor evaporator will recompress vapors 
"~om the second effect as shown in Fig. 14.45 using saturated steam at 150 psig. 

Condenser. 

Producf 

7hermocompre.ssor 
-FIG. 14.45. Thermocompression sugar evaporator. 

Solution. The analysis is shown in Tables 14.11 to 14.13. The live steam required 
for the thermocompressor is M1 = 82,200 - 14,300* = 17,900~ 

Saving in live steam over straight triple effect = 20 per cent 
Saving in water over straight triple effect = 20 per cent 

* M.}M2 = -1.26-Jrom Fig. 14.43. Mt + M 2 = 32,200 from heat balance above, 
and therefore M, = 32,200/(1.25 + 1) = 14,300. 
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TABLE 14.11. EvAPORATOR SUMMARY 

Straight triple effect Thermocompression 
Effect 

1 2 3 1 2 3 
----- --

Steam flow, lb /hr ........... , ...... 22,400 17,900* 
Steam pressure, psi. . . . . . . . . ~ .. •' . . . 20 9 2 20 9 2 
Steam temp, oF ................... 258 237 217 258 237 217 
at, °F ............................ 20 18 22 20 18 22 
Liquor temp, •F ................... 238 219 195 238 219 195 
BPR, •F ......................... 1 2 3 1 2 3 
Vapor temp, •F ................... 237 217 192 237 215 192 
Vapor pressure, psi/in. Hg ......... 9 2 10" 9 2 10" 
X, Btu/lb ......................... 954 965 983 954 965 983 
Liquor in, lb /hr ................... 100,000 79,400 56,900 109,000 70,000 52,400 
Liquor out, lb /hr .................. 79,400 56,900 33,300 70,000 52,400 33,300 
Evaporation, lb /hr ................ 20,600 22,500 23,500 30,000 17,600 19,100 
•Brix (out) ....................... • • • . . 0. ...... . . . . . . ...... 30 
Condenser water, gpm ............. . . . . . . . 455 . ..... . . . . . .. . 365 

* Live steam to thermocompreasor. 

TABLE 14.12. HEAT BALANCE-STRAIGHT TRIPLE EFFECT 

C d t 23,232,000 455 on enser wa er = 500(192 _ 5 _ 85) = gpm 

Effect Btujhr Evaporation, 
lbjhr 

1. a. Heat in steam = (22,400) (940) (.97) 0 0 0 •••••• 20,400,000 
b. Heating liquor = 100,000(238 - 230}.92 ..... 735,000 
c. Evaporation = 20,600 .. 0 0 0 0 0 0 0 0 0 0 0 0 0 0 0 0 19,665,000/954 20,600 
d. Liquor to 2d = 79,400 

2. a. Heat in 1st vapors ........................ 19,665,000 
b. Steam cond. flash = 22,400{258 - 237) .... : . · 470,000 
c. Liquor flash = 79,400{238 - 217).89 ........ 1,485,000 
d. Heat for evaporation .....•................ 21,620,000/965 22,500 
e. Evaporation = 22,500 lbjhr 

3. a. Heat in 2d vapors ......................... 21,620,000 
b. Condensate flash = 20,600(237 - 217) ......• 412,000 
c. Liquor flash = 56,900(217 - 192).85 ........ 1,200,000 
d. Heat for evaporation ...................... 23,232,000/983 23,600 
e. Product = 56,900 - 23,600 = 33,300 lbjhr 
f. Total evaporation ......................... .............. 66,700 
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TABLE 14.13. H:mAT BALANCE-THERMOCOMPRESSION EvAPORATOR 

C d 18,662,000 365 on enser water = .'i00(192 _ 5 _ 85) = gpm 

Effect Btu/hr 
Evaporation 

lb/hr 

1. a. Heat in steam = (32,200)(940)(.97) ... ...... 29,300,000 
b. Heating liquor = 100,000(238 - 230).92 ..... 735,000 
c. Heat for evaporation ...................... 28,565,000/954 30,000 
d. Liquor to 2d = 70,000 lb/hr 

2. a. Heat in 1st vapors ........................ 28,565,000 
b. Heat removed entrained vapors by thermo-

• ( 32,200 ) 954 comprCSlllOn = 
1

.25 + 1 ............. 13,600,000 

c. Heat in 1st vapors ........................ 14,965,000 
d. Condensate flash = 32,200(258 - 237) ....... 677,000 
e. Liquor Hash = 70,000(238 - 217).89 ........ 1,310,000 
f. Heat for evaporation ...................... 16,952,000/965 17,600 
g. Liquor to 3d·= 70,000 - 17,600 = 52,400 

lb/hr 
3. a. Heat in 2d vapors •........................ 16,952,000 

b. Condensate flash =:' 30,000(237 - 217) ....... 600,000 
c. Liquor flash = 52,400(217 - 192).85 ........ 1,110,000 
d. Heat for ·evaporation ...................... 18,662,000/983 19,100 
e. Product = 52,400 - 19,100 = 33,300 lb/hr 
f. Total evaporation ......................... .............. 66,700 

The saving in utilities illustrated in the above problem is of importance 
only if there is a shortage of them. In all circumstances, however, 
installation of a thermocmnpressor in conjunction with a multiple-effect 
evaporator involves balancing the initial outlay of the additional equip­
ment against the reduction in utilities and in condenser size, change in 
evaporator body sizes, etc. If auxiliary motive power such as a turbine­
driven pump is required in the plant, the available power from 150 psig 
live steam exhausting to 20 psig should be included in the economy. 

Although the above treatment of thermocomp:ression is of interest 
because of the large savings in utilities which it effects when used in 
conjunction with a multiple-effect evaporator, itis recommended also in 
applications where multiple-effect evaporation cannot be used. Thus 
the use of thermocompression evaporators is particularly advantageous in 
concentrating liquids which are sensitive to high temperatures. Low 
operating temperatures are assured because a high vacuum can be main­
tained. The steam used in a steam chest is usually below atmospheric 
pressure. 
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PROBLEMS 

14.1. It is desired to concentrate a. caustic soda. solution from 12.5 to 40 per cent in 
a double-effeet evaporator. 50,000 lb/hr of feed solution enters the evaporator at 
120•F, and steam at 15 psig is available for effecting the concentration. Vacuum in 
the second effect is held at 24 in. Hg, and water from a. cooling tower is available at 
85°F. Estimate (a) the quantity of steam and water required for forward feed oper­
ation; (b) the quantity of steam and condenser water required for backward feed oper­
ation; (c) the surface required for operation in (a), assuming overall coefficients of heat 
transfer of 400 and 250 Btu/(hr)(ft2WF) for the first and second effects; (d) the sur­
face in (b) for values of U D equal to 450 and 350 in the two effects respectively; (e) if 
equal bodies were required for (c) and (d), what steam economy could be expected. 

14.2. In Prob. 14.1 it is desired to concentrate the caustic soda. solution in a. forced­
circulation doublHffect evaporator unit. Only a. limited amount of steam at 15 psig 
is availitble, and it is therefore decided to use turbine-driven circulation pumps taking 
150 psig steam and exhausting at J5 psig. Assuming feed rate, vacuum, and water 
temperature as in Prob. 14.1 and forward-feed operation and equal surface for both 
effects, estimate (a) the water rate required for the turbine if its efficiency is taken at 
70 per cent, (b) the pounds of 15 psig steam required for the desired concentration, 
(c) the make-up steam at 15 psig required if the turbine exhaust is used for the con­
centration and a solution circulation rate of 6 fps is assumed in the heaters of the two 
effects. (Him. Assume U D = 400; estii:nate surface, cross-sectional flow area, total 
circulation, and total head and power required.) (d) Estimate surface required for 
each effect. 

14.3. A 20,000 lb/hr sugar solution at 180°F is to be concentrated from 12 to 
ao•Brix in a double-effect, forward-feed, calandria--type evaporator. Assuming that 
exhaust steam from a steam engine is available at 5 psig and the vacuum in the second 
effect is held at 23 in. Hg, estimate (a) steam economy; (b) surface of each body, 
assuming U D of 500 and 200 for first and second effects, respectively, and equal sur­
face for each effect; (c) water required for a barometric condenser, assuming that 
90°F water is available and a 10°F approach to condensing temperature is permitted. 

14.4. A triple-effect sugar evaporator is to be desi~ed to concentrate.100,000 lbjhr 
of solution at 150°F from 14 to 50°Brix. Steam is available at 150 psig, and water at 
75°F. Steam to the first effect will be 25 psig, and the vacuum in the last effect will 
be held at 24 in. Hg. Vapors will leave the first effect at 15 psig and will partly be 
compressed by a thermocompressor using 150 psig steam and partly enter the second 
effect as steam. Assuming equal surfaces for the three bodies, forward-feed arrange­
ment, and a s•F approach in the condenser, estimate (a) the total steam required to 
the first.effect, (b) the total150 psig steam used, (c) economy, (d) water required in the 
condenser, (e) surface required, assuming UD;, 500,300, and 150forthethreeeffects, 
respectively. 

14.5. A paper mill producing 300 tons of pulp per 24 hr by the magnesium sulfite 
process concentrates a 12 per cent waste liquor to 55 per cent in a quintuple-effect 
long-tube evaporator. The solution entering the last two effects in parallel at 135" 
is evaporated by 45 psig saturated steam. Assume the following: (a) Feed contains 
2800 lb total solids per ton pulp produced; (b) first effect is divide.d into two parallel 
bodies of 4500 and 7000 ftz, respectively; (c) water is available at 75•F; (d) vacuum 
in the last-effect vapor body is 26 in. Hg; ·(e) 7°F water approach to condenser satura-­
tion temperature; (f) BPR is 18, 16, 13, 10, 5, 7•F, respectively, for all bodies; (g) 
product from first effect is flashed to fourth-efiect steam chest; (h) vapor condensate 
flashes between effects. 
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Find {a) material and heat balance for the evaporator, (b) total water required (gal­
lons per minute), (c) the total surface required, (d) steam economy of the evaporator. 

14.6. Residual liquor from the electrolysis of brine in chlorine cells flows to a 
caustic concentration system at the rate of 1176 tons per 21-hr day. Concentration 
to 50% NaOH is effected in a triple-effect, forced-circulation evaporator. The 
latter boils off the water content in three successive stages, thereby crystallizing the 
salt content and increasing the percentage of caustic soda contained in the circulating 
solution. 

The liquor flow is as follows: 

Analysis of outgoing liquor flow 

Order of flow %dis-
%crystal- %dis-

solved %water lized salt solved salt 
NaOH 

1. Cell liquor at 160°F .......... -... 0 14.95 -n.oo 74.05 
2. 2d effect evaporator ............. 3.56 15.47 13.97 67;00 
3. 3d effect evaporator ............. 7.55 8.08 22.43 61.94 
4. -Weak-liquor settler ........ _ ..... 0* 8.00* 25. 70* 66.30* 
5. 1st effect evaporator ....... _ .... 8.23 4.84 42.10 44.83 
6. Flash tank ................ _ .... 11.35 2.40 44.30 41.95 
7. 50% caustic settler ... _ .... _ . _ ... 0* 2. 70* 50.00* 47.30* 

*Per cent change! owing to removal of crystallized salt at these stages to salt-recovery aya~m. 

Utilities: 

Steam at 75 psig 
Water to barometric condenser at _80°F 
Condenser heid at 27M in. Hg vacuum (third effect at ~7-in. Hg vacuum) 
Determine (a) the material balance in the system, (b) the heat balance in the 

system; estimate (c) the surface required (An.s. three 1800 ft 2 external heaters), (d) 
total water required, (e) steam economy. 

14.7. A l5°Brix sugar solution is to be concentrated to 60°Brix in a quadruple­
effect calandria-type evaporator. Part of the vapors from the first, second, and third 
effects will heat the cold solution from 100 to 220°F in heat exchangers prior to injec­
tion into the first effect of the evaporator system. Dilute juice is concentrated at the 
rate of_ 500 gpm, using live steam at 25 psig. Estimate the following: (a) material 
balance through the evaporator system, (b) heat balance on the evaporator system 
assuming condensate flashing between effects and 26~ in. Hg vacuum in fourth effect, 
(c) steam economy, (d) ws,ter rate to a barometric condenser assuming 75°F water 
available, (e) surface required for the heaters, (/) surface required for the calandria 
bodies, assuming equal surface for each body. 

NOMENCLATURE FOR CHAPTER 14 

A Heat-transfer surface, fta 
at Tube-side flow area, ft2 

BPR Boiling point rise, °F 
C Specific heat of bot fluid in derived equations, Btu/(lbWF) 
c Specific heat, Btu/(lb)(°F) 
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D 

G 
g 
H 

M,,M. 
p,, P•, P• 
p,, pw 
Ap 

Q 
T 
TR 
t 
tG, ta, tw 
t;, t{sr 
At, (At). 
{At), 
Atk 
At,, Atw 
u 
Uc, UD 
w 
10 

w, 
v 
X 

z 
(3 
A 
}.,, AW 
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Inside diameter of tubes, ft 
Efficiency of nozzle, diffuser, and momentum transfer, respectively, 

dimensionless 
Mass velocity, lb/(hr)(ft2) 
Acceleration of gravity, ftjhr2 
Enthalpy; H 1, motive steam, H2 after isentropic expansion in nozzle, H~ 

after actual expansion in nozzle; Ha at start of compression in diffuser; 
H, after compression in diffuser, Btujlb 

High-pressure motive steam and entrained vapor, respectively, lb 
Pressure of motive steam, suction, and ejector discharge, respectively, psi 
Vapor pressure of solution and or pure water, respectively, psi 
Hydrostatic pressure, ft 
Heat flow, Btu/hr 
Temperature of the hot fluid, °F 
Boiling temperature, 0 R 
Temperature of fluid in general, °F 
Approach temperature, temperature of solution and of pure water, °F. 
Boiling point of solution and of pure water, 0 R 
True temperature difference, apparent temperature difference, °F 
Temperature difference between the wall and liquid, °F 
Temperature rise due to hydrostatic heat, °F 
Temperature change of boiling points of solution and pure water, °F 
Overall coefficient of heat transfer, Btu/(hr)(ft2) (°F) 
Clean and design overall coefficient of heat transfer, Btu/(hr)(ft2){°F) 
Weight flow of hot fluid, lb/hr 
Weight flow of cold fluid, lb/hr 
Evaporation, lb/hr 
Specific volume, ft 3 jib 
Quality, subscripts correspond to p,, P•, and Ps, per cent 
Height, ft 
Coefficient of thermal expansion, per cent;oF 
Latent heat of vaporization, Btujlb 
Latent heat of vaporization of solution and pure water, Btujlb 
Viscosity, centipoises X 2.42 = lb/(ft)(hr) 

Subscripts (except as noted above) 

F Feed 
S Steam 
v 
1, 2, 3, 4 

Vapor or vaporization 
Effect 



CHAPTER 15 

VAPORIZERS, EVAPORATORS, AND REBOILERS 

In the preceding chapter calculations were included for only those types 
of evaporators which are usually designed on the basis of "accepted" 
overall heat-transfer coefficients. It is unfortunate that so important a 
class of apparatus is designed in -this way, but the properties of concen­
trated aqueous solutions present problems which leave little alternative. 
When applied to solutions of liquids in water rather than solids in 
water, the evaporator may be calculated by methods similar to those of 
earlier chapters. Heat-transfer coefficients in the basket, calandria, and 
horizontal-tube evaporators are excluded from further discussion. 

For the sake of clarity it is well to repeat the definitions adopted in 
Chap. 14 for dealing with vaporizing exchangers. Any unfired exchanger 
.in which one fluid undergoes vaporization and which is not a part of an 
evaporation or distillation process is a vaporizer. If the vapor formed is 
steam, the exchanger is referred to as an evaporator. If a vaporizing 
exchanger is used to supply the heat requirements of a distillation process 
as vapors at the bottom of the distilling column, it is a reboiler whether 
or not the vapor produced is steam. The process requirements of evapo­
rators have already been treated, ~nd those of vaporizers and reboilers 
will be discussed presently. The principles and limitations which apply 
to vaporizers and vaporizer processes specifically apply also to evapo­
rators and reboilers and should be regarded accordingly. 

Vaporizing Processes. Vaporizers are called upon to fulfill the multi­
tud·e of latent-heat services which are not a part of evaporative or dis­
-tillation processes. The heat requirements are usually very simple to 
compute. Perhaps the commonest type of vaporizer is the ordinary 
horizontal 1-2 exchanger or one of its modifications, and vaporization 
may occur in the shell or in the tubes. If steam is the heating medium, 
the corrosive action of air in the hot condensate usually makes it advan­
tageous to carry out the vaporization in the shell. 

There are some fundamental differences between the operation and 
calculation of vaporization as treated in Chap. 14 and in the 1-2 hori­
zontal or vertical vaporizer. In the power-plant evaporator, for example, 
the upper 50 or 60 per cent of the shell is used for the purpose of dis­
engaging the liquid entrained by the bursting. bubbles at the surface of 
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the pool. The disengagement is further implemented by the use of a 
steam separator in the shell. The mechanical design and thickness of 
the evaporator shell, flanges, and tube sheets are based upon the product 
of the shell-side pressure and the diameter of the shell. In the majority 
of instances the pressure or vacuum is not great and the shell, flange, and 
tube-sheet thicknesses are not unreasonable. In the case of a vapori:~;er, 
however, operation is often at high pressure, and it is usually too expen­
sive to provide disengagement space in the shell, since the inclusion of 
disengagement space at high pressures correspondingly increases the shell 
thickness. For this reason vaporizers are not usually designed for 
internal disengagement. Instead some external means, such as an inex­
pensive welded drum, is connected to the vaporizer wherein the entrained 
liquid is separated from the vapor. 

When a vapor evaporates from the surface of a pool, as in the power­
plant evaporator, it is possible to evaporate 100 per cent of the liquid fed 
to it without reducing the level of the pool provided the evaporator was 
originally filled to operating level with liquid. · The reason less than 100 
per cent of the feed is normally vaporized is because residue accumulates 
and .it is necessary to provide a blowdown connection for its removal. 

When a 1-2 exchanger is used as a vaporizer, it is filled with tubes and 
cannot be adapted for blowdown, since all the feed to a vaporizer is 
usually of value and a rejection as blowdown is prohibitive. If the feed 
were completely vaporized in the vaporizer, it would emerge as a vapor 
and any dirt which was originally present would be left behind on the 
tube surface over which total vaporization occurred, fouling it rapidly. 
If the 1-2 exchanger (vaporizer) were over-designed, that is, if it contained 
too much surface, disengagement would have to occur on the tubes and 
due to the excess surface the vapor would superheat above its saturation 
temperature. The latter is· undesirable in most processes, since super­
heated vapors subsequently require surface elsewhere for desuperheating. 
In the case of a reboiler it will be shown later that· superheat actually 
~;educes the performance of the distilling column. These factors establish 
a rule which should always be employed for the calculation of vaporiza­
tion processes: The feed to a vaporizer should not be vaporized completely. 
The value of this rule is apparent. If less than 100 per cent of the feed 
is vaporized in a 1-2 exchanger, the residual liquid can be counted on to 
prevent the accumulation of dirt directly on the surface of the heating 
element. A maximum of about 80 per cent vaporization appears to 
provide favorable operation in 1-2 exchangers, although higher percent­
ages may be obtained in vessels having internal disengagement space. 

Forced- and Natural-circulation Vaporizer. When liquid is fed to a 
vaporizer by means of a pump or gravity flow from storage, the vaporizer 
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is fed by forced circulation. A typical example is shown in Fig. 15.1. The 
circuit consists of a 1-2 exchanger serving as the vaporizer and a dis­
engaging drum from which the unvaporized liquid is withdrawn and 
recombined with ~resh feed. The generated vapor is removed from the 
top of the drum. 

Since it is desirable to vaporize only 80 per cent of the liquid entering 
the vaporizer, the total liquid entering will be 125 per cent of the quantity 
of vapor required. Even better cleanliness will result if less than 80 per 
cent of the liquid is vaporized, and this can be accomplished by recircula­
tion. Suppose 8000 lb/hr of vapor is required. The liquid entering the 
vaporizer will be 1.25 X 8000 = 10,000 lb/hr. In this manner 80 per 
cent will be vaporized when 10,000 lb/hr of liquid passes into the vapor-

Sfeam_ 

Vaporizer 

L/qu/d 

Orips 

Vapor 

L/quid 
level 

From 
.slorage 

FIG. 15.1. Vaporizing process with forced ·circulation. 

izer. The 2000 lb/hr of liquid which was not vaporized will be recom­
bined with 8000 lb /hr of fresh liquid coming from storage or, if tht> 
storage is hot, returned directly to storage. 

Now suppose that, for greater cleanliness and the attainment of a higher 
coefficient, the liquid is speeded through the vaporizer at a faster flow 
rate by means of a larger pump. It may be desired that liquid enter the 
vaporizer ·at a rate of 40,000 instead of 10,000 lb/hr suggested by the 
process. Since only 8000 lb /hr of vapor will be produced, only 8000 
lb/hr of fresh liquid will continue to come from storage. The difference, 
32,000 lb/hr, will have to be supplied by recirculation again and again of 
unvaporized liquid through the vaporizer. For 40,000 lb/hr entering 
the vaporizer, only 8000 lb/hr, or 20 per cent will actually be vaporized, 
and the higher velocity over the heat-transfer surface and the low per­
centa~e vaporized will permit longer operation without excessive fouling. 
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The advantage of recirculation can be computed economically. The high 
recirculating rate will increase the power cost but decrease the size of the 
equipment and the maintenance cost. 

The vaporizer may also be connected with a disengaging drum without 
the use of a recirculating pump. This scheme is natural circulation and 
is shown in Fig. 15.2. It requires that the disengaging drum be elevated 
above the vaporizer. R~circulation is effected by the hydrostatic head 
difference between the column of liquid of height Z1 and the column of 
mixed vapor and liquid of height Za. The head loss in the vaporizer itself 
due to frictional pressure drop corresponds to z2. The hydrostatic head 
difference between zs and Z1 is available to cause liquid to circulate at 

Steam 
~I 
I : 
j 
: 
I 

: 
: 

__t 

Coldt>eed 

FIG. 15.2. Vaporizing process with natural circulation. 

such a velocity that it produces a pressure drop z~ in the vaporizer equal 
to the hydrostatic difference between zs and Z1. The cold feed is usually 
fed high on the return pipe so that the leg z1 will have as great a density 
and hydrostatic pressure Z1P as possible. If the pressure of the feed is 
greater than the operating pressure of the system, the feed will have to 
join the return pipe at a lower point unless a jet is used, so that there will 
be a sufficient liquid head above the junction to prevent feed from back­
ing up directly into the drum. Piping the feed directly to the disengag­
ing drum usually makes control of the operating variables more difficult. 
If there is a sufficiently great pressure difference between the feed and 
operating pressure, the feed can be used as the motive fluid in an ejector 
to increase the recirculation of liquid through the vaporizer. This is 
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inefficient if the fresh liquid is compressed purposely to serve as the motive 
fluid, but if the fresh ·liquid is available under pressure for other reasons, 
the ejector permits recovery of some of the pressure head. 

The advantages of forced circulation or natural circulation are in part 
economic and in part dictated by space. The forced-circulation arrange­
ment requires the use of a pump with its continuous operating cost and 
fixed charges. As with forced-circulation evaporators, the rate of feed 
recirculation can be controlled very closely. If the installation is small, 
the use of a pump is preferable. If a natural-circulation arrangement is 
used, pump and stuffing-box problems are eliminated but considerably 
more headroom must be provided and recirculation rates cannot be 
controlled so readily. Natural-circulation steam generators are fre­
quently laid out in accordance with Fig. 15.2 but employing a vertical 

Fro. 15.3. Forced-circulation reboiler arrangement. 

1-1 exchanger with vaporization in the tubes. Water is especially adapt­
able to natural-circulation arrangements, since the density differences 
between the liquid and vapor at a given temperature are very large. 

Reboiler Arrangements. When reboilers · are used, the space at the 
bottom of the column between the liquid level and the bottom plate is 
employed for disengagement and the bubble caps serve as separators. A 
typical arrangement for a forced-circulation reboiler is shown in Fig. 15.3. 
This type is called a pump-through reb oiler. All the liquid on the bottom 
plate, frequently called trapout to distinguish it from bottom product, is 
carried by the downcomer below the liquid level of the column. The 
liquid can be recirculated through the reboiler as many times as is econom­
ically feasible, so that the percentage vaporized per circulation is kept low 
while the bottom product is withdrawn from a separate connection. In 
general, forced-circulation or pump-through reboilers are used only on 
small installations or those in which the bottoms liquid is so viscous and 
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t,he pressure drop through the piping and reboiler so high that natural 
circulation is impeded. 

By far the greater number of large reboiler installations employ natural 
circulation. This can be achieved in either of two simple ways as showu 
in Fig. 15.4a and b. In Fig. 15.4a all the liquid on the bottom plate is 
circulated directly to the reboiler, whence it is partially vaporized. The 
unvaporized portion, on being disengaged under the bottom plate, is 
withdrawn as bottom product. In Fig. 15.4b the liquid passes through 
the downcomer below the liquid level of the column as in forced circu­
lation. The bottom liquid is free to recirculate through the reboiler as 
many times as the hydrostatic pressure difference between Zt and zs will 
permit. Because there is no opportunity for recirculation in the arrange-

Bottoms 
Cal-ONCE-THROUGH REBOILER 

Bottoms 

(b),RECIRCULATING REBOILER 

FIG. 15.4. Natural-circulation reboiler arrangements. 

ment in Fig. 15.4a, it is called a once-through reboiler arrangement. 
Figure 15.4b is referred to as a recirculating reboiler. 

Classification of Vaporizing Exchangers. There is a greater hazard in 
the design of vaporizing exchangers than any other type of heat exchanger. 
For this reason it is convenient to set up a classification based on the 
method of calculation as employed for each distinct type of service. 
Each of the common classes below is distinguishable by some difference 
in calculation. 

A. Forced-circulation vaporizing exchangers 
1. Vaporization in the shell 

a. Vaporizer or pump-through reboiler with isothermal boiling 
b. Vaporizer or pump-through reboiler with boiling range 
c. Forced-circulation evaporator or aqueous-solution reboiler 

2. Vaporization in the tubes 
a. Vaporizer or pump-through reboiler with or without boiling range 
b. Forced-circulation evaporator or aqueous solution reboiler 
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B. Natural-circulation vaporizing exchangers 
1. Vaporization in the shell 

a. Kettle reboiler 
b. Chiller 
c. Bundle-in-column reboiler 
d. Horizontal thermosyphon reboiler 

2. Vaporization in the tubes 
a. Vertical thermosyphon reboiler 
b. Long-tube vertical evaporator 

Heat-flux and Temperature-difference Limitations. It may be 
assumed that process conditions will always be established which pro­
vide for the vaporization of only part of the liquid fed to a vaporizer. 
When vaporizing liquids from pools, extremely high maximum fluxes 
have been obtained. For water a maximum flux is reported at 400,000 
Btu/(hr)(ft2) and for organics from 70,000 to 125,000 Btu/(hr)(ft2), 

although these have been obtained only in laboratory-scale apparatuses 
with perfectly clean surfaces. It i::; again pointed out that the maximum 
flux occurs at the critical temperature difference and is a limitation of the 
maximum coefficient ·which may be attained. Beyond the critical tem­
perature difference both the coefficient and the flux decrease, the decrease 
being due to the formation of a layer of gas on the tubes. It is the 
phenomenon of vapor blanketing which poses the principal difficulty in 
the design and operation of vaporizing exchangers. 

Fluxes of magnitudes as high as those above are of little practical value 
in design. It will be recognized that vaporization in a 1-2 exchanger, 
occurring as it does without· continuous disengagement, is very different 
from vaporization out of liquid pools. By restricting disengagement in 
the 1-2 exchanger, the possibility of vapor blanketing is increased greatly, 
so that it is necessary also to restrict the flux to an allowable value safely 
out of the range in which blanketing might occur. The flux is defined 
by Qj A or u D f1t but not by h~(f1t)~, where hv is the vaporization coeffi­
cient .!tnd (f1t),. is the temperature difference between the tube wall and 
the boiling temperature. h~(f1t)w is the flux based on the clean surface 
Ac, while Q/ A is the flux based on the actual surface A, and A is greater 
than Ac in a vaporizer designed with a dirt factor. However, it is cus­
tomary to restrict both Q/ A and hv to safe. maxima, the two also serving 
to prevent the presence of too great a temperature difference (f1t)w. The 
following restrictions will be observed throughout this chapter: 

I. Flux 
a. The maximum allowable flux for forced circulation vaporizers· and reboilers 

vaporizing organics is 20,000 Btu/(hr)(ft2) and for natural circulation 12,000 
Btu/ (hr) (ft2). 
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b. The maximum allowable flux for the vaporization of water or aqueous solutions 
of low concentration using forced or natural circulation is 30,000 Btu/(hr)(ft2). 

II. Film coefficient 
a. The maximum allowable vaporizing film coefficient for the forced- or natural­

circulation vaporization of organics is 300 Btu/(hr)(ft2)(°F). 
b. The maximum vaporizing film coefficient for the forced- or natural-circulation 

vaporization of water and aqueous solutions of low concentration is 1000 Btu/ 
(hr )(ft2) (°F). 

Relationship between Maximum Flux and Maximum Film Coefficient. 
The objects of the limitations above are the elimination of all vapor 
blanketing possibilities. Suppose it is desired partially to vaporize an 
organic compound boiling at 200°F in a forced-circulation vaporizer using 
steam at a temperature of 400°F so that At = 200°F and the flow is such 
that a vaporizing coefficient of 300 Btu/(hr)(ft2WF) can be obtained. 
If the condensing steam coefficient is 1500, U a = 250, and if R4 = 0.003, 
UD = 142 .. The flux will be 142 X 200 = 28,400 Btu/(hr)(ft2), which 
exceeds. limitation Ia. Since Q/ A or U D At may not exceed 20,000, any 
change to permit compliance with Ia amounts to an increase in the total 
surface for vaporization. If the original steam and vapor temperatures 
are retained, the new overall coefficient U D will be 20,000/200 = 100 
Btu/(hr)(ft2)(°F). The temperature difference (At)w may be greater than 
the critical temperature difference, since it does not occur at the maximum 
attainable flux and under these conditions the critical temperature differ­
ence can be exceeded within limits without the danger of vapor blanket­
ing. There is no advantage to the use of very high temperature differ­
ences, however, since at the maximum allowable flux any increase in At 
must be offset by a decrease in the allowable value of U D· Only when U D 

is naturally small may the use of a high At be partially justified. 
The test of whether or not a vaporizer exceeds the allowable flux is 

always determined by dividing the total vaporizing heat load by the total 
available surface for vaporization. By the same token the maximum 
value of UD which may be anticipated is given by UD = (Q/A)(1/At) 
regardless of the dirt factor which results. When setting the tempera­
ture of the heating medium, it is seen that the use of a large At and cor­
responding (At)w also requires decreasing U D which in turn gives a large 
value of Rd = 1/Un - 1/Ua. The large dirt factor is not essential to 
the continued operation of the vaporizer from the standpoint of dirt 
but only as a preventive against vapor blanketing. Accordingly, when 
the temperature of the heating medium may be selected independently 
such as by setting the pressure in the case of steam, it need not be set at a 
value of At greater than that which gives a U D corresponding to the 
desired dirt factor. 
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FORCED-CIRCULATION VAPORIZING EXCHANGERS 

1. v .A.PORIZATION IN THE SHELL 

a. Vaporizer or Pump-through Reboiler with Isothermal Boiling. The 
calculations employed in the solution of this type of vaporizer are common 
to the many simple vaporizing problems found in a plant whether or not 
connected with a distilling column. If a liquid is substantially pure or a 
constant-boiling mixture, it will boil isothermally. This usually applies 
to the bottom liquid of a distilling column separating a binary mixture 
into relatively pure compounds. For utility boiling operations, such as 
the vaporization of a cold liquid coming from storage, the liquid may not 
be at its boiling point and may require preheating to the boiling point. 
Since the shell of a forced-circulation vaporizer is essentially the same as 
any other 1-2 exchanger, the preheating can be done in the same shell as 
the vaporization. If the period of performance of a vaporizer is to be 
measured by a single overall dirt factor, it is necessary to divide the shell 
surface into two successive zones, one for preheating and one for vaporiza­
tion, in much the same manner employed in condenser-subcoolers. The 
true temperature difference is the weighted temperature difference for 
the two zones, and the clean coefficient is the weighted clean coefficient 
as given by Eqs. (12.50) and (12.51). 

If steam is the heating medium, only two tube passes are required and 
these need not be equally divided, since the return pass carries consider­
ably less vapor than the first pass. If a hot stream such as gas oil is the 
heating medium, there is a problem in determining the true temperature 
difference in each zone. If the approach between the heating-medium 
outlet temperature and the vapor outlet temperature is not too small, the 
true temperature difference can be approximated by considering the 
temperature fall iri each zone proportional to the heat removed from the 
heating medium. The method of using zones has also been discussed in 
Chap. 12 along with condenser-subcoolers. 

Film Coefficients. Where there is a preheating zone, it can be computed 
by the use of Fig. ~8 like any other heater with the cold fluid in the shell. 
The isothermal boiling film coefficient is also obtained by the use of Fig. 
28 based on the premise that the heat must first be absorbed by the liquid 
by forced convection before passing into the vapor bubbles and that the 
liquid heating coefficient is the controlling coefficient in the sequence. 

Pressure Drop. The shell-side pressure drop for the vaporizing zone 
is computed by introducing the average specific gravity into the denom­
inator of Eq. (7.44). If the vaporizing liquid boils isothermally at t. 
and receives heat from a medhim having a range T1 - T2, two possibilities 
may be considered: 
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Case I: The vapor and heating medium may be in counterflow. 
Case II: The vapor and heating medium may be in parallel flow. 
CASE I: VAPORS AND BEATING MEDIUM IN COUNTERFLOW. Refer­

ring to Fig. 15.5, if W is the weight flow of the heating medium, 0 its 
specific heat, and Tis the temperature of the heating medium at any tube 

x=O X X=L 
FIG. 15.5. Temperatures during vapori­
zation of an isothermal fluid by a non­
isothermal heating medium. 

When x = L, T = Tt, 

length x, 

WO dT = Ua" dx(T - t,) (15.1) 

where a" dx is the surface. Inte­
grating T with respect to x, 

Ua"~ 
ln (T - t,) = wa + 01 (15.2) 

At X= 0, 

Ot = ln (T2 - t,) (15.3) 

T- t, Ua"x 
In T2 - t. = wa <15.4) 

or 

T = t. + (T2 - t,)eUa"z!WO (15.5) 

Q = WO(Tt - T2) = WO(T2 - t.)(rf'<>"LIWO - 1) 

The pounds evaporated w. at any point x are given by 

(15.6) 

We = ~: (T2 - t,)(eUa"z/WO _ 1) (15.7) 

If w is the weight flow of all the isothermal fluid and v.v its average specific 
volume, then for the entire mixture in passing from inlet to outlet 

WV.v = ~: (T2 - t,)(eUa"ztwo - 1)v, 

+ [ W - ~: (T2 - t,)(rf'a"ztwo - 1)] V1 (15.8) 

where v, is the specific volume of the vapor and v1 is the specific volume 
of the liquid. 

For the pressure drop by assuming 1/ p.v = Vav 

f d t:J> = J JG
2 

dx = J j(]2 Vav dx (15.9) 
2gpav 2g 

%~ f dt:J> = f[~: (T2- t,)(rf'<>"z!WO- 1)v, dx + wv1 dx 

- wa (rf'<>"Z!WO - 1) VI dx] 
}1., 
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Integrating and simplifying, 

2gAP we 
jG2L = Vav = A.,w [(v~- Vz)(LMTD)- (T2- T.)(v,- Vz)] + Vz (15.10) 

Generally, however, it is simpler to apply the law of mixtures as given 
below, which closely resembles Eq. (15.10). 

Case I: Vapors in counterflow to heating medium: 

We We(T2 - t.) 
v.v = UA (v2- vl) - A.,w (v, - Vz) + Vz (15.11) 

1 
Sav = Vav(62.5) (15.12) 

Case II: Vapors in parallel flow to heating medium: 

we we 
Vav = UA (vz- v2) + A.,w (Tr - t.)(v., - Vl) + Vl (15.13) 

1 
Sav = Vav(62.5) 

With the average gravity based on Eqs. (15.11) and (15.13), Eq. (7.44) 
is only part of the pressure drop, since no term has been included to 
account for the acceleration of the vapor through the vaporizer or the 
contraction loss at the outlet. Instead of using Eqs. (15.11) and (15.13), 
the pressure drop can be computed more rapidly by an arbitrary assump­
tion of the value of the average specific gravity. At the start of the 
vaporizing zone the gravity is that of the liquid, whereas at the outlet 
it is considerably less, even if the percentage converted to vapor is not 
very high. Likewise with constant-flow area the velocity through the 
shell increases toward the outlet owing to the large volume of the exit 
fluid, although the mass velocity is presumably constant. On the other 
hand, the viscosity effective upon the pressure drop probably does not 
vary much over the vaporizing zone, being that of the liquid throughout. 
The pressure drop can be computed using the mass velocity as hereto­
fore, the Reynolds number based on liquid properties at inlet conditions 
and the mean gravity· between inlet and outlet. Similar reasoning can 
be applied. to vaporization on the tube side. The comparison between 
the true average gravity defined by Eqs. (15.11) and (15.13) and the mean 
of the inlet and outlet gravities is shown below. 

Example 15.1. Calculation of the Average Specific Volume. A vaporizer is to 
generate 10,000 lb/hr of 15 psig steam by removing heat from a bottom product. 
The. bottom product is 150,000 lb/hr of approximately 42°API kerosene leaving a 
column at 400°F. The design coefficient in the vaporizer will be about 100. 
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Compare the true average specific volume with that obtained by the approximate 
method. 

t, = 250°F x, = 945.3 Btu/lb 
Steam, Q = 10,000 X 945.3 = 9,450,000 Btu/hr 
Kerosene, Q = 150,000 X 0.63(400 - 300) = 9,450,000 Btu/hr 

llt = LMTD = 91 •F 

A = _Q_ = 9,450,000 = 1040 ft• u D llt 100 X 91 
wa = 15o,ooo x 0.63 = 94,500 Btu;oF 

From Table 7 
vz = 0.017 V• = 13.75 ft8jlb 

By the law of mixtures 

Assume 80 per cent of the outlet fluid is vapor. 

v2 = 0.80 X 13.75 + 0.20 X 0.017 = 11.0 ft'/lb 

(Table 7) 

(5.14} 

= 94,500(11.0 - 0.017) - 94,500(300 - 250) (13 75 - 0 017) + 0 017 
Vav 100 X 1040 945.3 X 10,000 • • • 

= 3.04 ftB /lb 

By the approximate method 

Vz = 0.017 112 = 11.0 ftBjlb 

- 0.017 + 11.0 -55 ftSjlb Vav- 2 -. 

Actual density = 3.~4 = 0.329lb/ft• = 0.329 = 0 0053 8 62.5 . 

Approximate density = 5~5 = 0.182lb/ft3 8 = 0.0029 

Since the pressure drop is inversely proportional to the gravity, the approximate 
method is safe. The acceleration loss is usually taken at about two velocities heads 
and can be omitted when using the approximate method. 

While the condenser is usually the cleanest part of a distillation or 
vaporization-condensation assembly, the vaporizer is usually quite the 
opposite. Vaporizers tend to accumulate dirt, and for this reason high 
recirculation rates and large dirt factors will often be desirable. Prefer­
ence should be given to the use of square pitch and a removable tube 
bundle. Although it may reduce the possibility of using a 1-2 vaporizing 
exchanger for other services, the baffie spacing can be increased or 
staggered from inlet to outlet to reduce the pressure drop of the fluid 
vaporizing in the shell. 

Example 15.2. Vaporizer or Pump-through Reboiler with Isothermal· Boiling. It 
is desired to provide 19,750 lb/hr of butane vapor at 285 psi using cold feed from stor­
age at 75°F. The butane will boil isothermally at 235°F, and steam will be available 
at 100 psi. 
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Available for the service iiJ a 15% in. ID 1-2 exchanger with 76 1 in. OD, 16 BWG 
tubes 16'0" long laid out on 1%-in. square pitch for two passes. The baffles are 
spaced 5 in. apart. 

What will the dirt factor and pressure drops be? 
Solution. To prevent total vaporization in the shell, the total liquid entering the 

vaporizer will be 19,750/0.80 = 24,700 lbjhr. The vapor should then be disengaged 
from the liquid in a drum, and the excess liquid returned to the pump suction for 
recombination with 19,750 lb/hr of new feed. Thus for every 19,750 lb/hr coming 
from storage at 75°F, 4950 lb /hr at 235°F will be mixed with it so that the inlet tem­
perature will be 108"F. 

Solution: 

Exchanger: 

Shell side 
ID = 15%in. 

Tube side 
Number and length = 76, 16'0" 

Baffie Space = 5 in. 
Passes= 1 

OD, BWG, pitch = 1 in., 16 BWG, 131:-in. square 
Passes= 2 

(1) Heat balance: 

Preheat: 
Enthalpy of liquid at 108"F and 300 psia = 162 Btujlb 
Enthalpy of liquid at 235°F and 300 psia = 248 Btujlb 
q, = 24,700(248 - 162) = 2,120,000 Btu/hr 

Vaporization: 
Enthalpy of vapor at 235"F = 358 Btujlb 
q. = 19,750(358- 248) = 2,170,000 Btujlb 

Butane, Q = 2,120,000 + 2,170,000 = 4,290,000 Btu/hr 

(Fig. 9) 

Steam, Q = 4880 X 880.6 = 4,290,000 Btu/hr (Table 7) 
(2) flt weighted: (Subscripts p and v indicate preheating and vaporizing.) 

(Ll.t), = LMTD = 158.5°F (5.14) 
(5.14) (t.t)~ = LMTD = 103.0°F 

c!~> .. = 2,120,000/158.5 = 13,400 

c!;>. = 2,170,oo0/103.o = 21,100 

I ft = 34,500 

Weighted l!.t = 2: Q/l!.t = 
4·~~:0 = 124.5°F 

q ' 
(12.51) 

(3) T. and t.: Average values of temperatures will be satisfactory for preheat zone. 

Hot fluid: tube side, steam 

(4) a; = 0.594 in.' [Table 10] 
a, = N,a:/144n [Eq. (7.48)) 

= 76 X 0.594/2 X 144 = 0.157 ft' 
(6) G, = Wja, 

= 4880/0.157 
= 31,100 lb/(hr}(ft•) 

Cold fluid: shell side, butane 
Preheating: 
(4') a, = ID X C'B/l4!4Pr [Eq. (7.1)) 

= 15.25 X 0.25 X 5/144 X 1.25 
= 0.106 ft• 

(5') G. = w/a. [Eq. (7.2] 
= 24,700/0.106 

= 233,000 lb I (hr) (ft•) 
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Hot fluid: tube aide, strom 
(6) At Ts = 338°F, 
p. = 0.015 X 2.42 = 0.0363lb/(ft)(hr) 

[Fig. 15] 
D = 0.87/12 ,;, 0.0725 ft (Re, is for pres­

sure drop only) 
Re, = DG,fp. 

= 0.0725 X 31,100/0.0363 = 62,000 

(9) h;. for condensing steam 
= 1500 Btu/(hr)(ft'WF) 

Clean overall coefficient for preheating U,: 

Gold fluid: shell· side, butane 
(6') At T ~ =- l72°F (average of lOs arid 

235°F) 
1> = 0.115 X 2.42 == 0.278lb/(ft)(hr) 

[Fig. 14] 
D. = 0.99/12 = 0.0825 ft [Fig. 28] 
Re. = D.G.jp. 

= 0.0825 X 233,000/0.278 = 69,200 
(f') jH = 159 [Fig. 28] 
(8') At 172°F(1WAPI) 
k(cp.jk)'r3 = 0.12 Btu/(hr)(ft2)("F /ft) 

[Fig. 16] 
<f>, = 1.0 

(9') h. = jH .!£_ (~)'r3 [Eq. (6.15b)j D. k 
= 159 X 0.12/0.0825 

= 231 Btu/(hr)(ft'WF) 

U = h;.h. = 1500 X 231 = 200 Bt j(h )(ft•)(oF) 
" h;. + h. 1500 + 231 u r 

(6.38) 

Clean surface required for preheating A,: 

A - q, - 13•400 - 67 0 ft• 
:P - U,(t.t), - 200 - ' 

Vaporization: 
(6') At 235°F, 
p. = 0.10 X 2.42 = 0.242 lb/(ft)(hr) 

[Fig. 14] 
Re. = 0.0825 X 233,000/0.242 = 79,500 
('1') jH = l'[Q (Fig. 28} 
(8') At 235°F 
k(cp.fk)Y. = 0.115 Btuj(hr)(fV)(°F /ft) 

q,, = 1.0 (Fig. 16) 

(9') h. = jH ~. (?;)14 
[Eq. (6.15)] 

(9) h~o for condensing steam = 1500 = 170 .X 0.115/0.082.') = 237 

Clean overall coefficient for vaporization U .: 

U = h;.h. = 1500 X 237 = 205 
• h;. + h. 1500 + 287 

(6.38) 

Clean surface required for vaporization A.: 

A, = _q_,- = 21,100 = 103 ftl 
U,(At). 205 

Total clean surf~ce Ac: 

Ac =A,+ A.= 67.0 + 103 = 170ft• 
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(13) Weighted clean overall coefficient Ua: 

Uo = 2:UA = 13,400 + 21,100 = 203 Aa 170 (12.50) 

(14) Design overall coefficient: 

Surface/lin ft of tube = 0.2618 (Table 10) 
Total surface.= 76 X 16'0" X 0.2618 = 318 ft2 

Q 4,290,000 
Un =A At= 318 X 124.5 = 108·5 

Check of maximum flux: 

A total of 170 ft2 are required of which 103 are to be used for vaporization. For the 
total surface required 318 ft 2 will be provided. It can be assumed, then, that the 
surface provided for vaporization is 

1o~ 10 X 318 = 193 ft2 

The flux is Q/A = 2,170,000/193 = 10,700 Btu/(hr)(ft2). (Satisfactory) 

(15) Dirt factor: 

Rd = u'U;u~» = ~~; ~ i~~:~ = 0.0043 (hr)(ft•)("F)/Btu (6.13) 

Pressure Drop 

PreheaJ: 
(1) For Ret = 62,000, 
f = 0.000165 ft2/in.• [Fig. 26] 
From Table 7, specific vol of steam at 115 
psia = 3.88 ft3 fib 

1 
s = 3.88 X 62.5 = 0.00413 

1 jG•Ln 
(2) t:.P, = 2 5.22 X 1010Da.p, 

1 =zx 
[Eq. (7.45)] 

0.000165 X 31,1002 X 16 X 2 
5.22 X 1010 X0.0725 X 0.00413 X 1 

= 0.16 psi 

(1') Re, = 69,200, f = 0.00145 ft 2/in. 2 

[Fig. 29] 
(2') Length of preheat zone 
L, = LA,/Aa 

= 16 X 67.0/170 = 6.3 ft 
(3') No. of crosses, N + 1 = 12L,/B 

[Eq. (7.43)] 
= 12 X 6.3/5 = 15 

8 = 0.50 
D, = 15.25/12 = 1.27 ft 

(4') AP = _ JG!D,(N + 1) 
• 5.22 X 1010D,sq.., 

[Fig. 6] 

[Eq. (7.44)] 
_ 0.00145 X 233,0002 X 1.27 X 15 
- 5.22 X 101° X 0.0825 X 0.50 X 1.0 

= 0.70 psi 
Vaporization: 
(11

) Re, = 79,500, f = 0.00142 ft 2/in. 2 

(2') Length of vaporization zone 
L, = 16 - 6.3 = 9.7 ft 
(S') No. of crosses, N + 1 = 12LfB 

= 9.7 X 1% = 23 
Mol. wt. = 58.1 

[Eq. (7.43)] 
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1500 

Ua 

UD 

Pressure Drop 

D "t 58.1 . 
ensi y, P = 359 X 69%9 2 X 14.7/300 

= 2.34 lb /ft3 
8outlet liquid = 0.43 [Fig. 6] 
Poutlot liquid = 0.43 X 62.5 = 26.9 lb/ft' 
8c;.u tlet mix = 

24,700/62.5 
19,750/2.34 +4950/26.9 = 0·

046 

8inlet = 0.50 
Smeau = (0.50 + 0.046)/2 = 0.28 
AP _ 0.00142 X 233,0002 X 1.27 X 23 

' - 5.22 X 1010 X 0.0825 X 0.28 X 1.0 
= 1.9 psi 

AP, (total) = 0.7 + 1.9 ~ 2.6 psi 

Summary 

h outside 23%37 

203 

108.5 

Ra Calculated 0.0043 

RaRequired 

0.16 Calculated llP · 2.6 

Neg Allowable llP 5.0 

b. Vaporizer or Pump-through Reboiler with Boiling Range. If a 
liquid undergoing vaporization is a mixture of a number of miscible com­
pounds, it does not boil isothermally. Instead it has an initial boiling 
temperature (bubble point) and a final boiling temperature (dew point) 
at which the last bit of liquid is vaporized. When the mixture starts to 
boil at its bubble point, the more volatile compounds are driven out of 
the solution at a greater rate and as the volatile compounds enter the 
vapor phase the boiling temperature of the residual liquid rises. This 
means that throughout the vaporizer there is a temperature range over 
which boiling occurs, and the greater the percentage of the total liquid 
vaporized the more nearly the range extends from the bubble point to 
the dew point of the inlet liqUid. 

Because of the boiling range, sensible as well as latent heat must be 
absorbed simultaneously by the liquid as it proceeds through the vapor-
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izer so that it will possess a range of boiling temperatures. Furthermore 
the sensible heat is absorbed over the same surface as the heat for vapor­
ization in contrast to the preheater-isothermal vaporizer in which the 
two occur in separate zones. The calculation of the boiling coefficient 
in this case, however, is the same as for a preheater-vaporizer as calcu­
lated in Example 15.2. Here the heat from the tube wall is first absorbed 
by the liquid as sensible heat before it is transformed into vaporization. 
Since the rate of heat transfer from a hot liquid into an incipient vapor 
bubble is very great, it may be assumed that the sensible-heat-transfer 
coefficient as calculated from Fig. 28 for either direct vaporization or 
simultaneous sensible-heat transfer is the limiting resistance. The 
coefficient for the combined sensible-heat transfer and vaporization is 
calculated as if the entire vaporizing heat load were transferred as sen­
sible heat to the liquid over its boiling range in the vaporizer. 

The true temperature difference may be taken as the LMTD if the 
heating medium is isothermal. This assumes that the heat transferred 
is proportional to the change in temperature, namely, that one-half of 
the total load is delivered while the temperature rises one-half of the 
total temperature range for vaporization. If the bulk of a mixture 
consists of closely related compounds with some ·more or less volatile 
compounds, the assumption that the heat and temperature proportions 
are equal may cause considerable error. The true temperature differ­
ence can be obtained by graphical integration as treated in 'Example 13.3. 

Film Coefficients. The sensible-heat-transfer coefficient should be 
regarded as the boiling coefficient when applying the restrictions of allow­
able flux and allowable coefficient even though it is computed from Fig. 
28. When a liquid has a boiling range, the average flux, Q/ A may be 
less than 20,000 but because of the variation in temperature difference, 
U D At1 at the greater terminal temperature difference may exceed 
20,000. Discrepancies of this sort may cause bumping or erratic vapor­
ization if the initial compounds to vaporize are very volatile compared 
with the bulk and tend to separate from the liquid too readily. A check 
of the inlet flux can prevent this difficulty. If the inlet flux does not 
exceed, say, 25,000 Btu/(hr)(ft2

), there is no need to penalize the entire 
design by providing excess surface simply because of an excessive flux 
over the first few per cent of the vaporizing surface. 

Pressure Drop. The pressure drop is computed in the same manner as 
for isothermal boiling, using the Reynolds number based· on inlet condi­
tions and a gravity which is the mean of inlet and outlet gravities. It is 
also quite possible that a fluid with a boiling range may enter a vaporizer 
below its bubble point. In such cases the surface is again divided into 
two consecutive zones, one for pure preheating and the other for vapori-
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zation of a mixture with a boiling range. The weighted coefficients and 
temperature difference may be obtained as before through the use of 
Eqs. (12.50) and (12.51). 

c. Forced .. circulation Evaporator or Aqueous-solution Reboiler. As 
seen in Chap. 14, the shells of 1-,2 exchangers are not used in forced­
circulation-evaporator processes, since the properties of water are excel­
lent for natural-circulation equipment. However, a 1-2 exchanger can 
easily serve as a forced-circulation evaporator. In distillation processes 
such as the distillation of an acetone-water or alcohol-water solution the 
bottom product is nearly pure water. It may be advantageous in smaller 
operations of th:is nature to use a pump-throqgh reboiler in preference 
to natural circulation, since the losses in the connecting piping may be 
unduly high and the use of larger connecting pipes does not assure smooth 
operation. The aqueous-solution reboiler can be calculated in the same 
manner as the pump-through reboiler, with or without a boiling range, 
except that the allowable flux and film coefficient is greater. 

This type of equipment is usually designed with the dirt factor as the 
controlling resistance. The applicability of a method of computing 
water-vaporization rates is therefore of value only at low mass velocities. 
Since water vapor has a very low vapor density, low mass velocities must 
be employed whenever the allowable pressure drop is small. Film coeffi­
cients for boiling water and aqueous solutions can be obtained by the 
use of Fig. 28, although these will be about 25 per cent lower than those 
which have been obtained experimentally. Where data on the physical 
properties of aqueous solutions are lacking, they can be approximated by 
the methods of Chap. 7. If the mass velocity is very low, the value of 
the coefficient so obtained may be multiplied by 1.25 and the overall 
value of Ua should rarely exceed 600 Btu/(hr)(ft2)(°F). 

2. VAPORIZATION IN THE TUBES 

a. Pump-through Vaporizer or Reboiler with or without Boiling Range. 
The coefficients for vaporization with or without a boiling range can be 
obtained from Fig. 24 for organic liquids. The number of tube passes 
may be as gr¢at in horizontal exchangers as the pressure drop will allow. 
If the number of tubes in the final passes are greater than the number in 
the initial passes, it is possible to obtain a reduced pressure drop. The 
shell side,· when employing steam, may be laid out on triangular pitch, 
since cleaning will be infrequent and the shell side can be cleaned by boil­
ing out. The pressure drop can be computed using Eq. {7.45) with a 
Reynolds number based on the inlet properties and a ·specific gravity 
which is the mean between inlet and outlet. The tube fluid should flow 
upward. 
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b. Forced-circulation Evaporator or Aqueous-solution Reboiler. The 
tube-side data for the evaporation of water and aqueous solutions can 
also be obtained from Fig. 24. The boiling coefficients will be about 
25 per cent greater than the computed values, and at low mass velocities 
the coefficient can be multiplied by a correction factor of 1.25. 

This class also includes the forced-circulation evaporators similar to 
1-1 exchangers. The calculation of the vertical iong-tube evaporator 
will be treated as a natural-circulation vaporizer. 

NATURAL-CIRCULATION VAPORIZING EXCHANGERS 

1. V APOitiZATION IN THE SHELL 

a. Kettle Reboiler. The kettle reboiler is shown in Fig. 15.6. It is a 
modification of the power-plant evaporator. The relation of the bundle 
to the shell is seen better from an end elevation. Another form of the 
kettle reboiler employing a tube sheet which covers the entire shell is 

FIG. 15.6. Kettle-type reboiler. (Paiterson Foundry and Machine Oo.) 

FIG. lli. 7. Kettle-type reboiler with integral tube sheet. (Paiterson Foundry and Machine 
Co.) 

shown in Fig. 15.7. In this type the bundle is not circular but conforms 
to the shell as seen from an end elevation. The method of connecting 
this type of reboiler to the distilling column is shown in Fig.l5.8. Kettle 
reboilers are fitted with a weir to ensure that the liquid level in the 
reboiler is maintained and that the tube surface is not exposed. Since 
only about 80 per cent of the liquid bottoms entering at the inlet are 
vaporized, provision must be made for the removal of the bottoms prod­
uct which is on the discharge side of the weir. There are a number of 
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arbitrary rules on the volume required above the liquid level for disen­
gagement and the maximum number of pounds per hour which may be 
vaporized from the liquid surface. If the top row of tubes is not higher 
than 60 per cent of the shell diameter, adequate disengaging space will 

Bottom 
producf 

FIG. 15.8. Kettle reboiler arrangement. 

be provided when a liquid level covering the top row of tubes is ensured 
by the weir. 

b. Chiller. The chiller is shown in Fig. 15.9. It is 1,1. typical kettle 
reboiler, except for the weir, and the bundle has tubes to a height of about 
60 per cent of the diameter. The vapor space above is for disengagement 

FIG. 15.9. Chiller. (Patterson Foundry and Machine Co.) 

of the vapor from the liquid. Chillers are used in refrigeration processes 
of the vapor-compression type as shown in Fig. 15.10. The refrigeration 
cycle begins at the point a, where liquid refrigerant at a temperature 
higher than that of the condenser water and at high pressure passes to 
a constant-enthalpy throttle valve where its pressure is reduced. The 
pressure and temperature of the liquid on the downstream side of the 
valve are naturally less than on the high-pressure side. The expansion is 
adiabatic, and some of the liquid flashes into vapor cooling the remainder 
of the refrigerant on the low-pressure side at b. If the cold refriger­
ant is to be circulated directly to a refrigerator, the saturati<.'n tempera-
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ture at b is often about 5 or 10°F lower than the temperature ultimately 
desired in the chamber being refrigerated. The partially vaporized 
refrigerant may enter the shell of a chiller, where the remainder is vapor­
ized isothermally at low temperature by the fluid being chilled as it flows 
through the tubes. The vapor then passes to the compressor between c 
and d, where it is recompressed ilo the higher pressure (and temperature) 
such that it can be recondensed with the available cooling water. 

Cold brine is often circulated to the chamber being refrigerated in 
preference to the refrigerant itself. Brines are usually sodium chloride 

Werfer 

Conden&er 

d 
Cl 

Throftle 

Level 

Fla. 15.10. Compression refrigeration system. 

or calcium chloride solutions in concentrations up to 25 per cent by 
weight, depending upon the coldness of temperature to be maintained. 
They are cheap and have little susceptibility toward leakage. On accom­
plishing refrigeration by sensible heat absorption, brines remain in the 
liquid phase without developing high pressures and eliminate the need 
for costly vapor piping through the refrigerating system. In this way 
contaminants which might find their way into the refrigerant, particu­
larly under vacuum, a11e kept out of it and from the compressor, con­
denser, and throttle. Brines, on the other hand, require that an addi­
tional temperature difference be maintained. When the refrigerant is 
circulated directly to the cold chamber, there is but one temperature 
difference between the chamber and the refrigerant. Using brines, how­
ever, there is one temperature difference between the refrigerant and 
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brine and one between the brine and cold chamber, and this arrangement 
increases the cost of the refrigeration. For other aspects of refrigerating 
cycles, such as the selection of optimum conditions, reference may be 
made to standard thermodynamics texts. The chiller is frequently called 
the evaporator in the refrigeration process, although this use of the term is 
at variance with the nomenclature used herein. When used in large 
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Fra. 15.11. Natural-circuls.t.ion boiling and sensible film coefficients. 

installations, the refrigerant may disengage into a separate drum instead 
of in the chiller shell. 

Film Coefficients in Chillers and Kettle Reboilers. When a liquid is 
vaporized from a pool, the velocity of the liquid flowing over the heat­
transfer surface is very low. At these low velocities the film coefficient 
for boiling is independent of the velocity and dependent instead upon 
the temperature difference between the tube wall and the saturation 
temperature of the boiling fluid. A curve showing this relationship is 
represented by the upper line in Fig. 15.11. The coefficients are again 
limited to 300 for organics and 1000 for water, except that the maximum 
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allowable flux for organics is 12,000 Btu/(hr)(ft2
). The latter does not 

permit the use of large temperature differences for natural-circulation 
vaporizers and reboilers, which require more surface as a class than do 
forced-circulation types. The difference in cost of surface is usually more 
than offset by the saving in circulating pump power. 

Chillers operate isothermally unless the vapor space of the chiller also 
serves as a flash chamber for the expansion, in which case the inlet tem­
perature will be that at the throttle :valve and the outlet temperature the 
saturation temperature of the refrigerant. The vaporization out of 
the liquid surface, however, is isothermal. Kettle reboilers also operate 
under nearly isothermal conditions, particularly when employed at the 
bottom: of an aqueous-solution distilling column. When used with 
organic bottoms, however, there is 1,1sually a boiling range, and it is 
necessary to provide for the introduction of sensible heat. The sensible 
heat is regarded as entering the liquid by a modification of free com1ection, 1 

and the curve for free convection to organics in natural circulation is 
given by the lower line of Fig. 15.11. It corresponds fairly closely to the 
results obtained from Fig. 10.4. In the case of kettle reboilers the total 
heat load is divided intci sensible- and latent-heat· fractions, and the 
surface required for each fraction is computed separately at its respective 
boiling or sensible coefficient. While there are several ways in which 
this procedure can be justified, it is nonetheless an empirical means of 
calculating coefficients comparable to those obtained in practice. This 
method is demonstrated in Example 15.4. 

Pressure Drop in Kettle Reboilers and Chillers. The height of bottoms 
maintained in a distilling column naturally seeks its own level in the 
reboiler. If the reb oiler is not mounted much below the liquid level in the 
column, there is a negligible hydrostatic head for fluid flow from the 
column to the reboiler, and hence the circulation rate is relatively small. 
This results in a low fluid velocity across the reboiler surface, and the 
pressure drop, as well as that of the connecting piping, may be considered 
negligible. The kettle reboiler, in fact, is the most suitable of all natural­
circulation reboilers where the reboiler cannot be mounted sufficiently 
below the liquid level in the column to provide a large recirculation rate. 

Example 16.3. Calculation of a Kettle Reboiler. 45,500 lb/hr of bottoms of 
65°API gravity and small boiling range at 400°F enter a kettle reboiler from which 
28,100 lb/hr of vapor is formed at an operating pressure of 200 psig. Heat is supplied 
by 28° API gas oil in the range from 575 to 475°F and 120 psig operating pressure. 
A pressure drop of 10 psi is permissible. 

Available for the service is a· 25 in. ID kettle reboiler containing a six-pass 15X-in. 

t The terms natural convection and natural circulation sometimes cause confusion. 
The former refers to heat transfer, and the latter to fluid flow. 
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circular bundle. The bundle contains 68 1 in. OD, 14 BWG tubes 12'0" long on 
lX-in. square pitch. The bundle is baffied only by quarter-circle support plates. 

Will the reboiler be satisfactory? 
What are the dirt factor and pressure drops? 

Solution: 

Kettle: 
Shell side 

1574-in. circular bundle in 25in. 
Tube side 

Number and length =68, 12'0" 
ID 

;!1-circle support plates 
OD, BWG, pitch= 1 in., 14 BWG, Ui-in. square 

Passes=6 
(1) Heat balance: 

Enthalpy of liquid at 4oo•F and 215 psia = 290 Btu;lb 
Enthalpy of vapor at 400°F and 215 psia = 385 Btu;lb 
Gasoline, Q = 28,100 X (385 - 290) = 2,670,000 Btu/hr 
Gas oil, Q = 34,700 X 0.77(575 - 475) = 2,670,000 

(Fig. 11) 

(2) Ll.t: Isothermal boiling 
At = LMTD = 118°F 

Ll.!, 475- 400 
(S) T.: Ll.th = 575 - 400 = 0.428 

K, = 0.37 
F, = 0.42 
T, = 475 + 0.42(575 - 475) = 517°F 

Ho! fluid: tube side, gas oil 
(4) Flow area, a~ = 0.546 in.' [Table 10] 
a, = N,a;/144n [Eq. (7.48)] 

= 68 X 0.546/144 X 6 = 0.043 ft' 
(5) G, = W/a 1 

= 34,700/0.043 
= 807,000 lb/(hr)(ft2) 

(6) At T, = 517•F, 
p. = 0.27 X 2.42 = 0.65 lb/(ft)(hr) (ex­

trapolated) [Fig. 14] 
D = 0.834/12 = 0.0694 ft 
Re, = DG,jp. 

= 0.0694 X 807,000/0.65 = 85,700 
(7) jH = 220 (Fig. 24] 
(8) At 5WF (28°API) [Fig. 16] 
k(cp.jk)>'< = 0.118 Btuj(br}(ft2)(°F/ft) 

(9) h; = jH i (~)M </>1 [Eq. (6.15d)] 

h1jq,, = 220 X 0.118/0.0694 = 374 

(10) !;: = ~ X g~ [Eq. (6.9)] 

= 374 X 0.834/1.0 = 311 

The correction for (;,;) o.u is negligible. 

(5.14) 

(Fig. 17) 

(5.28) 

Cold fluid: shell side, gasoline 

(9') Assume h. = 300 for trial. 

(10') t'" = t, + h;.h; h. (T, - t,) 
[Eq. (5.31)] 

311 ·= 400 + 311 + 300 (517 - 400) 

(.<\t)'" = 460 - 400 = 60°F 
From Fig. 15.11, h.> 300; 
hence use 300. 

= 460°F 
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(13) Clean overall coefficient Uc: 

u = h;.h. = 311 X 300 = 152 Bt ;n..~) (ft') (OF) 
.C hw + h. 311 + 300 u \ ....... 

(14) Design overall coefficient U D: 

a" ':" 0.2618 it• ;lin ft 
Total surface = 68 X 12 X 0.2618 = 214 ftl 

U Q 2,670,000 105 5 
D = A At = 214 X 118 = . 

Check of 11WZimum fluz: 

Q 2670000 . A = ' 214 = 12,500 Btu/(hr)(ftt) (satiBfactory) 

(15) Dirt factor R.: 
R

4 
_ Uc- UD = 152-105.5 = 00029 UcUD 152 X 105.5 . 

Pressure Drop 

(1) For Re, = 85,700,/ = 0.00015ft2jin.' Negligible 
[Fig. 26) 

8 = 0.71 [Fig. 6J 

(2) AP - JG;Ln 
1 

- 5.22 X 101•Ds<i>t 
0.00015 X 807,0002 X 12 X 6 

= 5.22 X 1010 X 0.0694 X 0.71 
X 1.0 

= 2.8 psi 
(8) G, = 807,000, V2/2! = 0.090 . 

[Fig. 27] 
4n V2 

llPr .= -.-
2

1 [Eq. (7.46)] 
8 g 

= 40~16 X 0.09 = 3.1 psi 

(4) APT = AP, +APr [Eq. (7.47)] 
= 2.8 + 8.1 = 5.9 psi 

Summary 

311 I h outside 

Uc 152 

UD 105.5 

R• Calculated 0.0029 

RoRequired 

5.9 Calculated AP 

10.0 Allowable 1lP 

I 300 

Neg 

Neg 

477 

(6.38) 

(Table 10) 

(5.3) 

(6.12) 
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c. Bundle-in-column Reboiler. It will probably occur while examin­
ing the kettle reboiler (Fig. 15.6) that, if the bundle is to be submerged in 
the trapout, it can be inserted directly into the bottom of the column, as 
in Fig. 15.12. There is no objection from a heat-transfer standpoint. 
As seen in Example 15.3 only 214 ft 2 of surface was required for the trans­

tLiquid 
ljrzy§/ __ 

fer of 2,670,000 Btu/hr and this in a 15>{·in. cir­
cular bundle 16'0" long. The column required for 
28,100 lb/hr of the vapor at 200 psig has a diameter 
of less than 3 ft. If the bundle is inserted in the 
bottom of such a column, many short tubes will be 
required and the height of the bottom of the column 
must be increased so as to maintain the same holdup 
space. Another obvious disadvantage lies in the 
size of the flanged connection which must be welded 
to the side of the column to accommodate the larger 
b"undle. Internal supports are also required to keep 

Fw. 15.12. Bundle-in- the weight of the bundle from forming a cantilever 
column reboiler. 

with the column connection flange. These difficul-
ties are usually surmountable when the column diameter is greater than 
6 ft, but overall experience favors the use of external reboilers in prefer­
ence to the small savings realized by eliminating the shell. 

The calculations for the bundle-in-column reboiler are identical with 
those for the kettle reboiler, using coefficients from Fig. 15.11. 

FIG. 15.13. Horizontal thermosyphon reboiler. (Patterson Foundry and Machine Co.) 

d. Horizontal Thermosyphon Reboiler. This is perhaps the common­
est type of reboiler. Figure 15.13 shows a horizontal thermosyphon 
reboiler. It consists of centrally located inlet and outlet nozzles, a 
vertical circular support plate between the nozzles, and a horizontal 
longitudinal bafHe. Horizontal thermosyphons operate on the principle 
of divided flow as first outlined under condensers in Fig. 12.17, with 
halves of the entering fluid flowing away from each other below the 
longitudinal bafHe and toward each other above it. Disengagement 
takes place in the column, and the reboiler may be connected by the 
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arrangement of Fig. 15.4a or b. In Fig. 15.4a, as stated previously, all 
the liquid from the bottom plate is led directly to the reboiler. The 
rate of feed to the reboiler is the hourly trapout rate, which passes 
through the reboiler but once. In Fig. 15.4b the reboiler is connected 
to the bottoms, which are free to recirculate at a rate such that the fric'­
tional pressure drop in the reboiler and other resistances of the circuit 
just balance the hydrostatic head difference between the liquid and 
liquid-vapor legs. The hydrostatic head available in the latter arrange­
ment, however, is less than in the once-through arrangement although 
a greater head is required for recirculation. The head is provided by 
raising the bottom liquid level in the column or by raising the column 
itself. Occasionally the reboiler may be set in a well, but this practice 
finds little favor in modern plants. 

Film Coefficients in Horizontal Reboilers. The coefficients used for 
thermosyphons are substantially the same as those employed for kettl~ 
reboilers and are given by Fig. 15.11. When there is a boiling range, it is 
imperative that the overall clean coefficient be weighted for sensible- and 
latent-heat loads individually, although the procedure differs from the 
weighting of successive .zories; since both sensible heating and boiling 
occur in the same temperature range. This problem was not encount­
ered in forced-circulation reboilers and vaporizers because the rates of 
boiling and sensible-heat transfer are ordinarily very nearly identical. 
However, in a shell without forced convection the rate .of sensible-heat 
transfer by free convection is usually less than one-sixth the natural­
circulation boiling rate. In natural circulation, however, where both 
sensible-heat transfer and boiling occur over the same surface, the free 
convection coefficient is undoubtedly modified by the bubble movements 
which far exceed the agitation derived from ordinary free convection 
currents. To account for this modification, the sensible portion of the 
heat load is assumed to be transferred by ordinary free convection and the 
boiling portion is assumed to be transferred as natural-circulation 
vaporization, 

Although the flow is not counterflow, it usually does not deviate greatly 
from it, because one or both of the fluids is substantially isothermal. If 
steam is the heating medium, the counterflow temperature difference 
applies directly. If a liquid is the heating medium rather than a vapor, 
the counterflow temperature difference applies only if· the range on the 
material being vaporized is small and the appro~ch between the heating 
medium and vaporizing medium inlet temperatures is appreciable. If 
FTfor a 1-2 exchanger exceeds 0.90 an insignificant error may be antici­
pated from the use of the 1-2 parallel flow-counterflow temperature 
difference. 
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Since the temperature differences for sensible heating and vaporization 
are the same, there is no weighted temperature difference. But the 
sensible heat q. is transferred with a free convection coefficient of h., and 
the latent heat qv is transferred with the considerably higher coefficient 
h.. To permit obtaining a single dirt factor, as the index of performance 
or maintenance of the reboiler, the weighted coefficient may be obtained 
as follows: From q = hA At, 

A,(At). = ~ 
h. 

A.(At)v = ~ 
h. 

The weighted coefficient is then 

h = Q 
q,jk, + q./ku 

Since neither h. nor h, is influenced by the velocity through the reboiler, 
it will be of no consequence in the calculation whether the reboiler has 
been connected for once-through or recirculation operation. 

Pressure Drop. There is an obvious need in the recirculation arrange­
ment to keep the pressure drop through the thermosyphon as small as 
possible. When studying condensers it was observed that the greater the 
pressure drop through the condenser the higher the condenser must be 
el~vated above the column to permit the gravity return of condensate. 
The effect of pressure drop on the elevation of the bottom tower liquid 
level above the reboiler is even more critical. The greater the pressure 
drop through the reboiler the higher the entire column and auxiliaries 
must be elevated above the ground level to produce sufficient hydrostatic 
head to overcome the pressure drop. Pressure drops of about 0.25 psi 
are generally allowed for the reboiler and attendant losses. If the column 
is small in diameter or height, a pressure drop as high as 0.50 psi may be 
allowed, but concessions of this nature to the design of the reboiler are 
rare. For a reboiler vaporizing a small fraction of the liquid entering it, 
the required elevation is greater, since the return leg to the column con­
tains more liquid than vapor and the difference in density of the streams 
to and from the reboiler is small. 

While half ba:(lles may occasionally be used to increase the turbulence 
in the shell, the tubes are usually prevented from sagging by the vertical 
support plate between the inlet and outlet nozzles and additional quarter­
circle support plates. The liquid entering the horizontal thermosyphon 
flows one-half of the tube length on the underside of the longitudinal baffie 
and one-half the tube length on the upper side, so that all the liquid travels 
the entire tube length but in each instance with a mass-velocity based on 
one-half the total flow. The length of path of each parallel stream equals 
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the tube length, and it is sufficiently accurate to treat the pressure drop 
the same as for a shell without baffles and with axial flow as in Example 
7.8. The diameter of a horizontal thermosyphon reboiler is greater than 
that which corresponds to the tube count of a conventionall-2 exchanger 
because of the free space which must be provided in the upper half to 
allow the light mixture of vapor and liquid readily to reach the outlet 
nozzle. If the surface of a 25 in. ID layout sufficed for heat transfer, the 
tubes would be relocated in a 27 in. ID shell while retaining the tube 
pitch so as to leave a free vapor flow channel at the top of the shell and a 
lesser entrance channel at the bottom. 

The equivalent diameter is computed· directly by Eq. (7.3) from the 
wetted perimeter ofthe tubes, half the shell, and ·the width of the longi-

FIG. 15.14. Horizontal thermosyphon with double nozzles. (Patterson Foundry and 
Machine Co.) 

tudinal baffle. The flow area is the difference between half a circle and 
the number of tubes in the upper or lower shell pass. In the absence 
of the actual tube layout these may be assumed to be equal. The 
Reynolds number is computed from the inlet liquid viscosity and the 
equivalent diameter. The pressure drop is based on the mean specific 
gravity between inlet and outlet, using a friction factor obtained from 
Fig. 26 for the tube side. 

When there is a single inlet nozzle on the shell, it is customary not to 
use a tube length more than five times the shell diameter. Long, thin 
reboilers do not thermosyphon well. When a long, thin reboiler is indi­
cated, it is usually equipped with two inlet nozzles as shown in Fig. 15.14 
with a mass velocity based on one-fourth the flow rate in one-half the 
flow area. The following table will serve as a guide to well-proportioned 
horizontal thermosyphons: 

Shell ID, in. Tube length 
12-17.J.a 8'0" 
19.li:-29 12'0" 
31 and .. over 16'0" 

When using a recirculating arrangement with a horizontal thermo­
syphon, recirculation can be computed approximately as the rate at 
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which the pressure drop through the reboiler equals the hydrostatic 
difference of Zt and zs in Fig. 15.4b although the rate does not affect the 
film coefficient. Instead of the recirculation rate it is preferable in reboil­
era to specify the recirculation ratio, which is defined as the pounds per 
hour of liquid leaving the reboiler compared with the pounds per hour of 
vapor alone. This should not be confused with the conventional defini­
tion of recirculation rates, which is defined as the ratio of the total hourly 
throughput to the hourly requirement. 

In a recirculating reboiler the temperature range is not identical with 
that of a once-through arrangement. If the liquid recirculates, only a 
small amount of vapor is formed in each circulation and the vaporization 
occurs over a smaller temperature range, although the outlet tempera­
tures in both arrangements are identical. In the recirculating arrange­
ment the temperature difference is somewhat smaller. Usually the reduc­
tion in temperature difference is not significant unless the range of the 
heating medium is very close to that of the vaporization. A recirculation 
ratio four times or greater than the hourly once-through vapor rate is 
considered favorable from a cleanliness standpoint. The method of 
calculating recirculation ratios will be discussed in connection with the 
vertical thermosyphon reboiler, where a higher order of recirculation is 
usually obtained. 

Example 16.4. Calculation of a Once-through Horizontal Thermosyphon Reboiler. 
38,500 lb/hr of 60° API naphtha in a once-through arrangement is to enter a horizontal 
thermosyphon reboiler and produce 29,000 lbjhr of vapor in the temperature range 
from 315 to 335°F at an operating pressure of 5.0 psig. Heat will be supplied by 
28° API gas oil with a range from 525 to 400"F. 

Available for the service is a 21% in. ID reboiler containing 116 1 in. OD, 14 BWG 
tubes 12'0" long laid out on 1%-in. square pitch. The bundle has a support plate 
above the single inlet nozzle and is arranged for eight passes. 

What are the dirt factor and the pressure drops? 

Solution: 

Reboiler: 
Shell side 

ID = 21}i in. 
Tube side 

Number and length = 116, 12'0" 
Support plates = X circles 

Passes = divided 
OD, BWG, pitch = 1 ,in., 14 BWG, 1%-in. square 

Passes = 8 

(1) Heat balance: 
Enthalpy of liquid at 315°F and 19.7 psia = 238 Btu/lb 
Enthalpy of liquid at 335°F and 19.7 psia = 252 Btu/lb 
Enthalpy of vapor at 335°F and 19.7 psia = 378 Btu/lb 
Naphtha q. = 29,000(378 - 252) = 3,650,000 

q. = 38,500(252 - 238) = 540,000 
Q = ~ 4,190,000 Btu/hr 

Gas oil, Q = 51,000 X 0.66(525 - 400) = 4,190,000 

(Fig. 11) 
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(2) ~t: 
Hot Fluid Cold Fluid 

525 Higher Temp 335 190 

400 Lower Temp 315 85 

125 Differences 20 105 

LMTD = 131°F 

R = 125 = 6.25 20 
20 s = 525 - 315 = 0.095 

FT = 0.97 
At = FT X LMTD = 0.97 X 131 = 127°F 

(3) T,: 

~t. = 85 = 0447 
~th 190 • 
K. =.0.42 
F, = 0.41 
T, = 400 + 0.41(525..,.. 400) = 451°F 
t, = 815 + 0.41(335 - 815) = 823°F 

Hot fluid: tube side, gas oil 
(4) a~ = 0.546 in.2 [Table 10] 
a, = N 1a:/l44n 

= 116 X 0.546/144 X 8 = 0.055 ft' 
(6) G, = Wja, 

= 51,000/0.055 
= 928,000 lb/(hr)(ft•) 

(6) At T, = 451°F, 
p. = 0.45 X 2.42 = 1.09lb/(ft)(hr) 

[Fig. 14] 

D = 0.834/12 = 0.0695 ft [Table 10] 
Re, = DG,jp. 

= 0.0695 X 928,000/1.09 = 59,200 
(7) ja = 168 [Fig. 24] 
(8) At T. = 451 °F (28°API) [Fig. 16] 
k(cp.jk)ri = 0.142 Btu/(hr)(ft2)(°F/ft) 
(9) h; = (jak/D)(c,../k)Y.q,, [Eq. (6.15a)] 

!!:£ = 168 X 0·142 
= 343 

"'' 0.0695 
q,, "" 1.0 

(Fig. 17) 

(5.28) 
(5.29) 

Cold fluid: shell side, naphtha 
Assume weighted h. = 200 
h;. from (10) = 286 

h,. (T ) t., = t, + h;. + h. • - t, [Eq. (5.31)] 

286 
= 323 + 286 + 200 (451 - 323) 

= 382°F 
(At)., = 382 - 323 = 59°F 

From Fig. 15.11, h. = > 300, use 300 
h.= 60 
q./h. = 3,650,000/300 = 12,150 
q./h. = 540,000/60 = 9,000 

21,150 

(10) h;. = h; X ID/OD [Eq. (6.6)] (10') h. = 4,190,000/21,150 
= 348 X 0.834/1.0 

= 286 Btu/(hr)(ft•WF) 

(13) Overall clean coefficient Ua: 

= 198 Btuj(hr)(ft'WF) 
Checks 200 assumed for h •. 

Ua = h;.h. = 286 X 198 = 116 Btu/(hr)(ft2)("F) (6.38) 
h;, + h, 286 + 198 
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(14) Design overall coefficient U D: 

Surface per linear foot = 0.2618· (Table 10) 
Total surface = 116 X 12'0" X 0.2618 = 364 ft1 

u Q 4,100,000 90 7 
D = A t.t = 364 X 127 = . 

Cheek of maximum flux (based on total transfer through the surface): 

~ = 4• 1;~oo = 11,500 vs. 12,000 allowable 

(15) Dirt factor Ra: 
Ra = Ua- UD = 116-90.7 = 00024 

UaUD 116 X 90.7 · 
(6.13) 

Pressure Drop 

(1) Re, = 59,200, f = 0.000168 ft2/in. 2 (1') D~ = 4 X flow area/frictional wetted 
[Fig. 26] perhpeter 

8 = 0.73 

(2) t.P _ !G~Ln 

[Fig. 6] Assume half of tubes above and half of 
tubes below longitudinal baffle .. 

'- 5.22 X 1010Ds.p, 
0.000168 X 928,0002 X 12 X 8 

= 522 X 1010 X 0.0695 X 0.73 X 1 
= 5.3 psi 

(3) G, = 928,000 V"/21 = 0.11 [Fig. 27] 
n V 2 4 X 8 . 

t.Pr = 4 8 2g' = 0.73 X 0.11 = 4.8 ps1 

[Eq. (7.46)1 
(4) t.Pr = t.P, + t.P, [Eq. (7.47)] 

= 5.3 + 4.8 = 10.1 psi 

Flow area = U shell cross section - 72 
tube cross section 

= § (21.252 - 1.0 X 116) = 132 in.2 

a, = 137{4 4 = 0.917 ftl 

W tt d 
. .,.. X 21.25 ,.. 

e e perrmeter = 2 + 2 X 1 

X 116 + 21.25 = 236.7 in. 
d; = 4 X 132/236.7 = 2.23 in. 

[Eq. (7.3)) 
D; = 2.23/12 = 0.186 ft 
G, = (w/2)/a, 

= 3138,500 X 0.917 
= 21,000 lb/(hr)(ft') 

For 60°API at 315 use data in Fig. 14 for 
56°API gasoline as an approximation. 
,. = 0.18 X 2.42 = 0.435lb/(ft)(hr) 
Re, = D;G,ft< 

= 0.186 X 21,000/0.435 = 8950 
f = 0.00028 ftO/in.' [Fig. 26] 
From Fig. 13.14, mol. wt. = 142 

D 't 142 
enst y, P = 359 X 79%92 X 14.7/19.7 

= 0.337 lb /ft1 

souttetliquld at 335°F = 0.61 
Poutlet liquid "" 0.61 X 62.5 = 38.1lb/ft• 

38,500/62.5 
Soutlettnix = 29,000/0.337 + 9500/38.1 

-0.071 
8!nlet at 315°F = 0.625 
SsT "" ~(0,625 + 0,071) = 0.35 
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286 

Uc 

UD 

Pressure Drop 

AP - JG! (Lt.tal) 
• - 5.22 X 1010D:s.p. 

[Eq. (7.45)] 

Summary 

h outside 

116 

90.7 

0.00028 X 21,0001 X 12 
5.22 X 101D X 0.186 X 0.35 X 1.0 

= 0.0004psi 

I SO%o 

Ra Caic.ulated 0.0024 

Ra Required 

10.1 Calculated r.P Neg 

10.0 Allowable IJ.P 0.25 

The dirt factor is somewhat low for continued service. The high pressure drop on the 
gas oil line is insignificant. 

When a reboiler is overdesigned, it may operate by breathing. As 
liquid enters the reboiler, it may be completely vaporized very quickly 
because of the overdesign. New liquid replaces it and cools the surface 
down. The new liquid remains in the rebojler momentarily and is heated 
and completely vaporized also, so that intermittent bursts of vapor issue 
from the reboiler outlet instead of a smooth continuous ;flow of vapor 
and liquid mixture. This can be overcome by reducing the pressure on 
the steam if steam is the heating medium or by placing an orifice on the 
shell outlet flange so as to cause an increased pressure drop on the vapor. 

Horizontal Thermosyphons with Baffles. Horizontal thermosyphons 
are occasionally designed with vertically cut baffies such as were discussed 
in connection with the 2-4 exchanger. The baffies do not affect the boil­
ing film, but they do affect the sensible-heating coefficient, increasing it 
beyond the free-convection value. If the baffies are the usual25 per cent, 
vertically cut, segmental baffies arranged for side-to-side flow, the sensible 
film coefficient can be computed from shell-side data as given in Fig. 28 
and as discussed under the 2-4 exchanger. If the baffies are cut 50 per 
cent corresponding to quarter-circle support plates, the coefficient is 
treated on the basis of axial flow as above, using the equivalent diam­
eter as calculated in Example 7.8 and the tube-side data of Fig. 24. 
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2. V APORIZA.TION IN THE TUBES 

The members of this class are vertical units operating with a relatively 
large hydrostatic head and a low pressure drop. For this reason the 
vaporization usually occurs in the tubes of a one-tube-pass exchanger, 
which permits a greater recirculation rate than is common to horizontal 
units with vaporization in the shell. The three main classes of equipment 

Sfeam 
t 

employing this arrangement are the 
vertical long-tube evaporator, the 
vertical thermosyphon reboiler, and 
the unfired steam generator. The 

1-1 rtotdtnq 
head 

exclumr~er 
;I 

Fro. 15.15. Natural-circulation steam Fro. 15.16. Vertical thermosyphon reboiler 
generator. This is similar to Fig. 14.27 connected to tower. 
but for foaming and scaling provisions. 

steam generator is shown in Fig. 15.15, and it is similar to the vertical 
long-tube evaporator in Fig. 14.27. The vertical thermosyphon reboiler 
is shown in Fig. 15.16, and it will presently be treated in detail to demon­
strate the calculation common to natural-circulation units. 

Recirculation Ratios. The recirculation ratio is attained when the· 
sum of the resistances in the vaporization circuit is equal to the hydro­
static driving force on the vaporizing fluid. Referring to the vertical 
thermosyphon in Fig. 15.16, there are five principal resistances: 

1. Frictional pressure drop through the inlet piping 
2. Frictional pressure drop through the reboiler (z2) 
3. Expansion or acceleration loss due to vaporization in the reboiler 
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4. Static pressure of a column· of mixed liquid and vapor (za) in the 
reboiler 

5. Frictional pressure drop through the outlet piping 
Expansion Loss Due to Vaporization. This is taken as two velocity 

heads based on the mean of the inlet and outlet specific gravities. 

GZ 
API=---

144gpa .. 
psi (15.14) 

Particularly where the recirculation ratio and the operating pressure are 
great, the difference in the densities between the inlet and outlet are not 
very large and the expansion loss is negligible. 

Weight of a Column of Mixed Liquid and Vapor. This is 
difficult to evaluate if precision is required, since the expan­
sion of the vapor is a function of the recirculation ratio, aver­
age specific volume of the vapor, coefficient of expansion 
of the liquid, etc. For nearly all practical cases it may be 
assumed that the variation of the specific gravity is linear 
between the inlet and the outlet. If v is the specific volume 
at any height x iii the vertical tube of Fig. 15.17 whose total 
length is L and whose inlet and outlet specific volumes are 

. + (vo - v,)x 
v = v. . L (15.15) 

If the weight of the column of mixture is m, the change in 
weight with height is dm, and if a is the cross-section flow area, 

dm =!!: dx 
v (15.16) 

FIG. 16.17. 
Volume 
change in a 
single tube 

If the static pressure of the column of liquid and vapor is designated by 
ZaPav and the cross-section area a is unity, 

!Ldx f dx 
23 

Pav = V = Vi + (Vo - V;)x/L psi (15.17) 

Integrating and dividing by 144 to obtain the head per square inch 

Za Pav 2.3£ 1 Vo 

144 = 144(vo - v;) og V, psi (15.18) 

Rational solutions for the recirculation ratio can be established by 
taking all the heads iii the circuit into account as functions of the mass 
velocity G, and upon solution for G the recirculation rate can be obtained 
directly. Because the gravity of the reboiier outlet mixture also varies 
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with the recirculation ratio, the expression becomes complex and it is 
simpler to solve by trial and error. If the height of an existing reboiler 
is given, the recirculation ratio can be computed. If the recirculation 
ratio is given, the required head Z1p1 may be computed. 

a. Vertical Thermosyphon Reboiler. The vertical thermosyphon is 
usually a conventional 1-1 exchanger with the channel end up. The 
upper tube sheet is placed close to the liquid level of the bottoms in the 
distilling column. Since the reboiler can be set close to the column, 
the frictional loss in the inlet and outlet piping is usually negligible. The 
recirculation ratio is determined from the difference between the hydro­
static head in the distilling column corresponding to the tube length of 
the reboiler and the weight of the vapor-liquid mixture. Recirculation 
ratios exceeding 4:1 are usually employed. 

Example 16.6. Calculation of a Vertical Thennosyphon Reboiler. A vertical 
thermosyphon reboiler is to provide 40,800 lb /hr of vapor which is almost pure 
butane. In an arrangement identical with Fig. 15.16 the column operates at a pres­
sure of 275 psig corresponding to a nearly isothermal boiling point of 228°F. Heat 
will be supplied by steam at 125 psig. 

A recirculation ratio of 4: 1 or greater should be employed. 
What is the optimum exchanger to fulfill this requirement? %in. OD, 16 BWG 

tubes on l-in. triangular pitch will be used. 

Solution: 

(1) Heat balance: 
Enthalpy of liquid at 228°F and 290 psia = 241 Btujlb 
Enthalpy of vapor at 228°F and 290 psia = 338 Btujlb 
Butane, Q = 40,800(338 - 241) = 3,960,000 Btujhr 
Steam, Q = 4570 X 868 = 3,960,000 Btujhr 

(2) At: Isothermal boiling 
t.t = LMTD = 125"F 

(8) Tc and tc: Both streams are isuthermal. 

Trial1 (see Chap. 11 for method of approach): 

(Fig, 9) 

(Table 7) 

{5.14) 

(a) Whe.n establishing reboiler surface the first trial should always be taken for the 
maximum allowable flux 

A = __!L = 3,960,000 = 330 ft 2 
Q/A 12,000 

Assume 16'0" long tubes. These will reduce the shell diameter and provide the 
cheapest reboiler. However, it will also require the greatest elevation of the column. 

Number of tubes = 330/16'0" X 0.1963 = 105 (Table 10) 
(b) Since this will be a 1-1 exchanger, only one tube pass 
From the tube counts: 105 tubes, 1 pass, %:in. OD, l-in. triangular pitch. 
Nearest count: 109 tubes in a 13X in. ID shell 
(c) Corrected coefficient U D! 

A = 109 X 16'0" X 0.1963 = 342 ft2 

U 3,960,000 92 5 
D = 342 X 125 = . 
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Recirculation ratio: Assume 4: 1 recirculation ratio. 

S · f b il 1 Za Pav 2.3L 1 Vo • tat1c pressure o re o er eg, 144 = 144(v. _ !1;) og U. ps1 

Vapor density, p, = 359 X 68%:: X 14_71290 = 2.27lb/ft3 

l'vaPC>r = 2_~7 = 0.44 ft 3/lb 

IIJtauid = !li = 62,5 ~ 0.4S = 0.0372 ft'/lb 

Weight flow of recirculated liquid = 4 X 40,800 = 163,200 1bjhr 
Total volume out of reboiler: 

Liquid, 163,200 X Q.0372 = 6,100 ft 8 

Vapor, 40,800 X 0.44 = 17,950 ft 8 

Total == 24,050 ft8 

Vo = (163,2~~,~~0,800) = 0.1175 ftaj1b 

P f 1 z, PaT 2.3 X 16 X I 0.1175 1 60 • 
ressure 0 eg, 144 = 144(0.1175 - 0.0372) og 0.0372 = · psi 

Frictional resistance: 

Flow area: 

(15.18) 

(Fig. 6) 

a; 0.302 a,= N,-- = 109 X-- = 0.229 ft•. (Table 10) 
144n 144 

a, = ~ = 163,200 + 4o,soo = 891,ooo lb/(hr)(ft•) 
a, 0.229 

At 228°F, p. = 0.10 X 2.42 = 0.242lb/(ft)(hr) (Fig. 14) 

D = 0i~2 = o.os17 ft 

R = DG = 0.0517 X 891,000 = 190 OOO 
6

' J.' 0.242 ' 
f = 0.000127 ft2/in.2 (Fig. 26) 

8meon = (0,43 + 1/0il75 X 62.5) = 0_285 

AP, = 5.22 X 1010Daq,, 
. 0.000127 X 891,0002 X 16 = 2_09 si (7.45) 

5.22 X 101• X 0.0517 X 0.285 X 1.0 p 

Total resistance = 1.60 + 2.09 = 8.69 psi 

Driving force, ~: = 16 X 0.43 X 62.5/144 = 2.98 psi no check 

The resistances are greater than the hydrostatic head can provide; hence the recircu­
lation ratio will be less than 4: 1. Of the resistances the frictional pressure drop may be 
reduced by the square of the mass velocity if the tubes are made shorter. The other 
alternative is to raise the liquid level in the column above the upper tube sheet. 

Trial2: Assume 12'0" tubes and 4:1 recirculation ratio: 

(a) Number of tubes "" 330 ft2 = 330/12'0" X 0.1963 = 140 
(b) from the tube counts: 140 tubes, one pass, %in. OD, l-in. triangular pitch 
Nearest count: 151 tubes in a 15H in. ID shell 
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(c) Corrected coefficient U D : 

A = 151 X 12'0" X 0.1963 = 356ft' 
u D = 3,960,000/356 X 125 = 89.0 

Recirculation ratio: Assume 4: 1 recirculation ratio 

v; = 0.0372 as before 
v. = 0.1175 

St t • f l Z3P&v 2.3 X 12 l 0.1175 . 
a lC pressure 0 eg, 144 = 144(0.1175 - 0.0372) og 0.0372 = 1.20 ps! 

Frictional resistance: 

a 1 = 151 X 0·302 
= 0.316 ft• . 144 

G, = 2~3~0 = 645,000 lb/(hr)(ft•) 

645,000 
Re, = 0.0517 X 0.242 = 138,000 

f = 0.000135 ft2/in.• 
0.000135 X 645,0002 X 12 . 

M>, = 5.22 X 1010 X 0.0517 X 0.285 X 1.0 = 0·88 psi 

Total resistance = 1.20 + 0.88 = 2.08 psi 

Driving force, ~t~ = 12 X 0.43 X ~~ = 2.24 psi 

Since the driving force is slightly greater than the resistances, a recirculation ratio 
better than 4:1 is assured. With a mass velocity of 645,000 lb/(hr)(ft2) equivalent 
to an wet velocity (V = G,j3600p) of 645,000/3600 X 62.5 X 0.43 = 6.7 fps the 
butane boiling coefficient may be computed as for forced circulation. 

Hot fluid: shell side, steam 

(9') Condensing steam 
h. = 1500 Btu/(hr)(WWF) 

(13) Clean overall coefficient Uc: 

Cold fluid: tube side, butane 
(4), (5), (6) Re, = 138,000 
(7) jH = 330 [Fig. 24] 
(8) k(cp.jk)'A = 0.115 Btu/(hr)(ft')(°F/ft) 
(9) he = (jnk/D)(cp.jk)~ 

= 330 X 0.115/0.0517 = 735 
This exceeds the maximum. Use 300. 
(10) h., = h. X ID/OD = 300 

X 0.62/0.75 = 248 Btu/(hr)(ft)("F) 

Uc = h;.h. = 1500 X·248 = 213 Btu/(hr)(fts)("F) 
h;. + h. 1500 + 248 

(6.38) 

(14) Dirt factor Ra: 
U D has been obtained above. 

R = Ua - U D = 213 - 89 = 0 0065 (hr)(ft')(oF)/Bt 
d UaUD 213 X 89 · u (6.13) 

Pressure Drop: The pressure drop through the reboiler has been computed, 0.88 psi. 
The head elevation z1 will be 12ft .. The pressure drop on the shell using half-circle 
support plates is negligible. 
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Summary 

1500 I h outside I 248 

Uo 213 

UD 89 

R" Calculated 0.0065 

R" Required 0.004-0.006 

Neg Calculated tJ' 0.88 

Neg Allowable tJ' 0.88 

The large dirt factor must be retained because of the flux requirements. This is 
clearly an instance in which the high temperature of the steam yields no advantage. 
If the steam temperature were lower, a higher value of U D could be used and the 
surface would remain the same. 

The final reboiler will be 

Shell side 
ID = 157<1: in. 

Tube side 
Number and length = 151, .12'0" 

Baffle space = 7!1 circles 
Passes= 1 

OD, BWG, pitch = %: in., 16 BWG, l-in. tri. 
Passes = 1 

b. Long-tube Vertical Evaporator. The calculation in Example 15.5 
can be applied directly to the long-tube verti­
cal evaporator and the steam generator. The 
method of computing the recirculation ratio can 
also be applied directly to horizontal thermo­
syphons, although it is seen in practice that the 
recirculation ratio is usually quite low. 

CALCULATIONS FOR DISTILLATION PROCESSES 

The Reboiler Heat Balance. The heat re­
quirements for a reboiler can be determined 
readily from heat balances on any continuous 
distillation column. A typical column is shown 
in Fig. 15.18 along with a condenser and reboiler. 
The function of reflux has already been dis­
cussed in Chap. 12. If R is the reflux ratio, 
i.e., the number of mols of condensate poured 
back into the column per mol of product with­
drawn, the heat balance on the condenser is 

X 

FIG. 15.18. Distilling col­
umn with condenser · and 
reboiler. 

(R + l)WDHD(v)- (R +l)WDHD(l) = Qo (15.19) 
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where W D = distillate (overhead product), lb/hr 
HD = enthalpy of the distillate (overhead product), Btujlb 
Qa =heat removed in the condenser, Btu/hr 

Subscripts (l) and (v) refer to the liquid and vapor, respectively. 
The heat balance on the entire column where the feed may be liquid or 

vapor is 
In Out 
WFHF(Ior~) + QR = Qa + WnHB(I) + WDHD(I) (15.20) 

where QR is the reboiler duty in Btu per hour and subscripts F and B 
refer to the feed and bottoms, respectively. 
Rearranging; 

QR = (R + 1)WDHD<~> - RWDHD(I) + WnHB(I) - WFHF (15.21) 

Assuming that enthalpy data are available, the heat load for the reboiler 
can be determined if the distillate, feed and bottom quantities, and 
temperatures are known and if the reflux ratio is also given. 

Example 16.6. Calculation of the Reboiler Duty. 20,000 lb/hr of a 50-50 mixture 
by weight of benzene and toluene is to be distilled at 5 psig total pressure to produce 
a distillate or overhe~J.d product containing 99.0 per cent by weight of benzene, the 
more volatile component, and a bottom product containing not more than 5 per cent 
of benzene. A reflux ratio of 2.54 mols of reflux per mol of distillate will be used. 
What heat load must the reboiler deliver? 

First, how much distillate and product will be formed? Two balances may be 
applied to obtain this information: the overall material balance and a balance to 
determine how the total benzene in the feed is distributed between the distillate and 
the bottoms, thus: 

Overall balance, 20,000 = W D + W B 

Benzene balance, 20,000 X 0.50 = 0.99WD + 0.05WB 
Solving simultaneously, W D = 9570 lb/hr 

WB = 10,430 lb/hr 

The enthalpies are obtained from Figs. 3 and 12 weighted for chemical composition 
at the respective temperatures 

Hn(l) = 108.0 Btu/lb Latent heat = 153.0 Btu/lb 
HD(l) = 85.8 HD(v) = 253.8 

HF(l) = 92.0 
Substituting in.Eq. (15.21), 

QR = (2.54 + 1)9570 X 253.8 ._ 2.54 X 9570 X 85.8 + 10,430 X 108.0 - 20,000 
X 92.0 = 5,800,000 Btujhr 

Vapor which must be generated in the reboiler = 5,800,000/153 = 37,900 lb/hr 

The liquid entering the reboiler in a once-through arrangement is the 
total quantity leaving the bottom plate or trapout. The trapout, in 
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turn, is equal to the sum of the material vaporized in the reboiler and the 
bottoms product. The total quantity entering the reboiler is 

37,900 + 10,430 = 48,330 lb/hr 

The percentage vaporized is 37,900 X 100/48,330 = 78.5 per cent and 
the vapor and liquid are disengaged under the bottom plate. The tem­
perature during vaporization does not remain constant in the reboiler, 
although the boiling range for a binary mixt11re with a fairly pure bottom 
product is -very small. The vapor-liquid equilibrium relationships have 
already been treated in Chap. 13. The general method of determining 
the boiling range will be demonstrated presently with a multicomponent 
mixture. 

Temperature Potentials in Distillation. The operating pressure of a 
distillating column 1s usually determined by the approach of the bubble 
point of the overhead product to the average temperature of the cooling 
water available to the condenser. If condenser water is available from 
80 to 100°F, it is impossible to remove the latent heat of condensation 
from a vapor at such a pressure that it condenses at 60°F. In such a 
case it is necessary to raise the operating pressure and obtain a higher 
saturation temperature at which the heat can flow into the cooling water. 
The higher the pressure the greater the temperature difference across the 
condenser and the smaller the condenser. This is offset by the increased 
cost of the reboiler, column, and condenser, all of which must be designed 
for a greater pressure. If steam is available in a plant at a definite 
maximum pressure, the greater the temperature difference in the­
condenser the smaller the temperature difference attainable in the 
reboiler. 

The Quantitative Relationships in Fractional Distillation.1 Only a 
brief discussion of the elements of fractional distillation are within the 
scope of this chapter, but they are of considerable value in analyzing 
the influence of the process variables on the size of the heat-transfer 
equipment and particularly the reboiler. Excellent treatments of dis­
tillation theory will be found in a number of standard references.2 Con-· 

1 Pages 493 to 502 are preliminary to the calculation of the reboiler duty in Exam­
ples 15.7 and 15.8. 

2 Badger, W .. L., and W. L. McCabe, "Elements of Chemical Engineering," McGraw­
Hill Book Company, Inc., New York, 1936. Perry, J. H., "Chemical Engineers' 
Handbook," 3d ed., McGraw-Hill Book Company, Inc., New York, 1950. Robinson 
and Gilliland, "Elements of Fractional" Distillation," McGraw-Hill Book Company, 
Inc., New York, 1939. Walker, W. H., W. K. Lewis, W. H. McAdams, and E. R. 
Gilliland, "Principles of Chemical Engineering," McGraw-Hill Book Company, Inc., 
New York, 1937. 
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sider the distillation arrangement in Fig. 15.19 enclosed by the dash line 
0-0'-3'-3. The upper horizontal dash line 1-1' cuts the distillingcolumn 
between any two plates above the feed arbitrarily designated as the nth 
plate and the n + 1 th plate. There is a quantity of vapor V inols/hr 
entering 1-1'-0'-0 with a vapor composition corresponding to that above 
the liquid of the composition of the nth plate and designated by V,.. 
The liquid L mols/hr leaving 1-1'-0'-0 are those coming from then + lth 
plate of the column and are designated by Ln-r1. In addition some distil­
late W D mols/hr is withdrawn. The material balance on 1-1'-0'-0 is the 

Fw. 15.19. Analysis of balances about a 
distilling column. 

equation of the quantities in and out 

V,. = Ln+l + W D {15.22) 

The material balance applied to 
the mols of one individual compo­
nent also holds. 

(15.23) 

where y .. is the vapor mol fraction 
of one component in Vn, Xn+t is the 
liquid mol fraction of one compo­
nent in Ln-r1, and Xp is the mol frac­
tion of the same component in the 
distillate. Solvingfory,., the vapor 
composition on any plate in the 
section above the feed plate, and 
eliminating V ,., 

(15.24) 

This equation defines the composition of the vapor throughout the upper 
section of the column. When a separation of components is to be accom­
plished and a distilling column is to be designed for it, certain data 
must be given, namely, the quantity and . composition of the feed 
(W F, XF), the desired overhead distillate composition (xD), and the 
bottoms-product composition (xB). The quantities of distillate and 
bottoms (W D and WB) can be readily obtained by an overall material 
and component balance on the column as in Eqs. (15.22) and (15.23). 
In Eq. (15.24) there then remain three unknown variables, y,., Ln+t1 and 
Xn+I· If one of these variables can be determined at some point in the 
column, only two will remain unknown. Since the liquid composition 
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of the feed and of the distillate (top plate) must be given at the start, only 
y,. and Ln+l are ordinarily unknown. Equation (15.24) is soluble when 
another relationship is introduced containing y,. and Ln+l· Referring to 
Fig. 15.19 a heat balance can be made about the upper portion of the 
column alone without including the condenser. 

V,.H,.(v) + WRHD(l) = (W R + w n)HD(v) + Ln+lHn+l(l) (15.25) 

Sirriilarly for the section below the feed, 2-2'-3'-3, the analogues of Eqs. 
(15.22) to (15.24), where any plate below the feed is taken as the mth 
plate and the plate above it as the m + lth plate, the balances are 

From a heat balance at the bottom 

(15.26) 
(15.27) 

(15.28) 

(15.29) 

It has been observed that the ratio of the molar latent heats of vaporiza­
tion to the absolute boiling points of related compounds is a constant 
This is Trouton's rule. If it is further assumed that the latent heats of 
all compounds are equal, the latent heats of any ideal solutions they may 
form are also equal per mol of mixture. By assuming that the sensible­
heat change from plate to plate is negligible compared with the latent­
heat changes, the calculation of distillation processes is greatly simplified. 
If the temperature difference between the distillate an:d bottoms is several 
hundred degrees, however, this assumption cannot be made. Following 
this assumption, if the molar latent heats of the vaporization and conden­
sation throughout the tower are constant, the mols of material on each 
plate must also be constant. Then 

(15.30) 
and 

V,. = Wn + WD 

And from Eq. (15.25) as a result of the equality in vapor heat content, 

(15.31) 
By assumption, 

H R(l) = H n+l(l) (15.32) 
and 

WR = L ....... l 
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The mols of liquid and vapor flow have thus been proved constant above 
the feed. It is now necessary to determine whether it is also constant 
below the feed and, if constant, whether or not the value of V m is also 
equal to V,.. Combining the heat balance for the section below the feed 
[Eq. (15.29)] with the overall heat balance [Eq. (15.21)], 

v mHm(•) - Lm+lHn,+l(!) = (W R + w n)H D(v) - w FHF(!) - w nHD(I) (15.33) 

and using the assumptions established previously, 

V,.Hm(v) = (W R + W n)HD(•) 

Hm(v) = Hn(v) = Hn(•) 

Vm = WR + Wn = V,. 

(15.34) 

(15.35) 

Equation (15.34) establishes the equality of vapor flow in both portions 
of the column. 

Similarly 
LmHm(l) = WFHF(I) + W~R(I) 

Hm(!) = HF(!) = HR(I) 

Lm = WF + WR 

(15.36) 

(15.37) 

Equation (15.24) may be generalized for the composition at any plate 
above the feed by 

Y = (r_ : W) X + (£ ! ~ J Xn = f X + ~D Xn (15.38) 

Equation (15.28) may be generalized for any plate below the feed by 

( 
L ) ( WR ) L WB y = L- WB X- L- WB XB = vx- v XB (15.39) 

The McCabe-Thiele1 Diagram. If the composition of a binary mix­
ture can be traced by the analysis of only one component throughout the 
column, the solutions of Eqs. (15.38) and (15.39) can be obtained rather 
simply, since these apply only to the more volatile component. The 
solution can be accomplished by plotting a vapor-composition curve at 
constant total pressure which relates the mol fraction of the more vola­
tile component in the vapor arising from and in equilibrium with a given 
composition of liquid as calculated by Eq. (13.7). Such an equilibrium 
vapor-composition curve of ordinate y vs. the values of x as the abscissa 
for a benzene-toluene mixture, is plotted in Fig. 15.20. These ate the 
equilibrium changes which would occur if an individual mixture of, say, 
20 mol-per cent of benzene was maintained at its boiling point in a closed 
vessel and shows the difference in the vapor and liquid . compositions 

• McCabe, W. L., and E. W. Thiele, Ind. Eng. Chem., 1'1, 605 (1925). 
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required at equilibrium. The same is true at the other compositions, 40, 
60 per cent, etc. These are also the changes which would occur to the 
liquid on the plates of a distilling column if no liquid entered and no vapor 
left the plates. Thus, a 40 mol-per cent benzene solution on a plate or 
x, = 0.40 is in equilibrium with a vapor of 61.4 mol-per cent or 

Yn = 0.614 

If the vapor were completely condensed on the plate above (n + 1) by 
a cooling coil and. without the presence of liquid reflux, the concentration 
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FIG. 15.20. Vapor-composition curve for mixtures of benzene and toluene at 5 psig. 

of benzene in the condensed liquid would be Xn+l = 0.614. But the 
liquid reflux constantly enters and leaves the plates, and vapor con­
stantly enters through the bubble cap and arises from it with a different 
composition. Although an equilibrium change occurs on each plate, 
there is never so broad an equilibrium change from plate to plate as 
indicated in Fig. 15.20 due to the continuous addition and removal 
of compounds from the plates. These have been accounted for in the 
balances from which Eqs. (15.38) and (15.39) were determined. 

It is interesting to note that, if a diagonal is drawn across Fig. 15.20, 
it is the locus of the points at which a horizontal line joins a vapor and a 
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liquid of the same composition. Thus if the 61.4 mol-per cent vapor 
were condensed by heat removal using a cooling coil rather than cold reflux, 
the new condensate at a would also be 61.4 mol-per cent. If the 61.4 
mol-per cent condensate were vaporized again, it would describe the path 
ab and its condensation would be be. The function of a plate in a dis­
tillating column is to provide a space for equilibrium to take place, and 
the number of abc paths required one after the other, as abc, cde, etc., to 
permit the separation of a volatile component of concentration XF in the 
feed to a concentration xn in the distillate is the number of theoretical 
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FIG. 15.21. Effect on the operating line of varying reflux ratio. 

plates required for the separation from Xp to xn. If the number of plates 
required to separate XB from XP is added to it, on'e obtains the total number 
of required theoretical plates to produce a bott'lms and distillate of desired 
compositions from a feed of a given composition. Instead of following 
the diagonal line in Fig. 15.20 the composition between the liquid and 
the vapor passing throughout the column may be represented by the two 
lines in Fig. 15.21 with their identifying equations [Eqs. (15.38) and 
(15.39)] written directly thereon. Since these lines describe the compo­
sitions with which the column, operates with reflux being poured back, 
they are the operating lines. The upper line represents the enrichment of 
volatile component above the feed plate and is called the rectifying sec-
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tion. The lower line represents the depletion of volatile component and 
is the stripping section. 

The influence of the reflux can be seen more clearly with the aid of 
Fig. 15.21. If the amount of reflux is increased while XD is fixed, the 
slope of the operating line for the rectification above the feed plate also 
increases, moving the point o downward to o'. When the vapor at a is 
condensed at b' instead of b, a greater composition change occurs per plate 
and a smaller number of plates are required for the separation. In terms 
of height a shorter column can be used. But again it must be pointed 
out that the greater the quantity of reflux and the shorter the column 
the gTeater the diameter of the column and the greater the heat load on 
the reboiler and condenser. For this reason the determination of the 
optimum reflux ratio is an economic consideration obtained by adding 
the operating costs and fixed charges of the equipment for different reflux· 
ratios and determining the minimum operating cost as a function of the 
reflux ratio. 

It is now apparent that the 45° diagonal line in Fig. 15.21 represents 
the smallest possible number of plates with "·hich the separation of feed 
into distillate and bottoms can be effected. But the slope of the diagonal 
is 1.0, and in Eq. (15.38) if the slope is unity, L/(L + WD) = 1.0 and 
W D = 0, corresponding to a primed column in equilibrium from top to 
bottom but without feed and producing no distillate. On the other hand, 
suppose o were moved up to a. The number of equilibrium changes 
necessary to go from Xp to XD with an operating line between xp on the 
diagonal and a would be infinite, although the reflux would be a minimum. 
This last would require an infinitely high column, and if o were moved 
to a point even higher than a, it would be impossible to achieve the 
separation. 

Minimum Reflux. The determination of the minimum reflux is a use­
ful limitation for establishing a practical reflux ratio. The optimum 
reflux ratio, as mentioned before, is simply one of economic costs. If the 
operating line connects a and XD, corresponding to minimum reflux, 
the value of the total mols of reflux at minimum reflux may be designated 
by W~. Then Eq. (15.38) may be written 

but 

or 
wD = v- w~ 

w~ xD- YF 
V = XD -Xp 

(15.40) 

(15.41) 

(15.42) 
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where W ~/V is the ratio of the mols of reflux at minimum reflux to the 
total vapor. 

Thermal Condition of the Feed-Effect upon the Reboiler. In all the 
heat balances employed so far in this chapter it has been assumed that 
the feed was a liquid entering at its boiling point. This is not a requisite 
of a distillation process. The feed may enter the column directly from 
storage as a liquid colder than the boiling point corresponding to its 
composition, or it may come from the partial condenser of a preceding 
distilling column as a saturated vapor. It may even come from a pre­
ceding column as a liquid or vapor at a higher pressure than the operating 
pressure of the column to which it is fed. If a high-pressure liquid, it 
will flash on being released to the low-pressure column, giving a feed 
which is a mixture of liquid and vapor. If it is a high-pressure vapor and 
passes through a reducing valve before entering the low-pressure column, 
it may be superheated. How do these possibilities affect the column 
and the reboiler? 

For the case of a liquid feed at its boiling point a liquid balance around 
the feed plate is 

(15.43) 

Define a new equation to correct for deviations from the balance in Eq. 
(15.43). 

(15.44) 

If q = 1, then as in Eq. (15.43) all the feed enters as liquid at its boil­
ing point. 

If q < 1, some of the feed is vapor, accounting for the discrepancy 
in the liquid balance. 

If q < 0, q W F must be negative. This means that there is less liquid 
downflow in the lower portion than in the upper section. This 
could occur only if some of the feed was superheated so that less 
fluid was required for the heat transfer. 

If q == 0, q W F = 0 and the feed is vapor at its boiling point. 
If q > 1, the feed is cold liquid. 

If these are the possibilities, how do they affect the intersection of the 
upper and lower operating lines of the column, since any point on the 
vertical line from XF to a in Fig. 15.21 represents a liquid only? Employ­
ing Eqs. (15.23) and (15.27) and calling the coordinates of the intersec­
tion x', y', 

V .. y' = Ln+1X1 + W .oXD 

V mY' = L,.+lx' + W sXs 
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and the component balance for the volatile component 

WFX~ = WDX~ + WBX~ (15.45) 

And if q = (Lm+l - Ln-rl) /W F, then q - 1 = (V m - v n) /W F, from 
which 

q XF y'=--x'---
q-1 q-1 

(15.46) 

!f q is determined from Eq. (15.44), then Eq. (15.46) describes the point 
of intersection in terms of x andy. The various positions of the inter­
section in terms of q are shown in Fig. 15.22. Inspection of Fig. 15.22 
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FIG. 15.22. Effect of thermal condition of feed. 

indicates that for a given reflux ratio the colder the feed the fewer the 
number of plates required for the separation, since the reflux ratio in the 
lower section is increased by the condensation of the additional vapors 
at the feed plate. The increased reflux in the lower section must be 
offset by an increase in the size of the reboiler and the quantity of reboile1· 
heat. This brings up the point of whether it is cheaper to supply the 
heat for cold feed in a feed preheater or in the reboiler. Very obviously 
it is cheaper to do so in nearly all cases in a separate preheater, s~nce the 
temperature at which the feed absorbs the heat must be lower than the 
temperature at which the bottoms can absorb the additional heat in the 
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reboiler. This might suggest an advantage to the use of vapor feed, but 
this is offset by the increased cost of transporting the vapor in larger lines 
and by an increased number of theoretical plates. Furthermore, vapor 
feed cannot contain sufficient heat to offset the need for a reboiler, since 
almost all the heat entering as vapor feed must be removed in the con­
denser to give product and the latent heat required for reflux must still 
be provided by the reboiler. If feed is available as a vapor, it is unwise 
to condense it first, since the reduced reboiler duty and operating cost of 
vapor feed more than justify the addition of extra theoretical plates. 

Example 15.7. Distillation of a Binary Mixture. 20,000 lb/hr of a 50 weight per 
cent mixture' of benzene and toluene is to be distilled at an operating pressure of 
5.0 psig to produce a distillate containing 99.0 weight per cent benzene and bottoms 
containing 95.0 weight per cent toluene. How many plates are required? 

Solution. First determine the pounds of distillate and bottoms obtained as in 
Example 15.6. Basis: One hour. 

Material balance, 20,000 = W D + W B 

Benzene balance, 20,000 X 0.50 = 0.99WD + 0.05WB 
Solving simultaneously: 

Feed: 
c,H, 
CrHs 

Distillate: 
c.H. 
CrHs 

Bottoms: 
c.H. 
CrHs 

Wn = 9570lb/hr 
WB = 10,430lb/hr 

CoMPOSITIONS AND BoruNG PoiNTS 

Lb/hr 
Mol. 

Mol/hr p,.,, 214°1'' 
wt. 

x, x,pp, 

10,000 78.1 128.0 0.543 1380 i50 
10,000 93.1 107.5 0.457 575 262 --- ---
20,000 .... 235.5 1.000 "2xp,. = 1012 

PPl 195°F 

!101~ 9,474 78.1 121.5 0.992 1025 
96 93.1 1.0 0.008 410 

9,570 .... 122.5 1.000 "2xp, = 1019 
PP1 246°F 

520 78.1 6.7 0.059 2180 l129 
9,910 93.1 106.3 0.941 940 882 

10,430 .... 113.0 1.000 "2xp,. = 1011 

Minimum reflux: The equilibrium data plotted in Fig. 15.20 can be used. 

W~ _ XD - YF _ 0.992 - 0.741 _ O 558 l/ l 
V - XD - XF - 0.992 - 0.543 - · mo mo 

V = W~ + W D where lV D = 1 

Wn = 0.558W~ + 0.558W D 

w~ = 1.27 mol reflux/mol distillate 

y, 

---

0.741 
0.259 ---
1.000 

0.996 
0.004 

1.000 

0.128 
0.872 

1.000 

(15.42) 
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Assume 200 per cent Q{ the thooretical minimum reflux as an economic reflux. 

W R = 1.27 X 2 = 2.54 mol/mol distillate 

The intercept for the upper operating line is 

WD 1 
Wn + 1 XD = 2.54 + 1 X 0.992 = 0.280 

Connecting the corresponding lines in Fig. 15.23: 
Thirteen plates are required. 
The feed plate is seventh from the top. 

Total reflux = 122.5 X 2.54 = 310.5 mol 

HEAT BALANCES 

Enthalpies are computed above o•F using specific heats from Fig. 3 and latent heats 
from Fig. 12 of the Appendix. 

Mol/hr 
Mol. Lb/hr 

Temp, 
Btujlb Btu/hr wt. OF 

--
Heat balance around con-

denser: 
Heat in: 

Top plate vapor .......... 433 87.3 33,900 195 253.8 8,600,000 
Heat out: 

Distillate . . . . . . . . . . . . . . .. 122.5 78.3 9,570 195 85.8 822,000 
Reflux .................. 310.5 78.3 24,330 195 85.8 2,090,000 
Condenser duty, by differ-

ence .................. . .. .. .... . ..... . .. . .... 5,688,000 
8,600,000 

Overall heat balance: 
Heat in: 

Feed ...........•........ 235.5 84 .. 8 20,000 214 92.0 1,840,000 
Reboiler duty, by differ-

enee .......•........... ... . . . .... . ...... ... . .... 5;900,000 
7 ,640:,ooo 

Heat out: 
Distillate ................ 122.5 78.3 9,570 195 85.8 822,000 
Bottoms ................. 113.0 92.8 10,430 246 108.0 1,130,000 
Condenser duty .......... ..... . .. . • ••••• 0 . .. ..... 5,688,000 

7,640,000 

For simplicity, in the case of a binary distillation it may be assumed that the trap­
out and the bottoms liquid are at nearly the same temperature and the latent heat of 
vaporization per pound is that of the bottoms. 

At 246°F, X = 153 Btu/hr 
Reboiler vapor = 5,800,000/153 = 37,900 lb/hr 
Trapout = 37,900 + 10,430 = 48,330 lb/hr 

Actually the trapout liquid on tlie lowest plate is at a lower temperature than the 
bottoms, and there is a boiling range in the reboiler. Since in this. ·problem the aver-
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age temperature change per plate is only (246 - 195)/13 = 3.9°F, the boiling range 
can be neglected, although in distillations with greater average temperature change 
per plate it must be taken into account. This point is treated in Example 15.8. 

HEAT BALANCE AROUND REBOILER 

Mol/hr 
Mol. 
wt. 

---
Heat in: 

Trapout .................. 522 92.8 
Reboiler duty, by difference . . . .... 

Heat out: 
Reboiler vapor ............ 409 92.8 
Bottoms .................. 113 92.8 

The reboiler requirements are 
Total liquid to reboiler = 48,330 lb /hr 
Vaporization = 37,900 
Temperature (nearly isothermal) = 246°F 
Pressure = 5 psig 
Heat load = 5,800,000 Btu/hr 

Lb/hr 
Temp, 

OF 

---

48,330 246 
...... . .. 

37,900 246 
10,430 246 

Btu/lb Btu/hr 

108.0 5,230,000 
..... 5,800,000 

11,030,000 

261.0 9,900,000 
108.0 1,130,000 

11,030,000 
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Reboiler Duty for a Multicomponent Mixture. The method of Exam­
ple 15.7 may be extended to the calculation of the reboiler requirements 
for a multicomponent mixture (see Chap. 13). The feed quantity and 
composition as well as the distillate and bottoms compositions and the 
reflux ratio must be known. The steps in the calculation of the heat 
balance may be summarized: 

1. Heat balance on condenser alone to determine Qc 

Into condenser: Top tray vapor 
Out of condenser: Distillate and reflux 

2. Overall heat balance on column to determine QR 

Into column: Feed and reboiler heat 
Out of column: Distillate, bottoms and condenser duty 

3. Heat balance on reboiler alone: The quantity, composition, and tem­
perature of the bottoms are known. The quantity, composition, and tem­
perature of the trapout to the reboiler are not known. The heat required 
of the reboiler is known, but the quantity of the reboiler vapor is not 
known, although it has a composition which must be in equilibrium with 
the bottoms. The bottom-plate liquid will be at a lower temperature 
than the reboiler, and the liquid to the reboiler will be at this lower 
temperature. It is customary to assume this temperature difference and 
check the bottom..;plate temperature afterward. For columns distilling 
a small range of components the difference will be as little as 5 to 10°F, 
and for wide ranges the liquid on the bottom plate may be 50°F or more 
below the reboiler temperature. 

If X is the '}munds of vapor formed and the subscript p refers to the 
bottom plate, the heat balance around the reboiler is 

(15.47) 

from which X can be obtained (see Fig. 15.18). 
4. Since there is a material balance across the bottom plate, the 

bottom-plate liquid is the sum of the mols of vapor and mols of bottoms. 
Having determined the mols of vapor and the bottoms being known, the 
trapout is the sum. 

Having the total mols in the bottom-plate liquid, the temperature on 
the plate can be checked by a bubble-point calculation. If the tempera­
ture assumed in (3) does not check the bubble point of the trapout, a new 
bottom-plate temperature must be assumed and (3) reworked. 
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Example 16.8. The Reboiler Duty for a Multicomponent Mixture. The feed, 
distillate, and bottoms quantities and compositions are given below. A reflux ratio 
of 2:1 will be used. What is the reboiler duty? 

Feed, Dist.illate, Bottoms, 
mol/hr mol/hr mol/hr 

c. 6.4 6.4 
c. 223.8 219.7 4.1 
c. 51.6 2.3 49.3 
07 71.9 ..... 71.9 
c. 52.5 ..... 52.5 
09 54.7 ..... 54.7 
c,. 82.5 . ' ... 82.5 
Cu 76.6 ..... 76.6 
c,. 22.4 + •••• 22.4 -----

642.4 228.4 414.0 

Solution: 
DEw PoiNT oF OvERHEAD 

Mol/hr Kas•![ v 
UPSla. K 

c, 6.4 2.8 2.3 
c. 219.7 1.01 217.5 
c. 2.3 0.34 6.8 

228.4 228.4 

BuBBLE PoiNT OF BoTToMs 

Mol/hr x~:~1a KL Lb/hr 

c. 4.1 5.8 23.8 1,700 
c. 49.3 3.0 148.0 13,900 
07 71.9 1.68 120.8 13,030 
c. 52.5 .98 51.4 6,260 
c. 54.7 0.57 31.2 4,240 
Cu 82.5 0.35 28.9 4,330 

c" 76.6 0.21 16.1 2;640 
c,. 22.4 0.13 2.9 520 

414.0 423.1 46,620 

Average mol. wt. = 46,620/423.1 = 110.3 

The pressure at the top and bottom of the column actually differs because of the 
pressure drop of the vapor in the column itself. Usually the distillate is taken at 
5 to 10 psi lower than the bottom. 
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HEAT BALANCES 

Mol/hr 
Mol. 

Lb/hr 
Temp, 

Btu/lb Btu/hr wt. OF 

---
Heat Balance on Condenser 

Heat in: 
Top plate vapor ....... 685.2 71.3 48,894 148 286 13,980,000 

Heat out: 
Distillate .............. 228.4 71.3 16,298 124 129 2,100,000 
Reflux. (2-1) ........... 456.8 71.3 32,596 124 129 4,200,000 
Condenser duty, by dif-

ference ............. • 0 ••• . ..... . . . ... 7,680.000 
13,980,000 

Overall heat balance: 
Heat in: 

Feed .................. 642.4 111.8 71,775 323 275 19,700,000 
Reboiler duty, by differ-

ence ................ ..... • • • • 0 ... ... . .. . .. 4,280,000 
23,980,000 

Heat out: 
Distillate . . . . . . . . . . . . . . 228.4 71.3 16,248 124 129 2,100,000 
Bottoll).s ............... 414.0 134.0 55,477 330 290 14,200,000 
Condenser duty ........ . . . . . . . . . . . ..... .. . . .. 7,680,000 

23,980,000 

Heat Balance on Reboiler 
Assume 30° difference between reboiler and bottom plate giving a bottom-plate 

temperature of 300°F 

Heat in: 
Trapout; ................ 619.7* 126.6 78,177 
Reboiler duty ............ •• • • 0 ... .. . ..... 

Heat out: 
Reboiler vapor ........... 205.7* 110.3 22,700 
Bottoms ................• 414.0 134.0 55,477 

* X369 + 14,200,000 = X234 + 55,477 X 234 + 4,280,000 
135X = 3,080;000 

X = 22,700 lb/hr of vapor 
22,700 

= 
110

•
3 

= 205.7 mol/hr 

Trapout = WB +X = 414.0 +205.7 = 619.7 mol/hr 
. 78177 

Average molecular we1ght • 6ig.
7 

- 126.6 

I 

300 234 18,300,000 
. .. ... 4,280,000 

22,580,000 

.330 369 8,380,000 
330 256 14,200,000 

22,580,000 

Eq. (15.47) 
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CALCULATION OF BoTTOM PLATE TEMPERATURE 

y* 
Reboiler vapor xaoo"F Mol XK 

V = y205.7 +Bottoms = Trapout •opli 

C& 0.056 11.6 4.1 15.7 4.5 70.6 
c~ 0.350 71.9 49.3 121.2 2.25 273.0 
c7 0.285 58.7 71.9 130.6 1.20 156.8 
Cs 0.122 25.0 52.5 77.5 0.66 51.1 
c. 0.074 15.2 54.7 69.9 0.38 26.6. 
Cto 0.068 14.1 82.5 96.6 0.22 21.2 
Cu 0.038 7.8 76.6 84.4 0.13 10.9 
c,. 0.007 1.4 22.4 23.8 0'.07 1.8 

1.000 205.7 414.0 619.7 612.0 

which checks 619.7 
* Moi fraction of vapor in equilibrium with bottoiWI. 

This checks the 30"F assumption between reboiler and bottom plate. 
The reboiler requirements are 

Vaporization .................... . 
Total liquor to reboiler ........... . 
Heat load ....................... . 
Temperature range ............... . 
Operating pressure ............... . 

PROBLEMS 

22,700 lb/hr 
78,177 lb /hr 

4,280,000 Btu/hr 
3oo--a3o•:F 

40 psia 

16.1. 20,000 lb/hr of hexane vapor is required from a liquid feed at IOO"F and 85 
psig. Heat is to be supplied by steam at 350"F. 

Available for the service is a 17:7;! in. ID 1-2 exchanger containing 160% in. OD, 
16 BWG, 16'0" long tubes arranged for two tube passes on l-in. square pitch. Shell 
baffies are spaced 16 in. apart. 

What are the dirt factor and pressure drops? 
16.2. 30,000 lb/hr of a mixture whose average properties correspond to hexane is 

vaporized from 40,000 lb/hr of feed at its bubble point at 105 psig. The boiling range 
is from 300 to aso•F, and heat is supplied by steam at 398°F. 

Available for the service is a 19:7;! in. ID 1-2 exchanger containing 132 1 in. Ob, 
14 BWG, 16'0"long tubes arranged for two tube passes on 1:7;!-in. square pitch. Shell 
baffies are spaced 12 in. apart. 

What are the dirt factor and the pressure drops? 
15.3. 45,000 lb/hr of 42°API kerosene enters a once-through horizontal thermo­

syphon reboiler. 32,000 lb/hr is vaporized between 285 and 330•F, using steam at 
380°F. The required dirt factor is 0.0030, and the allowable pressure drop through 
the reboiler is 0.25 psi. Vaporization occurs at 5 psig, and the molecular weight of 
the vapor may be taken as 120. The latent heat of the vapor is 110 Btu/lb. 

Available for the service is a 25 in. ID horizontal thermosyphon containing 324 
%in. OD, 16 BWG tubes, 12'0" long laid out on l-in. square pitch for two passes. 

Is the reboiler satisfactory? 
15.4. 76,300 lbjhr of pentane bottoms (mol. wt. liquid = 77.2) is to be recirculated 

through a horizontal thermosyphon reboiler to provide 31,400 lb/hr of vapor (mol, 
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wt. vapor = 74.7, latent heat = 153 Btu/lb). The tower and exchanger operate at 
85 psig, and vaporization occurs from 225 to 245°F. Heat is supplfud by 28°API gas 
oil from 470 to 370°F with a maximum pressure drop of 15 psi. · 

A 23~ in. ID horizontal thermosyphon reboiler contains 240% in. OD, 13 BWG, 
8'0" tubes with six passes on l-in. square pitch. A pressure drop of 0.\15 is permissible. 

Whf!,t will the dirt factor and approximate recirculation ratio be? 
15.5. A reboiler is to be designed for the vaporization service in Prob. 15.4 with a 

dirt factor of 0.004 except that the heat requirement will be supplied by a 50 psig 
steam line. Using % in. OD, 13 BWG tubes, establish the layout of a reboiler which 
most reasonably fulfills the conditions. 

15.6. A vertical thermosyphon reboiler must provide 120,000 lb /hr of butane vapor 
to a tower at 135 psig (boiling point = 178°F, latent heat = 122 Btu/lb) using steam 
at 12 psig in the shell. 

Available for the service is a 35 in. ID 1-1 exchanger containing 900% in., 16 BWG, 
16'0" long tubes on l-in. triangular pitch. Shell baffi.es are half-circle supports on 
24 in. centers. 

What is the recirculation ra.tio? 
15.'1. For the process conditions in Prob. 15.6 determine the nearest vertical thermo­

syphon to yield approximately a 4: 1 recirculation ratio and a dirt factor of 0.003 when 
the heat is supplied by steam at 2so•F. 

A 
A,, A,, A. 

a" 
I 

a, 
B 
c 
c 
D 
D,, D; 
D, 
d. 
e 
Ji'. 
FT 
! 
G 
g' 
H 
k 
k;,k. 

h,, h., h. 

NOMENCLATURE FOR CHAPTER 16 

Heat-transfer surface, ft 2 

Heat-transfer surface for preheating, sensible heating, and vaporiza-
tion, ft• 

External surface per linear foot of pipe or tube, ft 
Flow area per tube, in. • 
Baffie spacing, in. 
Specific heat of hot fluid, Btu/ (lb) (°F) 
Spe@c heat of cold fluid, Btu/(lbWF) 
Inside diameter of tube, ft 
Equivalent diameter for heat transfer and pressure drop, ft 
Inside diameter of shell, ft 
Equivalent diameter, in.· 
Napieran base, dimensionless 
.Caloric fraction, dimensionless 
Temperature-difference factor, I!J.t = FT X LMTD, °F 
Friction factor, ft 2 fin.• 
Mass velocity, lb I (hr) (ft2) 

Acceleration of gravity, ft/sec 2 

Enthalpy, Btujlb 
Heat-transfer coefficient in general, Btu/(hr) (ft•) (°F) 
Heat-transfer coefficient for inside fluid and for outside fluid, Btu 

(hr) (ft2) (°F) 
Value of h, when referred to the tube outside diameter, Btu/(hr) 

(ft1)(°F) 
Film coefficient for preheating, sensible-heat transfer D.ild vaporiza­

tion, Btu/(hr)(ft=WF) 
Inside diameter of shell or tube, in. 
Factor for heat transfer, dimerisionless 
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K 
K. 
k 
L 
LMTD 
m 
N 
N, 
n 
OD 
PT 
l:J.P 
l:J.PT, AP ,, AP, 
p 
pp, Pt. 

q 

qp, q., q. 
Q 
Qc, QR 
R 
Rd 
Re, Re' 
8, Bav 

T, 
Ts 
t, 
T,, T, 
t, 
At,, Ath 
At 
Atp, At,, l!.t. 

(l!.t) .. 
U, Uc, Un 

v 
v, Vv, Vz 

Vi, V01 Va.v 

w 
w~ 
w 
X 
X 

x, y 
x', y' 
z 
>.. 
I" 
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Vapor-liquid equilibrium constant, dimensionless 
Caloric constant, dimensionless 
Thermal conductivity, Btu/(hr) (ft'WF) /(ft) 
Tube length, ft; liquid, mol/hr 
Logarithmic mean temperature difference, °F 
Weight of a column of liquid and vapor, lb 
Number of baflles 
Number of tubes 
Number of tube passes 
Outside diameter of tube, in. 
Tube pitch, in. 
Pressure drop, psi 
Total, tube, and return pressure drop, psi 
Pressure, psi 
Pressure of a pure component and total pressure on the system, atm 

or psi 
Factor in distillation describing the condition of the feed, dimension-

less 
Heat flow for preheating, sensible heating, and vaporization, Btu/hr 
Heat flow, Btu/hr 
Condenser and reboilerduties, Btu/hr 
Reflux ratio; temperature group (T, - T,)/(tz - t,), dimensionless 
Dirt factor, (hr) (ft2) (°F) /Btu 
Reynolds number for heat transfer and pressure drop, dimensionless 
Specific gravity, average specific gravity; dimensionless 
Caloric temperature of hot fluid °F 
.Steam temperature, °F 
Isothermal boiling temperature, °F 
Inlet and outlet temperatures of hot fluid, °F 
Caloric temperature of cold fluid, °F 
Cold and hot terminal differences, °F 
True temperature difference, °F 
True temperature difference for preheating, sensible-heat transfer, 

and vaporization, °F 
Temperature difference between tube wall and boiling liquid, °F 
Overall coefficient of heat transfer, clean coefficient, and design 

coefficient, Btu/ (hr) (ft2) (°F) 
Velocity, fps; vapor, niol/hr 
Specific volume, specific volume of vapor, specific volume of liquid, 

ft 3/lb 
Inlet, outlet, and average specific volumes, ft 3/lb 
Weight flow of hot fluid, lb/hr 
Minimum reflux, lh /hr 
Weight flow of cold fluid, lb/hr 
Vapor formed in reboiler, lb/hr 
Distance, ft 
Mol fraction of liquid and vapor 
Mol fraction at intersection of operating lines 
Static height or frictional head, ft 
Latent heat of vaporization, Btujlb 
Viscosity at the caloric temperature, lb/(ft)(hr) 



p,. 

p 

q/ 
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Viscosity at the tube wall temperature, lb/(ft)(hr) 
Density, lb/ft• 
Viscosity ratio, (p./ J.<w)o.u 

Subscripts (except as noted above) 

B Bottoms 
D Distillate 
F Feed 
l Liquid 
m Plate below the feed in a distilling column 
m + 1 Plate below the m plate 
n Plate above the feed 
n i- 1 Plate below the n plate 
p Bottom plate 
R Reflux 

Shell 
Tube 
Vapor 



CHAPTER 16 

EXTENDED SURFACES1 

Introduction. When additional metal pieces are attached to ordinary 
heat-transfer surfaces such as pipes or tubes, they extend the surface 
available for heat transfer. While the extended surface increases the 
total transmission of heat, its influence as surface is treated differently. 
from simple conduction and convection. 

Consider a conventional double pipe exchanger whose cross section is 
shown in Fig. 16.1a. Assume that hot fluid flows in the annulus and cold 

(01) (b) 

FIG. 16.1. Ordinary and finned tube. 

fluid in the inner pipe, both in turbulent flow, and that the effective 
temperatures over the cross section are Tc and t., respectively. The heat 
transferred can be computed from the inner -pipe surface, the annulus 
coefficient, and the temperature difference T. - tw,' where tw is the temper­
ature of the outer surface of the inner pipe. Next assume that strips of 
metal are welded to the inner pipe as shown in Fig. 16.lb. Since the 
metal strips are attached· to the cold tube wall, they serve to transfer 
additional heat from the hot fluid to the inner pipe. The total surface 
available for heat transfer no longer corresponds to the outer circumfer 
ence of the inner pipe but is increased by the additional surface on the 
sides of the. strips. If the metal strips do not reduce the conventional 

1 Comprehensive mathematical treatments of extended surfaces are. given by 
Carslaw, H. 8., and J. C. Jaeger, "Conduction of Heat in Solids," Clarendon Press, 
Oxford, 1947. Jakob, M., "Heat Transfer," John W'tley & &ns, Inc., New York, 
1949. 

512 
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annulus heat-transfer coefficient by appreciably changing the fluid-flow 
pattern, more heat will be transferred from the annulus fluid to the pipe 
fluid. 

Pieces which are employed to extend the heat-transfer surfaces are 
known as fins. It will be shown in the case of pipes and tubes, however, 
that eacl_! square foot of extended surface is less effective than a square 
foot of unextended surface. Referring again to Fig. 16.1b, there is a 
temperature difference T. - t1 between the annulus fluid and the fin, 
and the heat which flows into the fin will be conducted by it to the inner 

FIG. 16.2. Some commercial forms of extended surface. a. Longitudinai fins. (GTiscom­
Russell Co.) b. Transverse fins. (GTiscom-Russell Co.) c. Discontinuous fins. (Bab­
cock and Wilcox Co.) d. Pegs or stud$. (Babcock and Wiloox Co.) e. Spines. (Thermek 
Corporation.) (Gardner, Tramactiom of the ASME.) 

pipe. For heat to be conducted to the pipe, t1 must be greater than the 
pipe-wall temperature t,.. Then T. - t1 is less than T. - t... Since the 
effective temperature difference between the fluid and fin is less than that 
between the fluid and pipe, it results in less heat transfer per square foot 
of fin than for the pipe. Furthermore, the temperature difference 
between the fluid and the fin changes continuously from the outer extrem­
ity to the base of the fin owing to the rate at which heat enters the fin 
by convection and the rate at which it is transferred to its base by 
conduction. 
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It will be found that two fundamental heat-transfer principles enter 
into the various relationships in fills; (1) to determine from the geometry 
and conductivity of the fin the nature of the temperature variation and 
(2) to determine the heat-transfer coefficient for the combination of fin 
and unextended surface. In the case of the double pipe exchanger, for 
example, the fins suppress the spiral eddies a;bout the annulu!!!, which in 
turn reduces the convection coefficientfor the annulus below its conven­

(a) 
PEENED 

(b) 
WELDED 

FIG. 16.3. Fin attachment. 

tional value as determined from Eq. 
(6.2). 

Classification of Extended Surfaces. 
Fins of a number of industrial types are 
shown in Fig. 16.2. Pipes and tubes with 
longitudinal fins are marketed by several 
manufacturers and consist of long metal 
strips or channels attached to the outside 
of the pipe. The strips are attached 
either by grooving and peening the tube 
as in Fig. 16.3a or by welding contin­

uously along the base. When channels are attached, they are integrally 
welded to the tube. as in Fig. 16.3b. Longitudinal fins of this type 
are commonly used in double pipe exchangers or in unbaffied shell­
and-tube exchangers when the flow proceeds along the axis of the tube. 
Longitudinal fins are most commonly employed in problems involving 

{01)- HELICAL FINS (b)·WELDED DISC-TYPE FINS 

FIG. 16.4. Transverse fins. 

ljvb 

Groove 
- rorhof 

. n"mf 

(c)·SHRUNK ON 
DISC-TYPE FINS 

gases and viscous liquids or when the smallness of one of a pair of heat­
transfer streams causes steamline flow. 

Tran8Verse fins are made in a variety of types and are employed pri­
marily for the cooling and heating of gases in crossjiow. The helical fins 
in Fig. 16.4a are classified as transverse fins and are attached in a variety 
of ways such as by grooving and peening, expanding the tube metal itself 
to form the fin, or welding ribbon to the tube continuously. Disc-type 
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fins are also transverse fins and are usually welded to the tube or shrunken 
to it as shown in Fig. 16.4b and c. In order to shrink a fin onto a tube a 
disc, with inside diameter slightly hiss than the outside diameter of ths 
tube, is heated until its inside diameter exceeds the outside diameter of 
the tube. It is slipped onto the tube, and upon cooling, the disc shrinks 
to the tube and forms a bond with it. Another variation of the shrunk-on 
fin in Fig. 16.4c employs a hollow ring in its hub into which a hot metal 
ring is driven. Other types of transverse fins are known as discontinuous 
fins, and several shapes such as the star fin are shown in Fig. 16.5. 

Spine- or peg-type fins employ cones, pyra­
mids, or cylinders which extend from the pipe 
surface so that they are usable for either 
longitudinal flow or crossflow. Each type of 
finned tube has its own characteristics and 
effectiveness for the transfer of heat between 
the fin and the fluid inside the tube, and the 
remainder of this chapter deals with the 
derivation of the relationships and the appli- (a I· STAR-TYPE FIN 

cations of the commonest types. Perhaps 
the principal future uses will be in the field of 
atomic energy for the recovery of controlled 
heat of fission, in the reversing exchanger for 
commercial oxygen plants, in jet propulsion, 
and in gas-turbine cycles. 

LONGITUDINAL FINS 

Derivation of the Fin Efficiency. The sim­
plest fin from the etandpoint of manufacture as (bl·MDDIFIED STAR FIN 
well as mathematics is the longitudinal fin of FrG. 16.5. Discontinuous 

uniform thickness. For the derivation of its fins. 

characteristics it is necessary to impose the limitations and assumptions 
given by Murray1 and later by Gardner.2 

1. The heat flow and temperature distribution throughout the fin is 
independent of time; i.e., the heat flow is steady. 

2. The fin material is homogeneous and isotropic. 
3. There is no heat source in the fin itself. 
4. The heat flow to or .from the fin surface at any point is directly 

proportional to the temperature difference between the surface at that 
point and the surrounding fluid. 

5. The thermal conductivity of the fin is constant. 
1 Murray, W. M., J. Applied Mechanics, 5, A78-80 (1938). 

·2 Gardner, K. A., Trans. ASME, 67, 621-632 (1945). 
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6. The heat-transfer coefficient is the same over the entire fin surface. 
7. The temperature of the fluid surrounding the fin is uniform. 
8. The temperature of the base of the fin is uniform. 
9. The fin thickness is so small compared with its height that tempera­

ture gradients across the width of the fin may be neglected. 
10. The heat transferred through the outermost edge of the fin is 

negligible compared with that passing into the fin through its sides. 
11. The joint between the fin and the tube is assumed to offer no bond 

resistance. 
At any cross section as in Fig. 16.6 let T. be the constant temperature 

of the hot fluid everywhere surrounding the fin and let t be the tempera-

FIG. 16.6. Derivation of the longitudinal fin efficiency. 

ture at any point in the fin and variable. Let e be the temperature 
difference driving heat from the fluid to the fin at any point in its cross 
section. Then 

e = T.- t (16.1) 

If l is the height of the fin varying from 0 to b, 

(16.2) 

The heat within the fin which passes through its cross section by conduc­
tion is 

de 
Q = ka~ df (16.3) 
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where a., is the cross-sectional area of the fin. This is equal to the heat 
which passed into the fin through its sides from l = 0 down to the shaded 
cross section. If P is the perimeter of the fin, the area of the sides is P dl 
and the film coefficient from liquid to fin side, whether on .fin surface or 
tube surface, is h1• 

or 

Differentiating Eq. (16.3) with respect to l 

Equations (16.4) and (16.5) are equalities. 

Rearranging, 

The direct solution of this equation is 

Let 

The general solution is 

At l = 0 

m = (h1P)~ 
ka., 

where the subscript refers to the outer edge of the .fin. 

(16.4) 

(16.5) 

(16.6) 

(16.7) 

(16.8) 

(16.9) 

(16.10) 

If no heat enters the fin at the extreme end, as qualified by assumption 
10, dB/dl = 0 when e = o·and Ct- C2 = 0. 

c1 = c2 = ~· (16.11) 

Equation (16.8) becomes 
e eml + e-ml 
e. = 2 (16.12) 

or in general terms 
e =e. cosh ml (16.13) 
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At the base of the fin where l = b 

e, = e. cosh mb (16.14) 

where the subscript refers to the base of the fin. 
Thus an expression has been obtained for the temperature difference 

between the constant fluid temperature and variable fin temperature in 
terms of the length of the fin. It is now necessary to obtain an expression 
for Q in terms of l. From Eq. (16.4) by differentiation with respect to 
the fin height l, 

Substituting in Eq. (16.3), 

As before, the solution is 

Atl = 0 

and 

c~ + c; = o c~ = -c~ 
dQ 
di = 0 

~~ = h1Pe. = mC~ - mC~ = 0 

c~ = h1Pe. 
2m 

c~ = _ h,Pe. 
2m 

Q = h1Pe. eml _ h1Pe. e-'"l 
2m 2m 

In terms of hyperbolic functions 

Q h1Pe • . h l = --sm m 
m 

Q h1Pe • . h b 
b= ~sin m 

(16.15) 

(16.16) 

(16.17) 

(16.18) 

(16.19) 

(16.20) 

(16.21) 

(16.22) 

The ratio of heat load Qb to the temperature difference e. at the base is 

or 

Q. h1Pe. sinh mb 
eb = me. cosh mb 

Q h p 
.2 == - 1- tanh mb eb m 

(16.23) 

(16.24) 
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Define 1w, as the value of h, to the fin surface alone when referred to the 
base area of the fin at l = b. Calling the ratio 1w,jh1 = n the efficiency1 

of the fin, the average value of the heat-transfer coefficient at the base of 
the fin is given by Fourier's equation: 

(16,25) 

The fin efficiency hb/h1 may be defined by Eqs. (16.24) and (16.25). 

51 = !!:!!. = Qb/ebbP 
h1 mQb 1 

e~. tanh mb 

tanh mb 
mb 

(16.26) 

Equation (16.26) applies only to the fin and not to the bare portion of the 
tube between the fins. To give the total heat removed by a finned tube, 
the heat flowing into the fin with a coefficient h1 must ultimately be com­
bined with that flowing into the bare tube at the tube outside diameter. 
For this it is necessary to establish some reference surface at which the 
coefficient on the different parts can be reduced to the same heat flux. 
In an ordinary exchanger ho is referred to the tube outside diameter. 
Because there is no simple reference surface on the outside of finned tubes 
it is convenient to use the inside diameter of the tube as the reference 
surface at which local coefficients are corrected to the same heat flux. 
By definition h1 is the coefficient to all the outside surface, whether it be 
the fin or bare tube. Beneath the bases of the fins there is naturally a 
greater heat flux than on the bare tube surface between fins, since the 
heat flowing through the bases of the fins is greater per unit of tube area. 
It may also be expected that part of the heat passing from the bases of the 
fins is conducted into the tube metal, so that the temperature difference 
between the annulus fluid and bare tube is not strictly constant. It 
is not usually necessary to correct for this effect, since the bare tube area 
so affected by the increased flux near the basef? of the fins is ordinarily 
small compared with the total bare tube area. At the inside diameter 
of the tube, however, the heat from both. the fins and the bare tube 
surface is assumed to have attained a uniform flux. 

The total heat removed from the annulus liquid and arriving at the 
tube inside diameter is a composite of the heat transferred by the fins 
to the tube outside diameter and that transferred directly to the bare 
tube surface. These niay be combined by means of the weighted effi~ 

1 Another term which is used in the literature is the "fin effectiveness," which is 
the efficiency multiplied by the ratio of fin eurfaee to fin base area. 
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ciency 0'. If the heat transferred through the bare tube surface at the 
tube outside diameter is designated by Q., then 

(16.27) 

where A. is the bare tube surface at the outside diameter exclusive of the 
area beneath the bases of the fins. If there are N 1 fins on the tube, 
bPN1 is all of the fin surface. The total heat transfer at the outside 
diameter is given by 

Q = Qb + Q. = hbbPN,e. + h1A.e. 

= (h•bPN1A. + h,bPN,A.) e. 
A. bPNt 

= (~•. + b;Iv) QPN1A.e. (16.28) 

Substituting Eq. (16.26) to eliminate hb 

Q = (bPN1 tan!tb + A.) h18• (16.29) 

Calling h1o the composite value of h1 to both the fin and bare tube sur­
faces when referred to the outside diameter of the tube, the weighted 
efficiency is by .definition O' = h1./h1. Combining Eqs. (16.24) and 
(16.29) 

(
bPN, tanh mb +A.) 

0, = h1• = mb 
h1 bPN1 +A. (16.30) 

But as in Eq. (6.2) the values of the coefficients vary inversely with the 
heat-flow area. If h1i is the value of the composite coefficient h1• referred 
to the tube inside diameter, 

hli bPN1 +A. 
hfo = A; 

(16.31) 

Substituting in Eq. (16.31) 

h . = (bPN tanh mb + A ) h1 
I• I mb • A, (16.32) 

From Eq. (16.32) 

(16.33) 

or simply 

h1, = (OAt +A.) }, (16.34) 
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Thus an equation has been. obtained which gives directly the heat-trans­
fer coefficient on the inside of an extended tube which is the equivalent 
of a value of h1 on the outside surface of the tube. By substituting the 
physical and geometrical factors for ·a given tube and fin arrangement a 
weighted efficiency curve can be developed relating h, to h,, based on the 
inside tube surface. 

Bonilla1 has presented a graphical solut]on of Eq. (16.34) for the rec­
tangular fin of uniform thickness. The method of derivation employed 
here is applicable to other types of 1ongitudinal fins as well, although it is 
,rather awkward for the longitudinal fin of triangular cross section. A 
table of the hyperbolic tangents is given ]n Table 16.1. 

TABLE 16.1. HYPERBOLIC TANGENTS 

mb Tanh mb 
Tanh mb 
!Til) 

0.0 0.0000 1.000 
0.1 0.0997 0.997 
0.2 0.1974 0.987 
0.3 0.2913 0.971 
0.4 0.380 0.950 
0.5 0.462 0.924 
0.6 0.537 0.895 
0.7 0.604 0.863 
0.8 0.664 0.830 
0.9 0.716 0.795 
1.0 0.762 0.762 
1.1 0.801 0.728 
1.2 0.834 0.695 
1.3 0.862 0.663 
1.4 0.885 0.632 
1.5 0.905 0.603 
2.0 0.964 0.482 
3:0 0.995 0.333 
4.0 0.999 0.250 

Example 16.1. Calculation of the Fin Efficiency and a Weighted Efficiency Curve. 
To illustrate the use of Eq. (16.34) a weighted fin efficiency curve will be developed 
for one of the common types of finned tubes used in double pipe exchangers. 

A double pipe exchanger employs a 1~ in. OD, 13 BWG steel inner tube to which 
are attached 20 fins 2{) BWG, % in. high. Through suitable bushings the inner pipe 
is inserted into a 3-in. IPS outer pipe. Determine (a) the efficiency of the fins for 
various values of h~, (b) the weighted efficiency curve. 

l Bonilla, C. F., Ind. Eng. Chem., 40, 1098-1101 (1948). 
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Solutzon.: 

Total outside surface, A: 
Fin surface, At = (20 X 0.75 X 12 X 2)/144 = 2.50 ft 2/lin ft 
Bare tube surface, A. = (3.14 X 1.25 - 20 X 0.035)17{44 = 0.268 ft2/lin ft 
A1 + A. = 2.50 + 0.268 = 2. 77 ft2 /lin ft 
Total inside surface, A; = (3.14 X 1.06 X 12)/144 = 0.277 ft•/lin ft 
(a) Fin efficiencies: 

h, 5.24h,~ mb tanh mb 0 =tanh mb 
mb 

4 10.48 0.655 0.5717 0.872 
16 20.96 1.31 0.864 0.660 
36 31.44 1.97 0.962 0.498 

100 52.4 3.28 0.995 0.303 
400 104.8 6.55 1.00 0.152 
625 131 8.19 1.00 0.122 
900 157 9.82 1.00 0.102 

The fin efficiencies are given in the last column. Note that, when the outside coeffi­
cient ht is 4.0, both sides of the fui contribute heat-transfer surface which is 87.2 per 
cent as effective as bare tube surface. When ht = 100, the surface is only 30.3 per 
cent as effective, and when ht = 900 (water or steam), the extended surface is only 
10.2 per cent as effective. This is because at the higher film coefficient the fin metal 
more nearly attains. the temperature of the hot fluid and the temperature difference 
between the fluid and fin is correspondingly less for given values of T. and t •• 

(b) The weighted efficiency curve directly gives the value of h1; obtained at the 
tube inside diameter when the coefficient to the fin and the bare tube is h1. 

h,. = (flAt+ A.)!~ 

ht X (OA1 + A.) / A; h1; 
4 X (0.872 X 2.50 + 0.268) I 0.277 = 35.4 

16 X (0.660 X 2.50 + 0.268) I 0.277 = 110.8 
36 X (0.498 X 2.50 + 0.268) I 0,277 = 193.5 

100 X (0.303 X 2.50 + 0.268) I 0.277 = 370 
400 X (0.152 X 2.50 + 0.26'8) I 0.277 = 935 
625 X (0.122 X 2;50 + 0.268) I 0.277 = 1295 
900 X (0.102 X 2.50 + 0.268) I 0.277 = 1700 

(16.34) 

These values of h1 and h1; are plotted in Fig. 16.7. If the film coefficient to the fin is 
large, as with condensation or the cooling or heating of water in the annulus, there i~ 
little advantage to be gained from the use of fins particularly when a dirt ·factor must 
be included which may be the controlling resistance. Actually, a fin of a desired metal 
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can be designed to give a high efficiency for any reasonable value of ht, but as h1 
increases, the size and cost of the fin also increases. Greater efficiencies can also be 
obtained by using fins which are not uniformly thick such as are treated later on. 
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There are several manufacturers who supply completely assembled 
double pipe exchangers with fins on the inner pipe. Because the finned 
pipe or tube cannot be inserted through a packed gland as in Fig. 6.1, 

1\'u;. 16.8. Longitudinal fin double pipe exchanger. (Griscom-Russell Oo.) 

the method of confining the inner pipe is somewhat more complicated. A 
typical example of a standard preassembled double pipe finned exchanger 
is shown in Fig. 16.8, and as in Chap. 6, a single unit is called a hairpin. 
The cost of these. units is extremely moderate, and they are preferable 
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when one of the fluids is a gas, a viscous liquid, or a small stream. Oper­
ated in series or in parallel they are often superior to shell-and-tube 
exchangers, notwithstanding the increased number of leakable joints they 
introduce. When connected in any other manner but in series the true 
temperature difference is computed for series-parallel flow by Eq. (6.35). 
When operated with cooling water in the inner pipe a nonferrous pipe 
may be selected with either steel or nonferrous fins attached. Three 
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weighted efficiency curves for three of the·commonest sizes of double pipe 
finned exchangers are given in Fig. 16.9. These do not correspond to the 
offerings of any single manufacturer but are a composite of the three sizes 
ordinarily available from manufacturers' stocks. 

Double-pipe-exchanger Coefficients and Pressure Drops. The addi­
tion of fins to the outsides of the inner pipes of double pipe exchangers 
generally reduces the value of the annulus film coefficient by smoothing 
the flow of fluid on the outside of the tube or pipe. Data obtained for 
bare tube surfaces cannot be used for the calculation of double pipe 
extended-surface exchangers. While a design curve or equation relating 
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h1 to the flow variables and heat-transfer properties can be determined 
by experiment in the usual manner (see Chap. 3), the correlation differs 
for extended surfaces. Starting with a double pipe finned exchanger, a 
fluid is passed through the annulus and heated by the dropwise conden­
sation of steam, whose condensing coefficient is very high compared with 
the annulus coefficient. Any other heating medium can be substituted 
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FIG, 16;10. Longitudinal fin heat transfer and pressure drop. 

if its individual coefficient can be or has been determined accurately. 
For cooling experiments water is usually employed. Readings are taken 
of the oil-temperature change, the steam or water temperatures, and the 
fluid flow. The surface A; is known from the inside diameter and length 
of the inner pipe, and the heat load, the LMTD, and U,, the clean overall 
coefficient; can also be computed. The film coefficient for the annulus 
h!i can then be determined from the following equation; 

1 1 1 u. = h. + h,, (16.35) 
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The value of h1; so obtained represents h1 to the fin and bare tube already 
combined and weighted. If four or more fins are attached to the inner 
pipe, the addition of a greater number does not appear to affect the heat­
transfer coefficient h1 significantly. Naturally the weighted efficiency 
and the total hea.t transfer are directly influenced by the number of fins. 
To make the experimental data general for other fin and tube arrange­
ments than those tested, the value of h1; must be transferred from the 
inside diameter of the inner tube to the annulus. In the annulus it may 
then be resolved between the fin and bare tube surface by converting from 
h1; to h1 and plotting a heat-transfer factor JJ, which includes the average 
value of ht to both types of surface. 

Figure 16.10a is an isothermal curve which was obtained in this manner 
from numerous heating and cooling experiments on different fin and tube 
double pipe arrangements and agrees with the published data of DeLo­
renzo and Anderson. 1 Friction factors are .given in Fig. 16.10b. The 
equivalent diameter D: for pressure drop differs from D. for heat transfer 
because of the inclusion of the perimeter of the outer pipe in the wetted 
perimeter. Both equivalent diameters are computed as in Chap. 6 for 
double pipe exchangers using four times the hydraulic radius. 

To illustrate the method of treating experimental data on pipes or 
tubes with extended surface, a typical test point will be computed below. 
This is in the reverse order of the calculation of the surface requirements 
for the fulfillment of process conditions which will be demonstrated later. 

Example 16.2. Calculation of a Heat-transfer Curve from Experim!lntal Data. 
Experimental double pipe exchanger, steel hairpin. 

Shell, 3 in. IPS . 
Finned inner tube: Hi in. OD, 13 BWG to which are attached 20 fins, 20 BWG, 

%:in. high 
Length of finned inner tube, 10'0'1 per leg between return bends. 

Data and observat.ions: 

Hot fluid, steam, Ts = 302°F (:in inner tube) 
Cold fluid, 40.8° API kerosene, ti = 15l°F 

t2 = 185°F 
Weight flow, w = 15,200 lb/hr 
The dropwise condensation of steam was promoted with oil. 

Calculations: 

ID of 3 in. IPS pipe = 3.068 in. 
A I fi _ ,.-(3.068a - 1.25) 2 _ 20 X 0.035 X 0.75 _ O 0395 ft! nnu us ow area, aG - 4 X 144 144 - . 

1 DeLorenzo, B., and E. D. Anderson, Trans. ASME, 6'1, 697-702 (1945), 
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Wetted perimeter =.,. X \;
5 

- 20 X 
0·~;5* + 20 X 0.75 X ~ = 2.17 ft 

. . 4 X flow area 0.0395 
Eqmvalent d1ameter, D, = tt d . t = 4 X 

2 77 
= 0.057 ft we e penme er . 

Heat load, Q = 15,200 X 0.523(185 - 151) = 271,000 Btu/hr 
LMTD = 133°F 
Internal surface/lin ft, A; = 0.277 ft 2/ft 

r.r, = 0_27/~
12~~ 133 = 368 Btu/(hr)(ft•)(°F) 

h; = 3000 (assumed value for dropwise condensation of steam) 
1 1 1 1 1 1 

U; = h. + h,, 368 = 3000 + hli 

h" = 418 Btu/(hr)(ft2)(°F) 
From the efficiency curve (Fig. 16.7) for h1; = 418, h1 = 120. 
At the average temperature J.< = 0.80 cp X 2.42 = 1.94lb/(ft)(hr) 

(~t = 2.34 

. = h D, (91:)-~ = 120 X 0.057 = 37 0 
Jl 1 k k 0.079 X 2.34 . 

a. = ~~oi~~ = 385,ooo lb/(hr)Cft•) 
385,000 

Re. = 0.057 X """"1.94" = 11,300 

527 

(16.36) 

This single point, Re. = 11,300 vs. if = 37, does not fall exactly on the isothermal 
curve of Fig. 16.10a. It is off by more than is first apparent {37 vs. 41 or 9.8 per 
cent), since it represents a heating ru:n and if should be divided by a viscosity correc­
tion to permi~ its representation on an isothermal curve which is applicable to both 
heating and cooling. The general implications of such a procedure have been dis­
cussed in Chaps. 5 and 6. In the correlations covered in Fig. 16.10a the viscosity 
correction was found to be <Po = (p./w .. )0•14, where J.<Jw is the viscosity taken at the 
temperature of the "wall" t,,.. Thus J.</w replaces J.<w when the pipe wall has fins. 

The Wall Temperature t1w of a Finned Tube. The wall temperature 
of an extended-surface pipe or tube influences the values of the heat­
transfer coefficients which are obtained when a fluid is heated and cooled 
over the same operating range. Since the fin and tube metals will not 
be at the same temperature, the use of any single temperature such as 
t1w to replace the fin temperature t1 and the tube-wall temperature t,. is 
naturally fictitious. Kayan1 has developed an ingenious experimental 
method of analyzing for the wall temperature which simulates heat trans­
fer by means of an electrical analogy. Theoretical methods of obtaining 
the wall temperature are quite complex, and even the most typical appli­
cations of extended surfaces have not been covered by adequate deriva­
tions. The method employed below is semiempirical. Its principal 

* This is the area of the bare tube beneath the bases of the fins. The extremities 
of the fins were not considered to receive heat in the derivation, and their lengths are 
not included in the perimeter. 

1 Kayan, C. F., Trans. ASME, 67, 713-718 (1945); Ind. Eng. Chem., 40j 1044-1049 
(1948). 
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advantage lies in the brevity with which a solution can be obtained. It 
is presented here in the sequence which is most adaptable to design when 
an isothermal performance curve such as Fig. 16.10a is available. If an 
isothermal curve is to be developed from heating and cooling experiments, 
the sequence need merely be rearranged:· 

The true temperature difference At corresponds to the total resistance 
1/U n; in the design equation (Q/ A;) = U n; At. The sum of the smaller 
temperature differences through each of the component resistances 
between the annulus and inner tube fluids must equal the true tempera­
ture difference. The dirt factors for the annulus and tube may not be 
combined in extended surface equipment, since they are applicable to 
such widely different actual surfaces that flux corrections must be 
employed. The component resistances are then the (1) annulus film, (2) 

(a) 

Fra. ·16.11. The location of coefficients and temperature drops in longittidinal fins. 

annulus dirt factor, (3) fin and tube metal, compositely, (4) tuhe-side 
dirt factor and (5) tube-side film. The component temperature differ­
ences are obtained by multiplying the component resistances by the flux 
Q/ Ai when the latter is corrected to the appropriate surface at each point. 
The wall temperature t~v> occurs between temperature drops (2) and (3), 
and by obtaining this temperature J.l!w can be evaluated. While the clean 
coefficient U; is obtained from individual coefficients calculated for 
properties at Tc and tc, the summation of the component temperature 
differences in the design equation corresponds to tit and not T. - tc. 

The value of the wall t1w is obtained by trial and error. First assume a 
value of t,w which permits the calculation of r/>a, the annulus viscosity 
correction, and the ann'Ulus film coefficient corrected for heating or cool­
ing. The reciprocal of the annulus illm coefficient is the resistance in 
(1). The fouling factor is the resistance in (2). If the temperature after 
passing through these two resistances corresponds to the assumed value 
of t1 .. and if the total temperature drop over the five resistances corre-
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sponds "to ilt, the assumed value was correct. If no check is obtained, a 
new value of t1w must be assumed and the procedure repeated. The 
location of the various temperatures and resistances involved in this 
method are shown in Fig. 16.11. The nomenclature differs from Eq. 
(16.35) in which there were no dirtfactors. The steps in summing up 
the resistances and correcting for the different surfaces per linear foot of 
extended surface pipe or tube should be evident in the outline below. 

1. Assume a temperature t,., to _establish ·a temperature difference between the 
annulus fluid and the wall. 

2. Obtain <j>4 = (J.&/ ww)M4 where Jl.!w is obtained at t,,.. 
3. Obtain hfl.p. from a design curve and correct for the viscosity ratio .p. and obtain 

ht by h1 = (htf.p.).p... Then Rt = 1/h,. 
4. To obtain the value of h1 effective at the fin surface add to it the resistance through 

the annulus dirt factor Rd.. For a dirt factor of Ra., 

1 
/?=Rt+R<~<> 

I 
(16.37) 

where h; is the effective value of h, at the fin. 
5. Obtain h;, for the value of h; in 4 from an appropriate weighted efficiency curve 

such as Fig. 16.9. 
6. Multiply h; in 4 by the surface ratio (At + A.)/A; giving h;~,.which ish; corrected 

for flux but not for the resistance of the fin and wall metals. 

(16.38) 

The difference between h;, and h;~ may be considered due to the resistance of the 
fin and tube wall metals. 

1 1 
Rm.t<!l = k-,- - h" 

{i ,. 
(16.39) 

7. Olitain h; for the tube fluid from any suitable tube-side data such as Fig. 24or 25, 
where .p, = (J.&/w .. )0·14 instead of (J.&/J.&w) 0•14, and combine with the tube-side dirt 
factor, Ra;. R; = 1/h,, and if n; is the value of h; at the tube wall, 

1 
- = R· +RJ· h: ' ~1 

(16.40) 

8. From h; and k;; obtain U v•, the corrected overall design coefficient based on the 
inside tube diameter. 

1 1 1 -=-+­
Uv; h;; h; 

9. Obtain the fiuli: for the surface actually employed. 

~; = Ur;;At 

(16.41) 

(16.42) 

:tO. Impos_e the flux from 9 on the individual resistances and determine whether the 
summation of the first two individual differences is the same as the assumed value 
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of T. - .tr .. and if the sum of all differences equals the true temperature difference. 
In the same order as before, the temperature drops a.re 
a. Annulus :film: 

At1 = 9/.41 h,, 
b. Annulus dirt, corrected to the inside diameter: 

c. Fin and tube metal: 

d. Tube-side dirt: 

e. Tube-side film:: 

{16.43a) 

(16.43b) 

.(16.43c) 

(16.43d) 

(16.43e) 

When the tube fluid is a gas, water, or a similar nonviscous fluid, the 
tube-side viscosity correction can be omitted and rp(J can be taken as 1.0. 
The metal of which the fin is fabricated greatly affects the efficiency, 
particularly since k for steel is 26 and for copper 220 Btu/(hr)(ft2WF /ft). 

The Calculation of a Double Pipe Finned Exchanger. The method 
employed here close1y follows that of the outline in Chap. 6. The true 
temperature difference for a double pipe exchanger is the LMTD calcu­
lated for true counterflow or a value computed from Eq. (6.35) for series­
parallel flow. The effective tube length does not include the return bend 
between legs of a hairpin or any of the unfinned portion of the inner tube, 
The inside of the tube is used as the reference surface. Most manufac­
turers prefer to. use the outside as the reference surface, since it has a 
larger numerical value. The solutions of problems can be converted to 
manufacturers' data by multiplying the inside surface by the ratio 
(A 1 + Ao)/ A, and dividing the overall coefficient U »>by this ratio. Tube 
lengths of 12, 15, 20, and 24 ft are considered reasonable for extended­
surface hairpins. Large tube lengths are permissible, since the fins on 
the inner pipe rest snugly on the outer pipe and there is no sagging. As 
explained previously, fouling factors cannot be combined as in ordinary 
double pipe exchangers because they are effective on widely different 
surfaces and each must be treated separately, 

Example 16.3. Calculation of a Double Pipe Extended-surface Gas Oil .Cooler. 
It is desired to cooll8,000 lb/hr of 28°API gas oil from 250 to 200°F in double.Jiipe 
exchangers consisting of 3-'in. IPS shells with 1,%-in. IPS inner pipes on which are 
mounted 24 fins% in. high by 0.035 in. (20 BWG) wide. Water from 80 to 120°F 
will serve as the cooling medium. Pressure drops of 10.0 psi are allowo.ble on both 
streams, and fouling factors of 0.002 for the gas oil and 0.003 for the water are required, 

How many 20-ft hairpins will be required? 
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Solution: 

(1) Heat balance: Gas oil, Q = 18,000 X 0.53(250 - 200) = 477,000 Btu/hr 
(Fig. 4) 

Water, Q = 11,950 X 1.0(120 - 80) = 477,000 Btu/hr 
(2) Ll.t: Assume true counterflow for the first trial. Unless the allowable pressure drop 

on either stream is exceeded, it will not be necessary to consider series-parallel 
arrangements calculated by Eq. (6.35). 
Ll.t = LMTD = 124°F (5.14) 

(3) Caloric temperatures T, and t.: 

Ll.t, = 120 
= 0 92 }'T 0 27 F 0 47 Ll.th 130 . ~. = . c = . (Fig. 17) 

T. = 200 + 0.47(250 - 200) = 224°F 
t. = 80 + 0.47(120 - 80) = 99°F 

Hot fluid: annulus, gas oil 
(4') 3 in. IPS, ID == 3.068 in. [Table 11] 
1~ in. IPS, OD = 1.90 in. [Table 11] 
Fin cross section, 20 BWG, 72 in. high 

= 0.035 X 0.5 = 0.0175 in.2 

[Table 10] 

("" "" aa = 4" X 3.0682 - 4 X 1. 902 - 24 

X 0.0175) 

= 4.13 in.2 

= 4.13/144 = 0.0287 ft2 
Wetted perimeter* = (,. X 1.90 - 24 

X 0.035 + 24 X 2 X 0.5) 
= 29.13 in. 

d, = 4 X 4.13/29.13 = 0.57 in. 
D. = 0.57/12 = 0.0475 ft 
(6'') Ga = W /a. 

= 18,000/0.0287 
= 628,000 lb/(hr) (ft2) 

(6') At Tc = 224°F, 
p = 2.50 X 2.42 = 6.05lb/(ft)(hr) 

[Fig. 14] 
Re. = D.G./p 

= 0.0475 X 628,000/6.05 = 4930 
(7') it = 18.4 [Fig. 16.10) 
(8') At T. = 224°F 
k(cp/k)'tB = 0.25 Btu/(hr)(ft2)("F /ft) 

[Fig. 16] 

(5.28) 
(5.29) 

Cold fluid: inner pipe, water 
(4) D = 1.61/12 = 0.134ft [Table 11] 
a, = .. D 2/4 = 1r X 0.134•/4 = 0.0142 ft• 

(5) G, = wja, 
= 11,950/0.0142 

= 842,000 lb/(hr)(ft2) 

V = G,j3600p = 842,000(3600 X 62.5 = 
3.75 fps 

(6) At t, = 99°F, 
I' = 0.72 X 2.42 = 1.74lb/(ft)(hr) 

[Fig. 14] 
Re, = DG,jp(Re,isforpressuredroponly) 

= 0.134 X 842,000/1.74 = 65,000 

(9') h1 = j, ~. ( t)rs q,. [Eq~ (6.15)] (9) h; = 970 X 0.82 
= 795 Btu/(hr)(ft2J(OF) [Fig. 25J 

!!:£ = 18.4 X 0·
25 

= 96.7 
"'" 0.0475 

*In the derivation, the outermost edge of the fins was assumed to have zero heat 
transfer. 
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Calculation oft,,. (numbers refer to the outline procedure): 

(1) Assume T. - t1,. = 40°F 
t,,. = 224 - 40 = 184°F (Fig. 14) 

(2) At 184°F, Ww = 3.5 cp 

r/>o = (....!:..)b,14 = (2.5)0.1& = 0.95 
,.,,. 3.5 

(3) h1 = 96.7 X 0.95 = 91.8 Btu/(hr)(ft')(°F) 

(4) R.w = 0.002, R1 = 
9

{.
8 

= 0.0109 (hr)(ft')(°F)/Btu 

1 h' = 0.002 + 0.0109 (16.37) 
I h; = 77.5 

(5) h~; = 255 (Fig. 16.9) 
, , A,+ A. 

(6) h" = h1 ~ = 77.5 X 5.76 = 447 (16.38) and (Fig. 16.9) 

1 1 1 1 
Rmotal = h;; .:... h'j, = 255 - 447 = 0.00169 (16.39) 

(7) Assume rj>, = 1.0 for cooling water: 
Rd; = 0.003 R; = fr795 = 0.00126 
1 h; = 0.00126 + 0.003 (16.40) 

h: = 235 
1 1 1 

(S) U Di = 255 + 235 (16,41) 

Um = 122 
(9) To obtain the true flux the heat load must be divided by the actual heat-transfer 

surface. 
For a 1}2-in. IPS pipe there are 0.422 ft2/lin foot (Table 11) 

Trial: 

A Q 47
•000 31 5 ft2 

i = u Di At = 122 X 124 = . 

Length of pipe required = ;!:2 = 74.8lin ft 

Use two 20-ft hairpins = 80 lin ft 
A; = 80 X 0.422 == 33.8 ft• 

J, = 
4;;3~800 = 14,100 Btu/(hr)(ft') 

(a) Annulus .film At1 = (~.) / h';. = 
1~~f 31.6° 

(b) Annulus dirt, At.w = {~.) Rdo AI~ A. = 14,100 X 
05~:: 4.9 

T, - t1 .. == 36.5° 

(c) Fin and tube metal, At....;~a~ = (JJ Rmetal = 14,100 X 0.00169 "" 23.8 

(d) Tube-side dirt, l!Jd; = (JJ Rd; = 14,100 X 0.003 42.3 

(e) Tube-side film, At,= (J,)/"• = ~~r 11.1 
• 120.3° 
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Assumed T.- t1,. = 40.0° Calculated T. - t1,. = 36.5° LMTD = 124° 
The difference of 40 - 36.5 = 3.5°F will not materially change the value of 

(p./w .. )•·u. 
Note: The temperature drop of 120.3°F corresponds to a fouling factor based on 

74.8lin ft while the flux corresponds to 80 lin ft. The.correetion appears at the end 
of the solution. 

Pre1sure Drop 

(1') d; = 4 .X 4.13/(29.13 +'IT' X 3.07) (1) Re, = 65,000 (pipe) 

D; = 0.43/12 = 0.0359 ft &: = D:GB/,. 

= 0.43 in. f = 0.000192 ft2/in.2 

= 0.0359 X 628,000/6.05 = 3730 
f = 0.00036 ftl/in. 2 fFig. 16.10] 
8 = 0.82 [Fig. 6] 

!Fig. 26] 

(2') 
fG!Ln 

APe. = 5.22 X 1010D:s¢. 
J(/fLn 

(2) AP, = 5.22 X l010Ds¢t [Eq. (7.45) 

[Eq. (7.45)1 
0.00036 X 628,0002 X 80 

5;22 X 1010 X {).0359 X 0.82 X 0.95 
= 7.9psi 

Summary 

0.002 Dirt Factor 

255 h inside 

Um 122 

7.9 Calculated AP 

10.0 Allowable AP 

0.000192 X 842,0002 X 80 
5.22 X 101• X 0.134 X 1.0 X 1.0 

1.4 psi 

0.003 

235 

1.4 

10.0 

AdjustTiulnl of the fouling factor. U Di = 122 was based on 74.8 lin ft. Based on 
80 lin ft U n; = 114 and the difference is excess dirt factor equal to 0.00057. This 
!',an readily· be added to the tube side to give a dirt factor of 0.00357, or it can be added 
to the annulus by taking 0.00057 X 5:76 = 0.00328. The total annulus dirt factor 
for the latter will then be 0.002 + 0.00328 = 0.00528. For the new value of h~ 

1 1 
~ = 0.00528 + 91.8 

h~ = 62 
h;, = 220 

U . _ h~,h~ _ 220 X 235 _ 114 
Do - h;; + h: - 220 + 235 -

(16.37) 

(Fig. 16.9) 

(16.41) 
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The corrected summary is 

0.0053 Dirt Factor 0.003 

220 h inside 235 
----

Un; 114 

7.9 Calculated AP 1.4 

10.0 Allowable AP 10.0 

Remarks: There is no need to readjust the calculation oft,,., since only item (b) will 
be affected and this is usually insignificant in its contribution to the value of A!. 
Thus the corrected value is 

Atdo = 14,100 X 
05~~~3 = 13.0° 

This gives a computed At of 128.4° vs. 124.0°1 but this difference does not justify a 
new trial value of t1.,. The need for readjusting the fouling factor is of particular 
value when ch~cking the performance of an existing hairpin or battery of hairpins for 
a new service. 

As reported by a manufacturer the total surface would be 33.8 X 5.76 = 194 ft 2• 

The reported overall coefficient would be 114/5.76 = 19.8 Btu/(hr)(ft2)(°F). 

Extended-surface Shell-and-tube Exchangers. The use of extended 
surfaces in double pipe exchangers permits the transfer of a great deal 
of heat in a compact unit. The same advantages may be obtained 
from the use of longitudinally finned tubes in shell-and-tube arrange­
ments equivalent to the 1-1, 1-2 or 2-4 exchanger. Because they are 
relatively uncleanable, extended-surface tubes are usually laid out on 
triangular pitch and are never spaced so closely that the .fins of adjacent 
tubes intermesh. To prevent sagging and the possibility of tube vibra­
tion which might result from intermeshing, each tube in a bundle is sup­
ported individually. This cannot be done with conventional support 
plates because they introduce a certain amount of flow across the bundle 
which cannot be accomplished very well with longitudinal finned tubes. 
Support is accomplished, however, by welding or shrinking small circum­
ferential rings about each tube which enclose the fins but at different 
points along the length of each tube. The rings prevent any tubes from 
interme5hing and at the same time afford a positiye elimination of 
vibration damage. At several points along its length the entire bundle 
is then bound with circumferential bands which keep all of the finned 
tubes firmly pressed against the rings of adjacent tubes. 

Longitudinal fin exchangers are relatively expensive and, since they are 
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not cleanable, can be used only for fluids which ordina.rily have very 
low film coefficients and which are clean or form dirt that can be boiled 
out. This makes them ideal for gases at low pressure where the density 
is low and the allowable pressure drop is accordingly small. 

The prototype of this exchanger is the 1-2 exchanger without bafiles 
as calculated in Example 7 .8. Longitudinal fin shell-and-tube exchangers 
are computed in the same manner as double pipe extended-surface 
exchangers using the same efficiency curves for identical tubes. Only 
the equivalent diameters for heat transfer and pressure drop differ. 
These are computed in the conventional manner for the entire shell using 
four times the hydraulic radius as discussed in Chap. 6 and demon­
strated in Example 7.8. 

Example 16.4:. Calculation of a Longitudinal Fin Shell-and-tube Exchanger. 
30,000 lb/hr of oxygen at 3 psig pressure and 250°F is to be cooled to 100°Fusing water 
from 80 to 120°F, The maximum allowable pressure drop for the gas is 2.0 psi and 
for the water 10.0 psi. Fouling factors of not less than 0.0030 should be provided for 
each stream. 

Available for the service is a 19;\i in. ID 1-2 exchanger equipped with 70 16'0" 
tubes each with 20 fins J1 in. high of 20 BWG (0.035 in.) steel. The tubes are 1 in. 
OD, 12 BWG and are laid out on 2-in. triangular pitch for four passes. 

Will the exchanger fulfill the service? What is the final gas side dirt factor? 

Solution: 

Exchanger: 

Shell side 
ID = 19_!,4 in, 

Baflle Space = ring supports 
Passes = 1 

(1) Heat balance: 

Tube side 
Number and length = 70, 16'0", 20 fins, 20 BWG, in. 

OD, BWG, pitch = 1 in., 12 BWG, 2-in. tri. 
Passes= 4 

Oxygen at 17.7 psia, Q = 30,000 X 0.225(250- 100) = 1,010,000 Btu/hr 
Water, Q = 50,500 X 1(100 - 80) = 1,010,000 Btu/hr 

(2) At: 
Hot Fluid Cold Fluid 

250 Higher Temp 100 

100 Lower Temp 80 

150 Difference .20 

LMTD = 64.6°F 

R = ~O = 7.5 
20 s = 250 - 80 = 0.1175 (7.18) 

At = 0.8i X 64.6 = 56.2°F 

150 

20 

130 

Fr = 0.87 

(5.14) 

(Fig. 18) 
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(3) T. and t.: The average temperatures of 175 and gooF will be adequate. 

Hot fluid: shell side, oxygen 
11" (4') a, = 4 X 1g,252 

-70 (i X 12 + 20 X 0.035 X 0.5) 

= 211.5 in. 2 

= 211.5/144 = 1.47 ft2 

'Vetted perimeter = 70(.,. X 1 - 20 
X 0.035 + 20 X 2 X 0.5) 

= 1570 in. 
d, = 4 X 211.5/1570 = 0.54in. 

D, = 0.54/12 = 0.045 ft 
(6') G, = W fa, 

= 30,000/1.47 

[Eq. (6.4)] 

= 20,400 lb/(hr)(ft2) 

(6') At T4 = 175°F, JL = 0.0225 X 2.42 
= 0.0545lb/(ft)(hr) [Fig. 15) 

Re, = D,G,jp.' 
= 0.045 X 20,400/0.0545 = 16,850 

('1') jH = 5g,5 [Fig. 16.10a] 
(8') A1l175°F, c ,. 0.225; k = 0.0175 
(cp./k)Y. = (0.225 X 0.0545/0.0175)'1& 

= 0.8g 
q,, = 1.0 (for gases) 

(9') ht =it;, (7;)y. q,, [Eq. (6.15)] 

= 5g,5 X 0.0175 X 0.8g/0.045 
= 20.5 

Rdo = 0.003, hdo = 1/0.003 = 333 

h' = hdoht = 333 X 20.5 = 1g.3 
I hdo + ht 333 + 20.5 

[Eq. (16.37)) 
h;, =- 142 Btu/(hr)(ft•WF) [Fig. 16.g) 

Cold fluid: tube side, water 

(4) a; = 0.47g in.• [Table 10] 
a, = N,a;/144n [Eq. (7.48)] 

. = 70 X 0.47g/144 X 4 = 0.0582 ft• 
D = 0.782/12 = 0.0652 ft 

(6) Gt = w/at 
= 50,500/0.0582 

= 868,000 lb/(hr)(ft2) 

V = Gt/3600p = 868,000/3600 X 62.5 
= 3.86 fps 

(6) At .t4 = gooF, 
p. = 0.80 X 2.42 = l.g4Ib/(ft)(hr) 

[Fig. 14) 
Re1 = DG,fp. (for' pressure drop only) 

= 0.0652 X 868,000/l.g4 = 2g,100 

(9) h; = g4o X O.g6 == go3 [Fig. 25] 
Rdi = 0.003, hd; ~ 1/0.003 = 333 

I hd;h; 333 X go3 
h· = -· -- = =::-::-:---::-::-=--
• hdi + h; 333 + go3 

= 243 Btu/(hr)(ft2)(°F) [Eq. (16.40)] 

Overall design coefficient based on inside of tube U Di! 

U . = h;,h; = 142 X243 = 8g.6 Btu/(hr)(ft2)(0F) 
D• h;; + h; 142 + 243 

Actual overaii coefficient based on inside of tube: 

Internal surface per lin ft = 0.2048 ft 
A; = 70 X 0.2048 X 16'0" = 230 ft2 

U Q . 1,010,000 78 2 
Di = A; t:..t = 230 X 56.2 = . 

(16.41) 

(Table 10) 
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Adjustment of the fouling factor: 

Excess fouling factor = (-u .1 
) - U

1 
. = ~12 - 89

1
6 = 0.00165 

D'aotu•l Ds. I 0.~ • 

Adding to the outside fouling factor: A, 1: Ao = 9.27 

Ra. = 0.003 + 9.27 X 00165 = 0.0183 

I 1 
h1,aotual = 0.0183 + 

20
.
5 

= 14.9 

h~; = 113 

Check of actual overall coefficient: 

U - h;,h: - 113 X 243 - 77 3 Check vs. 78.2 
Dl - h;; + h~ - 113 + 243 - • 

Pressure Drop 

(1') d: = 4 X 211.5/(1570 +1!' X 19.25) (1) For Re, = 29,100 
= 0.52 in. [Eq. (6.5)] f = 0.00021 ft2/in.• 

D~ = 0.52/12 = 0.0433 ft 
Re; = D;G,jp. 

= 0.0433 X 20,400/0.0545 = 16,200 
f = 0.00025 ft2/in.• [Fig. 16.10b)] 
Mol. wt. oxygen = 32 

32 
P = 359 X 6 3%92 X 14.7/17.7 

= 0.083lb/ft3 
8 = 0.083/62.5 = 0.00133 

537 

[Fig. 26] 

fG.Ln 
(2) AP, = 5.22 X l010Dsq,, [Eq. (7.45)1 (2') AP - JG!Ln 

• - 5.22 X 1010D:sq,, 

[Eq. (7.45)] 
0.00025 X 20,400' X 16 

= 5.22 X 1010 X 0.0433 
X 0.00133 X 1.0 

= 0.6 psi 
Summary 

0.018 Dirt Factor 

113 h inside 

UD; 78.2 

0.00021 X 868,0002 X 16 X 4 
5.22 X 1010 X 0.0652 X 1.0 X 1.0 

= 3.0 psi 

0.003 

243 

0.6 Calculated AP 3.0 

2.0 Allowable AP 10.0 

The large shell-side dirt factor might suggest that the exchanger is consideral;>ly over­
sized. However, the number of finned tubes which can be fitted on 2-in. triangular 
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pitch into a 17~-in. shell is only 54. This gives a required value of U Di of 102 which 
is slightly greater than ean be performed in a 17U-in. exchanger. 

TRANSVERSE FINS 

Derivation of the Fin Efficiency. ·The different types of transverse 
finned pipes and tubes have been discussed at the beginning of the chap­
ter. Expressions for their efficiencies are somewhat more difficult to 
derive than for longitudinal fins, since even t~e transverse fin of uniform 

- yb r-- cross section does not reduce to the simple 
-..-..-- --21 differential equations of the longitud.inal fin of + 
I uniform cross sectio)l. The derivations given I ~ here are those of Gardner, 1 which are ingenious 
~ e because they develop a general expression that 

is applicable on modification to all the types 
of manufactured fins including the longitudinal 
fins. For the derivation of a general case, a 
transverse fin of varying cross section will be 
considered. The fluid surrounding the fin is 
again assumed to be hotter than the fin itself, 
and the flow of heat is. from the outer fluid to 
the fin. The same assumptions apply as 
before. Referring to Fig. 16.12, let e == T. - t 
wherP- Tc is the constant hot-fluid temperature 

FIG. 16.12. Derivation of the and t is the metal temperature at any point in 
transverse-fin efficiency. the fin. The heat entering the two sides of the 
fin between 2-2' and 1-1' is dependent upon the surface between the two 
radii r. and r 1• Thus the total surface between 2-2' and 0-0' is a function 
of r 

dQ = htedA (16.44) 

The heat which enters the fin between 2-2' and 1-1' flows toward its base 
through the cross section of the fin at 1-1'. Applying the Fourier 
equation 

de 
Q = -ka" dr (16.45) 

where k is the thermal conductivity and a., is the cross-sectional area of 
the fin which in this case also varies with r 

Differentiating Eq. (16.45), 

_ dQ = !:._ (ka de) = ka d26 + k da,. de 
dr dr "' dr "' dr 2 dr dr 

{16.46) 

'Gardner, op. cit. 
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Equating Eqs. (16.44) and (16.46) 

d2e + (! daz) de + (!!L dA) e = 0 dr2 a, dr dr ka, dr (16.47) 

This second-order differential equation is somewhat more difficult to 
evaluate than Eq. (16;6), which had simple roots, and can be solved by 
Bessel junctions. 

A number of secon.d-order differential equations arise in the solution 
of engineering problems which can be solved by a, power series. The 
solution .can be written as the sum of two arbitrary functions and two 
arbitrary constants as suggested by Eq. (16.9). In a general form the 
Bessel equ~ti.on is 

(16.48) 

where n is a constant. Many types of functions which are independent 
solutions of the Bessel equation have been developed'; and their properties 
are tabulated. 1 Douglass has provided the following solution for Eq. 
(16.48) into which Eq. (16.47) may be transformed by multiplying by r2• 

d2e de 
r2 dr2 + [(1 - 2m)r- 2<:¥1rJ dr 

+ [p 20lr2P + air2 + a1(2m - 1)r + m2 - p 2n2]e = 0 (16.49) 

where a1, Cs, p, m, and n are constants, the last being the order of the 
Bessel function. 

Equations (16.48) and (16.49) will have the same form when 

(16.50) 
and 

(16.51) 

wliere c, and C5 are positive constants. If the cross section of the fin 
can be described by Eq. (16.50) and the surface from the outer edge to the 
cross &ection by Eq. (16.51), the general solution is found from the 
boundary conditions at the outer edge of the fin and at the base of the fin. 

At the outer edge, r = r. and e =e. 
At the base, r = n, and e = eb 

For n equal to zero or an integer 

(16.52) 

'Sherwood, T. K., and C. E. Re~d, "Applied Mathematics in Chemical Engineer­
ing,'' p. 211, McGraw-Hill Book Company, Inc., New· York, 1939. 



540 PROCESS HEAT TRANSFER 

where 

(16.53) 

and 

u = -iCarP = r (16.54) 

where Uo and u. are found by substituting r, a,, and dA/dr for the edge 
and base, respectively, and i = -v=T. Since e is a function of A as well 
as r, the heat transferred to the entire fin surface from the fluid is 

Q = h1 loA' 6 dA (16.55) 

where A, is the total fin surface. The same heat when transferred 
through the base of the fin to the tube is 

Q = hbebAI (16.56) 

Defining the fin efficiency as before, 

(AI BdA 
O = ~ =,}o = 2{1 - n) [ln-t(Ub) - {3 1K,._t(Ub)]. 

h, ebAf Ub[1 - (u./ub) 2(1-n)] I .. (ub) + f3tKn(Ub) 
(16.57) 

For a fin of given contour the exponent of r is known in Eq. (16.50). 
Equation (16.51) may be eliminated accordingly to permit the solution 
for n, the order of the Bessel function. 

When n = 0, the introduction of Eqs. (16.52) and (16.53) and 

dA = C eu.t""'2n du 

as obtained from Eqs. (16.51) and (16.54) into Eq. (16.57) gives the value 
of n for the annular fin of constant width. 

Equation (16.57) reduces to 

£! _ 2 [ft(Uo) - f3tK!(Ub)] 
- ub[1 - (u./ub)J2 lo(ub) + f3tKo(ub) 

(16.58) 

where 

(16.59) 

and 
(r.-rb)~ 

Ub = (~- 1) (16.60) 

u. = Ub (~) (16.61) 

Plots of these equations are given in Fig. 16.13a. 
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For the case where n equals a fraction, 

where 

f't = [.,~t(Ue) 
lt-n(ue) 

(16.62) 

(16.63) 

If half the thickness of the fin, y, is given by 

y = Yb (~)-l:nn (16.64) 

u = (1 - n) (!..)l~n [hJ ro 
rb '\Jky, (16.05) 

When n equals a fraction, Eq. (16.57) becomes 

U _ 2(1 - n) [l,.._t(Ub) + (3d1__..,(ub)] 
- Ub[1 - (u./ub)2Ct-nlJ I ... (uo) + f'tLn(Ub) (16.66) 

When n = %, corresponding to annular fins with constant heat flux at 
every cross section from r6 tor. 

U _ 4 [I-%(ub) + f'dy.(ub)] ( 
- 3ubfl - (u./ub)~J I~(Ub) + f'1L~(uo) 16·67) 

P - -Ly.(u.) (16.68) 1 
- ly.(u.) 

Ue = Ub (~)% (16.69) 

Y = Yb (7) (16.70) 

These values are plotted in Fig. 16.13b. For longitudinal fins and spines 
the efficiency curves and the fundamental equations are included in 
Fig. 16.13c and d. When a fouling factor is present replace h1 by h/. 

In these graphs the efficiency U has been plotted as the ordinate and 
the principal shape element influencing the value of n in the Bessel equa­
tion has been plotted as the abscissa. The variations in the types of 
construction of transverse finned tubes are numerous and less stand­
ardized than for longitudinal fins, and no attempt will be made here to 
compute weighted efficiency curves of h/ vs. h/,. A weighted efficiency 
curve can be computed, however, using Eq. (16.34) with the value_s of U 
being taken from Fig. 16.13a and b, in the same manner as before, when 
the frequent use of given fin and tube arrangements justifies their 
preparation. 
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The Optimum Thermal Fin. Schmidt1 has undertaken the derivations 
for the shapes of various types of fins which give the highest heat transfer 
for the minimum amount of metal. As a result, the optimum fin may be 
considered the one which has a constant heat flux at any cross section 
between the outer edge and the base. For the common longitudinal and 
transverse fins these would correspond to tall narrow shapes with small 
base areas. Furthermore, the sides of the fins should have parabolic 
curvatures. Although the thermal efficiency for ideal fins may be high, 
the cost of their manufacture is usually excessive and they are not often 
structurally adaptable to industrial applications. The calculations of 
the optimum shapes have led, however, to the present type of manufac­
ture using 20 BWG and lighter metal ribbons except where the conditions 
of heat transfer requires a more rugged construction. 

The metal used in their manufacture greatly affects the economics 
of the fins. Schmidt has prepared the following table comparing the 
ratio of the quantity of metal required for fins with identical shapes where 
the weight and volume of a copper fin is taken as unity. 

TABLE 16.2. OPTIMUM VoLUMEs AND WEIGHTS oF METAL FINS 

Metal k Gravity Volume Weight 

Copper ........... , 222 8.9 1.0 1.0 
Aluminum ........ : 121 2.7 1.83 0.556 
Steel. ............. 30 7.8 7.33 0.43 

Jakob2 presents an excellent survey of optimum fins defined by other 
criteria. 

Transverse Fin Exchangers. Transverse fin exchangers in crossflow 
are used only when the film coefficients of the fluids passing over them are 
low. This applies particularly to gases and air at low and moderate 
pressures. Tubes are also available which have many very small fins 
integrally shaped from the tube metal itself and which are usable in 
conventional 1-2 exchangers with baffled side-to-side flow. These can 
be calculated using a suitable shell-side heat-transfer curve and an 
appropriate efficiency curve. 

Perhaps the most interesting applications of transverse fins are found 
in the larger gas cooling and heating services such as on furnaces (econo• 
mizers), tempering cons for air conditioning, air-cooled steam condensers 
for turbine and engine work, and miscellaneous special services. An 
application which is growing in popularity is the air-cooled steam con-

I Schmidt, E., Z. Ver. deut. lng. 885, '10 (1926). 
2 Jakob, op. cit. 
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denser as shown in Fig. 16.14 for localities with inadequate cooling­
water supply. The steam enters the tubes, and an induced-draft fan 
circulates air over the transverse finned tubes. In this way it is possible 
to attain a closer approach to the atmospheric temperature than could 
be done with a reasonable surface composed entirely of bare tubes. In 

t l l l t l 
==e== 

FIG. 16.14. Transverse-fin atmospheric condenser. 

PLAN SECTION 

exhau$1 
.steam 

FIG. 16.15. Transverse-fin gas cooler. (Foster Wheeler Corp.) 

Fig. 16.15 a plan is shown of a high-temperature gas cooler used in an 
aviation testing laboratory. With the exception noted before, all other 
transve1·se fin exchangers operate in crossflow. The true temperature 
differences for systems operating in crossflow naturally differ from other 
flow patterns except when onefiuid is isothermal; then all systems are in 
true counterflow. Before proceeding to the calculation of a typical 
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.extended-surface gas exchanger, an investigation will be made of the 
influence of flow pattern on the true temperature difference in crossflow. 

True Temperature Difference for Crossfiow Arrangements. Consider 
a duct in which a hot g8.£l (or other fluid) passes at right angles to a bundle 
carrying a cold tube liquid in: a single pass as in Fig. 16.16. Assume that 
baffles indicated by the vertical lines are placed across the bundle in the 
direction of gas flow to prevent mixing over the length of the tubes. At 
point A in the first horizontal row of tubes and in the plane 1-1' there is 
an unique temperature difference between the gas-inlet temperature and 

Tz. 
FIG. 16.16. Croasilow. 

the liquid-inlet temperature. Moving to plane 2-2' there is a smaller 
temperature difference at A' between the gas-inlet temperature and the 
liquid at some higher temperature. Similarly at 3-3' and tP.e point A" 
the temperature difference is smaller than A', and further reductions 
of the temperature difference may be expected over the entire length of 
the tubes in the first tube row. Carrying the analysis to a lower row of 
tubes, the gas temperature off the first horizontal-tube row varies over the 
tube length, since the quantity of heat transferred in passing over the 
first row decreased from point to point with the decreasing temperature 
difference. Over the second horizontal row the temperature differences 
also vary but the temperatures of the gas leaving the row are different 
from those on leaving the preceding row of tubes. This picture is unlike 
that used in the derivation of the true temperature difference for a 1-2 
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exchanger as given in Chap. 7, in which the shell-side fluid was considered 
mixed and of homogeneous temperature at every cross section and where 
it was assumed that all the tube rows comprising each tube pass were at 
the same temperature. 

Suppose, on the other hand, that the ba:ffles in the exchanger in Fig. 
16.16 are removed and that the tubes are not very long so that the gas 
passing over a row of tubes may be considered thoroughly mixed. This 
is much different from the preceding analysis, but it also differs from that 
of the 1-2 exchanger. In the 1-2 exchanger the uniform cross-section 
temperature varied along the length of the tube, In the present case the 
gas temperature at a cross section varies from row to row, and it can be 
seen that the true temperature difference is influenced considerably by 
whether one, both, or neither stream is mixed. 

When a gas passes at right angles to a bundle composed of a single 
row of single-pass tubes, both fluids may be considered unmixed. How­
ever, it is not always possible to determine clearly if both streams are 
mixed, the definition being somewhat arbitrary in the case of tube bundles 
with long and short tube lengths. In the study below, four common 
theoretical mixing possibilities are treated to permit an estimation of the 
error resulting from the assumption of any particular one of them. Not 
all the possible crossfl.ow temperature differences have been studied, but 
the principal derivations are available. 

The derivations below are essentially those of Nusseltl and Smith/ and 
the graphs of the final equations are in the form developed by Nagle and 
Bowman, Mueller and Nagle. 3 These derivations involve the usual 
assumptions except as qualified for mixing. If T refers to the hot :fluid, 
t to the cold :fluid, and subscripts 1 and 2 to the inlet and outlet, respec­
tively, it is convenient to define three parameters as follows: 

K = ~1-=- I2l 
s = t2- tl 

T1- t1 
At 

(r) = T1- t1 

From Eq. (7.39) for counterflow define 

R- 1 (K- S)/S 
(r)oountert!ow = ln (1 - S)/(1 - RS) = ln (1 - S)/(1 - K) 

1 Ntisselt, W., Tech. M ech. u. Therrnodynam., I, 417-422 (1930). 
'Smith, D. M., Engineering, 138,474-481,606-607 (1934). 
a See Chap. 7 for references. 
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Employing the factor F T to correct the LMTD to the true temperature 
difference At in crossfl.ow by the method introduced in Chap. 7, 

F'l! = (r) 
( r )c-ounterflow 

where At = F'l! X LMTD. Without a subscript (r) refers to the true 
value in crossfl.ow. 

Referring to Fig. 16.16 and applying the heat balances, 

UAe = ffU(T- t) dx dy 
WC(T1 - T2) = wc(t2 - h) 

LMTD = (T1 - t2) -· (T2 - t1) = At,. - At. = C
1 

At,. 
In (T1- t2)/(T2- t1) In At,,/ At. 

(16.71) 
(16.72) 

(16.73) 

and where C1 = ( 1 - ~::) j In ~~: is a function only of ~~:· Let XY be 

the total tube area swept out as the shell fluid moves downward in thea: 
direction and the tube fluid moves from left to right in the y direction. 

Case A. Both Fluids Unmixed. Referring to Fig. 16.17a, 

WC aT we iJt 
U(T- t) dxdy = -- dy-dx =- dx-dy Y ox X ax 

H 
, X UA 

x = x· we and 
, y UA 

y = Y we 

then 

T - t = -aT = +~ 
ax' ay' 

Solve when T = T1 at x' = 0 and t = hat y' = 0. 
The solution is expressed in a doubly infinite series. 

00 00 

(16.74) 

(16.75) 

T - tl = 1 + '\' '\' [ ( -1)"+v (u + v - 1) !v! (x')"(y')~] (16.76) 
T1 - t1 f..t f..t (u!v!) 2 

u=l•=l 

T2 is obtained by integration as the mean ofT when x =X andy goes 
from 0 to Y. Then WC(T1 - T2) = Q, x = X, x' = K/(r), y = Y, 
andy' = Sj(r). 

(r) = t t { c - 1)"+v ul(u ~ul~v~lv' + 1), [ ~r [ (~)T} <16·77) 
u=O•=O 

Values of F'l! are plotted for F'l! = (r)/(r).'""''"'~~ow in terms of RandS in 
Fig. 16.17a. 
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~0~~~~~~~-4~~--~~~~~~~ 

0.11-_.;.L.:!.-!--1---1-1--1---\-1--\---l-___:lt-~~-+~H 

(a) Both fluids unmixed. 

0.6'---'-----'-'-.1-L-I...J..-...LL..-..l-...l..,,.<,l--~---l.L-_..,..1 
0 ~ M M M W 

S:(t:~,-t1}/<Ti,-t 1) 
(JJ) One fluid mixed, other fluid unmixed. 

F1 O.SI--1---4--\--!-\-*-~,j-.:>.-1-\--P'r---1--\-+---1 

0.7 I-...!1.;.!.L..-!I---I---I--\-II-+--I--\-.\I--\--!--\-I--'-+-l----l 

D.4 o.s 0.6 
S=(t2-t1 )/IT1-t1) 
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T, 

··~·· 
Tz 

(d) Two-pass counterflow, shell fluid mixed, tube fluid unmixed. 

FIG. 16.17. Crossflow-temperature-differenoe correction ractors. (Bowman, Mueller, and 
Nagle, Transactions of the ASME,) 
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Case B. One Fluid Mixed, Other Fluid Unmixed. Referring to Fig. 
16.17b let the shell fluid be mixed. Tis a function only of x, but tis a 
function of both x and y. Consider a strip at x1 of width dx. The fluid 
flowing across the strip is at the constant shell temperatUTe T1, but the 
fluid flowing along the strip is unmixed and varies. If t is the unmixed 
varying temperature, at the inlet where t = t1 at y = 0, 

dt ux 
- =- (T- t) 
dy we · 

At the outlet of the strip the temperature is given by 

T - tz,Y = e-uXY/wc 

T- t1 

{16.78) 

(16.79) 

where t,, r-'fers to the strip. The total heat transfer in the strip to 
the mixed fluid is 

(16.80) 

Substituting for t,,Y in Eq. (16.80), integrating, and allowing for the 
boundary condition t = t1 at x = 0, an expression is obtained for T which 
gives T2 when x = X. Thus 

Tl - T2 = 1 - ewc!WC(l - e-UXY/1DC) 

T1- t1 

The parameters have been chosen so that 

Expressing (r) as an implicit function 

(r) = ----,-,--s ___ ___ 
In 1/(1 - .§. ln -

1
-· ) K l- K 

Factors for this equation are plotted in Fig. 16.17b. 

(16.81) 

(16.82) 

(16.83) 

Case C. Both Fluids Mixed. Referring to Figure 16.17c, Tis a func­
tion of x only and t is a function of y only. The total heat flow across a 
section dy is 

U dy Jo~~; (T - t) dx 
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where T is.vatiable and tis constant, The heat transferred is we dt and 

(16.84) 

Similarly, 
wcdt. l[Y 

UY dy + t = y j o t dy (16.85) 

Let i !ox T dx = a:2, ~ !o Y t dy = fJ2 where a:2 and fJ2 are constants. 

Substituting, integrating, and allowing for the boundary conditions 
T = Tt at x = 0 and t = t1 at y = 0, equations are obtained in a2 and 
fJ2· 

The integration also gives the temperature change for one fluid. 

t2 - t1 = (a2 - !1)(1 - e~81 C•l) 

(16.86) 

(16.87) 

(16.88) 

Solving simultaneously and using the temperature change times we to 
obtain the h~at transmitted, 

[ 
K/(r) S/(r) ] 

(r) 1 - e KiC•) + 1 - e s;(rl = 1 (16.89) 

Factors for this equation are plotted in Fig. 16.17c. Many of the cases 
for one crossfiow and several series passes have not been solved so far. 
The case of greatest value is that of one crossftow and two series passes 
in parallel flow-counterflow when the shell fluid is unmixed and the 
series fluid is mixed between passes. 

Case D. Shell Fluid Mixed, Two Pass, Counte1:flow, Fluid Unmixed 
Except between Passes. Let t12 be the mixed temperature between passes 
and T12 the corresponding shell temperature as shown in Fig. 16.17d. 
Call the upper pass I and the iower pass II, each with surface A/2. 
From Case B 

1 - Kr = e-Kit(Sli(l - e-SJ/(rli) 

and 

From the identity of flow in each path 

Kr K Ku 
s; = S = Su 

(16.90) 

(16.91) 

(16.92) 
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From the constancy of the heat-transfer coefficient and area in each pass 

(r)1 (r)II 
Kx = Ku (16.93) 

Let M = (Tt - t12)/(Tt - t1) and N = (T12 - tt)/(Tt - tt). Since the 
total heat transfer is the sum of both passes, 

and 

Also 

UA UA 
U A A.t = 2 A.tx + 2 <ltii 

(r) = ~.l11(r)r + ~N(r)u 
Tt - T2 = (Tt - T12) + (T12 - T2) 

K = MKr +NKn 
T1 - t1 = (Tt - t12) + (tu - t1) 

1 = M + NSn 
Tt - t1 = (Tt - T12) + (T12 - tt) 

1 = MKx +N 

(16.94) 

(16.95) 

(16.96) 

(16.97) 

(16.98) 

Solving all nine equations simultaneously and eliminating the eight 
unknowns Kx, Sr, (r)r, Kn, Sn, (r)xx, M, and N produces a solution in 
terms of K, S, and (r). From Eqs. (16.92) and (16.93) 

Kx Sr (r)x 
Ku = Sn = (r)u 

From Eqs. (16.90) and (16.91) 

Kr = Ku Sr = Szr (r)x = (r)u 

From Eqs. (16.94) and (16.96) 

Kz 1 K 
(r)x = 2 (r) 

Sx 1 S 
(r)r = 2 (r) 

(16.99) 

Eliminating M and N between Eqs. (16.96) to (16.98) and applying 
Eq. (16.92), 

Ki (1 + * -S) - 2Kr + K = 0 (16.100) 

Kx = K 
1 ± y(l - K)(1 - S) 

(16.101) 

Subst;ituting in Eq. (16.90) using only the positive root, 

v(l - S)/(1 - K) - S/R = K18(1 - J.\\S/(r1) 
1- SJK e e (16.102) 
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s 
(r) = ----------=,.--------

1 
2ln~~~~--~~~~~~~~~~ 

1 - (S/K) In y(1 - S)/(1 - K) - (S/K) 
I- S/K 

Factors for this equation are plotted in Fig. 16.17d. 
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(16.103) 

Dunn and Bonilla1 have treated the case of fin transfer with no trans­
verse mixing parallel to the extended surface and present graphs to permit 
a rapid solution for the system. 

Comparison ofThermal Efficiency in Different Arrangements. Exami­
. nation of the standard types of fluid-flow arrangements will indicate the 
relative thermal efficiency of each. There are three true fluid-flow 
patterns: counterflow, cross:flow, and parallel flow. Consider a :fluid 
being coolE;d from 400 to 200°F by a fluid being heated from 100 to 200°F 
so that the approach in terms of a 1-2 exchanger is zero or 200°F for a 
counterflow exchanger. 

Hot fluid 
400 
200 

Cold fluid 
200 = 200 = Ate 
100 = 100 = tlth 

Tt - T2 = 200 t2 - lt = 100 
R = 209-loo = 2.0 s = 10%oo = 0.333 

Type o.f Flow F'I' 
Counterflow, 1-1 exchanger .............................................. J .00 
Parallel flow-counterflow, 2-4 exchanger. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 0. 95 
Crossflow, shell mixed and two unmixed tube passes in series. . . . . . . . . . . . . . . . 0. 98 
Crossflow, both fluids unmixed. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 0. 90 
Crossf!ow, shell fluid mixed and tube fluid unmixed ......................... 0.87 
Parallel flow,-counterflow, 1-2 exchanger .................................. 0.81 
Cross:flow, both fluids mixed. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 0. 77 
Cross:flow, shell mixed and two unmixed parallel-flow tube passes............. 0 
Parallel flow. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 0 

The deductions which may be made from above are (1) that the pres­
ence of parallel flow greatly decreases the utilization of the thermal 
potential for heat transfer and (2) that mixing the fluid streams also 
decreases the utilization. The curves of FT vs. R and S for crossflow 
with two parallel tube passes have not been included in Fig. 16.17, since 
it is impractical for even moderate temperature approaches and has 
little value as a means of heat recovery. 

Film Coefficients to Transverse Fins. Almost all the data available 
on commercial scale runs have been made with air or flue gas. The heat-

1 Dunn, W. E., and C. F. Bonilla, Ind. Eng. Chem., 40, 1101-1104 (1948). 
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transfer curve employed here has been transposed from the data of 
Jameson,1 which agree within reasonable limits with the published results 
of Tate and Cartinhour2 on economizers. It has been found that the 
heat-transfer coefficient is not infl.uenced by the spacing of succeeding 
rows although nearly all the data were obtain~d for triangular pitch. 

The actual heat-fl.ow pattern in a transverse fin probably differs some­
what from the idealized picture used in deriving the fin efficiency. In 
triangular pitch the air or gas strikes the front and sides of the annular 
fins but not the back of the fin. As determined experimentally h1 is 
actually only an average value. The concentration of heat on the lead 
side of an annular fin probably introduces a potential for heat flow around 
the fin metal which was not considered in the der!vation. Discontinuous 
fins such as stars or other types give generally higher coefficients than 
helical or disc fins, and this may be attributed in part to the greater ease 
with which the gas penetrates the space between adjacent discontinuous 
fins. 

Because so many of the applications .involve gases, it has become a 
common convention in extended-surface heat transfer to use Colburn's 
heat-transfer factor j,. = (h/cG)(cp./k)%; The advantages of Colburn's 
form of the factor particularly with gases have been discussed in Chap. 9. 
For the sake of a consistent presentation the data of Jameson have been 
converted to the Sieder-Tate heat-transfer factor as shown in Fig. 16.18a 
with the value of the viscosity correction ¢ taken as 1.0 for gases. The 
equivalent diameter in Jameson's correlation has been defined by 

0 
_ 2(A, + Ao) 

• - 71' (projected perimeter) (16.104) 

The projected perimeter is the sum of all the external distances in the 
plan view of a transverse finned tube. The mass velocity is computed 
from the free flow area in a single bank of tubes at right angles to the gas 
flow. 

Pressure Drop for Transverse Fins. Unlike the heat transfer coeffi­
cient, the pressure drop is greatly influenced by the spacing of the succeed­
ing rows of tubes, their layout and closeness. It is often possible in 
transverse-fin equipment that the vertical and transverse pitches ·will be 
unequal. Of a number of excellent correlations of pressure drop in cross­
flow that of Gunter and Shaw3 is used here. It is equally satisfactory 
for crossfiow calculations over bare tubes and the correlation is based on 
oils, water, and air. While there has· been some objection to the broad-

t Jameron, S. L,, Trans. ASMFJ, 67, 633-642 (1945). 
• Tate, G. E., and J. Cartinhour, Trans. ASME, 67, 687-692 (1945). 
3 Gunter, A. Y., and W. A. Shaw, ·Trans. ASllfE, 67, 643-660 (1945). 
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ness of the correlation it gives relatively safe values for the pressure drop. 
The Reynolds numbers are computed on the basis of a volumetric equiv­
alent diameter which reflects the proximity and arrangement of the suc­
ceeding rows, and the pressure-drop equation contains two dimensionless 
configuration factors. The volumetric equivalent diameter is defined by 

D' = 4 X net free volume 
"" A,+ Ao 

(16.105) 

The net free volume is the volume between the center lines of two vertical 
banks of tubes less the volumes of the half-tubes and fins within the 
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l'm. 16.18. Transverse-fin heat transfer and pressure drop. ((a) Jameson (b) Gunter and 
Shaw, Tramactions of the ASME.) 

center lines. A configuration factor is a dimensionless group which is 
ordinarily lost in the derivation but which may be included at the dis­
cretion of the experimenter. The factors used here are STand SL where 
Sr is the pitch in a transverse bank and SL is the center-to-center distance 
to the nearest tube in the next bank. The pressure-drop equation is 
thus 

fG~ (D' )~.4(S )o.u 
f:.P = 5.22 X 1010 'X D~vs¢. S; S; 

(16.106) 

where Lp is the length of the path. Friction factors are given in Fig. 
16.18b. 
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Example 16.6. Calculation of a Transverse-fin Air Cooler. A duct 4'0" by 4'011 

carries 100,000 lb /hr of air. from a kiln drier at 250°F. The gas is to be used to preheat 
treated water from 150 to 190°F by revamping a section of the duct and installing 
1 in. OD, 14 BWG tubes with %in. high annular brass fins of 20 BWG metal spaced 
%in. apart. Assume the spacing for the tubes is o.n 2;!4-in. triangular pitch. 

Use dirt factors of 0.0030 on both streams. The pressure head on the gas side is 
only a fraction of a pound per square inch, so that the overall pressure drop must be 
low. 

How many tubes should be installed? How shall they be arranged? 

Solution: 

(1) Heat balance: 
Air at 14.7 psia, Q = 100,000 X 0.25(250 - 200) = 1,250,000 Btu/hr 
Water, Q = 31,200 X 1.0(190 - 150) = 1,250,000 Btu/hr 

(2) at: Assume that in the final arrangement the water will flow in series from one 
vertical tube bank to the next, so that there will be as many passes as ba:Qks. If 
there are more than several banks in a 4- by 4-ft duct, the air may be considered 
mixed. Figure 16.17d will apply. 

Hot Fluid Cold Fluid 

250 Higher Temp 190 

~ 200 Lower Temp 150 

50 Difference 40 

LMTD = 54.6°F 
50 40 

R = 40 = 1.25 S = 250 - 150 = 0.40 FT = 0.985 

.tl.t = 54.6 X 0.985 = 53.7"F 

(5.14) 

(Fig. 16.17d) 

(3) T. and t.: The average temperatures of 225 and 170°F will be adequate. 

Calculation of the duGt equivalent diameter and flow area: 

Equivalent diameter (refer to Fig. 16.19a): 
d _ 2 (fin area + bare tube area} (16.104) 

' - 1r (projected perimeter) 

Fin area, At = i (1.75t - P) X 2 X 8 X 12 = 310 in.2/ft 

Bare tube area, A. - 1r X 1 X 12 - ,. X 1 X 8 . 
X 0.035 X 12 = 27.2 

Total = 337.2 in.'/ft, (2.34 ftl/ft) 
Projected perimeter = 2 X % X 2 X 8 X 12 + 2(12 - 8 X 0.035 X 12) 

2 X 887.2 1 33 
. 

d, = ,. X 161.3 = · m. 

D, - 1.88/12 = 0.1!1 ft 

= 161.3 in./ft 
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(a)-PROJECTION 
(b)-ELEVATION 

FIG. 16.19. 
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21 tubes may be fit in one :vertical bank (Fig. 16.19b) 
20 tubes in alternating banks for triangular pitch 
a, = (4 X 12)(4 X 12) -21 X 1 X 48- 21(2 X 0.035 X% X 8 X 48) = 1079 in. 2 

= 107;!144 = 7.50 ft2 

Hot fluid: dttct, air 
(4') a, = 7.50 ft 2 

D, = 0.111 ft 
(5') G, = W /a, 

= 100,000/7.50 
= 13,300 lb/(hr)(ft•) 

(6') At T. ""225°F, 
,. = 0.0215 X 2.42 = 0.052lb/(ft)(hr) 

[Fig. 15) 
Re, = D,G,/JL 

=- 0.111 X 13,300/0.052 = 28,400 

Cold fluid: tubes, treated water 
(4) a; = 0.546 in. 2 [Table 10) 
Assume each bank carries all of the water. 
a1 = N 1(a;/144n) [Eq. (7.48)] 

= 21 X 0.546/144 = 0.0795 ft 2 

D = 0.834/12 = 0.0695 ft 
(5) G, = wja, 

= 31,200/0.0795 
= 392,000 lb/(hr)(ft2) 

V = G,j3600p = 392,000/3600 X 62.5 
= 1.74 fps 

(7') it = 157 [Fig. 16.18a) (6) At t. = 170°F, 
(8') At T. = 225°F, JL = 0.37 X 2.42 = 0.895lb/(ft)(hr) 
k = 0.0183 Btu/(hr)(f~2WF/ft) [Fig. 14) 
(cp.jk)'!.l = (0.25 X 0.052/0.0183)~3 = 0.89 Ret = DG,/JL (for pressure drop only) 
q,, = 1.0 (for air) = 0.0695 X 392,000/0.895 = 30,400 
(9') h1 =j,(k/D,)(cJL/k)'!.l [Eq. (6.15)] (9) h; = 710 X 0.94 = 667 [Fig. 25] 

_ 0.0183 _ 
23 1 

Rd; = 0.003, ha; = 1/0.003 = 333 
- 157 X 0.111 X 0.89 - . q,, = l.O 

R.w = 0.003; hao = 1/0.003 ""333 

1 haoht 333 X 23.1 
hi = -hd-o -+-h-1 = 3--:3-::-3--'-+.:...,2""3-.1 

= 21.5 Btu/(hr)(ft2WF) 
[Eq. (16.37)) 

h~ = ha;h; = 333 X 667 = 222 
' ha;+ h; 333 + 667 

[Eq. (16.40)] 
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h;, (see Fig. 16.13a) k for brass = 60 Btu/(hr)(ft2)(°F jft) (Table 3) 

0.035 
Yb = 

2 
X 

12 
= 0.00146 ft 

• ,-,- (0.875- 0.5) ,--:2-:-1.-:-5-
(r, - ro) V h,fkyo = . 12 '\J 60 X 0.00146 = 0.49 

~ = 0.875 = 1.75 
To 0.50 
!J = 0.91 (Fig. 16;13a) 
I h~ 

h1, = (0 X A1 + A.) A; (16.34) 

A, = 0.218 ft 2/ft 

h1',· = (o.91 ~ + 27
·
2
) 

21
·
5 

= 212 
X 144 144 0.218 

U _ h~,h; _ 212 X 222 = 108 (16.41) 
D< - h~; + ~ - 212 + 222 

Inside surface;bank = 21 X 4 X 0.218 = 18.3 ft2 

A. = _Q_ = 1,250,000 = 215 ft' 
' Um t.>.t 108 X 53.7 

Use 215/18.3 = H.8 banks, say 12 banks.t 

Pressure Drop 
(1 ) D' = 4 X net free volume 

•, frictional surface 

Refer to Fig. 16.19b 
1.95 1 ,.. P X 4 1 ,. 

Net free volume = 4 X 4 X - - - (21 + 20) - X -- - - (21 + 20)-
1.2 2 4 144 2 4 

(1.752 - 12) Oi~5 X 8 X 4 
= 1.91 ft 3 

Frictional surface* = i (21 + 20)2.34 X 4 = 192 ftZ 

D' 1.91 ., = 4 X 
192 

= 0.040 ft 

G. = 13,300 lb/(hr)(ft•) 
Re. = 0.040 X 13,300/0.052 = 10,200 
f = 0.0024 ft2/in.• {Fig. 16.18b] 

P = 359 x2;s%9z = o.o58Ib/fV 

8 = 0.058/62.5 = 0.000928 
L11 = 12 X 1.95/12 = 1.95 ft 

(~;.y-~ = c~~~~2y~ = 0.538 

<~~r&- 1.0 

(1) Re, ""' 30,400 
! = 0.00020 ft2/in.' [Fig. 26] 

1 The effective path for pressure drop will be approximately 12 X 1.95 in. = 23.4 in. 
* The walls of the duct may be neglected. . 
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AP, = /G";Lrt 
(
2

) 5.22 X 1010Ds<f>, 
0.00020 X 392,000• X 4 X 12 

= 5.22 X 1010 X 0.0695 X 1 X 1 

0.0024 X 13,3002 X 1.95 X 0.538 
== 5.22 X 1Q1° X 0.040 X 0.000928 X 1 
= 0.23 psi = 0.41 psi 

Return losses will be negligible. 

Double Extended Surface. Another type of heating element, which at 
first inspection appears to offer unlimited possibilities, is the double 
extended surface. Suppose two flowing fluids are separated by a metal 
wall and the surface is extended into both fluids by means of spines or 
pegs whose bases are superimposed. Per square foot of wall area it 
should be possible to add as much surface as desired as long as there are 
no restrictions along the axes of the spines. Such an arrangement will 
be called for only when the coefficients from both fluids to their respec­
tive fins is sinal!. Under these conditions it is. usually found that an 
unpractical length of fin is required for even a moderate total heat trans­
fer. The fin efficiencies and total transfer can be determined by the 
methods already treated and by the use of Fig. 16.13c or d. The heat­
transfer coefficients generally must be approximated from more conven­
tional arrangements. 

PROBLEMS 

16.1. A double pipe exchanger· consists of a 3-in. IPS outer pipe and a 134-in. IPS 
inner pipe on which several arrangements of fins 34 in. high are under consideration. 
Compare the weighted efficiency curves with that in Fig. 16.9 when the following are 
used.: (a) 18 steel fins, 20 BWG; (b) 18copper fins, 20 BWG; (c) 18 steel fins, 16 BWG. 

16.2. 4620 lb jhr of a 28° API gas oil will be used to preheat 5700 lb /hr of a 110° API 
butane reactor feed at elevated pressure from 260 to 400°F. The gas oil will enter at 
575°F and· leave at 350°F. A pressure drop of 10 psi is permissible on the gas oil, but 
on the reactor feed it should not exceed 2 to 3 psi. Dirt factors of 0.002 should be 
provided on each side. The gas oil is the controlling fluid and should flow in the 
annulus. 

Available for the purpose are a number of 20-ft hairpin double pipe exchangers con­
sisting of 2~-in. IPS outer pipes and 1:;1 in. OD, 10 BWG inner tubes with 24 fins 
20 BWG, 34 in. high. 

How many sections should be used, and how shall they be arranged? 
16.3. In a regenerative gas-absorption process 10,300 lb/hr of 15°Be caustic soda 

(s = 1.115) leaves the regenerator at 240°F and is cooled to 170°F. The heat is 
absorbed by 10,300 lb/hr of 15°Be caustic soda at 100°F being sent to the regenerator. 

Available for the service are a number of 20-ft hairpins consisting of 3-in. IPS shells 
and 134-in. ·IPS inner tubes with 24 fins 20 BWG, 34 in. high. Pressure drops of 
10 psi are allowable. Dirt factors of 0.002 should be provided on each side. 

How many sections are required, and how shall they be arranged? 
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16.4. 20,000 lb/hr of nitrogen at 0 gage pressure is to be heated from 100 to 175°F 
using exhaust steam at 212°F, Fouling factors of 0.002 should be provided for both; 
Available for t?e service is a 1931: in. ID 1-2 exchanger containing 56lj:i in. O:b tubes, 
12'0" long and having 24 fins 20 BWG, }1 jn, high arranged for two passes. 

Is the exchanger satisfactory? What are the pressure drops? 
16.6. A textile impregnating room measures 50 by 100 by 12ft. Because of the 

possibility of developing an explosive and to:ric concentration it is necessary to change 
the air eight times an hour. To provide comfortable conditions the room should be 
kept at: 75°F, although no provision will be made for humidity control. The lowest 
winter temperature to be anticipated is 30°F (Middle Atlantic). The air intake will 
be through an existing 4 by 4ft duct in which a tempering coil is to be provided usfug 
exhaust steam at 212°F. 

Available are 4'0" long helical fin tubes with male and female threads. These are 
% in. OD, 16 B\VG with % in. high brass fins O.oi8 in. thick spaced six to the inch. 
Assume that they will be installed on Hi-in. triangular pitch. 

How many tubes are required? What static pressure must be available in the duct? 

NOMENCLATURE FOR CHAPTER 16 

a , 
a, 
a~ 

b 
c 
c,, c., c,, c., c., c., c1 
c~, c~, · 
c 

I 
[J 

g 
h 
h~ 

Total outside heat-transfer surface, ftz 
Surface of thin fins (both sides), ft• 
Surface on inside of tubes and bare surface on the outside 

of a finned tube, respectively, ft2 
Flow area, ftZ 
Flow area/tube, inz 
Cross-sectional area of fin at right angles to the heat flow, ftZ 
Length of fin from outer edge to the base, ft 
Specific heat of hot fluid in derivations, Btuj(lb)(°F) 
Constants, dimensionless 
Constants, dimensionless 
Specific heat of cold fluid, Btu/(lb)(°F); a constant in the 

solution of the Bessel equation, dimensionless 
Inside diameter of tubes or pipes, ft 
Inside diameter of tubes, in. 
Equivalent diameter for heat transfer and pressure drop, ft 
Volumetric equivalent diameter for crossflow, ft 
Napieran base 
Temperature-difference factor, At ==For X LMTD, dimen-

sionless 
Friction factor, ft2/in2 

Mass velocity, Ib I (hr) (ftZ) 
Acceleration of gravity, 4.18 X 10a ft/hr• 
Heat-transfer coefficient in general, Btu/(hr)(ft2) (°F) 
Heat-transfer coefficient h~ or h, to fin delivered at the base 

of the fin, Btu/(hr)(ftt)("F) 
Dirt coefficient equivalent to the reciprocal of the dirt 

factor inside the tube Rd1 and outside the tube, R®, 
respe.ctively1 Btu/ (hr) (ft2) (°F) 

Heat-transfer coefficient on fin side of a pipe or tube, heat­
transfer coefficient on fin side of a pipe or tube corrected 
for the dirt factor, Btu/ (hr) (ft2) (°F) 



h; 
I.(u) 

k 
L 
Lp 
LMTD 
l 

p 
tJ.P 
p 

Q 

Re, Re 

1' 

(r) 

(r )oo~mtorllow 

s 
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h, and h~ corrected to the inside surface of a pipe or tube, 
respectively, Btu/(hr) (ft2){°F) 

Value of h~; if there were no resistance in the fin itself, 
Btu/(hr) (ft2) (°F) 

The average film coefficient of the outside diameter of th« 
tube weighting h, to the fin surface and to the tube out­
side surface, Btu/(hr)(ft2)(°F) 

Heat-transfer coefficient for th« fluid inside the tube, h; 
corrected for the dirt factor, Btu/(hr)(ft2)(°F) 

Heat-transfer coefficient for outside fluid, Btu/ (hr) (it') (°F) 
Modified Bessel function of the first kind and order n, 

dimensionless 
v-=1, dimensionless 
Factor for heat transfer to finned pipes and tubes, dimen­

sionless 
The Sieder-Tate and Colburn heat-transfer factors, 

dimensionless 
Temperature group for crossflow (T, - Te)/(T~ - t,), 

dimensionless 
Modified Bessel function of the second kind and order n, 

dimensionless 
Thermal conductivity, Btu/ (hr) (ft') (°F /ft) 
Length of tube, ft 
Length of path, ft 
Logarithmic mean temperature difference, °F 
Height of fin at any point, ft 
Either of two constants used in the derivation of longi-

tudinal or annular fins, dimensionless 
Number of fins (per tube) 
Number of tubes in bundle 
Number of tube passes; a constant denoting the order of 

the Bessel function, dimensionless 
Perimeter, ft 
Pressure drop, psi 
A constant in the Bessel equation, dimensionless; pressure. 

atm 
Total heat flow or total heat flow through bases of fins and 

bare tube surface, Btu/hr 
Heat flow, heat flow through bare tube surface, Btu/hr 
Temperature group (T1 - T,)/(t, - t1), dimensionless 
Dirt or fouling factor, outside tube and inside tube, 

(hr) (ft2) (°F) /Btu 
Reynolds number for heat transfer and pressure drop, 

dimensionless 
Radius, ft 
Temperature group in crossflow, At/(T, - t,), dimensien­

less 
Temperature group in counterflow, LMTD/(T, - t,), 

dimensionless 
Temperature group (t2 - t1)/(T1 - t1), dimensionless 
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8 

T 
Ts 
t 
T., t. 

At 
Ate, Ath 
Aft, Ata;,, Atd;, At; 

u 
v 
v 
w 
w 
X, Y,x,y 
y 

fJ 

e 
p. 

/lw, 1'/w 

p 
q, 
n 
n' 
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Spl'lcifia gravity, dimensionless 
Temperature of hot fluid, •F 
Temperature of steam, °F 
Temperature of fin or cold fluid in general, °F 
Caloric temperature of hot fluid and cold fluid, respectively, 

from Eqs. (5.28) and (5.29), •F 
Temperature ~-f tube wall, temperature in fin metal, 

temperature of wall in finned tubes, °F 
Temperature of clean fin, temperature of fin beneath dirt 

film, oF 
True temperature difference, •F 
Hot and cold terminal differences, •F 
Temperature drops across fin coefficient, outside dirt, 

inside dirt, and the inside fluid film corrected for viscos­
ity and dirt, °F 

Overall design coefficient of heat transfer based on the 
inside tube surface, Btu/ (hr) (ft2WF) 

Overall clean coefficient of heat transfer based on inside 
tube surface, Btu/(hr)(ft') (°F) 

A function 
Velocity of flow, fps 
A' function 
Weight flow in general, weight flow of hot fluid, lb/hr 
Wcight flow of cold fluid, lbjhr 
Distances, ft 
Half the width of a fin, ft· 
Constant in transverse fin and crossflow derivations 
Constant in transverse fin and crossflow derivations 
Temperature difference between fluid and fin T - t, "F 
Viscosity at the caloric temperature, lb/(ft) (hr) 
Viscosity at the tube wall or fin temperatures, t, or It,., 

lb/(ft)(hr) 
Density, lb/ft3 

Viscosity mtio (p,jp1,.) 4-«, dimensionless 
Fin efficiency h;/h" dimensionless 
Weighted efficien<'y for fin and bare tnbe, dimensionless 

Subscripts (except as noted above) 

a 
b 
e 
i 
8 

t 
I 
II 

Annulus 
Base (offin) 
Edge (of fin) 
Interface of film or inside of pipe or tube 
Shell 
Tube 
First of two passes 
Second of two p!!.sses 



CHAPTER 17 

DIRECT-CONTACT TRANSFER: COOLING TOWERS 

Introduction. In all preceding chapters the hot and cold fluids were 
separated by impervious surfaces. In tubular equipment, the tube 
limits the intimacy -of contact between the hot and cold fluids and also 
serves as a surface upon which resistances accumulate as fouling and scale 
films. In order that a turbulent fluid in a tube may receive heat, par­
ticles in the eddying fluid body must contact a warm film at the tube wall, 
take in heat by conduction, and then mix with the eddying fluid body. 
A similar process occurs on the shell side, and the net heat exchange 
may occur through- as many as seven individual resistances. 

One of the principal reasons for employing tubes is to prevent the 
contamination of the hot fluid by the cold fluid. When one of the fluids 
is a gas and the other a liquid, an impervious surface is often unneces­
sary, since there may be no problem of mutual contamination, the gas 
and liquid being readily separable after mixing and exchanging heat. 
Fouling resistances are automatically eliminated by the absence of a sur­
face on which they can collect and permit a direct-contact apparatus to 
operate indefinitely with uniform thermal performance. The greater 
intimacy of the direct contact generally permits the attainment of greater 
heat-transfer coefficients than are usual in tubular equipment. 

Perhaps the outstanding application of an apparatus operating with a 
direct contact between a gas and a liquid is the cooling tower. It is 
usually a boxlike redwood structure with redwood internals. Cooling 
towers are employed to contact hot water coming from process cooling 
systems with air for the purpose of cooling the water and allowing its 
reuse in a process: The function of the wooden internals, or fill, is to 
increase the contact surface between the air and the water. A cooling 
tower ordinarily reduces the fresh cooling-water- requirement by about 
98 per cent, although there is some mutual contamination caused by the 
saturation of the air with water vapor. 

The prospective use for direct-contact equipment in other services 
requiring rapid rates of heat transfer is perhaps greater than for any other 
type of heat-transfer apparatus. Although applied now almost exclu­
sively to the humidification of air or the cooling of water, the principles 
of direct-contact heat transfer may be applied to the cooling or heating of 
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other insoluble gases or liquids. This is especially true in the cooling of 
gases over long temperature ranges. The jet condenser referred to in 
Chap. 14 is also an example of direct contact as applied to condensation 
in which a large heat load may be condensed in an apparatus of small 
volume. A modification of the same principle might· readily be applied 
to the condensation of organic vapors by a spray of water and particu­
larly to the problem of condensing an oil vapor in the presence of a non­
condensable gas. Future developments may well be anticipated for the 
recovery of atomic energy in commercial fission processes, in jet pro­
pulsion, and in gas-turbine cycles. This chapter treats the theory and 
develops the principal calculatimis applicable to direct-contact heat 
transfer. 

Diffusion. If dry air· at constant temperature is saturated by water 
at the .same temperature in a direct-contact apparatus, the water vapor 
entering the air carries with it its latent heat of vaporization. The 
humidity of the ah•-water-vapor mixture increases during saturation 
because the vapor pressure of water out of the liquid is greater than it 
is in the unsaturated air and vaporization is the result. When the v.apor 
pressure of water in the air equals that of the liquid, the air is saturated 
and vaporization ceases. The temperature of the water can be kept 
constant during air saturation if heat is supplied to it to replace that lost 
from it to the gas as latent heat of vaporization. Clearly, then, the heat 
transfer during the saturation of a gas with a liquid can be made to pro­
ceed without a temperature difference, although such a limitation is 
rarely encountered. It is seen, however, that there is a fundamental 
difference. between this type of heat transfer and conduction, convection, 
or radiation. 

When a movement of material is promoted between two phases by a 
vapor pressure (or concentration) difference, it is diffusion and is charac­
terized by the fact that material is transferred from one phase to another 
or between both phases. This behavior is called mas~; or material transfer 
to set it apart from the ordinary concepts of heat transfer. While the 
phase-rule definitions apply to systems at equilibrium, if a phase is 
not homogeneous, self-diffusion may occur as the phase approaches 
homogeneity. 

For the condensation of a vapor in the presence of a noncondensable 
gas it was expedient in Chap. 13 to introduce Colburn's analogy between 
heat transfer and mass transfer. This in turn was compared with 
Reynold's analogy between heat transfer and fluid friction as discussed in 
Chap. 3. The Reynold's analogy holds more closely for heat transfer 
and fluid friction than do the Colburn and other analogies for heat trans­
fer and mass transfer. In the condensation of a vapor froin a noncon-
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densable gas an inert film near the tube wall retards the condensable 
vapor from reaching the condensate film at the tube wall. The rate at 
which the vapor passes through the inert film is a function of the pressure 
of the vapor in the gas body and in the condensate film adjoining the tube 
wal~ and follows the mechanism of diffusion. 

Several of the illustrative examples solved in this chapter can be under­
stood without a thorough background in the theory of diffusion, but the 
advantagefl of a good foundation are evident. The elements of simple 
diffusion alie presented here in abbreviated form, drawing, wherever pos­
sible, upon the similarity of diffusion to convection heat transfer. Excel­
lent treatments of the subject may be found in Sherwood1 and Perry2• 

Diffusion Theory. Diffusion involves the passage of one fluid through 
another. Consider a gas, such as air, containing a small amount of 
acetone vapor which is soluble in water 
while the air may be considered insolu- Co/qmn 3 2 1 
ble in water. Suppose the air-acetone Li'qui'd Liquid Air Air 

body film f/lm body 
mixtur_e is fed to a tower which has 
fresh water flowing continuously down ( ) L- I." 
its walls so that any acetone molecules 1 ~ 11' J, 
which might bound into the water are l1l

1 ~ 1• 
removed by it from the gas body. How ' i v ll' l 
fast will acetone molecules be removed J ( 1 't' l l I , , , ,, ., 
from the gas body? L )1 

• \ I IJ' .IJ,i, -,~·:, 
An idealized picture of the problem 1 ' 1, ) 11 J :

1 
', • >A-' A • ·, 

. h . F' 7 I I 1 1 1• I·' i-'·: 
IS S own Ill Ig. 1 .L t may be ! 'l ,' 1. Ill) ·

1
: •1 •:-.~:::~ ;:;. assumed that a relatively stagnant "_ '-' , 1 1 .. I. , . ._ , • -.. 

air film forms at the liquid surface 3' 2' r' 
owing to the loss of momentum of FIG. 17.1. Film theory showing prin-

cipal resistances. 
the air molecules striking the liquid 
film and being dragged along by it. This is represented between 1-1 
and 2-2'. The liquid film may also be considered relatively stagnant 
compared with the air body. This is the basis of the "two-film" theory. 
It may be conceded, because of the mutual solubility of acetone in water, 
that the rate at which acetone molecules can pass through the liquid film 
is exceedingly great. Thus the acetone molecules in the air film which 
arrive at the liquid film are depleted so rapidly by solution in the liquid 
film that the concentration of acetone molecules in the air film is less 
than it is in the gas body. This establishes a pressure or concentration 

1 Sherwood, T. K., "Absorption and Extraction," McGraw-Hill Book Company, 
Inc., New York, 1937. 

sPerry, J. H., "Chemical Engineers' Handbook," 3d ed., Sec. 8, pp. 523-559, A. P. 
Colburn and R. L. Pigford, McGra-~1·~Hill Book Company, Inc., Xew York. 1950. 
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gradient between the air body and the air film which continuously pro­
motes the movement of acetone molecules in the direction of the liquid. 
This picture is analogous to that of the steady~state film theory of Chap. 3 
in which a temperature gradient promoted heat transfer. 

The air and liquid films are similar to thermal resistances in series. 
In the case of diffusion from 1-1' to 2-2' the concentration difference of 
the diffusing air-acetone mixture is the potential for the mass transfer 
of the acetone across the several resistances in series. Designating the 
diffusing gas by the subscript A and the inert or insoluble gas (air) by 
the subscript B the concentration of each gas may be expressed indi­
vidually by its molar density, ·fl mols/ft3• The rate at which the concen­
tration of A in the air body decreases, -dli.t, depends upon four factors: 
(1) the number of mols of A, o.t; (2) the number of mols of B, os; (3) the 
relative difference of movement between the velocity of A, UA and the 
velocity of B, Us in the direction of diffusion; and (4) the length of the air 
film dl. 

(17.1) 

where aAs is the proportionality constant. If the net diffusion of the 
insoluble gas is zero, us = 0 and Eq. (17.1) reduces to 

(17.2) 

If N A is the number of pound-mols per hour transferred through A ft 2 

of film surface, 

and since 
-doA = dos 

N 
4 

= ___:!.__ dos = __:!_ d ln os 
. CiAsOs dl aAs dl 

and .for equimolal diffusion of A into B. 

From Eq. (17.1) 

-dflA = (a.tB0s1lA0A - dA.BOA.Usoa) dl = a.!sU..tO.t(OA + os) dl 
1 d/iA 

aAB(OA +./is) (jf 

(17.3) 

(17.4) 

(17.5) 

(17.6) 

(17.7) 

(17.8) 

(17.9) 
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From the continuity equation, input - output = accumulation. At 
steady state there will be no accumulation of A in the gas film. In 
pounds per cubic foot per unit. time 

(17.10) 

where M A is the molecular weight of gas A and fJ is time. 

(17.11) 

Call 5.A + aB = a the total number of mols per cubic feet. 

iJ5A = ~ (k iJo.A) 
ao al d al (17.12) 

Defining the constant led = 1/ aAno or 
1 

aAn = ka.o (17.13) 

kd is the diffusivity or diffusion coefficient introduced in Chap. 1.3. It is 
basically defined, however, by Eqs. (17.12) and (17.13). Returning to 
Eq. (17.6), 

N A = ka. OA d ln oB 
dl 

(17.14) 

And for a perfect gas, which the insoluble gas usually approximates, 

o=!!:.=_E!_ 
v RT 

where n = total number of mols 
Pe = total pressure 
R = gas constant 

N A dl = kdptA d ln OB 
RT 

(17.15) 

(17.16) 

Integrating over the length of the gas film from the gas body to the 
gas~film-liquid-film interface, 

N A = kdptA In~ = kdptA ln Pn 
RTl OBi RTl PBi 

(17.17) 

where the concentrations have also been expressed by the partial pressures 
a.nd where the subscript B, refers to the value at the interface2-2'. Fora 
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driving force across the gas film consisting of the two pressures PB and 
PBi, let PBm be the log mean driving pressure of the inert B. Then 

and 

PB- PB• 
PBm = 1 ·n PB/PBi 

ln Pn = Pn - PH< 
PBi .PBm 
kdptA 

NA = RTlPBm (PB - Pn>) 

(17.18) 

(17.19) 

(17.20) 

This is similar to the ordinary transfer equation Q = hoA(T. - tw), using 
the nomenclature of Chap. 6, where T. - iw is the temperature difference 
at a single cross section and the tube-wall temperature tw corresponds 
to the interface concentration. Since the partial pressure of a componen.t 
is prol?ortional to its mol fraction in a mixture of perfect gases, 

(17.21) 

where y and u, :;~-re the mol fractions in the gas body and at the interface 
and 

(17.22) 

kG may be compared with h for one of two fluids engaging in heat transfer; 
The diffusivity can be determined experimentally by measuring the 

rate of evaporation of the diffusing gas A from a volumetric container 
into an inert which is passed over the vessel. Diffusivities can be com­
puted by the Gilliland equation [Eq. (13.31)]. It wm be noted that in 
Eq. (13.31) kd is inversely proportional. to the total pressure on the 
system Pt so that in Eq. (17.20) no correction need be made for pressure, 
since the product kdPt in the numerator will be constant. 

In an ordinary diffusion tower the potential difference p - P> or y - Y• 
differs at every cross section or height of the tower as material is trans­
ferred out of the gas body. If 'the total transfer is the sum of a number 
of transfers through incremental surfaces with a differential potential on 
each increment, the differential equation for the entire height in ·which all 
the surface is contained becomes 

dNA = kG(P - p;) dA = kGpt(Y - y,) dA (17.23) 

Just as the total heat transfer Q can be calculated from a single individual 
film coefficient, the total surface, and the temperature difference between 
the fluid and the tube wall, so the material transfer can be determined from 
the change in the gas phase alone, using Eq. (17.21). The total material 
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leaving the gas phase is obviously the same as that which enters the liquid 
phase. By a similar analysis to' that above it can be shown that, for the 
liquid-film-liquid-body interface, 

(17.24) 

where [c] is the concentration in the liquid with subscripts as above, x 
the mol fraction of the diffusing material in the liquid, and kL is the liquid­
side diffusion coefficient. Expressed as an equality, 

dNA = lcapt(Y - Yi) dA = lcL[c].v(Xi - x) dA (17.25) 

ka and kL are the reciprocals of the two resistances in series comprising 
the gas and liquid films. In terms of overall coefficients and the overall 
potential for diffusion 

dNA = Ka(p - p') dA = KL([c]~ - [c]A) dA 
= KaPt(Y - y') dA = KL[c].v(x' - x) dA 

(17.26) 

where p' = partial pressure of the diffusing vapor which would be in 
<equilibrium with liquid of the concentration of the liquid 
body, atm 

(c]~ = concentration of the diffusing vapor which would be in equi­
librium with the partial pressure of the diffusing vapor in the 
gas body, lb-mols/ft3 

x' andy' = mol fractions corresponding to [ c ]~ and p', respectively, dimen­
sionless. 

The overall coefficients are expressed in either of the two ways 
Ka = overall coefficient of mass transfer, lb-mols/(hr)(ft2) (atmos­

phere of partial pressure difference) 
K L = overall coe.fficient of mass transfer, lb-mols/ (hr) (ft2) (con­

centration difference/ft3) 

K:a and KL may be related to the individual films and to each other by 
means of Henry's law. 

p' = CH[c]~ 

where p' is the equilibrium partial pressure of A in the gas phase corre­
sponding to a liquid concentration of [c]~ lb-mols/ft3

• CHis the Henry's 
law proportionality constant. The law holds only for relatively dilute 
solutions. 

Then 

(17.27) 

(17.28) 
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KG and KLare really the same except for the dimensional differences in 
the respective equations in which they are employed. Equations (17.27) 
and (17.28) will be seen to resemble Eq. (6.7) for obtaining the overall 
coefficient of heat transfer from two individual film coefficients. 

Colburn1 has introduced the idea of a unit of mass transfer which is a 
measure of the number of interphase equilibrium changes required to 
effect a given amount of diffusion. It is identical with the concept of a 
theoretical plate in distillation under a particular condition. If Gm is 
the gas rate in mols per hour per square foot of tower cross section and 
dy is the change of concentration of the diffusing component, dNA = G,. dy 
and Eq. (17.26) can be written 

Gm dy = KGPt(Y - y') d.4. (17.29) 

If the surface per cubic foot of tower is a ft 2/ft3, the total surface is 
dA = a dV, where V is the volume of the tower per square foot of tower 
cross section. 

n1 = J _!:1!_ = KGa X 
Y- y' Gm (17.30) 

The integral of dyj(y - y') over the entire height of tower gives the 
number of times the average potential may be divided into the total 
desired concentrate change. This is an index of the size of the absorp­
tion or desorption task which must be accomplished, and nt is called the 
number of transfer units. When nt is multiplied by Gm, it gives KGa V, 
which is the total number of mols of material transferred. Different 
heights of various diffusion towers are required for the accomplishment 
of one transfer unit of diffusion depending upon how a particular to:\ver 
is constructed and how much surface it contains per cubic foot of volume. 
From experiments on a particular type of tower of overall height Z it is 
possible to determine experimentally the number of transfer units of 
diffusion accomplished by it, and the height of a single transfer unit 
HTU will be 

z 
HTU=-

nt 
(17.31) 

The Wet-bulb Temperature. Humidification is a form of heat transfer 
as well as a form of diffusion. In air conditioning systems it is the 
increase in the moisture content of air and is usually accomplished by a 
spray washer. In a cooling tower air is also humidified but cold water 
and not moist air is its principal product. Particularly relative to the 
cooling tower, it is customary in the United States to define the moisture 
content of air by its wet-bulb temperature. This is a valuable concept, 

1 Colburn, A. P., Trans. AIChE, 35, 211 (1934). 
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since it will be shown later that the wet-bulb temperature is also the 
lowest water temperature which can possibly be obtained by adiabatic 
humidification. The wet:-bulb temperature is described here because it 
is a simple concept from which an excellent picture of simultaneous mass 
and heat transfer can be dra·wn. Refer to Fig. 17.2 which consists of a 
thermometer surrounded by a wick dipping into iYater at the same 
temperature as the surrounding air. The wick is always wet. A second 
thermometer is suspended in the surrounding air to indicate the dry-bulb 
temperature. 

Assume that unsaturated air at any dry bulb is ·circulated over the 
wick. .Because the 'Nick is wet and the air is unsaturated, the partial 
pressure of the water vapor out of the wick is greater than that of the 
water vapor in the circulated air and water 
evaporates from the wick to the air. But 
the evaporation of water from the wick 
.requires many Btu of latent heat, which 
must come from somewhere. Whim the 
air is initially circulated over the wick, the 
Btu could come from the wick itself by 
lowering the terriperature of the wick 
below its· initial temperature. If the 
initial wick temperature was the same as 
the dry bulb, any temperature drop in 
the wick would establish a temperature 

-- Air 

difference between the dry-bulb tempera- FIG. 17.2. The wet-bulb ther­
ture and the lower tE;mperature of the wick. momcter. 

This causes sensible heat to flow from the air into the wick, thereby reduc­
ing the air temperature. An additional depression of the wick tempera­
ture continues as.long as air is circulated, until a point is reached at which 
the temperature difference between the dry bulb and the wick causes 
just enough heat to flow into the wick to counterbalance the loss of heat 
from the wick by evaporation. Under this condition an equilibrium is 
e:;;tablished whereby the vaporization into a cubic foot or a pound of air 
is offset by the sensible heat removed from a cubic foot or a pound of air. 
Thus it should make no difference whether the air passes slowly or rapidly 
over the wick when the equilibrium is attained; the temperature of the 
wick should be depressed to the same extent, since the amount of water 
evaporating into each pound of dry air is offset by an equal sensible-heat 
removal from the same pound of air. The faster air is circulated over the 
wick, however, the greater will be the weight· of water evaporated from 
the wick. This convenient temperature is called the wet-bulb tempera­
ture. The wet bulb naturally varies for air of a given dry bulb according 
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to the extent to which it is saturated before contacting the wick, since the 
degree of saturation affects the amount of water vapor which can be 
evaporated into the air and consequently the amount of heat which can 
be removed from it. 

The depression of the temperature of the wet-bulb thermometer, in 
the experiment desoribed above, started when the water, presumably at 
the dry-bulb temperature, evaporated into the air at the same tempera­
ture. If the air had been saturated at the dry-bulb temperature, no 
water would have evaporated at all. If instead of humidifying air our 
primary interest was in a process for obtaining cold water by evaporating 
part of the water from the wick, the lowest water temperature attainable 
would be the wet-bulb temperature. Thus a cooling tower or any other 
humidifying apparatus which transferred no heat to or from its surround­
ings while the air and liquid were in contact could cool the water only 
to the wet-bulb temperature of the air, which is a function of the degree 
of saturation of the air or inert gas with the liquid being evaporated. In 
the northern part of the temperate zone, where a wet-bulb temperature 
of 75°F occurs in the summertime, it is impossible to cool water lower than 
75°F except by refrigeration. 

The process between the air and the wick can be described rather 
simply for th~ equilibrium condition when the wick has presumably 
reached the wet-bulb temperature. Let X be the absolute humidity of 
the original air, pounds of water per pound of dry: air, which is related to 
the partial pressure of the water vapor in the original air by 

X Pwa.ter vapor M w 

= Pt -'Pwatervapor X Ma 

where Mw and Ma. are the molecular weights of water and air. Let X' 
be the humidity (or vapor pressure) of the water out of the wick at the 
wet-bulb temperature. For simplicity, a diffusion overall mass-transfer 
coefficient Kx will be used in which the evaporative potential from the 
wick to the air is expressed in terms of the two humidities X' and X, 
whereas Ka employs the pressure in atmospheres to express the diffusion 
potential. Then. if X is the latent heat of vaporization, the heat leaving 
the wick per square foot of surface is given by 

Q A= Kx(X'- X)X (17.32) 

The heat of vaporization per square foot of wick is offset by the heat 
transferred from the air to the wick, which is given by 

Q A = h(tDB - twB) (17.33) 
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where t»s and tws are the dry-bulb and wet-bulb temperatures of the air, 
respectively, and h is the sensible-heat-transfer coefficient between the 
air and the wick. 

Since Eqs. (17.32) and (17.33) are identities, and can be equated. 

h(t»B - tws) = Kx(X' - X)A. (17.34) 
or 

h (X' - X)'A (17.35) 
Kx = iDs- tws 

and the potential for Kx is pounds of water/pound of dry air. Using Kc 
for Kx the potential is atmospheres of water/atmosphere of air, which 
employs the molar ratio of water to air for a perfect gas. Weight and mol 
ratios are obviously not equal, although both are dimensionless. Thus a 
1:1 mol ratio of water to air is equal to an 1_%g or 0:62: 1 weight ratio. 
The net effects of weight transfer must be the same as the product of 
molar transfer and the molecular weight of the diffusing vapor. 

Kx(X' - X) = KaMA(P' - p) (17.36) 

X'= ...Jt_ MA = .Jt_MA = lt_MA 
p- p' Ms PsmMs PeMs 

(17.37) 

The last is very nearly true for the temperature ranges in humidification 

X- p MA- p MA- p MA ( 
- P- p' Ms- PsmMs,- peMs 17·38) 

(
p'- p) MA 

Kx -- M = KaMA(p'- p) 
Psm B 

(17.39) 

Kx = KaPsmMs (17.40) 

Relation between the Wet-bulb and the Dew-:point Temperatures. 
There is an interesting distinction between the wet-bulb and dew-point 
temperatures. Both are used in diffusion calculations. To obtain the 
wet bulb temperature the following is considered: As bone-dry air plus its 
accompanying vapor is circulated continuously over a wick at a given 
initial temperature, the air ~J,nd vapor mixture are cooled by the passage 
of sensible heat from it into the wick. The air and vapor mixture get 
the heat back, however, in the form of vaporized water whose latent 
heat is equal to the heat which passed into the wick although the final 
temperature of the mixture is lower after circulation. The volume or 
weight of vapor per pound of dry air increases. Since no heat enters or 
leaves the system during the direct contact, it is an adiabatic process, and 
the wet bulb is obviously a temperature in such an adiabatic process. 

The dew point is the temperature at which a gas of given vapor con­
tent deposits the first drop of condensate when cooled by a constant-
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pressure process. In the temperature-entropy plot of Fig. 17.3 the satura­
tion curve for water is described by BEF. The constant pressure cooling 
of water vapor occurs along the constant pressure path AB. Consider 
next the adiabatic contact between water and air. Being adiabatic, it is 
described by a fictitious path A"C", which is an adiabatic although not 
isentropic, since the mixture of air and water vapor is irreversible. The 
cooling of the air and evaporation of the water separately are not true 
adiabatic processes. Only the gross effects between the two are truly 
adiabatic. For the process of adiabatic saturation the path of the water 
vapor alone can be determined by experiment and is found to be along 
the line AC. The point Cis the wet bulb, and since water vapor is added 
during the adiabatic saturation the partial pressure of the water vapor 

T 
E 

at the wet bulb C, is. som~what 
higher than B. When air is initi­
ally 70 per cent saturated or more, 
the wet bulb exceeds the dew 

TA 1----1---\----7>----;---t Mixture point by less than 2 per cent of the 
T8 / difference between the dry bulb 

c" and the wet bulb. If gas at the 

Entropy 

dry-bulb temperature T .a possesses 
i1 higher degree of saturation, the 
point A moves to A' and the dew 

Fw. 17.3. Relation between wet-bulb and point is at the obviously higher 
dew-point temperatures. 

temperature T~. 
The Lewis Number. The relationship between the heat-transfer coeffi­

cient arid the mass-transfer coefficient, h/Kx, enters into nearly every 
direct-contact problem. The analogy between heat transfer and fluid 
friction in Chap. 3 was arrived at by mathematical similarity. Heat 
transfer and mass transfer may also be related by comparing both 'vith 
fluid friction. · References to the subject will be found in Chap. 13. 
Only the most general application is developed here, altho'J.gh it appears 
that greater accuracies may be obtained from other analogies. For heat 
transfer Chilton and Colburn give 

. f hD/k (cp.)7~ h (CM)% 
3" = Z = (DGfp.)(cp.fk) k = cG k 

where f is the dimensionless friction factor. 

For mass transfer (diffusion) 

. f KxD/pk,z ( p. )% _ Kx .( p. )% 
Jd = 2 = (DG/p.)(p.jpka.) \j;k;; - G pkd 

(17.41) 
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Dividing, 

or 

and 
h 
-=1 
Kxc 

1 (17.42) 

(17.43) 

(17.44) 

Lewis1 called attention to this relation, and the dimensionless group 
h/Kxc is known as the Lewis number Le. It conveys the extremely 
important information that the heat-transfer coefficient is to the mass­
tranSfer coefficient as the value of the specific heat of the medium which 
serves for both heat transfer and mass transfer. For the case of the wick 
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FIG. 17.4. Lewis numbers for the air-water system. 

in a wet-bulb experiment if the mean specific heat of the moist air is 
0.25 Btu/(lb)(°F), then the heat-transfer rate will be but one-quarter of 
the mass-transfer rate. It thus requires four times as great a potential 
for a given number of Btu to be transferred by sensible heat as for an 
equal number of Btu by mass transfer. The plot of Lewis number vs. 
temperature for the system air-water calculated from Le = (k/ pkdc)% is 
shown in Fig. 17.4. Two points obtained experimentally by Hilpert2 are 
also included in the plot.· Values of h/Kx for other systems are tabulated 
in Table 17.1. 

The Effective Film. In the wet-bulb experiment it was seen that the 
same wet-bulb temperature would be attained regardless of the rate of 
gas flow over the wick. It has also been shown in -Chap. 11 that the rate 
of heat transfer varies with the 0.8 power of the gas velocity. The same 
should be true for mass transfer. In the Eq. (17.44), if the ratio of the 

1 Lewis, W. K., Trans. ASME, 44, 329 (1922). 
2 Hilpert, R., Forschungshejt, 3, 355 (1932). 
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coefficients is constant, the film for both heat transfer and mass transfer 
m~st be affected to the same degree by a change in the gas rate. Sher­
wood1 has presented a correlation for the vaporization of numerous 
liquids into air, including water, and obtained 

D (DG)o.sa ( p, )o.44 - =0.023 -. -
l p, pkd 

(17.45) 

where D is tho inside diameter of the tube and l is the thickness of the 
film. This may be compared with Eq. (6.2) of Sieder and Tate for heat 
transfer: 

h;D (DG)o.s (cp,)i-3 (p."')o.l4 - = 0.027 - k 
k J.' J-1. 

TABLE 17.1. AvERAGE VALUES OF h/Kx CALcULATED FROM WET--BULB 

DETERMINATIONS* 

Diffusion into Air 

Vapor 

Benzene ............... . 
Carbon tetrachloride .... . 
Chlorobenzene .......... . 
Ethyl acetate ........... . 
Ethylene tetrachloride ... . 
Toluene ..... · .......... . 
Water ... : ............. . 

h 
Kx 

0.41 
0.44 
0.44 
0.42 
0.50 
0.44 
0.26 

*Sherwood, T. K., Trans. AIOkE, 1!8, 107 (1932). 

Calculated from Chilton-Colburn 
analogy, Eq. (17.43) 

0.44 
0.49 
0.48 
0.46 
0.51 
0.47 
0.21 

when (p./ P.w) 0•14 is substantially 1.0 for gases. Other interesting exten­
tions of the theory have been made by Arnold2 and Chilton and Colburn. 3 

HUMIDIFICATION AND DEHUMIDIFICATION 

Humidifiers: The Cooling Tower. The largest present-day uses of 
diffusional heat transfer are found in the cooling tower, the air-condition­
ing spray chamber, the spray drier, the spray tower, and the spray pond. 
The use of cooling towers has. grown tremendously in the last twenty 
years owing to an increasing necessity. In many industrial localities 
cold fresh water is too scarce to permit its unlimited use as a cooling 
medium. The problem of supplying sufficient surface and subsurface 
cooling water has grown to such an extent that new plants are often 

1 Sherwood, op. cit., p. 39. 
2 Arnold, J. H., Physics, 4, 255 (1933). 
3 Chilton, T. H., and A. P. Colburn, Ind. Eng. Chem., 26, 1183 (19;H), 
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required to develop the continual reuse of the limited water they inay 
obtain from public or private sources. In some communities even river 
water, which may be present in abundance, requires precooling as dis­
cussed in Chap. 7. Tliis is especially true of some of the rivers in the 
southern part of the United States having northern sources and which 
are heated to the dry-bulb temperature by the time they reach the South. 

The available temperature of cooling 'water has been shown to be an 
important economic factor in the design of modern chemical and power 
plants. In the chemical plant it fixes the operating pressure on the con­
densers of distillation and evaporation processes and consequently on the 
equipment preceding them. In the power plant it fixes the turbine- or 
engine-discharge pressure and the ultimate recovery of heat. For these 
vital reasons the study of the cooling tower and the temperature of the 
water made available by it is of great importance in the planning of a 
process. The cooling tower is also the simplest member of a class of 
apparatus whose potentialities have scarcely been realized. 

Classification of Cooling Towers. Modern cooling towers are classified 
according to the means by which air is supplied the tower. All employ 
stacked horizontal rows of fill to provide increased contact surface 
between the air and water. In mechanical-draft towers the air is supplied 
in either of the two ways shown in Fig. 17.5a and b. If the air is sucked 
into the tower by a fan at the top through louvers at the bottom, it is 
induced draft. If the air is forced in by a fan at the bottom and dis­
charges through the top, it is forced draft. Natural-circulation towers are 
of two types, atmospheric and natural draft as in Fig. 17.5c and d. 

Mechanical-draft Towers. Towers of this class are the commonest 
erected in the United States at present, and of these the vast majority are 
now induced-draft towers. The trend toward the induced-draft tower 
has been pronounced only in the last ten years, but it represents a logical 
transition, since there are advantages to its use which exceed all others 
except under very special conditions. In the forced-draft type as in 
Fig. 17.5b the air enters through a circular fan opening and a relatively 
large ineffective height and volume of tower must be provided as air­
inlet space. The air distribution is relatively poor, since the air must 
make a 90° turn while at high velocity. In the induced-draft tower, on 
the other hand, the air can enter along one or more entire lengths of wall, 
and as a resUlt the height of tower required for air entry is very small. 

In the forced-draft tower the. air is discharged at low velocity from a 
large opening at the top of the tower. Under these conditionsthe air 
possesses a small velocity head and tends to settle into the path of the 
fan intake stream. This means that the fresh intake air is contaminated 
by partially saturated air which has already passed through the tower 
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before. When this occurs, it is. known as 1'ecircula:tion and reduces :the 
performance· capacity of the cooling tower. In the induced-draft tower 
the air discharges through the fan at a high velocity so that it is driven 
up into the natural air currents which prevent it from settling at the air 
intake. In induced-draft towers, however, the pressure drop is on the 
intake side of the fan, which increases the total fan-power requirements. 
The higher velocity of discliarge of the induced-draft tower also causes a 
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somewhat greater entrainment or drift loss of water droplets carried from 
the system by the air stream. 

N atural-cir~lation Towers. In use in Europe and the Orient, the popu­
larity of the types in Fig. 17.5c and dis declining in the United States. 
This is particularly true of the natural-draft tower. 

The atmospheric tower avails itself of atmospheric wind currents. Air 
blows through the louvered sides in one direction at a time, shifting with 
the time of year and other atmospheric conditions. In exposed places 
having average winQ. velocities of 5 or 6 mph the atmospheric tower may 



DIRECT-CONTACT TRANSFER: COOLING TOWERS 579 

prove t) be the most economical type, and where power costs are high, it 
inay even be preferable with wind velocities as low as 2U to 3 mph. 
Since the atmospheric currents must penetrate the entire width of the 
tower~ the towers a.re made very narrow by comparison with other types 
and must be very long to afford equal capacity. Towers of this type have 
been built which are over 2000 ft long. Drift losses occur over the entire 
side and are greater than for other types. These towers make less effi­
cient use of the available potential, since they operate in crossflow whereas 
it was shown in Chap. 16 that the most effective use of potentials occurs 
in counter.fl.mv. When cooling water is desired at a temperature close to 
the wet bulb, this type is incapable of producing it. Atmospheric towers 
are consequently extremely large and have high initial costs, and when the 
air is becalmed, they may cease to operate. They have one great advan­
tage, however, in that they eliminate the principal operating cost of 
mechanical draft towers, i.e., the cost of fan power. In areas with low 
average wind velocities the fixed charges and pumping costs offset the 
advantage. Representative average July wind velocities in the United 
States are shown in Fig. 17.6. An average velocity exceeding 5 or 6 mph 
is not a sufficient indication that an atmospheric tower is the best. With 
an average wind velocity of 5 mph the tower will operate at less than 
design capacity for part of the time. The placement of the tower in a 
5-mph wind locality must be such that it is free of obstruction and can 
avail itself very fully of existing currents. 

Natural-draft towers operate in the same way as a furnace chimney. 
Air is heated in the tower by the hot water it contacts, so that its density 
is lowered. The difference between the denSity of air in the tower and 
outside it causes a natural .flow of cold air in at the bottom and the 
rejection of less dense, warm air at the top. Natural-draft towers must 
be tall for sufficient buoyancy and must have large cross sections because 
of the low rate at which the air circulates compared with mechanical 
draft. Natural-draft towers consume more pumping power. However, 
they eliminate the cost of fan power and may be more reliable in some 
localities than are atmospheric towers. In atmospheric towers emphasis 
must be placed on wind characteristics. In natural-draft towers primary 
consideration must be given to the temperature characteristics of the air. 
If it is customary for the air to rise to a high temperature during the day, 
at least relative to the hot-water temperature, tne natural-draft tower 
will cease to operate during the hot portion of the day. The initial cost 
and fixed charges on these towers are rather great, and they seem to be 
passing out of use. 

Closely allied to natural-circulation cooling towers is the spray pond 
consisting of a number of U:p-f'pray nozzles, which spray water into thE; 
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air without inducing air currents. These do not operate with an orderly 
attempt at air flow and consequently are not capable of producing water 
approaching the wet bulb as closely as cooling towers. Where the water 
must be cooled over a short range and without a close approach to the 
wet-bulb temperature, spray ponds may provide the most economical 
solution to a water-cooling problem. . Drift losses in spray ponds are 
relatively high. Spray towers are also used widely. ·They are similar 
to atmospheric towers except that they employ little or no fill. 

Cooling towers are occasionally equipped with bare-tube bundles, which 
are inserted just above the water basin at the bottom of the tower. 
These are referred to as bare-tube or atmos­
pheric coolers. The primary cooling water 
flows inside the cooler while tower water 
is continuously circulated over it. The 
primary cooling water is thus contained in 
a totally closed system. The calculation of 
this type of apparatus will be treated in 
Chap. 20. 

Cooling-tower Internals and the Role of 
Fill. If water passes through a nozzle 
capable of producing small droplets, a large 
surlace becomes available- for air-water 
contact. Since the water.:a.ir interface is 
also the heat-transfer surface, the use of. a 
nozzle permits the attainment of consider­
able performance per cubic foot of contact 
apparatus. This . is the principle of the 
spray pond and the spray tower. Consider 
a hypothetical spray tower as shown in Fig. 
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17.7a. Liquid fed to it falls through by FIG. 17.7. Free and interrupted 

gravity. If the tower is 16 ft high and no fall. 

initial velocity is imparted to the droplet, it falls in approximate accord 
With the free-fall law, z = %g82, where z is the height, g the acceleration 
of gravity, and 8 the time. A droplet of water will fall through the height 
of the tower in 1 sec. If liquid is fed at the rate of one droplet per second 
and there is no obstruction, one droplet will always be present in the tower 
and one droplet may be continuously removed from the tower per second. 
The effective surface in the tower of Fig. 17.7a is that of one droplet. 

Now suppose that by introducing some geometrical forms on which 
a droplet may impinge or be deflected it is possible to make a droplet 
take 4 sec to fall through the height of the tower. Then as shown in 
Fig. 17.7b, one droplet is fed per second at the top and one droplet is 
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continuously removed at the bottom but four droplets remain in the 
tower. The effective surface in the latter is that of four droplets or four 
times the free-fall surface. The function of fill is to increase the available 
surface in the tower either by spreading the liquid over a greater surface 
or by retarding the rate of fall of the droplet surface through the appa­
ratus. In ordinary diffusion towers such as chemical absorbers the pack­
ing is introduced in the form of Raschig rings, Berl· saddles, or other 
objects which are very compact and provide a surface on which the liquid 
spreads and exposes a large film. This is film surface. In the cooling 
tower, because of the requirement of a large· air volume and small allow­
able pressure drop, it is customary to use spaced wooden slats of tri­
angular or rectangular cross section, leaving the tower substantially unob-
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structed. The packing, or fill, in a cooling tower is almost entirely fabri­
cated in either of the forms of Fig. 17 .8, and its purpose is to interrupt the 
descent of liquid. Although the free space between adjoining fill slats is 
relatively large, the horizontal projection of the fill does not permit the 
droplets of liquid to fall through the tower without impinging repeatedly 
on successively lower slats. Some of the liquid striking the top of a slat 
spatters, but a large part flows about it and breaks into turbulent flow at 
the bottom so as to form new droplets automatically and recreate new 
droplet surface. The surface on the sides of the fill is comparable to film 
surface in packed absorbers. There is, in addition, a large amount of 
droplet surface. More recently the trend has been t·oward the use of small 
rectangular slats. They are considerably cheaper to fabricate and install 
than those of triangular cross section and cause lower pressure drops. 
The mechanism of producing droplets below each horizontal row relies 
upon the draining liquid breaking into turbulent flow. Consequently, 
the method by which the droplets are formed at the top of the tower is of 
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little consequence to the overall formation of surface as long as there is a 
uniform distribution of liquid over the entire cross section of the tower. 

To demonstrate the effectiveness of these types of fill the free-fall 
analysis can be carried still further. · According to the free-fall equation 
a droplet will fall 16 ft in 1 sec. In 72 sec a droplet with zero velocity 
at the top falls approximately 4 ft, and its average velocity is 8 fps. In 
the second 72 sec it falls the remaining 12 ft with an average velocity of 
24 fps. The droplets traverse the lower three-quarters of the tower so 
quickly that the time of contact in the last three-quarters of the tower 
equals only that of the first quarter. The advantage of interrupted fall 
thus becomes apparent: Each time the fall is interrupted (say at each 
quarter of the towe:r; in Fig. 17.7b) it is as if a droplet with zero velocity 
were starting to fall anew, and the 
interrupted tower is equivalent to the 
effective first quarters of four spray 
towers in series. 

In most cooling towers the liquid is 
introduced by spraying the water 
upward at the top so that it travels 
up and then down before striking the 
first row of fill. This provides effec­
tive contact inexpensively, since the 
velocity of a droplet traveling upward 
must decrease to zero whem its direc­
tion reverses. Another means of 

L,T1 

increasing the surface or time of con- FIG. 17.9. Cooling-tower water and 
air flow. 

tact in spray towers and cooling towers 
is by atomizing the water instead of forming droplets. The same can be 
achieved with a nozzle instead of an atomizer by using a water-soluble 
wetting agent. This is not very practical, however, since very fine droplets 
cannot be caught in the drift eliminators without the expenditure of a large 
pressure drop. In the construction of cooling towers it is customary to 
employ droplets of such a size that drift losses can be guaranteed not to 
exceed 0.25 per cent o£ the total water circulated over the tower. With the 
expenditure of a greater fan power this loss can be reduced to 0.10 per cent. 

The Heat Balance. Consider the flow diagram in Fig. 17.9. It con­
sists of a cooling tower operating with a heat source in a closed circuit. 
Water from the basin of the tower is pumped through a battery of surface 
condensers, where its temperature is raised. The heated water passes 
back onto the tower along with make-up water, which compensates for 
the evaporation from the system owing to the saturation of the air pass­
ing through the tower. 
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For convenience, cooling towers are analyzed on the basis of 1 ft2 of 
tower internal ground area. The air rate or air loading is taken as the 
bone-dry gas rate per. unit of ground area G lb/(hr)(ft2). The water 
loading at the top o(the tower is the water rate per unit of ground areaL 
lb/(hr)(ft2

), and the make-up rate is Lo lb/(hr)(ft2). The heat load per 
hour per square foot q is accordingly the total hourly rate Q divided by the 
internal ground dimensions of the tower. Using the. subscript 1 for the 
inlet and 2 for the outlet, the balance around the tower in terms of the gas 
for a 0°F datum is 

(17.46) 

where C is the specific heat of water and H is the enthalpy per pound 
of bone-dry air and including the heat of the vapor associated ·with the 
pound of bone-dry air. In terms of the water loading the heat balance is 

(17.47) 

Combining both equations, 

(17.48) 

The quantity of make-up water required to compensate for evaporation is 

Lo = G(X2- XI) 

Dividing Eq. (17.48) by Eq. (17.49) 

G(H2- H1) _ LC(T1 - T2) + LoCT2 
G(X2- X1) - Lo 

H2- Hr 
Lo (X

2 
_ X

1
) = LC(T1 - T2) + LoCT2 

Combining Eq. (17.51) with Eq. (17.47) 

LC(Tr - T2) + LoCT2 = q + LoCTo 

Lo = q 
(H2- H1)j(X2- X1) - CTo 

(17.49) 

(17.50) 

(17:51) 

(17.52) 

(17.53) 

Equation (17.53) gives the quantity of make-up corresponding to any 
fixed terminal conditions. The enthalpy for saturated air appears on 
ordinary psychrometric charts. Caution is suggested in the use of these 
charts, since they invariably have differing datums. Some employ a 
0°F air datum and a 32°F water vapor datum to permit the use of the 
Keenan and Keyes steam tables (Table 7). When a single chart is used, 
the enthalpy differences are all of sufficient accuracy for heat-transfer 
calculations. When part of the data is taken from one chart and part 
from another, serious error may result. For the solution of all air-water 
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mixtures in this chapter the enthalpy of saturated air above 0°F can be 
computed by 

H' = X't + X'X + 0.24t 

where 0.24 is the specific heat of air. 
For unsaturated air 

H = XtDP + XXDP + 0.45X(t - tDP) + 0.24t 

(17.54) 

(17.55) 

where 0.45 is the specific heat of water vapor from 0 to 120°F and the 
subscript DP refers to the dew point. 

Example 17.1. Calculation of the Enthalpy of Saturated Air. What is the satura-
tion enthalpy of air at 75°F? 

At 75°F the saturation partial pressure of water is 0.4298 psia (Table 7). 

H 'd' X'- p., . M.,- 0.4298 18- 00187lb t /lb . 
mm lty, - P•- Pw Me - 14.696 - 0.4298 X 29 - · wa er air 

Enthalpy above 0°F, H' = 0.0187 X 75 + 0.0187 X 1051.5 + 0.24 X 75 
= 39.1 Btujlb dry air (17.54) 

The enthalpies of Tables 17.2 and 17.3 have been computed in this manner. 

TAIILE 17.2. ENTHALPIES AND HUMIDITIES OF AIR-WATER MIXTURES AT 14.7 PSIA 

Temp, °F 
Vapor Humidity, Enthalpy, v air, v air+ H.O, 

pressure, psia lb H 20 /lb air Btu/lb air ft3/lb ft 3/lb 

40 0.1217 0.005 15.15 12.59 12.70 
45 0.1475 0.0063 17.8 12.72 

I 
12.85 

50 0.1781 0.0076 20.5 12.84 13.00 
55 0.2141 0.0098 23.8 12.97 13.16 
60 0.2563 0.0110 26.7 13.10 13.33 
65 0.3056 0.0130 30.4 13.23 13.51 
70 0.3631 0.0160 34.5 13.35 13.69 
75 0.4298 0.0189 39.1 13.48 13.88 
80 0.5069 0.0222 44.1 13.60 14.09 
85 0.5959 0.0262 50.0 13.73 14.31 
90 0.6982 0.0310 56.7 13.86 14.55 
95 0.8153 0.0365 64.2 13.99 14.81 

100 .0.9492 0.0430 72.7 14.11 15.08 
105 1.1016 0.0503 82.5 14.24 15.39 
110 (2748 0.0590 93.8 14.36 15.73 
115 1.4709 0.0691 106.7 14.49 16.10 
120 I 1.6924 

I 
0.0810 121.5 14.62 16.52 

125 

) 
1.9420 0·.0948 138.8 14.75 16.99 

130 2.2225 0.1108 158.5 14.88 17.53 
135 2.5370 0.1300 181.9 15.00 18.13 
140 2.8886 0.1520 208.6 15.13 18.84 
145 3.2810 0.1810 243.8 15.26 19.64 
150 3.7180 0.2160 286.0 15.39 20.60 
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TABLE 17.3. ENTHALPIES AND JiumDITIES AT VARIOUS ELEVATIONS 

Elevations are feet above sea level 
Humidity, X', lb water/lb dry air; enthalpies, H', Btujlb dry air 

I 2000 4000 6000 8000 
Temp., 

op 
X' H' X' H' X' H' X' H' 

---
40 0.0056 15.8 0.0061 16.4 0.0065 16.8 0.0070 17.3 
45 0.00680 18.4 0.0073 18.9 0.0079 19.6 0.0085 20.3 
50 0.0082 21.1 0.0088 21.8 0.0095 22.6 0.0103 23.4 
55 0.0099 24.3 0.0106 25.0 0.0115 26.0 0.0124 27.0 
60 0.0119 27.7 0.0128 28.7 0.0138 29.8 0.0149 31.0 
65 0.01420 31.5 0.0153 32.8 0.0165 34.1 0.0178 35.6 
70 0.0170 35.9 0.0183 37.3 0.0197 38.9 0.0212 40.6 
75 0.0202 40.7 0.0217 42.2 0.0234 44.4- 0.0253 46.5 
80 0.0239 46.1 0.0253 47.7 0.0278 50.5 0.0300 53.0 
86 0.0284 52:5 0.0306 55.0 0.0330 57.7 0.0358 60.9 
90 0.0334 59.4 0.0361 62.4 0.0390 65.7 0.0425 69.6 
95 0.0394 67.5 0.0425 71.0 0.0460 75.0 0.0499 80.4 

100 0.0.465 76.8 0.0501 81.0 . 0.0544 $5.7 0.0590 91.0 
105 0.0545 87.2 0.0590 92.4 0.0640 98.1 0.0695 104.3 
110 0.0645 99.9 0.0692 105.4 0.0751 111.9 0.0819 119.8 
115 0.0750 113.4 0.0812 120.6 0.0885 128.8 0.0964 137.8 
120 0.0880 129.8 0.0955 130.3 0.1040 147.0 0.1137 158.8 
125 0.1029 148.0 0.1120 158.5 0.1220 170.0 0.1340 183.5 
130 0.1208 169.8 0.1317 182.4 .0.1440 196.7 0.1580 212.7 
135 0.1412 195.1 0.1548 210.6 0.1698 227.9 0.1870 247.6 
140 0.1665 225.7 0.1830 244.8 0.2010 265.5 0.2220 289.7 
145 0.1965 261.8 0.2190 287.8 0.2420 314.8 0.2690 345.8 
150 0.2320 304.5 0.2560 332.3 0.2842 365.0 0.3180 404.0 

-

Heat Transfer by Simultaneous Diffusion and Convection. In the wet­
bulb experiment the air and water were initially at the same temperature, 
although this was not a necessary requirement. By simply referring to 
Fig. 17.3 it can be seen that the equilibrhun represented by the wet­
bulb temperature is influenced by the absolute vapor content of the air. 

In a cooling tower hot water is cooled by cold air. When water passes 
through the tower, the water temperature may fall below the dry bulb of 
the inlet air but not lower than the wet bulb of the inlet air. Consider 
the tower to be divided into two portions. In the upper portion hot 
water contacts outlet air which is colder than the water. Unlike the 
wet-bulb experiment, in this case the partial pressure of the water out 
of the liquid is greater than that in the exit air while the temperature 
of the water is also greater than that of the exit air. Both potentials 
work to decrease the water temperature by evaporation and sensible 
transfer to the air, thereby increasing the air enthalpy. In this manner, 
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depending upon the amount of air and the amo1.int of evaporation it is 
possible for the temperature of the water to fall to or below the dry bulb 
of the inlet air before reaching the bottom of the tower where the air 
enters. It is the fact that both potentials may oper.ate adiabatically in 
the same direction while saturating air which makes the cooling tower so 
effective for cooling water. In the lower portion of the tower the water 
may possess a temperature equal to or lower than the dry bulb of the air 
it contacts, and sensible heat and mass transfer are in opposite directions, 
identical with the ·wet-bulb experiment. The limit to which the outlet 
water temperature may then fall in a cooling tower is that which is 
adiabatically in equilibrium with the inlet air, namely, the wet bulb. 

The derivation of the performance of a cooling tower given below is 
essentially that of Merkel.1 Since the total heat transfer in a cooling 
tower is the passage of heat by diffusion and convection from the water 
to the air, 

(17.56) 

where qa Btu/(hr)(ft2) is the portion transferred by diffusion and qc 
Btu/(hr)(ft2) is the portion transferred by convection. In the definition 
of q it should be remembered that the area implied by its dimensions is 
the ground area of the tower and not the heat-transfer surface. 

If),. is the average latent heat of vaporization of all the water vaporized 
in the tower, 

qa =LoA (nearly) (17.57) 

Combining with Eq. (17.47) 

qc = LC(Tt - T2) + LC(T2 - To) - LoA (17.58) 
and 

'k = LC(Tt-T2)+LoC(T2-To) -LoA= LC(Tt- T2) +LoC(T2- To) _ 1 
~ ~ ~ 

But 

and 

from which 

Lo = G(X2- Xt) 

G(H2- Hi)= LC(Tt- T2) + LoC(T2- To) 

qc=l(H2-Ht) -1 
qa A X2- Xt 

(17.59) 

(17.60) 

(17.48) 

(17.61) 

This is an interesting relationship, since it states that the ratio of the heat 
transferred by convection to that transferred by diffusion, both in the 

l Merkel, F., Forschungsarb.; 275, 1--48.(1925). 
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same direction, is fixed by the inlet and outlet air conditions, which are 
either known or .can be obtained by calculation. While Eq. (17.61) 
establishes the quantities of heat transfer by convection and diffusion, 
the ratio of the rates of heat and mass transfer has been set by the Lewis 
number. 

Based on the overall rather than the individual films, the sensible-heat 
transfer from the water at temperature T to the air at temperature t is 
given by 

dq. = h(T - t)a dV (17.62) 

where a is the surface of the water per cubic foot of tower as both droplet 
and film surface and dV is the differential tower volume in which the 
surface exists. From this a dV = dA, where A is the heat-transfer 
surface. H c is the humid heat of the air defined by c = 0.24 + 0.45X, 

dq. = Gc dt (17.63) 
dqil = "AdL (17.64) 

Since dL is the rate at which material diffuses, the differential form of 
Eq. (17.26) for weight flow is 

Y!s dL = Ka(p'- p)a dV (17.65) 

where p' is the partial pressure of water corresponding to the water 
temperature T and p is the vapor pressure in the air. For all practical 
purposes the humidity can be conSi.d~red proportional to the partial 
pressure, at least in the range encountered in cooling-tower applications. 
Equation (17.65) becomes 

dL = Kx(X' - X)a dV (17.66) 

where X' is the humidity at the water"temperature T and X the humidity 
of the air. 

Substituting in Eq. (17.64), 

dq11 = Kx>.(X' - X)a dV (17.67) 

The water evaporated dL increases the humidity of the air stream above 
its value at the inlet by 

dL = GdX (17.68) 

The combined heat transfer dq is then the sum of both modes of transfer 

dq = dq. + dq11 = h(T - t)a dV + Kx>.(X' - X)a dV (17.69) 
and 

dq = GdH (17.70) 

Equation (17.70) is useful if it can be combined with Eq. (17.69), since 
it expresses the total heat transfer in the system in heat units alone. In 
order to avoid the appearance of both X and H in the same equation, the 
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X values can be factored out. Using an average value for the humid 
heat c and the latent heat X and neglecting superheat, all of which are 
permissible in the relatively close range in which the cooling tower oper­
ates, for an air-water mixture consisting of 1 lb of air and X lb of water 
vapor, 

H =let+ "AX 

G dH = G(c dt + A dX) 
Regrouping Eq. (17.69), 

dq = Kxaav[(~ + xx')- (J:L +Ax)] 
Add and subtract c(T - t). 

(17.71)* 

(17. 72) 

(17. 73) 

dq = Kxa dV [ (c'l"+ >.X') - (ct +>.X)+ c(T- t) (Khxc- 1) J 
(17.74) 

Substitute Eq. {17.71) into Eq. (17.74). 

dq = Kxa dV [ (H' - H) + c(T - t) (x:c - 1)] (17.75) 

dq can be expressed in terms of the enthalpy decrease of the total water 
quantity or the enthalpy increase of the total air mixture, both of which 
are equal. 

dq = d(LCT) = G dH (17.76} 

The gas loading G remains constant throughout the tower because it 
is based on the bone-dry gas only. The liquid lo;otding is not quite con­
stant, however, owing to the evaporation of water into the bone-dry air. 
The saturation loss from water to air amounts to less than 2 per cent of the 
water circulated over the tower and may be considered constant without 
introducing a serious error. 

Hence 

and 
d(LCT) = LC dT 

LCdT = GdH 

(17.77) 

(17.78) 

From Table 17.1, for water diffusing into air the Lewis number is approxi­
mately h/Kxc = 1, and the last term of Eq. (17.75) drops out, thus 

LC d'J' = G dH = Kx(H' - H) a dV (17. 79) 

By introducing the mass-transfer-rate equivalent Kx = h/c both modes 
of heat transfer can be combined by the use of either coefficient, which­
ever is the easier to obtain. Actually h/Kxc for the system air-water 
is not 1.0 as predicted by the Lewis number. The data of several investi-

* This is an approximation for Eqs. (17.54) and (17.55). 
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gators indicate that the value of the Lewis number is nearer 0.9. In 
practice Eq. (17.79) is always evaluated from diffusion potentials, which 
means that only the convection heat-transfer coefficient is in error if the 
theoretical value of the Lewis number is used. In most cooling-tower 
services the convection-heat transfer alone represents less than 20 per 
cent of the total heat load. The development of equations without the 
convenient simplification that the Lewis number equals 1.0 will be treated 
later. 

The Analysis of Cooling-tower Requirements. Equation (17.79) is 
the key equation for the calculation of the design and the analysis of per­
formance in cooling towers. Kx is the overall transfer-rate term analo­
gous to u c in exchangers, and it should be remembered that there is no 
dirt factor in direct-contact heat transfer. However, in tubular exchang­
ers the heat-transfer surface is usually known or can be readily computed. 
In the cooling tower the value of a cannot be determined directly, since 
it is composed of a random disposition of droplet and film surface. The 
film surface is nearly independent of the thickness of the film, while the 
droplet surface is dependent upon both the portion of the liquid loading 
forming droplets and the average size of the droplets formed. In a tower 
having interrupted fall other factors will obviously enter. The inability 
to calculate a is overcome by experimentally determining the product 
Kxa as a whole for a particular type of tower fill and at specific rates of 
flow for the diffusing fluids comprising the system. 

In the development of diffusion theory it was shown that the number 
of transfer units n1 obtained from Eq. (17.30) provided a useful means of 
sizing the task to be accomplished in fulfilling a required amount of mass 
transfer by diffusion. For· a particular type of fill if the height of one 
transfer unit (HTU) is known, the total height of to·w·er required for the 
task per square foot of ground area is obtained as the product of nt(HTU). 
The units of mols and atmospheres are convenient for absorption calcu­
lations but the pound is more convenient in diffusion-heat transfer. 
Equation (17.79) is seen to be the analogue of Eq. (17.29) except that the 
portion of the total Btu transferred by sensible-heat transfer has first 
been converted by the Lewis number into an equivalent quantity of 
Btu mass transfer and then combined with the actual mass transfer 
since it is a fixed proportion of it. Consequently, G dH is the total heat 
transfer in the diffusion tower. Rearranging Eq. (17.79), 

f dH V 
H'- H = Kxaa 

J dT V 
nd = H' _ H = Kxa L 

(17.80) 

(17.81) 
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While Eq. (17.80) resembles Eq. (17.30) except for its dimensions, it is 
not very convenient for use in cooling-tower calculations where the 
principal interest lies in the temperature of the >vat.er produced; Equa­
tion (17.80) can be transformed to Eq. (17.81) when multiplied by the 
ratio G/L and recalling that C = 1.0 for water. It is more convenient to 
use Eq. (17.81), whose value will be called the number of diffusion units 
nd to avoid confusion with the number of transfer units n1. If the height 
of one diffusion unit HD U is known for a given type of fill, the total height 
of tower required for a given service can be computed. 

Determination of the Number of Diffusion Units. The number of diffu­
sion units calculated by Eq. (17.81) is equal to f dT I (H' - H) and is deter­
mined only by the process conditions imposed upon a tower and not the 
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I!'IG. 17.10. (a) Graphical integration of dT/(H' -H). (b) Correction for the liquid film 
resistance. 

performance of the tower itself. Only the HDU is obtained experimen­
tally. If a quantity of water of a given inlet temperature and a quantity 
of air ·of a given wet bulb are to be contacted, it will require a certain 
number of diffusion units as determined by the integration of Eq. (17.81) 
to reduce the water to any desired temperature. The number of diffusion 
units so obtained will be required in any type of tower, whether it be 
filled, packed, or empty. The height of the tower which is capable of 
providing the predetermined number of diffusion units varies for each 
type of fill and with the liquid and gas loadings. 

Since the temperature of the water T is not a simple function of H' and 
H, it is more convenient to carry out the integration of Eq. (17.81) 
graphically or numerically. Referring to Fig. 17.10a, the tabulated 
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saturation enthalpies of air H' are plotted against the water temperature 
T throughout the water range in the tower. The saturation values of H' 
form a curve which are the values of air saturated at the water temperature 
and which may be regarded to exist at the air film on the surface of the 
water. Since the saturation enthalpies also include the saturation 
humidities, this line is equivalent to the vapor pressure of water out of 
the water. 

The next requirement is to determine the actual enthalpy at any point 
in the tower. Equation (17.78) states that LC dT = G dH, where 
C = 1.0 for water. It relates the change in ·enthalpy in the gas phase dH 
to the accompanying change in the water temperature dT in contact 
with the gas. This change can be represented by rearranging Eq. (17. 78) 
to give 

L dH 
G = dT (17.82) 

which is the equation of a straight line in Fig. 17.10a whose slope is the 
ratio of the liquid to air loading L/G. The value of Hat any point on the 
operating line is given by 

L . 
H2 = H1 + G (T2 - T1) (17.83) 

since the enthalpy of the inlet air H 1 is known or can be readily deter­
mined. As a visual aid it should be understood that the area .on the 
graph between the saturation curve and the operating line is an indi~ation 
of the size of the potential promoting the total heat transfer. A change 
in process conditions such that the operating line is moved downward to 
include a greater area between itself and the saturation line means that 
fewer diffusion units and a lesser height of any type of tower are ulti­
mately required. At any temperature Tin the column between T1 and 
T2 the potential driving heat out of the saturated film at the water suiface 
and into the unsaturated air is the difference between the value of H' and 
H at that point. By taking small increments of T and dividing by the 
average difference of H' - H for the increment, the number of diffusion 
units required to change the temperature of the water is obtained. When 
the increments are summed up, the total change in the water temperature 
gives the total value of nd. As mentioned above, the starting point for 
the operating line H 1 is obtained from the condition of the atmospheric 
air entering the to>ver at the bottom. 

When the number of diffusion units is obtained from Eq. (17.80) 
instead of Eq. (17.81), (H' - H) can be ·obtained as the log mean of the 
enthalpy difference at the bottom and top of the tower. In Fig. 17.10a 
this is equivalent to taking the area between the operating line and a 
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straight line drawn between Hi and H~. The potential obtained in this 
manner is greater than the actual potential and causes errors which may 
be on the unsafe side. To obtain the number of diffusion units from the 
f dH/(H' -H), the expression must be multiplied by G/L. 

Correction for the Liquid~film Resistance. From Eqs. (17 .46) to 
(17.82) the derivation was based upon the assumption that the overall 
coefficient and the gas-side coefficient were identical. This, of course, 
implied that the liquid film does not offer any significant resistance to 
diffusion and that the gas side is controlling. This may be in error, par­
ticularly when the humidifying liquid is an aqueous solution. McAdams1 

has devised an excellent graphic method of allowing for the resistance 
of the liquid film. In writing Eq. (17.62) it was assumed that h was 
identical with ha, which is the heat-transfer coefficient from the liquid­
film-air-film interface to the air: When there is an appreciable liquid­
film resistance, h in Eq. (17.62) should more correctly be written as an 
overall coefficient U, since it is the resultant of ha and hL, the latter 
being the convection coefficient from the liquid film to the interface. h 
without a subscript will be retained for cooling-tower applications in 
place of U because it is consistent with much of the literature. For the 
actual relationship when there is a significant liquid-film resistance, 
rewrite Eq. (17.62). 

(17.62a) 

which is the rate of transfer from the liquid body through the liquid 
film to the liquid-air interface. The rate of sensible transfer from the 
interface through the gas film to the gas body is given by 

Gc dt = ha(T;,- t)a dV 

The analogue of Eq. (17.79) may be obtained in terms of the interface. 

GdX = kx(Xi- X) 

Applying the Lewis number ha/kxc = 1, where kx is the gas-side diffu­
sion coefficient, 

G dH = kx(H, - H)a dV 

Equating (17.62a) and (17.79a) gives 

hL H;,- H 
kx = Ti-T 

(17.79a) 

Referring to Fig. 17.10b, a line of negative slope -hdhx is drawn from 
each of the terminal points of the operating line and the potential is the 
area included between the saturation line, the operating line, and the 

1 McAdams, W. H., "Heat Transmission," 2d ed., p. 2901 McGraw-Hill Book 
Company, Inc., New York, 1942. 
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two lines of negative slope. The interface values of the enthalpies and 
temperatures are marked accordingly. 

Cooling-tower Process Conditions. From the standpoint of tube cor­
rosion 120°F is the maximum temperature at which cooling water ordi­
narily emerges from tubular equipment. If some of the liquid products 
in a plant are cooled below 120°F, the outlet-water temperature is usually 
lower than 120°F in order to prevent an appreciable temperature cross 
inside the tubular equipment. The temperature of the water to a cooling 
tower rarely exceeds 120°F and is usually less. When the temperature 
of the water from a process is over 120°F, the increased evaporation may 
justify the use of an atmospheric cooler to prevent the direct contact 
between hot >vater and air. 

The lowest possible temperature to which water can be cooled in a 
cooling tower corresponds to the wet-bulb temperature of the air. This 
is not a practical limit, however, since the vapor pressure out of the water 
and in the air will be the same when the water attains the wet-bulb 
temperature, resulting in a zero diffusion potential for which an infinite 
tower is required. The difference bet,veen the water-outlet temperature 
from the towe'r Tz and the wet-bulb temperature is called the approach 
in a cooling tower. Since most cooling towers operate over nearly the 
same water range, the approach is the principal index of how difficult 
the task will be as well as an indication of the number of diffusion units 
which -vvi.ll be required. 

In Fig. 17.11 is shown a map of the United States on whichare recorded 
the wet-bulb temperatures which are not exceeded for more than 5 per 
cent of the total hours for the four summer months from June through 
September. In the northeastern portion of the country the 5 per cent 
wet-bulb temperature is about 75°F, and it is customary in this region to 
cool the water in a tower to a 10° approach, or 85°F. On the Qulf Coast 
the 5 per cent wet-bulb temperature is about 80°F, and in these regions it 
is customary to invest more in cooling towers by cooling to a 5° approach, 
or again 85°F. Countless installations have justified the economics of 
these approaches. It must be realized, however, that, when a tower is 
designed for a definite approach to the 5 per cent wet bulb, there will be 
some hours during which the water issuing from the tower will be warmer 
than originally specified in the process conditions. 

When a process involves volatile materials or vacuum operation, the 
5 per cent wet bulb is discarded for another basis of selection. The 
approach may be selected as a compromise between the values in Fig. 
17.11 and a compilation of reasonable maximum temperatures. Such a 
compilation is contained in Table 17 .4. These are not the all-time maxi­
mums but temperatures which are rarely exceeded. As an example, dur-



FIG. 17.il. Summer wet-bulb temperature data. The wet-bulb temperatures shown will be exceeded not more than 5 per cent 
of the total hours during June to September, inclusive, of a normal summer. (The Marley Company.) 
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TABLE 17.4. REASONABLE MAXIMUM TEMPERATURES AND ABSOLUTE MAXIMUM 

WIND VELOCITIES IN THE UNITED STATES* 

State 

Alabama ..................... 
Arizona ...................... 
Arkansas .................... 
California .................... 

Colorado ...................... 

Connecticut .................. 
istrict of Columbia .......... D 

F lorida ...................... 

G 
I 
I 

eorgia ...................... 
daho ........................ 
llinois ...................... 

diana ...................... In 
I 
Lo 
ransas ...................... 

uisiana .................... 

Massachusetts ................ 
ichigan .................... M 

M 
M 
M 

innesota ................... 
ississippi ......... .......... 
issouri. .......... · .......... 

'lantana .................... ]\1 

N rebraska .................... 

revada ...................... N 

N ew Jersey .... . . . ' ......... 

·ew Mexico .... . . . ...... N 
N ew York .... .... . . . . . .. 

City 

Mobile 
Phoenix 
Little Rock 
Fresno 
Laguna Beach 
Oakland 
San Diego 
Williams 
Denver 
Grand Junction 
Hartford 
Washington 
Jacksonville 
Miami 
Atlanta 
Boise 
Chicago 
Moliue 
Evansville 
Wichita 
New Orleans 
Shreveport 
Boston 
Detroit 
St. Paul 
Jackson 
Kansas City 
Kirksville 
St. Louis 
Springfield 
Helena 
North Platte 
Omaha 
Elko 
Reno 
Camden 
Newark 
Albuquerque 
Albany 
Buffalo 

Reasonable maxi- Max 
mum, Temp, °F recorded 

wind 
Dry Wet Dew velocity, 
bulb bulb point mph 

-------
95 82 80 87 

113 78 74 40 
103 83 78 49 
110 75 66 41 
82 70 68 
94 68 61 50 
88 74 72 43 

110 80 71 
99 68 64 53 

102 68 63 
... 82 .. 58 
99 84 80 55 
99 82 79 58 
92 81 79 87 

101 82 79 51 
109 71 65 43 
104 80 77 65 
103 83 80 
102 82 79 60 

I 110 79 74 68 

I 
95 83 81 66 

102 83 79 50 
96 78 76 60 

101 79 76 67 
103 79 75 78 
103 83 80 49 
109 79 76 57 
108 82 79 
108 81 76 91 
98 79 76 52 
97 70 60 54 

104 76 71 73 
108 80 75 53 
101 64 58 
102 66 56 46 
102 82 78 68 
99 81 77 
98 68 66 63 
97 78 75 59 
gg 77 74 I 73 

100 81 78 I 73 ! i New York 
---------.......1..------'-------··--·-~-~ 
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'fABLE 17.4. REASONABLE MAXIMUM TEMPERATURES AND .ABsOLUTE MAXIMUM 

WIND VELOCITIES IN THE 'UNITED STATES. *-(Continued) 

Reasonable maxi- Max 
mum, Temp, •F recorded 

State City wind 
Dry Wet Dew velocity, 
bulb bulb point mph 

--
North Carolina .... , .......... Raleigh 98 82 80 45 

Wilmington 94 81 79 53 
North Dakota ............ , ... Fargo 105 .. . . 58 
Ohio .... , ................... Cincinnati 106 81 78 54 

Cleveland 101 79 76 60 
Oklahoma .................... Tulsa 106 79 77 
Oregon ........ · .............. Portland 99 70 68 43 
Pennsylvania ................. Bellefonte 96 78 75 

Pittsburgh 98 79 74 56 
South Carolina ............... Charleston 98 82 80 81 
South Dakota ................ Huron 106 76 74 56 

Rapid City 103 71 66 
'i'ennessee .................... Knoxville 100 79 76 59 

Memphis 103 83 80 58 
Texas ........ -.... , .......... Amarillo 101 75 70 65 

. Brownsville 96 80 79 80 
Dallas 105 80 76 63 
El Paso 101 72 69 60 
Houston 100 81 79 63 
San Antonio 102 83 82 56 

Utah ........................ Modena 97 66 61 
Salt Lake City 102 68 64 53 

Washington .................. Seattle 86 70 67 59 
Spokane 106 68 58 41 

Wisconsin .................... Green Bay 99 79 75 53 
La Crosse 100 83 81 69 

Wyoming .............. , ..... Rock Springs 91 62 58 

* Courtesy the Marley Company. 

ing a 14-year period the wet-bulb temperature in New York City only 
twice exceeded gooF for 7 hr duration or more. On one occasion a 
momentary wet bulb of ggoF was :recorded. The two occasions on which 
the wet bulb exceeded gooF were so rare that it is simpler to justify 
reducing the plant capacity or shutting down altogether during these 
infrequent occurrences rather than to use 80+°F as the basis for design. 
Since the 5 per cent wet bulb for New York is 75°F, only critical require~ 
ments can justify the use of a temperature between 75°F and the reMon~ 
able maximum of 81 °F. Cooling towers are usually designed to with# 
stand a wind velocity of 100 mph, which is equivalent to 30 lb/ft2• 
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In the study of cooling towers the impression sometimes arises that 
the cooling tower· cannot operate when. the inlet air is at its wet-bulb 
temperature. This, of course, is not so. When air at the wet-bulb 
temperature enters the tower, it receives sensible heat from the hot water, 
and its temperature is raised thereby so that it is no longer saturated. 
Water then evaporates continuously into the air as it travels upward in 
the tower. 

One of the objectionable characteristics of cooling towers is known as 
fogging. When the hot and saturated exit air discharges into a cold 
atmosphere, condensation will occm·. It may cause a dense fog to fall 
over a portion of the plant with attendant safety hazards. If provision 
is made during the initial design, condensation can be reduced by any 
means which reduces the outlet temperature of the air. If it is desired 
to maintain a fixed range for the cooling water in coolers and condensers, 
fogging can be reduced by the recirculation of part of the basin water 
back to the top of the tower where jt combines with hot water from the 
coolers and condensers.. This reduces the temperature of the "\vater to 
the tower, ,while the heat load is unchanged. The principal expense of 
the operation, aside from initial investment, will be that of the pumping 
power for the recirculation water, which does not enter the coolers and 
condensers. 

Humidification Coefficients. An apparatus in which air and water can 
be brought into intimate contact may serve as a cooling tower or air 
humidifier. Considerable information can be found in the literature on 
the performance of a variety of packing and fills. Simpson and Sher­
wood1 have given an excellent review of some of the pertinent data in the 
literature as well as some original data on fills suitable for cooling towers. 
Because of the outgrowth of modern diffusion calculations from absorp­
tion practices in the chemical industries; much of the data in the literature 
is represented by a plot of Kaa vs. G for systems in which the gas film is 
controlling. This method now appears to be giving way to plots of the 
HTU vs. G. Colburn2 has recalculated much of the early data on this 
basis. The relation between the HTU and Kaa is 

z v 
HTU = Kaa G 

where Z is the total height containing ne transfer units. Both calcula­
tions are based on the use of the pound-mols of water transferred and a 
driving potential expressed in atmospheres. There seems little reason to 
employ these units in humidification calculations, since the pounds of 

1 Simpson, W. M., and T. K. Sherwood, Refrig. Eng., 535 (1946). 
2 Colburn, A. P. Traru;. AIChE, 29, 174 (1939). 
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water transferred and a driving potential in humidity units are so con­
venient. No data have appeared in the literature so far in which HDU, 
the height of a diffusion unit, is plotted against G for the humidification 
of air, but data have appeared with Kxa plotted against G. The relation 
between the HDU and Kxa is 

HDU = ~ ! (17.84) 
KxaL 

and the relation between the K:xa and Kaa can be obtained from Eq. 
(17.40). The HDU or Kxa are the performance characteristics of the 
given fill, or packing, and na is the size of the job required for the fulfill­
ment of process c.onditions. In the case of packed towers containing 
small objects it is possible to report the data over wide ranges by an 
equation of the form 

(17.85) 

If the value of Kxa is multiplied by the ratio V /L, the number of diffusion 
units in a given height can be obtained, since V = lZ. 

If a tower is in operation and it is desired to determine its performance 
characteristics such as the HDU or Kxa, the number of diffusion units 
being performed must be calculated first from the observed inlet and 
outlet temperatures, humidities, and flow rates. The total packed, or 
filled, height divided by the value of na calculated from observed data will 
give the HDU. Of the data available in the literature only those for 
Raschig rings and Berl saddles are given here, since other types of pack­
ings and fill are less standardized and in some instances difficult to repro­
duce. The data in Table 17.5 have been published in part by McAdams1 

from tests by Parekh2 and have been made available through the courtesy 
of Dean T. K. Sherwood. Data on fills producing droplet surface cannot 
be represented quite so readily as film-type packings, since the total 
droplet surface changes greatly with the number of droplets formed. 
This in turn is influenced by the liquid loading. 

Caution is emphasized in the application of the information in the 
literature to use in actual services. Many of the data have been obtained 
on small packed, or filled, heights or on laboratory-scale apparatus of 
small cross section. A problem in the design of large towers is the 
attainment of a uniform distribution of both air and water over the entire 
cross section and height of the tower. A tower of large cross section 
should be easier to control than a small one because of the lower ratio of 
wall perimeter to cross section, which, in a sense, is a rough index of the 
fraction· of the liquid flowing down the tower walls. Since the water is 

1 McAdams, W. H., op. cit., p. 289. 
2 Parekh, M., Sc. D. Report in Chem. Eng., MIT, (1941). 
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TABLE 17.5; HUMIDIFICATION CHARACTERISTICS: RASCHIG RINGS AND BERL SADDLES' 

Kxa = C,G"~ 

Packing; in. t 

1 Raschig ..... 

17-f Raschig ... 

2 Raschig ..... 

U Berl. ...... 

1 Berl ........ 

1% Berl ...... 

Where gas loading, G = lb/(hr)(ft~ ground area) 
Liquid loading, L = lb/(hr)(ft2 ground area) 

Kxa = lb/(hr)(ft•)(lb/lb) potential 

Depth, 
L in. t G 'Y Kxa 

24 500 250 0.50 226 
1500 250 0.50 468 
3000 250 0.50 635 

20.6 500 250 0.43 208 
1500 250 0.55 370 
3000 250 0.60 445 

19.1 500 250 0.47 190 
1500 250 0.54 301 
3000 250 0.53 351 

15.5 500 250 0.61 320 
1500 250 0.61 468 
3000 250 0.61 595 

20.3 500 250 0.42 245 
1500 250 0.50 464 
3000 250 0.69 569 

22 500 250 0.52 200 
1500 250 0.52 305 
3000 250 0.52 383 

a, 

14.3 
29.6 
40.2 

19.4 
17.9 
16.4 

14.3 
15.3 
18.9 

11.1 
16.3 
20.7 

24.2 
29.4 
12.7 

11.4 
17.4 
21.8 

*From M. D. Parekh Report, MIT, courtesy of Professors T. K. Sherwood and W. H. McAdams. 
t H!-in. Raschig rings do not follow the equation. 

usually distributed only at the top, the tendency for more and more 
liquid to reach and descend along the wall and by-pass the packing 
increases with the height of the tower. A tower packed to a height of 
20ft does not actually deliver twice as many diffusion.units as a tower 

..... 
packed to a height of 10 ft with the same packing, or fill. Another diffi-
culty in large packed towers is the increased opportunity for channeling. 
With a large cross section there is a tendency for a disproportionate quan­
tity of the liquid to descend through half the cross section while a dis­
proportionate quantity of air rises in the other half. Still another note 
of caution refers particularly to data obtained on spray towers. As 
explained earlier, most of the performance occurs in the upper few feet 
of the tower. If a tower is equipped with sprays only at its top7 the 
height of the tower will not be an indication of the available surface. 
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Consideration must also be given to the fact that many of the avail­
able data have been reported on experiments in which gas and liquid load­
ings of from 200 to 5000 lb/(hr)(ft2) have been used. The twenty-five­
fold range of variables provides considerable insight into the influence 
of these variables on performance. By the same token it is easier to 
obtain good data on a small packed height in which the approach to 
equilibrium is not very close and in which the precise experimental 
determination of the humidities is not too significant. None of these 
should be considered representative of the ranges employed in modern 
cooling towers. The purpose of a cooling tower is solely to produce cool­
ing water, which, next to air itself, is the cheapest utility. The most 
important operating cost is that of the fari. power for circulating the air. 
Accordingly a small allowable pressure drop of less than 2 in. of water is 
the standard practice. In all but extraordinary services the liquid 
loading on droplet-forming fills is from 1 to 4 gpm/ft2 or 500 to 2000 
lb/(hr)(ft2). Gas loadings are between 1300 and 1800 lb/(hr)(ft2), cor­
responding to gas velocities of roughly 300 to 400 fpm. 

Another factor to be considered is that of flooding the fill in which the 
orderly counterflow of air and water is disrupted. Lobo, Frie1fd, et al. 1 

have made available the results of a study on the influence of lp.quid and 
gas loadings on the flooding points of packed towers; In slat-fill towers 
forming droplets there are two flooding points. One exceeds about 15 
gpm/(ft2) above which the liquid loading is so great that the water falls 
in curtains thereby reducing the production of water droplets. Another, 
occurring at higher liquid loadings, is the true flooding point in which the 
distribution of air and water is impaired. The liquid loading at the flood 
points is not independent of the gas loading. At the other extreme of 
low liquid loading is incipient wetting, in which the liquid flow is so small 
that the film surface may not be entirely wetted. In the case of the slat­
fill tower few droplets are produced under these conditions and the 
surface is principally film surface. 

Only limited performance data are available in the literature on 
commercial cooling towers. This is natural, since such information is 
usually confidential with fabricators, and operators only occasionally 
make test data available. By comparison with experimental towere 
the values of Kxa or HDU obtained in large towers are relatively small. 
At gas and liquid loadings of about 1000 lb/(hr)(ft2) many laboratory­
scale data have been reported with values of Kxa ranging from 200 to 
600 lb/(hr)(ftO)(lb/lb). It is doubtful that fl,ny full-sized apparatus 
erected in the United States at present is capable of a Kxa exceeding 100 
within the usual limits of pressure drop permitted in industry. 

1 Lobo, W. E., L. Friend, F. Hashmall, and F. Zenz, TraM. AIChE, 41, 693 (1945). 
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The Calculation of Cooling-tower Performances. Usually operators 
buy cooling towers rather than erect them themselves. This is undoubt~ 
edly the wisest policy, since it makes available to the operator a great 
deal of "know-how" in a field in which it is of great value. The oper­
ator will specify the quantity of water and the temperature range he 
requires for his process. The fabricator will propose a tower which will 
fulfill the conditions furnished by the operator for the 5 per cent wet bulb 
in the locality of the plant and guarantee the fan power with which it will 
be accomplished. With the first cost, fan power, and the approximate 
height of the pumping head the operator can compute the cost of the 
cooling-tower water based on a period of depreciation of about twenty 
years. 

Assume that a cooling tower has been erected and placed in operation 
on this basis. An acceptance run is made to determine whether or not. 
the cooling tower is meeting the gul1fantee. This consists of a wet-bulb 
determination on the windward side of the tower and .the determination 
of the air rate by velometer or other pitot arrangement. The air leaving 
the cooling tower is always assumed to be saturated at. its outlet tem­
perature. Tests have shown it to be anywhere from 95 to 99 per cent 
saturated. 

In a heat exchanger the performance is satisfactory if the measured 
overall coefficient during initial operation at the process conditions equals 
or exceeds the stipulated clean coefficient. . In cooling towers the basis 
for design is one which is very rarely present. A cooling tower designed 
for a given approach to the 5 per cent wet bulb and erected in the 
fall of the year will probably not. encounter the design condition for 
another 8 or 9 months. On the basis of its performance in autumn will 
it operate at the design conditions when they eventually return? A series 
of calculations answering questions of this nature will be undertaken 
presently. 

Each performance calculation may be divided into two parts: (1) How 
many diffusion units correspond to the process requirement, and (2) how 
many diffusion units is or can the tower actually perform? Obviously at 
all conditions (2) should exceed (1). 

Example 17.2. Calculation of the Number of Diffusion Units. A plant is being 
laid out in a restricted-water locality. The total heat load to be removed from several 
processes by the cooling tower is 26,000,000 Btu/hr. The locality has a 5 per cent 
wet-bulb temperature of 75°F. The water will leave the tower with a 10° approach 
to the wet bulb, or 85°F. Being water of ordinary air and mineral content it will 
emerge from equipment at a maximum temperature of 120°F. The water equivalent 
to this range is 1500 gpm. 

A tower 24 by 24 it has been erected with a fan capacity of 187,000 cfm. How 
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many diffusion units must the tower be capable of performing to fulfill the process 
requirements? 

Determine (a) by numerical integration and (b) by using the log mean enthalpy 
difference. 

Solution. (a) On coordinates of enthalpy vs. water temperature such as Fig. 17.12 
plot the saturation line from the data of Table 17.2. 

Next determine the enthalpy of the inlet air which is one terminal of the operating 
line. In this problem it corresponds to a 75°F wet bulb or air saturated at 75°F. 
From Table 17.2 H 1 = 39.1 Btu/lb dry air at an outlet water temperature of 85°F. 

140 .---r---,,---,----,-...,.---,.--r---,--.,---, 

130 1--+----+---t--~--l--+---t---1----+--.1--1/ 
~~ 

120 f---l-----1---l---+--l---+--+-+-7~---1 

110 1---1---l--+---+--+--+--l---!-,/-+--l 

1001---f--+---l-+--l---4-+-1/C-J---+---! /I 
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Temperature, °F 
Fra. 17.12. Solution of Example 17.2. 

The liquid and air loading will establish the slope of the operating line throughout 
the tower, starting at H 1• The liquid loading is simply the total hourly water rate 
divided by the ground area. The air loading was given in the proposal as 187,000 
cfm at 75°F wet bulb. The density of the dry air in a cubic foot of mixture is 
1/13.88 = 0.072lb/fta from Table 17.2. 

Ground area = 24 X 24 = 576 ft2 

L = 1500 X 60% 76 = 1302lb/(hr)(ft2) 
G-= 187,000 X 0.072 X 6%7 s = 1400 lb/(hr)(ft') 
L 1302 a = 1400 = 0·93 
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In Fig, 17.12 from H 1 = 39.1 draw a line of positive slope equal to 0.93 or calculate 
H • from Eq. (1'/.83) and draw a line between H 1 and H •· 

H2 = H1 + ~ (T•- T1) ,., 39.1 + 0.93(120 - 85) = 71.6 Btu 

The area between the saturation line and the operating line represents the potential 
for heat transfer. It can be determined either by counting squares, in which case a 
plot of 1/(H' -H) vs. T is more convenient, or by numerical integration. The 
latter is employed here: 

T H' H H'-H (H'- H)ov 
dT(= 5.0°F) 
(H'- H).v 

85 50.0 39.1 10.9 
90 56.7 43.7 13.0 11.45 0.418 
95 64.2 48.4 15.8 14.4 0.347 

100 72.7 53.1 19.7 17.7 0.282 
105 82.5 57.7 24.8 22.2 0.225 
110 93.8 62.4 31.4 28.1 0.178 
115 106.7 67.0 39.7 35.55 0.1405 
120 121.5 71.6 49.9 44.8 0.1115 

no= Kxat = J H'd'!_ H = 1..70 

In order to fulfill process requirements the tower must be capable of performing 1.70 
diffusion units. But to perform to that extent under process requirements it must 
also be capable of that much performance under any other conditions. 

(b} Using the log mean enthalpy difference, 
At the top of the tower H~ - H2 = 49.9 Btu/Ib 
At the bottom of the tower H~- H1 = 10.9 Btu/lb 

Log mean (H' - H) = 2.34~~: ~.;~{0.9 = 25.8 Btu/Ib 

KxaV . dT 120-85 
no,= -L- = H'- H- 25.8 = 1.35 vs. 1.70 

The error is naturally larger the greater the range, and 35°F is nearly the extreme for a 
cooling tower. This method is acceptable only where the range is very small. 

Example 1'1.3. Calculation of the Required Height of Fill. Suppose it is known 
that, for a particular fill at L = 1302 and G = 1400, Kxa is 115lb/(hr)(ft3)(lb/lb). 
What height of fill should be supplied, and what is the HDU when a fill has a Kxa of 
115 lb / (hr) (ft•) (lb /lb)? 

Solution. Height of fill: 
Since the loading is based on 1 ft2 of ground area, 

Kxa(lZ) 
na =--L--

naL 1302 · 
Z = Kxa = 1.70 X 1IT = 19.1 ft 
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The height of a diffusion unit is Z/n4. 

HDU = ~~.;~ = 11.3 ft 

This last· is cc;mtrasted to values of 3ft obtained by London, Mason, and Boelter' on a 
streamline shape film tower of known surface or ofl% ft obtained by Parekh (extra­
polated) for Raschig rings. 

Example 17.4. Determination of a Cooling~tower Guarantee. Under steady 
atmospheric conditions during an autumn test the 24- by 24-ft tower of Example 
17.2 in actual operation showed a steady .water temperature of 114.3°F on the tower 
and 79.3° off the tower. The wet bulb determined by psychrometer was 65°F. Air 
and water loadings were maintained at their design values. 

Will this tower be capable of producing 1500 gpm of 120 to 85°F water when the 
wet bulb is 75°F? 

Solutioo. This is a solution based on the observed data and is the same as before 
except that the operating line starting at H 1 corresp<inds to the 65°F wet bulb or 
30.4 Btu/lb. 

T H' H H'-H (H'- H).v 
dT 

(H'- H)av 

79.3 43.4 30.4 13.0 
85 50.0 35.7 14.3 13.65 0.417 
90 56.7 40.3 16.4 15.35 0.326 
95 64.2 45.0 19.2 17.8 0.281 

100 72.7 49.6 23.1 21.5 0.237 
105 82.5 54.3 28.2 25.65 0.195 
110 93.8 58.5 35.3 31.75 0.158 
114.3 103.3 62.9 40.4 37.85 0.113 

nd = 1. 72 

In order to fulfill the process requirements the cooling tower must be capable of pro, 
viding 1.70 diffusion units when the wet bulb is 75°F. The same calculation applied. 
to the actual test conditions shows it to be delivering 1. 72 diffusion units, and it is 
therefore acceptable. The fan power can be checked independently from the electric 
circuit or from the steam rate for a turbine drive. 

The Influence of Process Conditions upon Design. It is rewarding to 
study the effects of various process changes upon the height and cross 
section of the apparatus or the cost of its operation. Six of the consider­
ations which affect the size of the tower are indicated in Fig. 17.13. 'Fhey 
are analyzed best by means of the enthalpy-temperature diagram, since 
the area between the saturation and operating lines is a measure of the 

tLondon, A. L., W. E. Mason, and L. M. K. Boelter, Trans. ASME, 62, 41-50 
(1940). 
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total potential. The smaller the area the greater the height of tower 
required for fulfillment of the process conditions. 

a. Unsaturation of the Inlet Air. Heretofore reference has been made 
only to the wet-bulb temperature of the inlet air and no~ to its dry bulb. 
In each case it has been assumed identical with the wet bulb, i.e., adia­
batically saturated. In Example 17.2 the enthalpy of the inlet air .at 
the 75°F wet bulb was 39.1 Btu/lb. Suppose the air is at a dry bulb of 

85°F when the wet bulb is 75°F. The air will be unsaturated, and its 
enthalpy will be 41.7 Btu/lb instead of 39.1. In Fig. 17.13a this will drop 
the operating.line insignificantly from H 1 - H 2 to (H r) - (H 2), the cross­
hatch area representing the increase in potential. Failure to correct the 
enthalpy for the dry bulb gives results which are slightly on the safe side, 
and for this reason it is customary to specify only the wet bulb. 

b. Close Approach. Both operating lines in Fig. 17.13b have the same 
L/G ratio (same slopes) and. equal ranges of 35°F for the removal of the 
same process heat load. The operating line (H1) - (H2) attempts to 
do the same cooling as H 1 - H 2 and with the same inlet air but 
between the temperatures of lUi and 80°F instead of 120 and 85°F. The 
area between the saturation curve and the operating line is greatly 
decreased by (H1) - (H2). Sh;nilarly it might be desired to obtain water 
from 120 to 85°F with 80° wet-bulb instead of 75° wet-bulb air. This will 
raise the operating line H 1 - H 2 vertically and also decrease the potential. 

c. Changing the L/G Ratio. If the ground area is too limited, such as 
when a cooling tower is erected atop a building, it may be necessary to 
employ a relatively high liquid loading without increasing the air quan­
tity, since 400 fpm is about the maximum economical air velocity. This 
will decrease the cross section of the tower but increase the slope of the 
operating line H 1 - H2 to Hr- (H2) as in Fig. 17.13c, resulting in a 
decreased potential and a higher tower. This is the simple observation 
that the less air circulated per pound of water the less the extent of 
cooling. 

d. Location of the Operating Range. The saturation line has a varying 
curv'ature. In Fig. 17.13d an operating line Hr- H2 is shown with a 
range from 105 to 70°F. Suppose it is desired to design a tower using 
the same inlet air but to cool water from 95 to 60°F. This would be 
impossible with the same L/G ratio, since the operating line (H1) - (H2) 
would intersect the saturation line. Obviously heat transfer would stop 
at the intersection (H~), since the potential would be zero at that point. 
A considerably lower L/G ratio would be required, which in turn 
means more air must be circulated for the removal of the same number 
of Btu. 
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e. Staging. One of the means of overcoming the small L/G ratio in the 
preceding paragraph can be accomplished by the use of two towers. 
This is staging. The water at the top of the first tower is hot and con­
tacts air of enthalpy H2 along the operating line H 1 - H2 as shown in 
Fig. 17.13e. The water is removed from the basin at temperature Ta 
and is pumped over the second tower, which also uses atmospheric air of 
enthalpy H 1• The second tower operates between H1 and Ha. In this 
way both operating lines may have large slopes without intersecting the 
saturation line. The fixed charges and operating cost of two towers 
increase the cost of water considerably, but water produced in this man­
ner should be regarded as chilled water, and its cost and range compared 
with that of refrigerated water. 

f. Elevation. Some plants are located at high elevations. Should this 
be mentioned in the process conditions? At reduced atmospheric pres­
sure, as seen in Fig. 17.13!, the saturation line is higher, which in turn 
increases the potential and reduces the required size of tower if all other 
conditions are the same. This occurs because the partial pressure of 
the water is fixed whereas the total pressure has been decreased. The 
humidity of the saturated air at higher elevation is aiso greater. 

The Influence of Operating Variables. Since a cooling tower uses 
the atmosphere as a cooling medium, it is also subject to the varia­
tions in the atmosphere. When operating at the design wet bulb, the 
tower should produce water of the range and at the temperature specified 
in the guarantee. When the wet bulb falls, however, it is. the same as 
increasing the potential in the tower. If the heat load on the tower and 
the values of L and G circulated through the tower are all to be kept 
constant, the water still undergoes the same number of degrees of cooling 
in it but the inlet and outlet temperatures Will be colder than guaranteed. 
The cooling tower is only able to remove the same heat load from the 
water by automatically reducing the potential difference, me water 
temperatures declining accordingly with the wet bulb. From the stand­
point of operating the coolers and condensers employed in a plant, this 
arrangement requires the simplest instrumentation. When a cooler 
receives water at a constant rate which is colder than that for which it was 
rated, the hot fluid is cooled below the desired outlet temperature. To 
prevent this from occurring in a cooler, the flow rate of the colder water 
through the cooler is reduced by by-passing, so that less water is used but 
With a constant design outlet temperature. The constant-temperature 
outlet water is then recombined with the by-pass water before returning 
to the cooling tower. In this way all coolers or condensers designed for 
water, say, from 85 to 120°F have outlet'-water temperatures of 120°F 
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the year around. This was, in fact, the basis for the temperatures in 
Example 17.4. 

If the water and air loadings on a tower are changed in any way, the 
number of diffusion units the tower is capable of providing are also 
altered. Ordinarily the loadings on a single cell cannot be changed very 
greatly. In fact a variation .of 20 per cent from the mean of the design 
water loading is the maximum which may be anticipated, since the drop­
lets are produced by nozzles which, in turn, have been sized for a given 
flow rate at a given head. The maximum discharge capacity will be 
about 120 per cent of design and when less than 80 per cent of the design 
water rate is used, the dispersion of the droplets is reduced along with the 
total. quantity of water. The air loading can be regulated by varying 
the pitch of the fan blades, which can usually be rotated to a plus or minus 
3° position from the mean. In summer the blades will be in a +3° 
position and in winter at -3°. In winter the -3° position of the fan 
delivers about 80 per cent of the +3° air quantity, but the power saving 
is 40 per cent. If requested, the cooling-tower fabricator will specify 
the temperature range assumed by the cooling-tower water at 80 and 
120 per cent of its design loading when the design air quantity is at the 
guarantee wet bulb. Sometimes, when the operating wet bulb is lower 
than the design wet bulb, it is desirable to use the increased potential to 
produce more cooling water of the original design temperature range. 
When the wet bulb varies, how much more water can be produced? 
This can be calculated from the 80, 100, and 120 per cent values, using 
the assumption that the number of diffusion units performed by a tower 
is dependent only upon the L/G ratio and not upon either L or G sep­
arately. This is a useful approximation within the range of cooling-tower 
operation and from 80 to 120 per cent of design capacity. 

Example 17.6. The Recalculation of Cooling-tower Performance. In the guaran­
tee of the 24- by 24-ft tower of Example 17.2 for cooling 1500 gpm from 120 to 85°F 
at a 75°F wet bulb the following data were given by the fabricator for overload and 
underload 

Liquid loading, % 
120 
100 
80 

Temperature range, •F 
122.2--87.2 
120.G-85.0 
117.5-82.5 

When the wet bulb is 70°F, how much water from 120 to 85°F can the tower provide 1 
Solution. First reconstruct the portion of the actual performance curve from which 

the tower was designed. On the assumption that the performance curve is onlv a 
function of L/G and not Lor G separately and, having already integrated the design 
condition, the same must be done for the overload and underload. 
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For 1500 gpm, L/G = 0.93 
For 120 per cent of design, L/G = 1.20 X 0.93 = 1.115 
At 87.2•F, H.= 39.1 Btu 
At 122.2•F, Ho = 39.1 + 1.115 X 35 = 78.1 Btu 

T H' H H'-H (H'- If)av 

87.2 53.1 39.1 14.0 
90 56.7 42.0 14.7 14.35 
95 64.2 47.6 16.6 15.65 

100 72.7 53.3 19.4 18.0 
105 82.5 58.8 23.7 21.55 
110 93.8 64.3 29.5 26.6 
115 106.7 70.0 36.7 33.25 
120 121.5 75.6 45.9 41.3 
122.2 128.2 78.1 50.1 48.0 

dT 
(H'- H).v 

0.195 
0.320 
0.278 
0.232 
0.188 
0.150 
0.121 
0.0458 

v 
Kxay; = 1.53 

For 80 per cent of design, L/G = 0.80 X 0.93 = 0.74 
At 82.5"F, H, = 39.1 
At 117.5"F, Hz = 39.1 + 0.74 X 35 = 65.0 Btu 

T H' H H'-H (H'- H)av 

82.5 47.2 39.1 8.1 
85 50.0 40.8 9.2 8.7 
90 56.7 44.6 12.1 10.7 
95 64.2 48.3 15.9 14.0 

100 72.7 52.0 20.7 18.3 
105 82.5 55.6 26.9 23.8 
110 93.8 59.3 34.5 30.7 
115 106.7 63.0 43.7 39.1 
117.5 121.5 65.0 56.5 50.1 

dT 
(H'- H)av 

0.286 
0.465 
0.357 
0.273 
0.210 
0.163 
0.128 
0.050 

Kxat = 1.92 

The values of Kxa V (L vs. L /G are plotted in Fig. 17.14. 
How much water from 120 to 85"F can be circulated over the tower when the wet 

bulb falls to 7o•F? In Fig. 17.14 both the ordinate KxaV /Land the absciss1;1. L/G 
contain L, which in turn determines the desired water quantity. A value of L can be 
assumed, and if the value obtained for both Kxa.V./L and L/G falls on the curve 
of Fig .. 17.14, the requirements of performance will be satisfied. The solution is 
consequently by trial and error. 
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Trial I. Assume L/G = 1.10 

Ht = 34.5 
Hz= 34.5 + 1.10 X 35 = 73.0 

T H' H H'-H (H'- H)av 

85 50.0 34.5 15.5 
90 56.7 40.0 16.7 
95 64.2 45.5 18.7 

100 72.7 51.0 21.7 
105 82.5 56.5 26.0 
110 93.8 62.0 31.8 
115 106.7 68.5 38,2 
120 121.5 73.0 48.5 

From Fig.17.14, for KxaV/L == 1.48, LJG = 1.19 
Assumed, L/G = 1.10 No check 

Trial2; Assume L/G = 1.20 

Ht = 34.5 
Hz = 34.5 + 1.20 X 35 = 76.5 

16.1 
17.7 
20.2 
23.85 
28.9 
35.0 
43.35 

T H' H H'-H (H'- H)av 

85 50.0 34.5 15.5 
90 56.7 40.5 16.2 
95 64.2 46.5 17.7 

100 72.7 52.5 20.2 
105 82.5 58.5 24.0 
110 93.8 64.5 29.3 
115 106.7 70.5 36.2 
120 121.5 76.5 45.0 

From Fig. 17.14, for KxaV /L = 1.56, L/G = 1.08 
Assumed, L/G = 1.20 No check 

15.9 
16.95 
18.95 
22.1 
26.65 
32.75 
40.6 

dT 
(H'- H)av 

0.309 
0.282 
0.247 
0.210 
0.173 
0.143 
0.115 
1.48 

dT 
(H'- H)av 

0.313 
0.295 
0.264 
0.226 
0.188 
0.153 
0.123 

1.56 

By interpolation the conditions are satisfied when the value of L/G = 1.14. The total 

water which can be produced with an 85°F temperature will be 1500 X ~:~: = 1840 

gpm. 

Dehumidifiers. The dehumidification of hot humid air by washing 
with cold water is a common practice in air conditioning. Although it is 
generally carried out in spray washers, it can be effectively achieved 
through the use of a coolin@: tower or similar contacHng device. Con-
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sider humid air saturated and at a higher temperature than the cold~water 
spray. The humidity or partial pressure of the water vapor in the hot 
air body is greater than the saturation humidity in the air film, which, in 
the absence of a liquid film resistance, is presumed to be saturated at the 
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1.9 

I.S 

KxOlV 1.7 
L 

1.6 

I.S 

I\ 
\ 

1\. 

'\ 
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water temperature. The potential 
difference for mass transfer is then 
in the direction from the gas body 
to the water body, the reverse of the 
direction of humidification. The 
enthalpy at every point in the air 
body is greater than the correspond~ 
ing value of the air illm. This is 
shown graphically in Fig. 17.15. 
The operating line again has the 
slope of L/G, but it is above the 1

"
4
0,1 o.s 0.9 1.0 1.1 1.2 1.3 saturation line. 

L/G The m:ass transfer of the water 

.......... 

FIG. 17.14. Solution of Example 17.5. 
vapor from the air body into the 

liquid is a mechanism apart from condensation, although the heat of the 
water removed by mass transfer is equal to the latent heat of vaporization. 
In true diffusion the mass transfer from the gas body to the liquid is treated 
as a molecular phenomenon, in which case no dew is assumed to form. 
Humidification and dehumidification may 
be considered identical except in the direc­
tion of the mass transfer. Studies indicate 
that the rate of dehumidification equals the 
rate of humidification, the same Kxa data 
being applicable to either. Thus the num­
ber of diffusion units for dehumidification 
can likewise be determined by integrating 
the area between the upper operating line 
and the saturation line. The baf:;ic equa­
tion for the case of dehumidification where 
the Lewis number is unity becomes 

V J dT · nd = Kxa L = H _ H' (17.86) 

Tempere~ture 

FIG. 17.15. Dehumidification po• 
tentials. 

which differs from Eq. (17.81) only in the position of Hand H'. 
Heat Transfer from Gases. All the preceding illustrations have been 

concerned With cooling warm water. Suppose it is desired to cool a gas 
at a moderate pressure as in Chap. 9. If the gas is passed through a 
heat exchanger with a reasonable allowable pressure drop, a low heat~ 
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transfer coefficient results. This is particularly true where the static 
pressure on the gas is developed by a blower or fan. The same hot gas 
may be brought into contact with water in a packed or filled tower with 
droplet surface, and the heat transfer will be accomplished very cheaply. 
In many instances a cylindrical vessel containing a few feet of dumped 
packing material may replace a large tubular exchanger. The applica­
tion of direct-contact heat transfer to the solution of gas-cooling problems 
has not yet received the widespread acceptance it appears to merit. 

There is an unfounded prejudice in some quarters against the direct 
contact of water with high-temperature gases. It is sometimes felt that 
unpredictable results will be obtained such as frothing and boiling. 
Consider the typical cases shown in Fig. 17.16. In Fig. 17.16aa hot gas 
(air) enters a tower at 300°F with a dew point of 120°F and leaves at 
200°F. The water has a range from 85 to 120°F. What will happen at 

LIP.O 
Ht 
7j=JOO"F-J 
DP.•I20"F 

(a) 

LIP - fz 
120"F 

LIP 

8s·F 
f; 

fz 
120'F 

FIG. 17.16. Influence of the inlet dew point on the direction of mass transfer. 

the bottom of the tower? The gas, by virtue of its dew point, has a vapor 
pressure of 1.69 psia. The water leaving the tower is at 120°F and has 
the same vapor pressure. There will be no potential for the mass transfer 
of water from the water body into the gas, so that there can be no vapor­
ization, whether the temperature of the inlet gas be 200 or 2000°F. The 
mass transfer is established solely by the difference between the dew point 
of the inlet gas and the partial pressure corresponding to the outlet water 
temperature. At a differential height upward in the tower the relation­
ship between the potentials changes: The water temperature is lower 
than the gas dew point, and water vapor starts to diffuse from the gas 
to the water. The diffusion process continues up to the gas outlet at the 
top. 

In Fig. 17.16b the process conditions have been altered so that the dew 
point of the inlet gas is 85 instead of 120°F. Here the partial pressure 
of the outlet cold water is greater than that of the inlet gas, but the pres­
sure exerted by tl).e outlet water is still 1.69 psia, no matter how high the 
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gas temperature may be. This case is somewhat different from that of a 
cooling tower, since the gas will be cooled and humidified whereas in the 
cooling tower it is heated and humidified. In Fig. 17.16c.: a gas enters 
with a higher dew point than that of the water and the movement of the 
vapor is from the gas to the water body throughout. Other interesting 
arrangements are possible. Analysis shows that sensible-heat transfer 
by direct contact must be accompanied by some mass transfer. When 
a gas is to be cooled over a great range, measured in hundreds of degrees, 
and the dew point corresponds to that of flue gases such as from 110 to 
130°F, the amount of mass transfer may be very small. 

Calculations without a Simplified Lewis Number. In the derivation of 
equations for the performance of cooling towers or other air-water humidi­
fiers and dehumidifiers, a simple expression was obtained. This was 
owing very largely to the assumption that the Lewis number for air-water 
diffusion is nearly unity. It thus becomes possible to eliminate the last 
term of Eq. (17.75) from further evaluation in cooling-tower calculations. 
WhenLe :;"' l.O,Eq. (17.75), insteadofreducingtoEq. (17.8l),reducesto 

V f dT na =' Kxay; = . (H' _H) + c(T _ t)(Le _ 1) (17.87) 

Equation (17.87) cannot be evaluated in a simple, straightforward manner 
because of the last term of the denominator. In Fig. 17.4 the Lewis num~ 
her for air-water has a value of 1.0 at 600°F. For the diffusion of water 
;nto other gases such as Hz and C02 the Lewis number is about 2.0 and 
0.6, respectively. 

In the case of gas coollng if no simplifying assumption can be made 
for the Lewis number, it is necessary to return to the three basic equations 
for humidification and dehumidification. These are 

dq. = ha.dV(T- t) = GcdT 
dqa = Kxa dV(X - X') = J. dL 

Ldt=GdH. 

(17.62) 
(17.67) 
(17.78) 

where T now refers to the hot gas and t to the cold.water. These equa­
tions are, respectively, the convection, diffusion, and overall heat bal­
ances. The first two can be related by the fact that h = (Le)Kxc. The 
overall heat balance given by Eq. (17.78) obviously is the sum of Eqs 
(17.62) and (17.67), respectively. 

The problem is to determine the number of diffusion units correspond­
ing to process requirements by the simultaneous integration of all three 
equations. This calls for a typical trial-and-error solution. Suppose a 
hot gas as in Fig. 17.16a contacts cold water in a counterflow tower. The 
process conditions leave two unknowns: the outlet air humidity and the 
quantity of water flowing over the tower. Although its temperature is 
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known, the outlet-air enthalpy cannot be calculated until its humidity 
is known. Without the outlet humidity the total heat to be removed 
G dH = L dt cannot be calculated, and without it L cannot be determined. 
The number of diffusion units is dependent upon the L/G ratio, which 
cannot be set without knowing L. The solution of a gas-cooling problem 
can be seen to hinge entirely upon the value of the outlet-air humidity. 
However, by assuming the outlet humidity for a required gas-outlet 
temperature the enthalpy can be determined, the heat balance closed, and 
the L/G ratio is found. 

Neglecting mechanical problems of distribution, the required height 
of the tower is proportional to the number of diffusion units it must con­
tain. Having obtained L by assuming the gas~outlet humidity, the 
quantity of water. diffused in the tower and the quantity of heat trans­
ferred can be determined by Kxa V /Lor ha V jL, both of which are related 
by the Lewis number. Starting at the bottom of the tower at the gas 
inlet, an increment Kxa A V /L can be assumed and the amount of mass 
and heat transfer occurring over the increment calculated, since L is 
now known and Kxa AVis the actual number of pounds of mass transfer for 
the interval. Working up the column by increments, Eqs. (17.62) and 
(17.67) can be integrated. Since Eq. (17.78) is the sum of Eqs. (17.62) 
and (17.67), a height should be reached in the tower at which all the heat 
transferred corresponds to Eq. (17.78). If the assumed enthalpy of the 
outlet-gas and the inlet-water temperature does not occur at the same 
height, the outlet enthalpy has been assumed incorrectly and a new 
assumption must be made. · 

Sherwood and Reed1 have given the solution of the three differential 
equations by the method of W. E. Milne, which is straightforward but 
fairly lengthy. If an estimate of the outlet humidity can be made, the 
method outlined above may be simpler. 

Example 17.6. Calculation of a Direct-contact Gas Cooler. A cooling operation 
consists of passing 50,000 lb/hr of bone-dry gas of 29 molecular weight (essentially 
nitrogen) over trays of hot material from whose surface oxygen must be excluded. 
The gas is heated in passing over the trays from 200 to 300°F and emerges with a dew 
point of 120"F. It then goes to a direct-contact cooler where it is cooled back to 
200°F and dehumidified with water which is heated from 85 to 120°F. A pressure 
drop of about 2 in. of water is permissible. 

(a) How many diffusion units are required to accomplish this process? 
(b) Using some standard low-pressure-drop data in the literature calculate the 

dimensions of a direct-contact tower. In the solution of this problem data will be 
used for a simple fill described by Simpson and Sherwood. 

Solution. Basis: 1 ft2 of ground area. 

1 SherwQod, T. K., and C. E. Reed, "Applied Mathematics in Chemical Engineer­
ing," 134, McGraw-Hill Book Company, Inc., New York, 1939. 
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(a) Tower :6li of suspended fiber board will be used. Such towers can easily operate 
with gas velocities of 450 fpm with reasonable pressure drops and drift elimina­
tion because they are film type towers. If the gas loading is assumed to be 1500 
lb/(hr}{ft•), it will correspond to a gas velocity at the average temperature of the gas 
of 450 fpm. A higher gas rate cannot be justified, and a lower one might provide a 
tower of unnecessarily large cross section. This last can be checked only by a pressure­
drop calculation once the height of the tower has been determined. 

To close the heat balance and to determine the total heat transfer and liquid loa<;i­
ing it is necessary to assume the outlet-gas humidity. Assumption: 20 per cent of the 
initial vapor content of the gas enters the water body. 

At the gas inlet X1 = 14_/~91 . 69 X~ = 0.0807lbflb 

G = 1500 lb /hr 
Total water in inlet gas = 1500 X 0.0807 = 121.05 lb /hr 
The inlet gas is at aoo•F and a 120•F dew point. Use 0.25 Btu/(lb)(°F) for the 
specific heat of nitrogen 
H1 = 0.0807 X 120 + 0.0807 X 1025.8 + 0.45 X 0.0807(300 -120) + 0.25 

X 300 = 174.0 Btuflb drY air (17.55) 
20 per cent of the vapor has been assumed to diffuse into the water body. 

Outlet gas humidity, x~ = 
12l.OS(~~ 0·20) = 0.06456lb/lb 

Pw 18 · 
Dew point of outlet gas, 14.7 _ p., X 29 = 0.06455 

p., = 1.388 psia "" 112.9°F dew point (Table 7) 
The outlet gas has a temperature of 200°F and a 112.9°F dew point. 
H2 = 0.06456 X 112.9 + 0.05456 X 1029.8 + 0.06456 X 0.45(200 - 112.9) 

+ 0.25 X 200 = 126.4 Btujlb dry air (17.55) 
Total heat load, q = G(H1 -H.) = 1500(174.0- 126.4) = 71,500 Btu/hr 

Water loading, L = 1:;·~0~5 = 2040 lb/hr 

This water loading corresponds to 4.0 gpm/(ft2), which is reasonable for this type 
of apparatus as explained earlier. . 

lntervall: 

Kx~AV: 0 to 0.05 

From Fig. 17.4 at 300•F, Le = 0.93 
0 = 0.25 + 0.45 X 0.0807 = 0.283 Btu/(lb)(•F) 

v . 
haV = KxaLL(Le)C = 0.05 X 2040 X 0.93 X 0.283 

= 26.9 Btu/(hr)(°F) 
q. = haV(T - t) = 25.9(300 - 120) = 4850 Btu/hr 

T 4,850 11 4.F 
A = o.m x 150o = · 
To.os = 300 - 11.4 = 288.6°F 
Since the dew point of the gas and the water outlet are the same in this problem, 

there is no diffusion in the first interval. In any other ·problem diffusion may· oc(lur 
in the first interval, and it can be trea~d the same as the second interval below: 

At = 
4850 

= 2 ss•F 2040 . 
to.os = 120 - 2.38 = 117.6"F 
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'The t.empera.t.ures for t,he :first interval are iiho'wn in Fig. 17.17. 

Kxall.V 
Interval2: --L-: 0.05 to 0.15 

haV = 0.10 X 2040 X 0.93 X 0.283 = 53.8 Btu/(hr)l"F) 

For the interval: 

q. = 53.8(288.6 - 117.6) = 9200 Btu/hr 

ll.T = 0.28:~01500 = 21.7"F 

Ta.t• = 288.6 - 21.7 = 266.9°F 
x;u.s'F = 0.0748lbjlb 
Lb water diffused during interval = Kx:a V 

(X- X') 
v 

Kx:aV = Kxay; XL= 0.10 X 2040 = 204.0 

lb/(hr)(lbjlb) 
· KxaV(X- X')= 204.0(0.0807- 0.0748) = 

1.203lb/hr 
Lb water remaining = 121.05 - 1.203 = 

119.85lb/hr 
All7.o"F = 1027 Btu/lb 
qa = 1.203 X 1027 = 1235 Btu/hr 
q = 9200 + 1235 = 10,435 Btujhr 

•• = 10,435 = 5 12.F 
= 2040 . 

to.a = (117.6 - 5.1} = 112.5"F 
X~a.•'F = 0.0640 lb /lb 

119.85 
Xuu"Y = 1500 = 0.0798lb/lb 

KxaAV 
Inter11al8: --L-: 0.15 to 0.25 

haV = 53.8 Btu/(hr)("F) 

0.5315 

0.4 5 

0.35 

0.25 

0.!5 

i o.os 

KxO!t=O.OO 

_1 I 

.t ~ 
x~0.0700 x'=OD352 
T=21J.z•F t=94.0'F 

1 ! 
x•0.0744 x'=O.Il43G 
T=229.6'F t=IOO.SG'F 

t ! 
x=0.07?5 x'=0.0533 
T=247.4'F t=t06.8"F 

t ! 
'){=0.0798 x'=0.0640 
T=Z66.9"F t= 112.5"F 

1 j 
x=0.0801 x'='0.0748 
T=Z88.6'F t= JI7.6'F r 

' I + 
x=0.0807 tl=l20°f 
T1•300'F 

For the interval: FIG. 17.17. Solution of Example 
17.6. 

q, = 53.8(266.9 - 112.5) = 8300 Btu/ltr 

!lT = 0.28:3~ 1500 = 19•5·F 

Tus = 266.9 - 19.5 = 247.4"F 
Lb water diffused during interval = 204.0(0.0798- 0.0640) = 3.22lbjhr 
Lb water remaining = 119.85 - 3.22 = 116.63lb/hr 
Xm.••F = 1030 Btu/lb 
qd = 3.22 X 1030 = 3320 Btu/hr 
q = 8300 + 3320 = 11,620 Btujhr 

1l.t = 11,620 = 5 7o•F 
2040 • 

to.2$ = 112.5 - 5.7 = 1oo.s•F 
X~os.a'F = 0.0533lb/lb 

116.63 
Xm.rF = 1500 = Q.0775lb/lb 
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The calculations of the remaining intervals until a. gas temperature of 200°F is 
reached are shown in Fig. 17.17 from the summary table below. 

v H~O 
Interval Kxa- T t diffused, lb q, qd L 

0 300 120 
1 0.05 288.6 117.6 0 4,850 0 
2 0.15 266.9 ll2.5 1.20 9,200 1,235 
3 0.25 ' 247.4 106.8 3.22 8,300 3,320 
4, 0.35 229.6 100.6 4.99 7.560 5,150 
5 0.45 213.2 94.0 6.29 6,95{) 6,520 
6 0,538 200.0 88.0 6.22 5,640 6,460 

21.92 42,500 22,685 
nd = 0.538 

q == 65,185 Btu/hr 

Assumed diffusion = 20 per cent 

Calculated diffusion = 21.92 X 1i~5 = 18.0 per cent 

It is seen that the above summary is somewhat off, since the watel' temperature 
ended at 88°F whereas the inlet temperature was specified to be at ssop. If an 
answer of greater accuracy is desired, the temperature and humidity are found to 
check when the diffusion is assumed to be 18~ per cent and 0,55 diffusion units are 
obtained. Plots can be made to show the variation of T and t with li¢ight. 

(b) The following smoothed data. are given for an experimental tower ~h vertical 
sheets of composition board: 

Tower cross section: 41% by 23jS in. 
Filled height: 41% in. 
Sheet thickness: :J,i in. 
Horizontal spacing: %-in. centers 
Number of sprays: 18 

L, G, 
lb water I (hr) (ft') lb air/ (hr) (ft2) 

882 700 
1100 
1500 

1178 700 
1100 
1500 

1473 700 

I 
1100 
1500 

Kxa t:J', 
in. H.o 

190 0.040 
258 0.083 
312 0.136 
200 0.049 
290 0.095 
373 0.150 
206 0.060 
315 0.106 
420 0.162 
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For G = 1500, extrapolate to L = 2040 on logarithmic coordinates. Kxa = 510. 
. niL 2040 

Tower height, Z = Kxa = 0.54 X 510 = 2.16 ft 

. 50 000 
Cross section = 

1
,500 = 33.3 ft2 

Note the small height. Even with an adequate factor for safety little height will 
be required to cool the gas. 

The extrapolated pressure drop is 0.175 in. H20 per 41% in .. of height. 

SENSIBLE-HEAT TRANSFER 

Heating and Cooling without Mass Transfer. When a hot gas con­
tacts a nonvolatile cooling medium, the mass transfer is very small. In 
addition, with the exception of water, methanol, and ammonia, the latent 
heat of vaporization is also ·small, from 100 to 200 Btujlb, so that the 
diffusion heat load is insignificant. In such case it is possible to neglect 
the mass transfer altogether and simplify the method of calculation for 
gas coolers. 

Most performance data ·on packed towers have been obtained for mass 
transfer, but convection alone can be computed from mass-transfer data 
such as Kxa or HDU by the simple relationship haV /L = (Le)C(KxaV /L). 
The enthalpy of the gas where there is no mass transfer is proportional 
to its 1temperature, and. the potential for convection is the difference 
between the temperature of the gas and the temperature of the water at 
any cross section in the tower. Accordingly, haV/L = f dt/(T- t), and 
since only sensible-heat changes occur, 

haV =f-d_t_ 
L LMTD (17.88) 

For a given system in a given tower if HDU is known, Eq. (17.88) can in 
t11rn be converted to the number of diffusion units by 

J dt haV 
na = (Le) LMTD = L(Le)C (17.89) 

There is a dearth of information on the performance of different pack­
ings and fills during the 'Saturation of gases with oils and other organics 
which are suitable as nonvolatile heat-transfer mediums for hot gases. 
This is also true for the Lewis numbers for such systems. Theoretical 
approximations can be obtained, but these may lead to considerable error. 

In a cooling tower the convection-heat transfer represents only about 
20 per cent of the total heat transfer. In the gas cooler of Example 17.6 
convection accounted for 65 per cent of the total heat load. If the gas 
had had an inlet temperattire of 1000°F and a dew point of 120°F, con­
vection would have·accounted for 95 per cent of the heat load. If a gas 
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with a dew point of 120 to 130°F or less is to be cooled by water without 
a close approach, diffusion represents a small portion of the heat load 
and the entire problem can be treated as one of sensible-heat transfer. 
The dew points referred to above are within the range of flue gases. Some 
allowance must l;>e made in the heat load and liquid loading, although the 
height of the tower will not be affected, since both diffusion and convec­
tion will occur in the same height. The use of this short method is 
demonstrated below. 

Example 17.7. Approximate Calculation of a Gas Cooler. 50,000 lb/hr of the gas 
in Example 17.6 (dew point = 120°F) is to be cooled from an initial temperature of 
500 to 200°F. How many diffusion units of ·any type of tower are required 1' 

Solution. Assume that C for the mixture is 0.28 Btu/(lb)(°F). 
Sensible-heat load = 50,000 X 0.28(500 - 200) = 4,200,000 

From Example 17.6 approximate diffusion "' 51°~0°~ X 22,685 = 758,000 
' 4,958,000 Btu/hr 

Actually, an allowance as high as 30 per cent of the sensible load can be made and the 
excess water compensated for by throttling when the tower is in operation. 

. 4 958000 
Total water quant1ty = I2o ~ 85 = 142,000 lbjhr 

If the maximum liquid loading is taken as 2040 lb/(hr)(ft'!), the required tower 
cross section will be 

The new gas rate will be 

142,000 = 69 7 ft• 
2040 . 

50
•
000 

= 718lb/(hr)(ft2) 
69.7 

Calculation of the number of diffusion units: 

haV J dt -r;- = LMTD (17.88) 

The two terminal temperature differences are (200 - 85) and (500 - 120). 

LMTD = (500 - 120) - (200 - 85) = 222oF 
In (500 120)/(200 - 85) 

dt = 120 - 85 = 35°F 
haV 35 
T == 222 = 0·16 

haV 
n 4 = L(Le)O 

0.16 0 62 -''""-·-' -~-
== 0.93 X 0.28 = • Ulll·wuon um ... 
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For a tower employing fill as in Example 17.6: 
By extrapolation for G = 718 and L = 2040, Kxa == 215 

v 
na == Kxay; 

V IZ 0.62 = 215 X 2040 = 215 X 
2040 

z = 6.8 ft high 
Ground dimensions = (69.7)~2 = 8% X 8% ft 

As before, the pressure drop will be negligible. 

PROBLEMS 

17.1. A cooling tower 30 by 30ft (Example 15.2) has been designed to coollSOO gpm 
of water from 110 to 85"F when the 5 percent wet bulb is 75"F. The fans are capable 
of delivering 275,000 cfm of air. How many diffusion units are required? If the 
5 per cent wet bulb was SO"F, how many diffusion units would be required? 

17.2. A cooling tower 30 by 24ft was designed to deliver 1200 gpm of water from 
105 to 85"F when the 5 per cent wet bulb was SO"F. Fans are capable of delivering 
230,000 cfm of air. (a) In an actual test at full loadings when the wet bulb was 70°F 
the water range was from 77.0 to 97.0°F. Was the tower fulfilling guarantee condi­
tions? (b) If the range was 78.0 to 9s.o•F, would the ·tower fulfill guarantee conditions? 

17.3. In a Texas lube plant it is desired to install a water-cooled heat exchanger for 
a liquid with a waxy residue. A small portion of the cooling-tower water from. a single 
cell is available, but there is some question that in winter the entering water will chill 
.out wax and disrupt operation. 

The tower operates in summer at an.SO"F wet bulb with water on at 120•F and off 
at 85°F. Because of the main equipment on the water line the air and water quanti­
ties to the tower are fixed throughout the year at an L/G = 0.86. Similarly the load is 
also fixed. 

As a winter extreme it is desired to know the temperature to the exchanger and on 
the tower when the wet bulb is 60°F. 

17.4. A 6'0" ID tower 30ft high packed with 10'0" of 3-in. coke was used to provide 
40 gpm of water cooled from 120 to so•F when contacted with 3600 cfm of air having 
a dry bulb of ss•F and a 75•F wet bulb. 

To approximately what temperature could the same tower cool6800 cfm of flue gas 
from an economizer if packed to a height of 20'0" with coke l' In a previous test at a 
gas load of 1020 lb/(hr) (ftt) a diffusion coefficient of 555 lb/(hr)(ft3)(lb/lb) was 
obtained. 

17.5. 100,000 lb/hr of nitrogen enters a direct-contact cooler at 350"F arid a dew 
point of 130°F and is cooled to 200°F by water from 81? to 120•F. Assume that~ 
maximum gas loading of 1400 lb/(hr)(ft2) and a maximum liquid loading of 2000 
lb /(hr) (ft2) are permissible. What diameter of round tower is required? How many 
,diffusion units are required? 

A 

NOMENCLATURE FOR CHAPTER 17 

Heat-transfer surface, ft2 
Surface of packing or fill, W /fta 
Henry's law constant, (atm)(ft3)/mol 
Specific heat of hot liquid or humid heat of hot gas, Jltuj(lbWF) 
A constant 



622 

c 
[c] 
D 
g 
Gm 
G 
H,H' 
HTU 
HDU 
h 

h;, h. 

Kx 
k 
ka 
ko 
kL 
kx 
L 
LMTD 
Lo 
Le 
l 
M 
M,., JJf. 
NA 
n 
n. 
no 
p 
p' 
PBm 

Po 
p .. 
Q 
q 
q., qd 

R 
s 
T 
To 
t 
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Specific heat of cold liquid or humid heat of cold gas, Btu/(lb)("F) 
Concentration in liquid, lb-mols/ft• 
Inside diameter of tube, K 
Acceleration of gravity, ftjhr2 
Gas rate, lb-mols/(hr)(ft• of ground area) 
Gas rate, lb/(hr)(ft2 of ground area) 
Enthalpy of the gas, saturation enthalpy of the gas, :Stujlb dry air 
Height of a transfer unit, ft 
Height of a diffusion unit, ft 
Overall coefficient of. heat transfer ha or hL in a system in which one 

film actually controls, Btu/(hr) (ft2) (°F) 
Coefficient of heat transfer from the gas to the gas-liquid interface, coef­

ficient from the liquid to the gas-liquid interface, Btu/(hr)(ft2)(°F) 
Coefficient of heat transfer referred to the inside-diameter and the out-

side diameter of the tube, respectively, Btu/(hr)(ft•)(°F) 
Factor for diffusion, factor for heat transfer, respectively, dimensionless 
Overall coefficient of mass transfer, lb-mols/(hr)(ft2)(atm) 
Overall coefficient of mass transfer, lb-mols/(hr)(ft•)(unit concentra-

tion) 
Overall coefficient of mass transfer, lb/(hr)(ft2)(lb/lb) 
Thermal conductivity, Btu/(hr) (ft•) (•F /ft) 
Diffusivity, ft• /hr 
Gas-film coefficient, lb-mol/ (hr) (ft') (atm) 
Liquid-film coefficient, lb-mol/(hr)(ft2)(unit concentration) 
Gas-film coefficient, lb I (hr) (ft2) (lb jlb) 
Liquid loading, lb/ (hr) (ft2 of ground area) 
Logarithmic mean temperature difference, •p 
Mak:eup water, lb/(hr)(ft2 of groun4 area) 
Lewis number, ha/kxc or h/K:x;c, dimensionless 
Film thickness, ft 
Molecular weight, dimensionless 
Molecular weight of water and air, respectively, dimensionless 
Gas rate of diffusion, lb-mol/hr 
Number of mols 
Number of diffusion units, dimensionless 
Number of transfer units, dimensionless 
Pressure of diffusing component in the gas body, atm 
Equilibrium pressure of the diffusing compOnent, atm 
Log mean pressure of inert gas, atm 
Total pressure, atm or psi 
Partial pressure of water, consistent with units of po 
Total heat transfer, Btujhr 
Heat transfer based on 1 ft2 of ground area, Btu/(hr)(ft" ground area) 
Heat transfer by convection and diffusion, respectively, based on 1ft' 

of ground area, Btu/(hr)(ft2 of ground area) 
Gas constant, 1544 ft-lb /Btu 
Entropy, Btu;oF 
Temperature of the hot fluid, GF 
Makeup water, temperature •F 
Temperature of the cold fluid, QF 
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Dry-bulb; wet-bulb, and dew-point temperatures, respectively, °F 
Clean overall coefficient of heat transfer, Btu/(hr) (ft•) (°F) 
Velocity, ftjhr 
Tower volume, ft3 
Specific volume, ft" /lb 
Humidity of the gas, Sf!,tUr~>tion humidity of the gas, lb/lb 
Mol fraction of diffusing component in liquid phase 
Mol fraction of diffusing component in gas phase 
Height of tower, ft 
Height of free fall, ft 
Proportionality constant, hr /ft2 

Exponent in Eq. (17.85) 
Molar density, lb-mols/ft3 
Time, hr 
Average latent heat of vaporization, Btujlb 
Latent heat of vaporization at the dew point, Btujlb 
Density, lb/fts 

Subscripts (except as noted above) 

A 
B 
i 
1 
2 

Diffusing component 
Inert gas 
Gas-liquid interface 
Inlet 
Outlet 



CHAPTER 18 

BATCH AND UNSTEADY-STATE PROCESSES 

Introduction. The relationships of preceding chapters have appned 
only to the steady state in which the heat flow .and source-temperature 
were constant with time. Unsteady-state processes are those in which the 
heat flow, the temperature, or both vary with time at a fixed point. 
Batch heat-transfer processes are typical unsteady-state processes in 
which discontinuous. heat changes occur with specific quantities of mate­
rial as when heating a given quantity of liquid in a tank or when a cold 
furnace is started up. Still other common problems involve the rates at 
which heat is conducted through a material while the temperature of the 
heat source varies. The daily periodic variations of the heat of the sun 
on various objeets or the quenching of steel in an oil bath are examples 
of the latter. Other apparatuses based on the characteristics of the 
unsteady state are the regenerative furnaces used in the steel industry, 
the pebble heater, and equipment in processes employing fixed and mov­
ing-bed catalysts. 

In batch processes for the heating of liquids the time requirement for 
heat tr~sfer can usually be modified by increasing the circulation .of the 
batch fluid, the heat transfer medium, or both. The reasons for using a 
batch rather than a continuous heat-transfer operation are dictated by 
numerous factors. Some of the common reasons are (1) the]iquid being 
processed is not continuously available; (2) the heating or cooling medium 
is not continuously available, (3) the requirements of reaction time or 
treating time necessitates holdup, ( 4) the economics of intermittently 
processing a large batch justifies the accumulation of a small continuous 
stream, (5) cleaning or regeneration is a significant part of the total 
operating period, and (6) the simplified operation of most batch processes 
is advantageous. 

In order to treat the commonest applications of batch and unsteady­
state heat transfer systematically, it is preferable to divide processes 
between liquid (fluid) heating or cooling and solid heating or cooling. 
The commonest examples are outlined below. 

1. Heating and cooling liquids 
a. Liquid batches 
b. Batch distillation 

624 
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2. Heating and cooling solids 
q,. Constant medium temperature 
b. Periodically varying temperature 
c. Regenerators 
d. Granular material in beds 

HEATING AND COOLING LIQUIDS 

la. LIQUID BATCHES 

Introduction. Bowman, Mueller, and Nagle1 have derived an expres­
sion for the time required to heat an agitated batch by the immersion of 
a heating coil when the temperature difference is the LMTD for counter­
flow. Fisher2 has extended the batch calculation to include an external 
counterflow exchanger. Chaddock and Sanders3 have treated agitated 
batches heated by external counterflow exchangers with the continuous 
addition of liquid to the tank and have also taken into account the heat 
:of solution. Some of the derivations which follow apply to coils in tanks 
and jacketed vessels, although the method of obtaining overall coefficients 
of heat transfer for these elements is deferred until Chap. 20. 

It is not always possible to distinguish between the presence or absence 
of agitation in a liquid batch, although the two premises lead to different 
requirements for the accomplishment of a batch temperature change in 
a given period of time. When a mechanical agitator is installed in a 
tank or vessel as in Fig. 18.1, there is no need to question that the tank 
fluid is agitated. When there is no mechanical agitator but the liquid is 
continuously recirculated, the conclusion that the batch is agitated is one 
of discretion. Where the heating element is an external exchanger, it is 
safer to assume agitation. 

In the derivation of batch equations given below, T refers to the hot 
batch liquid or heating medium and t refers to the cold batch liquid or 
cooling medium. The following cases are treated here: 

Heating and cooiing agitated batches, counterflow 

Coil-in-tank or jacketed vessel, isothermal medium 
Coil-in-tank or 'jacketed vessel, nonisothermal medium 

External exchanger, isothermal medium 
External exchanger, nomsothermal medium 

External exchanger, liquid continuously added to tank, isothermal medium 
External exchanger, liquid continuously added to tank, nonisothermal medium 

1 Bowman, R. A., A. C. Mueller, and W. M. Nagle, Trans. ASM-E, 62, 283-294 
{1940). 

• Fisher, R. C., Ind. Eng. Chern., 36, 939-942 (1944). 
a Chaddock, R. E., and M. T. SandeJ:s, Trans: AIChE, 40, 203-210 (1944). 



626 PROCESS HEAT TRANSFER 

Heating and CO!iling agitated batches, parallel ;llow-c!iunterflrnv 

Externall-2 exchanger 
External 1-2 exchanger, liquid continuously added to tank 

Extern~l 2-4 exchanger 
External 2-4 exchanger, liquid continuously added to tank 

Heating and c!ioling batches witlwut agitation 

External counterflow exchanger, isothermal medium 
External counterflow exchanger, nonisothermal medium 
External 1-2 exchanger 
External 2-4 exchanger 

Heating and Cooling Agitated Batches. There are several ways of 
T1 r

1 
considering batch heat-transfer processes. If it 
is desired to accomplish a certain operation in a 
given time, the surface requirement is usually 
unknown. If the heat-transfer surface is known 
as in an existing installation, the time required 
to accomplish the operation is usually unknown. 
A third possibility arises when the time and 
surface are known but the temperature at the 
conclusion of the time is unknown. The follow­
ing assumptions are involved in the derivations 

FIG.18.1. Agitated batch. of Eqs. (18.1) through (18.23): 
1. U is constant for the process and over the entire surface. 
2. Liqu d flow rates are constant. 
3. Specific heats are constant. for the process. 
4. The heating or cooling medium has a constant inlet temperature. 
5. Agitation produces a uniform batch fluid temperature. 
6. No partial phase changes occur. 
7. Heat losses are negligible. 

Heating and Cooling Agitated Batches: Counterflow 

COIL-IN-TANK OR JACKETED VESSEL, ISOTHERMAL HEATING MEDIUM. 

Consider the arrangement shown in Fig. 18.1 consisting of an agitated 
vessel containing M lb of liquid with specific heat c and initial tempera­
ture t1 heated by a condensing medium of temperature T1. The batch 
temperature t2 at any time fJ is given by the differential heat balance. 
If Q' is the total number of Btu transferred, then per unjt of time 

dQ = dQ' =Me dt = UA Llt 
d8 dO 

(18.1) 

At= (Tt- t) (18.2) 
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dt = UA At 
dO Me 

f ______j!_ = UA f dfJ 
T1- t Me 

Integrating from t1 to t2 while the time passes from 0 to 6, 

ln T1- t1 = UAO 
T1- t2 Me 
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(18.3) 

(18.4) 

(18.5) 

The use of an equation such as Eq. (18.5) requires the independent calcu­
lation of U for the coil or jacketed vessel as given in Chap. 20. With 
Q and A fixed by process conditions, the required heating time can be 
calculated. 

COIL-IN-TANK OR JACKETED VESSEL, ISOTHERMAL COOLING MEDIUM. 

Problems of this type usually. arise in low-temperature processes in which 
the cooling medium is a refrigerant which is fed to the cooling element at 
its isothermal boiling temperature. Conside the same arrangement as 
shown in Fig. 18.1 containing M lb of liquid with specific heat 0 and 
initial temperature T1 cooled by a vaporizing medium of temperature t1. 
If T is the batch temperature at any time 0, 

dQ' dT 
- = -MC- = UAAt dO dO 
At = (T- t1) 

ln T1 - t1 = UAB 
T2 -l! MD 

(18.6) 

(18.7) 

COIL-IN-TANK OR JACKETED VESSEL, NONISOTHERMAL HEATING MEDIUM. 

The nonisothermal heating medium has a constant flow rate Wand inlet 
temperature T1 but a variable outlet temperature 

(a) (b) (c) 
dQ' dt 
dO= Me dO= WO(T1- T 2) = UA At (18.8) 

.LMTD Tl- T2 
At.= = In (T1 - t)j(T2 - t) 

T1- t 
T2 = t + f!'A/WC 

Let K 1 = f!'Atwc and equate (a) and (b) of Eq. (18.8). 

dt (K1- 1) Me de = we ~ (T1 - t) 

ln T1- t1 = we (K1- 1) 0 
T1- t2 Me K1 

(18.9) 
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COIL-IN-TANK, NONISOTHERMAL COOLING MEDIUM: 

EXTERNAL HEAT EXCHANGER, 

M,t 

(18.10) 

(18.11) 

ISOTHERMAL HEATING MEDIUM. Con­
sider the arrangement in Fig. 18.2 in 
which the fluid in the tank is heated 
by an external exchanger. ·Since the 
heating medium is isothermal, any 
type of exchanger with steam in the 
shell or tubes will be applicable. 
The advantages of forced circulation 
on both streams recommend this 
arrangement. 

Fxa; 18.2. Agitated batch with external The variable temperature out of 
1-1 exchanger. the exchanger t' will differ from the 
variable tank temperature t, and the differential heat balance is given by 

(a) (b) (c) 
dQ1 dt 
dB= Me dB = wc(t1 

- t) = UA At (18.12) 

I . Tt- t 
t = Tt.- euM ... 

Let 

(18.13) 

EXTERNAL EXCHANGER, ISOTHERMAL COOLING MEDIUM: 

In Tt- h = WC(K. 1- 1) 9 (18.14) 
T2- t1 MC Kt · 

EXTERNAL EXCHANGER, NONISOTHERMAL HEATING MEDIUM. The differ­
ential heat balance is given by 

(a) (b) (c) (d) 

~~~=Me~~= we(t1 
- t) = WO(Tt- T2) = UA At (18.15) 
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There are two variable temperatures, t' and T2, which appear in the 
LMTD and which must first be eliminated. Equating Eq. (18.15), (a) 
and (b), 

t'=t+Mcdt 
we dO 

Equating Eq. (18.15), (a) and (c), 

Let 

and 

Mcd;t 
T1.= T1--­

WCdfJ 

In T1 - t1 = Ka - 1 wWC 0 
T1 - t2 M (Kawc - WC) 

EXTERNAL EXCHANGER1 NONISOTHERMAL COOLING MEDIUM: 

UA(-2__2.) 
K 4 = e we we 

In T1 - t1 = (K4 - 1) Wwc 0 
T2- t1 M (KaWC- we) 

(18.16) 

(18.17) 

EXTERNAL EXCHANGER, LIQUID CONTINUOUSLY ADDED TO TANK, ISO­

·THERMAL HEATING MEDIUM. The 
elements of the process are shown 
in Fig. 18.3. Liquid is contin­
uously added to the tank at the 
rate of Lo lbjhr and at the 
constant temperature to. It is 
assumed · that no chemical heat 
effects atte~d the addition of the 
make-up iiquid. · Since M is the 
pounds of liquid originally in the FIG. 18.3. Agitated batch with external 1-1 
batch and Lois in pounds per hour, exchanger, liquid continuously added. 

the total liquid at any time isM + LofJ. The differential heat balance is 
given by 

(M + LoO) ~~ + Lac(t - to) = wc(t' - t) (18.18) 

and 
wc(t' - t) = UA f.t 

where 
t' - t 

At = LMTD =In (T1 - t)j(T1 - t'l) 
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Solving for t', 

t' = (K2 - 1) Tt + J_ 
K2 K2 

Substituting in Eq. (18.18), 

If the addition of liquid to the tank causes an average endothermic or 
exothermic heat of solution, ± q. Btu/lb of make-up, it may be included 
by adding ± q./ co to both the numerator and denominator of the left 
side. The subscript 0 refers to the make-up. 

EXTERNAL EXCHANGER, LIQUID CONTINUOUSLY ADDED TO TANK, ISO­

'l'HERMAL COOLING MEDIUM: 

(!vi + LoO)c ~; + WC(T - T') = LoC(To - T) (18.20) 

Ta - Tt - W (K1 
-
1) (Tr - tr) 

In Lo Kt. . 

To - T2 - W (Kr - 1) (T2 - t1) 
Lo K1 

. = [ 1 _ W (K1- 1)] In M +LoB (lS.2l) 
Lo Kt lvi 

The heat-of-solution effects can be included by adding ±q,/Co to both 
the numerator and denominator of the left side. 

EXTERNAL EXCHANGER, LIQUID CONTINUOUSLY ADDED TO TANK, NON; 

ISOTHERMAL HEATING. MEDIUM. The heat balance is identical with Eq. 
(18.18) for heating except that t..t is written for the inlet and outlet 
temperatures of the heating medium. 

t..t = LMTD = (T2 - t) - (Tt - t') = (t' - t) - (T1 - T2) 
In (T 2 - t) / ( T 1 - t') l;'-n-..,("'T.--2 '-_-t.,..) ;"-('"'T.-r ---t-'7c') 

(Tr - T2)WC = (t' - t)wc = UA t..t 
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Let 
UA(1 we) 

K. = eW. -we 
to_ t

1 
+ wWC(Ks- 1)(Tt- tt) 

ln Lo(KsWC- we) 
to _ t

2 
+ wWC(Ks- l)(Tt - t2) 

Lo(K.WC - we) 

= [ wWC(K5 - 1) + 1] ln M + LoO (18.22) 
Lo(K.Wc - we) M 

The heat-of-solution effects can be included by adding ± q,fco to both 
the numerator and denominator of the left side. 

EXTERNAL EXCHANGER, LIQUID CONTINUOUSLY ADDED TO TANK, NON­

ISOTHERMAL COOLING MEDIUM: 

UA(1 we) 
Ks = eWc -w. 

To _ Tt _ Wwc(Ks- 1)(Tt- tt) 
ln · Lo(Kswe - WC) 

To _ T
2 

_ Wwc(Ks - 1)(T2 - tt) 
Lo(K6we- WC) 

= [ Wwc(K8 - 1) + 1] In M + Lo8 (lS.2a) 
Lo(K6we- WC) M 

The heat-of-solution effects can be included by adding ± q,/Co to both 
the numerator and denominator of the left side. 

Heating and Cool~'ng Agitated Batches. 1-2 Parallel flow-Counterflow~ 
The derivations for the preceding cases included assumption 7, which 
required that all external exchangers operate in counterflow. · With non­
isothermal cooling and heating mediums this will not always be advanta­
geous, since it sacrifices the construction and performance advantages 
of multipass apparatus such as the 1-2 exchanger. . The external 1-2 
exchanger can be included by using the temperature difference as defined 
by Eq. (7.37). 

where 

UA 
we 

1 
1 

2 - S(R + 1 - .VR2+1) 
yR2 + 1 n 2 - S(R + 1 + VR 2 + 1) 

R = Tt - T2 = ~ and S = t' - t 
t'- t we T1- t 

2 - S(R + 1 - ~) = e<UA/w•>vR•+l = ]{7 
2 - S(R + 1 + yR2 + 1) 

(7.37) 

S = . 2(K7- 1) (18.24) 
K1(R + 1 + '\f'R2+1) - (R + 1 - yR2 + I) 
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and so S as well as R .is a constant which is independent of the exchanger 
outlet temperatures. 

EXTERNAL 1-2 EXCHANGER, HEATING. Using the same heat balance as 
defined by Eq. (18.15), 

Rearranging, 

t' = t + M dt 
· w de 
S = .!!.....=_}_ = (M/w)(dtjde) 

Tt- t Tt- t 

where Sis defined by Eq. (18.24). 

EXTERNAL 1-2 EXCHANGER, COOLING: 

where Sis defined by Eq. (18.24). 

(18.25) 

(18.26) 

EXTERNAL 1-2 EXCHANGER, LIQUID CONTINUOUSLY ADDED TO TANK. 

HEATING: 

dt 
(M + Lo8)c dfJ = wc(t' - t) - Loc(t - to) (18.27) 

( M + Lo8) dt + Lo (t _ t ) 

8 = t' - t = w w de w o 
Tt- t Tt- t 

Simplifying 
dt d8 

Lo ( Lo) - M + LoB 
STt + w to - S + w t w w 

ln STt +~to - ( S + ~) tt = Sw +LoIn (M + Lo8) 

Lo ( Lo) Lo M STt + w to - S - w t2 

(18.28) 

where S is defined by Eq. (18.24). The heat-of-solution effects can be 
included by adding ±q./co to the numerator, and denominator of the 
left side. 
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EXTERNAL 1-2 EXCHANGER, LIQUID CONTINUOUSLY ADDED TO TANK, 

COOLING: 

(M + LoO)C ~~ = LoC(To - T) - WC(T - T') (18.29) 

1 In LoTo + WSRt1- (Lo + WSR)T1 
Lo + WSR LoTo + WSRt1 - (Lo + WSR)T2 

= _!_ I (M + LoB) 
Lon M (18.30) 

where S is defined by Eq. (18.24). The heat-of-solution effects can be 
included by adding ±q./Co to the numerator and denominator of the 
left side. 

HEATING AND COOLING AGITATED BATCHES, 2-4 PARALLEL FLOW­

COUNTERFLOW, Equation (8:5) gives the true temperature relations for 
the 2-4 exchanger. This can be rearranged in terms of S to give 

and 

S = 2(Ks -:- 1)[1 + V(1 - S)(l- RS)] 
(Ks- 1)(R + 1) + (Ks + 1) yR2 + 1 

(18.31) 

(18.32) 

Since. S cannot be expressed simply, Eq. (18.31) can be solved by trial 
and error, assuming different values of S until an equality is reached. 
The equations for heating and cooling are the same as those developed 
for the 1-2 exchanger except that the value of S from Eq. (18.31) replaces 
the value of S from Eq. (18.24). The heat-of-solution effects can be 
accounted for in the same manner as 
for the 1-2 exchanger. 

Heating and Cooling without Agita­
tion. It will be seen in Chap. 20 
that agitation increases the film coeffi­
cient and thereby decreases the time 
requirement when heating or cooling 
liquids by means of a coil in tank. 
With external exchangers the pres­
ence of agitation, either intended or FIG. 18.4. Batch without agitation. 

unavoidable, much to the contrary increases the time required to heat or 
cool a batch. This can be appreciated by simple analysis. Referring 
to Fig. 18.4, the batch with initial temperature t passes through an 
external exchanger and is returned to the tank where it builds up as a 
layer of temperature t1• Such might be the case if the liquid was rela­
tively viscous or the vessel tall and narrow. All the liquid enters the 
exchanger at the tank temperature t during the initial circulation and 
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emerges with a temperature h which is the feed temper:attU"e to tba 
exchanger on the next recirculation. With agitation, however, the first 
liquid emerging from the exchanger mixes with the I;>atch liquid a.nd 
immediately raises its temperature above the initial temperature t. 
This in turn reduces the temperature difference in the exchanger and 
increases the time required for a given heat transfer. 

Suppose the initial quantity of batch liquid is M Ib and that it is circu­
lated through the exchanger at the rate of w lb/hr. Since there is a dis­
crete temperature change with each recirculation, the process is not 
described by a differential change. If the number of circulations required 
for the attainment of a .final batch temperature is N, the time is givE-n by 
fJ =NM/w. 

EXTERNAL COUNTERFLOW EXCHANGER, ISOTHERMAL HEATING MEDIUM: 

) 
(tl - t) 

wc(h - t = UA ln (Tr - t)/(Ti - tr) 

For the initial circulation 

t1 = Tt - i~ (T1 - t) 

For the first recirculation 
1 

t2 = T1 - K
2 

(T1 - t1) 

In tenns of T1 and t 

or 
1 

tN = Tt - Kf (T1 - t) 

When solved for N circulations, 

fJ=NM 
w 

(18.33) 

(18.34) 

Provision can be made for the continuous addition of liquid by comput­
ing the mix temperature to the exchanger after each circulation. Ii:t 
such an event the size of the batch itself must be treated as increasing 
with each circulation, so that Eq. (18.34) does not apply unless M is 
increased by Lo& pounds during the recirculation. The total time will be 
the sum of the individual calculations as above. 

EXTERNAL COUNTERFLOW EXCHANGER, ISOTHERMAL COOLING MEDIUM: 

(18.35) 
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EXTERNAL ~OUNTERFLOW EXCHANGER, NONISOTHERMAI. HEATING 

MEDIUM. The outlet temperature of the batch and the heating medium 
after each recirculation is not known. This c.ase does not factor so simply 
as the preceding with an isothermal medium. Although the answer can 
be expressed in a series form, it is tedious to evaluate and greater speed 

. can be attained by calculating the temperature changes after each recircu­
lation. The temperature relations after each recirculation can be defined 
when 

(18.36) 

Initial circulation 
{18.37) 

Recirculation 

Solve for each circulation by introducing the temperature from the pre­
ceding circulation. 

EXTERNAL COUNTERFLOW EXCHANGER, NONISOTHERMAL COOLING 

MEDIUM. Mter each recirculation, 

(18.38) 

EXTERNAL 1-2 EXCHANGER, HEATING AND COOLING. This case can be 
calculated in the same manner as the preceding but using S as defined by 
Eq. (18.24). An even greater simplification can be obtained by using the 
Ten Broeck chart in Fig. 7.25 and calculating each step separately. The 
continuous addition of liquid can be accounted for in each step along with 
its heat of solution. · 

EXTERNAL 2-4 ExCHANGER, HEATING AND COOLING. This is the same 
as the preceding except that Sis defined by Eq. (18.3.1) or Fig. 8.7. 

Example 18.1. Calculation· of Batch Heating. 7500 gal of liquid benzene under 
pressure at 300"F is required for a batch extraction process. The storage temperature 
of the benzene is 1006F. Available as a heating medium is a·lO,OOO lb/hr 28"API oil 
stream at a temperature of 400"F. A pump connected to the .tank is capable of circu­
lating 40,000 lb /hr of benzene. Available for the service is 400 ft2 of clean double pipe 
exchanger surface which, in counterflow streams, yields a U c of 50 calculated for the 
flow rates above. 

(a) How long will it take to heat the agitated batch using the double pipe counter-
flow IJ,BSembly? 

(b) How long will it take using a 1~2 exchanger with the same surface and coefficient? 
(c) How long will it take using a 2-4 exchanger with the same surface and coefficient? 
(d) How long will it take in (a) if the batch vessel is very tall and the batch is not 

considered to be agitated? 
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Solutio-n: 

(a) This corresponds to Eq. (18.16). 
Specific gravity of benzene = 0.88 
Specific heat of benzene = 0.48 Btu/(lb)("F) 
M = 7500 X 8.33 X 0.88 = 55,000 lb 
we = 40,000 X 0.48 = 19,20Q Btu/(hrWF) 
WC = 10,000 X 0.60 = 6000 Btu/(hr)(OF) 

UA(.!.-_!_) 
K, = e we we 

50)(400(-
1
---

1
-' = 6 · 19,200 6000} = 0.101 

Substitute in Eq. (18.16). 

400 - 100 (0.101 - 1) 40,000 X 6000 
In 400 - 300 = 55,000 X (0.101 X 6000 - 19,200) 0 

0=5.18hr 

(b) This case corresponds to Eq. (18.25) in which Sis defined by Eq. (18.24) and 
eby Eq. (18.25). · 

R = ~ = 19,200 = a 20 we · 6000 • 
Kr = (/!Aiw• vR• + 1 

60X400v'--, -
= e 19,200 3'

20 
+I = 33.1 

s = 2(33.1 - 1) = 0.266 
33.1(1 + a.2o + va.~o· + ~) - (1 + 3.20 - v3.2o• + 1) 

I 400 - 100 = 0.266 X 40,000 
0 n 400 - 300 55,000. 

8 = 5.63 hr 
(c) Use S from Eq. (18.31). 

Ka = (/!An.,•v'R•+l 
100 X200 _ ,--, -

= e.2Xl9,200V 3•20 +l = 5.75 

Solve Eq. (18.31) by· trial and error: 

s = 2(5.75- 1)[1 + v(l - s)(1 - 3.2os)J 
(5.75 - 1)(3.2 + 1) + (5.75 + 1) v'3.201 + 1 

= 0.282 
In 400 - 100 = 0.282 X 40,000 X 8 

400 - 300 55,000 
e = 5.33 hr 

(rl) Use Eq. (18.37) and S from Eq. (18.36). 

Ku = 6UA! .. c<R-t> 
50X400 

= e 19,200 (a.zo-I> = 9.87 
Ke- 1 9.87- 1 

S = KuR - 1 = 9.87 X 3.20 - 1 .,. 0·290 
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t1 = t, + S(Tt - t) = 100 + 0.29(400 - 100) == 187°F 
. t2 = t1 + S(Tt - lt) == 187 + 0.29(400 - 187) = 249°F 
ta = .t2 + S(Tt - t2) == 249 + 0.29(400 - 249) = 293°F 
t• = ta + S(Tt - ta) == 293 + 0.29(400 - 293) = 324°F 

Actually, a fractional number of circulations are required. If the problem may be 
treated from the standpoint of total heat input to the batch, let 

x = fractional circulation 
293(1 - x) + 324 == 300 
X== 0.23 
Total circulations = 3 + 0.23. == 3.23 

- 55,000 
fJ - 3.23 X 40 OOO == 4.44 hr 

' This value compares with 5.18 hr for the agitated batch. 

lb. BATCH DISTILLATION 

Introduction. Typical arrangements for batch distillation are shown 
in Figs. 18.5 and 18.6. The still pot is charged with a batch of liquid, 

Product 
FIG. 18.5. Coil-heated batoh still. 

Product 
FIG. 18.6. Batch stili with external 
reboiler. 

and heat is supplied by a coil or a natural- or forced-circulation reboiler. 
In some high-temperature installations the still pot may be directly fired. 
Batch distillation is usually employed when there is an insufficiency of 
charge stock to warrant continuous operation and the assemblies are often 
relatively small. In batch distillation the composition and temperature 
of the residual liquid in the still constantly vary, and usually the same 
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applies to the condensate except when the still has been charged with or 
forms a constant-boiling mixture. In batch distillation it is possible to 
obtain an initial overhead fraction which is purer than that obtainable 
with the same reflux by continuous distillation. This is particularly true 
when the overhead product is sold in different grades with a premium for 
purity. It is also possible by constantly varying the reflux ratio to obtain 
a nearly-uniform overhead composition although its quantity constantly 
decreases. The latter is usually too costly to be general. 

The composition change during the batch distillation of a bin~y mix-
ture is given by the Rayleigh equation. 

l L1 _ ·1"" dx n-- --
L2 "" y- X 

where L1 = mols liquid charge to still 
L2 = mols residue after distillation 
x1 = mol fraction of ·volatile component in charge liquid 
x2 = mol fraction of volatile component in residue 
y = 1401 fraction of vapor in equilibrium with x 

(18.39) 

The temperature must be obtained from a boiling-point curve if the mix­
ture is not ideal and does not follow Raoult's and Henry's laws. 

The Rayleigh equation does not contain any term with a unit of time. 
The time allotted to the distillation is therefore indep~ndent of any feed 
quantity. If a batch represents the intermittent accumulation of several 
hours' flow of charge stock, the rate of distillation must be such that the 
still pot will be vacated and ready to receive the next charge. If the 
distillation occurs infrequently, the rate of distillation can he determined 
economically from the optimum relationship between fixed and operating 
charges. In batch distillation the cost of labor is particularly large and 
favors a rapid distillation. The cost of the equipment, on the other hand, 
favors slower rates of distillation. 

The Reboiler and Condenser. The design conditions for both the 
reboiler and the condenser are usually based upon the limiting conditions 
of operation. Very often batch distillation is controlled automatically 
by a program or elapsed~time controller (see Fig. 21.28) such that the 
heating medium is supplied at a rate producing a steady increase in the 
boiling temperature. If a heating medium such as·steam were supplied 
to a batch reboiler at a fixed rate, much of it would not be condensed 
in the reboiler following the initial period of rapid vaporization whence 
the residue is heated sensibly. The charge stock is a mixture having 
volatile components which leave the residue at a decreasing rate as the 
distillation progresses. The boiling temperature of the residue conse­
quently rises as the volatile components are depleted. As the sensible 
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load in thy still pot increases, the weighted heat transfer coefficient to the 
residue decreases. Suppose steam at 300°F is used to vaporize a charge 
having an initial boiling point of 200°F and the distillation is to be cut 
off at a residue composition corresponding to a boiling point of 250°F. 
A distillation curve can be prepared using the methods of Chaps. 13 and 
15. Instantaneous coefficients can be computed for both the start and 
the finish from adjacent intervals of heat input. At the start when the 
film coefficient and heat load are high, the temperature difference is 

but at the cutoff temperature, where the film coefficient and· heat load 
are low, the temperature differenc~ is only 300 - 250 = 50°F. Both 
conditions must be tested for U and ~t to determine which one requires 
the greater surface. · 

. The factors affecting the condenser are different. The water rate is 
usually 'kept constant. At the start of distillation the temperature of the 
overhead vapor may be near 200°F and the water, with a range from 85 
to 120°F, provides an LMTD of 96.2°F. At the cutoff the overhead may 
be near 250°F, corresponding to .a temperature difference of 150°F or 
greater, and the heat load and water range will be smaller. The con­
densing coefficient will change little over the entire run. The limiting 
condition for the condenser therefore is at the start of distillation, where 
the maximum heat load and minimum temperature difference usually 
occur together. 

A common practice for obtaining the heat load for the reboiler and 
condenser without resorting to a distillation curve is to take the total heat 
load and divide it by the time allotted to the distillation. This will give 
a fictitious average hourly heat load which is greater than that at the cut­
off but usually less than the initial heat load. The value of Q so obtained 
is combined with the value of U and At occurring at both the start and the 
cutoff temperatures; ·and the larger calculated surface plus some allowance 
for the error is used. If the heating element is also used to preheat the 
charge, it is entirely likely that the preheat rate may be limiting. The 
time for preheating can be obtained from one of the batch heating equa.,. 
tions in the preceding section. 

HEATING AND COOLING SOLIDS 

2a. CoNSTANT MEDrUM TEMPERATURE 

Introduction. Since the appearance of Fourier's1 early work the con­
duction of heat in solids has attracted the interest and attention of many 

1 Fourier, J. B., "TMorie analytique de Ia chaleur," 1822. 
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leading mathematicians and physicists. It is possible to present only 
some of the simplest and most representative cases here and to suggest 
the overall nature of the study. · The reader is referred to the excellent 
books on the subject listed below.1 · They treat the subject in greater 
detail and provide the solutions for a number of specific problems as well 
as many with more complex geometry. 

In the treatment of unsteady-state conduction the simplest types of 
problems are those in which the surface of the solid suddenly attains 
a new temperature which is maintained constant.. This can happen only 
when the film coefficient from the surface to some isothermal heat-transfer 
medium is infinite, and although there are not many practical applica­
tions of this type, it is an important steppingstone to the solution of numer­
ous problems. Ordinarily, heating or cooling involves a finite film coeffi~ 
cient or else a contact resistance develops between the medium and the 
surface so that the surface never attains the temperature of the medium. 
Moreover, the temperature of the surface changes continuously as the 
solid is heated even though the temperature of the medium remains con­
stant. It is 11-lso possible that the temperature of the medium itself 
varies, but this class of problem will be treated separately in the next 
section. The cases treated in this section include those with finite film 
coefficients or contact resistances as well as those with infinite coefficients. 
The following are considered: 

Sudden change of the surface temperature (infinite coefficient) 

Wall of infinite thickness heated on one side 
Wall of finite thickness heated on one side 
Wall of finite thickness heated on both sides (sla.b) 

Square bar, cube, cylinder of infinite length, cylinder with length equal to its diam­
eter, sphere 

1 Boelter, L. M. K., V. H. Cherry, H. A. Johnson, and R. C. Martinelli, "Heat 
Transfer Notes," University of California Press, Berkeley, 1946. Carslaw, H. S., and 
J. C. Jaeger, "Conduction of Heat in Solids," Oxford University Press, New York, 
1947, Grober, H., ,.'Einfuhrung in die Lehre von der Warmeubertragung," Verlag 
Julius Springer; Berlin, 1926. Ingersoll, L. R., 0. J. Zobel, and A. C. Ingersoll, "Heat 
Conduction with Engineering and Geological Applica,tions," McGraw-Hill Book 
Company Inc., New York, 1948. McAdams, W. H., "Heat Transmission," 2d .ed., 
McGraw-Hiil Book Company, Inc., New York, 1942. Schack, A., "Der industrielle 
Warmeubergang," Verlag Atahleisen, Dusseldorf, 1929; English translation by H. 
Goldschmidt and E. P. Partridge, "Industrial Heat Transfer," John Wiley & Sons, 
Inc., New York, 1933. Sherwood, T. K., and C . .'E. Reed, "Applied Mathematics in 
Chemical Engineering," McGraw-Hill Book Company, lnc., New York, 1939. For 
a review of more recent methods see Dusinberre, G. M., "Numerical Analysis of Heat 
Flow," McGraw-Hill Book Company, Inc., New York; 1949, and Jakob, M., "Heat 
Transfer," Vol. 1, John Wiley & Sons,.Inc., New York, 1949. 
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Changes due'to media having ccmtact resistances· 

Wall of finite thickness 
Cylinder of infinite length, sphere, semiinfinite solid 
Newman's method for common and composite shapes 
Graphical determination of the time-temperature distribution 

Wall of Infinite Thickness Heated on One Side. A wall of infinite 
thickness and at a uniform original temperature is subjected to sur­
roundings with constant temperature T.. It is assumed that there is no 
contact resistance between the medium and the surface it contacts, so 
that the face temperature of the wall is also T.. This differs from ordi­
nary quenching in which there is a very definite contact resistance. The 
general equation for conduction has been given by Eq. (2.13). For a 
wall of infinite thickness it reduces to unidirectional heat :fl.ow as given by 
Eq. (2.12). The group k/cp is the thermal diffusivity consisting only of 
the properties of the conducting material. Calling this group a, the con­
duction may be represented by 

at a2t 
(JIJ =a fJx2 (2.12) 

Fourier has indicated that the time-temperature-distance relationship for 
a body of uniform temperature subjected to a sudden source of heat will 
be represented by the exponential e-p6eqz, where p and q are constants, IJ 
is the time, and x the distance from the surface. With this as tlie start­
ing point it is possible to set up a number of equations which describe 
the variation of the temperature with time and distance throughout a 
solid suddenly subjected to a heat source at one face. It is requisite, 
however, that the equation containing the exponential also fulfill all the 
boundary conditions imposed on the system. The most general equation 
of this type is given by 

(18.40) 

in which C1, C2, and Cs are constants~ A modification of Eq. (18.40) 
which describes the case in question and fulfills numerous boundary con­
ditions is given by Schack as 

t = C1 + C2x + Cn~ (•=x!zv';;q e-•• dz (18.41) 
y; }z=O 

where ~~a· e-"' dz is readily recognized as the probability integral or 

Gauss's error integral with values from 0 to 1.0. The boundary condi­
tions for an infinite wall heated on one face are that, when x = x and 
IJ = 0. · t = to and, when x = 0 and 6 = 0, t = T., where to is the initial 
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uniform temperature of the solid. When X = 0 and e = 0, t = T. = Ct 
in which Ts is the temperature of the face of the slab directly upon being 
brought in contact with surroundings at T.. When x = x and 6 = 0, 
the temperature of the slab naturally possesses its original temperature 
to or 

(18.42) 

This can be valid, however, only if C2 = 0, for otherwise to would have 
to vary with x whereas it was assumed to be uniform. 

Thus 
to= CI + c3 

or 
Ca =to-T. 

Substituting for the constants in Eq. (18.41), 

2 f"'/2...;«e 
t = T. +(to-T.) y; }o e~••dz 

or in abbreviated form 

t = T. +(to- T.)ft (:l ~ao) (18.43) 

where f 1(x/2 ~) denotes the value of the error integral in tmms of the 
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.FIG. 18.7. Probability integral. 

dimensionless group x/2 ~. The values of the integral are plotted in 
Fig. 18.7. Equation (18.43) can be conveniently written 

y = :.· ~·t: =/I(2~ao) (18.44) 

Equation (18.44) is obviously the means by which the temperature t at 
any distance x and after time 8 can be determined. A similar result can 
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be obtained by dimensional analysis. For unit area the heat flow can be 
taken from Eq. (2.5). 

dQ = kdt 
dA dx (18.45) 

where Q is the heat flow Btu/hr. To obtain dtjdx from the expression 
f9r t in Eq. (18.44) the derivative of the error integral becomes 

- e-•' dz = ---a f"'/2y'a8 e-z'J4a8 

ax o 2 vrc;8 

and Eq. (18.45) reduces to 

Q = k(T. - to) e-"''14a8 

A y1ra8 

Values of the exponential are plotted in Fig. 18.8. 
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FIG. 18.8. Values of the exponential. 

(18.46) 

(18.47) 

-
2.2 2.4 2.6 2.8 

The heat flow through the surface is obtained when x = 0 or 

Q k(T. - to) 
::r= ~ (18.48) 

and after 8 hr the total heat which will have entered or left the wall will be 

Q' ~ 
A = 2k(T. - to) -. . 7ra 

(18.49) 

where Q' is the number of. Btu. 

Example 18.2. Heat Flow through a Wall. It is desired to know the temperature 
of a thick steel.wall 4 in. below its hot surface -and 4 hr after its uniform temperature 
of 100°F was. changed by suddenly applying a temperature of 1000°F to one face. 
How much heat will be passing into the wall at that time, and how much will already 
have passed into the wall? 
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Solutian. Using Eq. (18.44): 

Properties of steel: Assume 

lav = soo•F 
c = 0.12 Btu/(lb)(°F) 
k = 24.0 Btu/(hr)(ft•)("F /ft) 
p = 488 lb /ft3 

- k - 24.0 - 0 41 f '/h "' - cp - 0.12 X 488 - · t r 

X = M2 = 0.333 ft 
9 = 4 

y = TT. - tt = j, ( _xr::;;) = f, ( ..._;,0.333 .) = f,(O.l30) (18.44) 
• - o 2 v ao 2 0.41 X 4 

From Fig. 18.7, for x/2 v;;6 = 0.130, f,(x/2 .,;;8) = 0.142. 

t = T. +(to - T.)f, (
2 
~) (18.43) 

t = 1000 + (100 - 1000)0.142 = 872•F 

The heat flow crossing a plane 4 in. from the surface at 4 hr after applying the heat is 
given by Eq. (18.47). 

Q k(T.- to) 
A= Vorcd 
9. = 24(1000 - 100) = 9525 Btu/(hr)(ft• 
A V7(' X 0.41 X 4 ) 

(18.47) 

The total heat which flowed through a square foot of wall in the 4 hr is given by 

Q' • fB 
A = 2k(T. - t0) "\/;;. 

= 2 X 24(1000 - 100) '\) 3.14 ~ 0.41 = 76,000 Btu/ft• 

(18.49) 

Wall of Finite Thickness Heated on One Side. The equations 
developed in the preceding section for the infinitely thick wall can be 
applied also with limitations to walls of finite thickness. If the finite 
wall is relatively thick, the temperature-distance distribution for a short 
period after the heat has been applied will be nearly the same as for the 
infinite wall. As the period is lengthened, however, the penetration of 
heat through the wall to its cold face increases. Schack1 has analyzed 
this problem by noting that a finite wall can be made to duplicate an 
infinite wall. This will occur if the same heat flow is remoyed from the 
remote face of the finite wall as would ordinarily flow through a plane 

1 Schack, op. cit. 
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in an infinite wall at the same distance from the hot surface. If to is the 
temperature at the remote face of a finite wall lit thick, the heat flow per 
square foot from the remote face will be 

Q = h(t - to) (18.50a) 

And this is equal to the heat flow in an infinite wall at the distance x = l 
from the hot face. 

e-•'t4a6 
Q = k(T. - to) _ 1-

V7ra8 
(18.50b) 

By equating the two the rate of heat removal required to reproduce the 
distribution of an infinite wall will be 

h = k(T. - to)e-:N4aD 

(i-to) V''1t'a0 
(18.51) 

If the value of l/2 ~ is nearly 1.0, the temperature increase in the 
remote surface will 'be very small If the value of l/2 V' aiJ exceeds 0.6, 
it will be possible for most industrial applications to apply Eq. (18.44) 
to the finite wall directly. 

Wall of Finite Thickness .Heated on Both Sides. In a study of the 
time-temperature distribution during the· annealing of optical glass, 
Williamson and Adams1 developed equations for obtaining the center, 
center-line, or center-plane temperature of a number of shapes whose 
surfaces had suddenly been exposed to a heat source with infinite film 
coefficient. Included among these are the infinitely wide slab, the square 
bar, the cube, the cylinder with infinite length, the cylinder with length 
equal to diameter, and the sphere. Since only in the slab is the flow of 
heat along a single axis, it may be expected that equations for the other 
forms will be more complex. Where the flow of heat is symmetrical, it 
is considerably more convenient to use the center line' or center plane as 
the distance reference. The surface conditions will then correspond to 
±l/2, and the center line or center plane to l/2 == 0. Williamson and 
Adams obtained equations in terms of a Fourier series. For the infinite 
slab the equation is 

T - t 4 [ - (!)'4a8 X 1 -9(!)'4a8 37rX 
Y = -·-- =- e · 2 I• sin 7t'- +- e 2 1' sin-

T. - to 1r l 3 l 
1 -2s(!)24"9 51rx + g e 2 1

' sin -z + . .. ] 
As 4a8/l2 increases, the series converges even more rapidly until at 
4a8/l2 = 0.6 only the fust term is important. The solutions for all the 

1 W:illiftmson, E. D., and L. H. Adams, Phys. Rev., 14, 99-114 (1919). 
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above shapes can be expressed in terms of a series. Williamson and 
Adams have presented their calculations in the simplified form 

or 
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t = T. + (to- T.)/2 e;e) (18.52a) 
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FIG. 18.9. Plot of f>(4odJ !l•) for various shapes. 

The series eh.'J)ression is presented by f2(4a8/l2), in which lis the principal 
depth or diameter and t the temperature at the center, center line, or 
center plane. For the various shapes and their respective final equations, 
the values of f 2(4a8/l2) were tabulated by Williamson and Adams and 
have been plotted in Fig. 18.9. 

Example 18.3. Center-line Temperature of a Shaft. Calculate the temperature 
at the center line· of a long steel shaft 12 in. in diameter, initially at 100•F, 15 min 
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after its surface temperature has been suddenly changed to 1000°F. AB before, a 
may be taken as 0.41 ft2 /hr. 

4ae = 4 X 0.41 X 1%0 = 0 41 
]! (13-lz)• . 

From Fig. 18.9 when L = oo 

(4ae) f, v. = 0.155 

From Eq. (18.52) 
t = 1000 + (100 - 1000) X 0.155 = 860°F 

Wall of Finite Thickness Heated by a Fluid with Contact Resistance. 
This practical condition has been treated by Grober1 along with the 
evaluation of the functions contained in the final equations. This cor­
responds to quenching in that it considers a contact resistance between 
the heating or cooling medium and the wall face or both faces in the case 
of an infinitely wide slab of finite thickness. The reciprocal of the con­
tact resistance is the coefficient of heat transfer between the liquid and 
solid and, as mentioned earlier, causes the surface temperature to vary 
even though the temperature of the heating medium remains constant. 
The method of evaluating the film coefficient may be selected approxi­
mately from among the methods of earlier chapters or those in Chap; 20. 
In many cases it is difficult to obtain an analogous mechanism for com­
puting heat transfer during a quenching operation; In a large vessel at 
nearly constant temperature, such as might be employed for the quench­
ing of steel plates, the limiting coefficient between the oil and metal is 
that of free convection, and it varies continuously with time as the 
temperature difference between the metal and oil decreases. Consider a 
plate with an initial temperature to suddenly plunged into a gas or liquid 
of constant surrounding temperatUre T.. The temperature of the surface 
will be given by 

l:.-o = T, + (to - T,)fs ( 
4~0, 2~) (18.53) 

Y = T. - t = f (4a:O hl) 
T. - to 3 l 2 '2k (18.53a) 

The temperature of the center plane wilrbe 

(
4a:O hl) 

tz;z = T. + (to - T.)/4 T' 2k (18.54) 

or 

Y . = T, - lz12 = f. (4a0 hl) 
T. - to 4 l 2 

' 2k 
(18.54a) 

• Grober, op. cit. 
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Grober has graphically evaluated the functions 

and (4ae hl) 
!4 T' 2k 

which have been plotted by Schack as shown in Fig. 18.10 and 18.11 for 
the surface and centers of rectangular shapes.. When presented in this 
form the plots are referred to as Schack charts. 

Example 18.4. Quenching: The Schack Chart. Iron castings in the form of large 
slabs 10 in. thick are held atred heat (1100°F) before being hung vertically in 70°F air 
to cool. 

It is desired to start further operations on them after 4 hr have elapsed. 
(a) What will the surface temperature be after 4 hr? 
(b) What will the center-plane temperature be after 4 hr? 
Solution. In order to obtain the average coefficient from the slab to air by radia­

tion and convection an assumption must be made of the surface temperature after 
4hr. 

(a) Assume the temperature is 500°F after 4 hr. The coefficient from plate to air 
is the· sum of the radiation and convection coefficients. From Eq. (4.32) and (4,33) 

where the temperatures are in °R. 

For the initial coefficient at 1100°F, 

h,. = 0.70 X 0.1731~~0~
8~560•- 530

4
) = 6.9 Btu/(hr)(ft2)(~) 

From Eq. (10.10) 
h. = 0.3(t.t)l4 

= 0.3(1100 - 70)l4 = 1.7 Btu/(hr)(ft~)("F) 

Total initial coefficient = 6.9 + 1.7 = 8.6 Btu/(hr)(WWF) 

For the 4-hr coefficient at 500°F 
hr = 2.2 
h.= 1.35 

Total coefficient after 4 hr = 2.2 + 1.35 = 3.55 Btu/(hr)(ft2)("F) 

The average coefficient is somewhat lower than the mean of the initial and final 
coefficients, since the radiation coefficient decreases rapidly as the temperature falls. 
The mean coefficient gives a surface temperature somewhat larger than the actual. 

Mean coefficient, h = (8.6 + 3.55)/2 = 6.1 Btu/(hr)(ft2)(°F) 
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From the Appendix, k = 27, c = 0.14, and p = 490 (approximately) 

k 27 
"' = cp = 0.14 X 490 = 0·394 

4atl _ 4 X 0.394 X 4 
9 

l 
l2 - (19{2)" = . 

hl = 6.1 X (19{2) = 0094 
2k 2 X 27 . 

(
4a8 hl) t,_0 = T. + (to - T,)f, [,2' 2k 

= 70 + (1100 - 70)/a(9.1, 0.094) (18.53) 

From Fig. 18.10,/2(9.1, 0.094) =·0.42 

t•-• = 70 + (1100 - 70)0.42 = 502°F 

(b) The temperature of the cen.ter plane is given by 

(
4a8 hl) 

t1ta = T, + (to - T,)f, p' 2k 

= 70 + (1100 - 70)/.(9.1, 0.094) (18.54) 

From Fig. 18.11, f,(9.1, 0.094) = 0.43 

t,_o = 70 + (1100 - 70)0.43 = 512°F 

Finite and Semiinfinite. Shapes Heated by a Fluid with a Contact 
Resistance. Referring to Eq. (18.52a) or (18.53a) Gurney and Lurie1 

noted that the relationships for heating various shapes with fluids having 
finite or infinite film coefficients could be represented by the four dimen­
sionless groups 4a0/l2, (T. - t)/(T~ - to), Zk/hl, and Zxjl. With these 
dimensionless parameters they made plots for the finite wall (slab), 
cylinder of infinite length, sphere, and semiinfinite solid. These are 
reproduced in Figs. 18.12 through 18.15. Gurney-Lurie cha-rts are par­
ticularly useful, since they permit the calculation of the temperature not 
only at the surface and center of the object but at intermediate points as 
well. The ordinate Y is identical with the Schack chart for the same 
shape. Gurney-Lurie charts, however, are more difficult to interpolate 
than are Schack charts. The case of the semiinfinite solid is identical 
with the. slab for the short initial period before the heat flow has reached 
the center plane of the slab. The use of these charts is demonstrated by 
the solution of an illustrative problem. 

Example 18.5. The Gumey-Lurle Chart. Steel circular rods 8 in. in diameter and 
12 ft long initially at 400°F are cooled in oil before being machined. The oil is main­
tained at a constant temperature of 200°F by means ·of a quench oil cooler. The 
average free convection coefficient from an 8-in. pipe to an oil of the properties of the 
quench ·oil is 50 Btu I (hr) (ft2) (°F). 

What is the temperature 2 in. below the surface after 15 min? 

t Gurney, H. P., and J. Lurie, Ind. Eng. Chem., 15, 1170 (1923). 
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Solution. This corresponds to an infinitely long cylinder, and Fig. 18.13 will be 
used. a will be evaluated at the mean temperature of 300°F 

k = 25 c = 0.12 p = 490 
k 25 

a = cp = 0.12 X 490 = 0·425 

4a8 _ 4 X 0.45 X 1%o = 101 z• - <~2)• • 
2x 4 · T = 8 = o.s 
1 2k 2 X 25 

Nu = hl =50 X ~i = l.S. 
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From Fig. 18.13 

0.()2 

O.DI 5 

o.o I 
0.008 

0.00 6 
0.005 
0.004 

0.003 

II 

Y = 0.31 = T' - t 
T, -ta 

tz-un. = 400 + 0.31(200 - 400) = 338~ 

Newman's Method for Common and Composite Shapes. Many of the 
objects which are regularly subjected to quenching do not conform with 
the simple shapes dealt with so far. Among such common shapes are the 
rectangular bar, the brick (rectangular parallelepiped), and the short 
cylinder of finite length. For heat :flow along the x axis alone the tem-
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perature of the object is defined by Y or Y., = (T. - t)/(T, - to), where 
the subscript x indicates the direction of the heat flow. The center of 
"the object is taken as the reference point. In a long rectangular bar 
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Fla. 18.14. Gurney-Lurie chart for spheres. 

6 7 

whose cross section is reckoned in the x andy directions, Newinan1 has 
proved that the temperature at any point in the cross section is given by 
(T. - t)/(T. - to) = Y.,Y11, where both Y., and Y11 have been calculated 
for the flow of heat through a finite slab. Similarly for a brick whose 
~Newman, A. B., Trans. AIChE, 27,,203 (1931). 
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cross section is reckoned by x and y the temperature at any point can be 
defined by (T. - t)/(T. '- to) = Y,Y11Yz, where the value of Y 6 has been 
determined for the long dimension of the brick as a slab with heat flow 
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FIG. 18.15, Gurney-Lurie chart for semiinfinite solid. 

in the z direction. For the cylinder of finite length if the length is i~ 
and the diameter l., the temperature can be defined by 

T.- t 
-T-- = Y.,Y •. , -to 
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In objects of finite length if one of the plane faces is insulated against 
the flow of heat, the calculation is treated as above except that the zero 
axis or reference point is moved to the insulated wall instead of the center 
and the distance perpendicular to the insulated face is doubled (l instead 
of l/2). If a pair of parallel faces is insulated so that there is no net heat 
flow in the x, y, or z direction, the entire direction is omitted. Similarly, 
it is possible that the film coefficient to the different faces of an object 
may not be identical on all sides, since the:flow of fluid may be mostly 
parallel to some surfaces and perpendicular to others. This will not 
interfere with the solution of a problem for objects having parallel faces 
as long as the coefficient on any two parallel faces is the same and the 
heat-flow symmetry about the center is preserved. The values of Y 
for these shapes can be obtained from Schack or Gurney-Lurie charts 
for the finite slab or infinite cylinder and from which complex shapes can 
be built up accordingly. A Schack chart for the infinite cylinder has been 
prepared by N ewman. 1 

To illustrate this method, consider a brick which has the dimensions 
l:, ly, and l. in the x, y, and z directions, respectively. The extreme 
distances of the faces of the brick reckoned from its center are l:/2, lu/2, 
and l./2. At its center it is apparent that l:/2 = 0, lu/2 = 0, and 
l./2 = 0. For the cylinder, at the circumference the dimension is),;/2 
and at the parallel e:O.d faces l./2. 

Example 18.6.. The Application of Newman's Method to Heating a Brick. This 
problem uses the data of an example by Newman with.numerical values obtained from 
Gurney-Lurie charts. 

A firebrick 9 by 4.5 by 2.5 in. initially at 70°F is suspended in a flue through which 
furnace· gases at 300°F are traveling at ~:~uch a rate that the resulting film coefficient 
on all faces is 4.1 Btu/(hr)(ft2)(°F). Estimate thetemperatures at the following 
points·at the end of 1 hr: (a) the center of the brick, (b) any corner of the- brick, (c) 
the center of the 9- by 4.5-in. faces, (d) the center of the 9- by 2.5-in. faces, (e) the 
center of the 4.5- by 2.5-in. faces, (f) the middle of the Iong edges. 

The following data are supplied: 

k = 0.3 Btu/(hr)(ft2)(°F/ft) 
p = 103lb/ftS 
c = 0.25 Btu/(lb)(°F) 

Solution: 

a = ~ = ~:5 X 10.3 = 0.01164 ft•jhr 

~ = 4 X 0.01164 X 1.0 = 0_0828 2k 2 X 0.3 = O 195 z; <~2)• hl. 4.1 x ~2 • 

~ = 4 X 0.01164 X 1.0 = 
0

_3313 2k 2 X 0.3 . = 0_390 z; (4.5/12) 2 hlv = 4.1 X 4.5/12 
4a8 = 4 X 0.01164 X 1.0 = 1.073 2k 2 X 0:3 = 0_702 z; · (2.5/12)• hl. = 4.1 x 2.5/12 

1 Newman, A. B., Ind. Eng. Chem., 28, 545-548 (1936). 
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From Fig. 18.12 

For all cases, 

At the center 
2x _ 

0 l -

Y. = 0.98* 
!JI = 0.75 
r. = 0.43 

At the surface 

2t = 1.0 

Y., = 0.325* 
Yv = 0.29 
Y, = 0.245 

y = T, - t = 300 - t 300 - t 
T, - to 300 - 70 = ~ 

(a) Center of brick (l. = 0; lu = 0; l. = 0): 
300- t 
"""23() = 0.98 X 0.75 X 0.43 = 0.316 

t = 227.4°F 
(b) Corner of brick (l./2, lu /2, l,/2): 

300- t · 2ao = 0.325 X 0.29 X 0.245 = 0.023 

t = 294.7°F 
(c) Center of 9- by 4.5-in. face (l./2 = 0, 4/2 = o, l,/2): 

300- t 
"23() = 0.98 X 0.75X 0.245 = 0.18 

t = 2ss.s•F 
(d) Center of 9- by 2.5-in. face (l./2 ;= 0, l,/2, l,/2 = 0): 

300- t 
~ = 0.98 X 0.29 X 0.43 = 0.122 

t = 272°F 
(e) Center of 4.5- by 2.5-in. face (l./2, l,/2 = 0, l,/2 = 0): 

300- t 
23() = 0.325 X 0.75 X 0.43 = 0.105 

t = 275.s•F 
(f) Middle of long edge (l./2 = 0, lv/2, l:e/2): 

300- t 
~ = 0.98 X 0.29 X 0.245 = 0.0695 

t = 2!WF 

The Graphical Determination of the Time-temperature Distribution. 
The time-temperature distribution for many practical problems has not 
appeared in the literature because their solutions are lengthy or their 
mathematics is extremely complex. A useful and concise method of 
treating such cases graphically has been developed by E. Schmidt.1 

Consider a slab of infinite width and finite thickness in which the heat 
flows only through the thickness. As before, the time-temperature rela­
tionship can be obtained by solution of the basic conduction equation 

dt d2t 
dO = a dx2 (2.12) 

* These values are read more easily from Schack charts. 
1 E. Schmidt, "Foppls Festschrift," pp. 179-189, Verlag Julius Springer, Berlin, 

1924. See particularly, Sherwood and Reed, op. cit., pp. 241-255. 
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The temperature in the slab at any point is a function of the time and 
distance. Divide the slab into a number of distance increments of ~X ft 
each, and consider an increment of time ~6. At a constant distance x 
from one face of the slab the incremental temperature change during a 
finite time change Afl can be indicated by At6• For a constant value of 8 
the variation of the temperature with x can be indicated by At"'. Equa­
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Fxo. 18.16. Schmidt graphical 
method. 

tion (2.12) can then be 'v-ritten 

(18.55) 

or rearranging, 

(18.56) 

Referring to Fig. 18.16 in which the slab is 
divided into distance increments fix, let t...m 
repre&ent the temperature at n distance 
increments from the origin n ~x after m 
time increments, m A8. When xis constant, 
the change of temperature with timein the 
layer m ~x from the surface is 

(18.57) 

When 6 is a constant, the variation of the temperature with distance is 

and for the second change or difference between two differences 

A2t,. = ~(Al:r;) = (tn+l,m - t,.,m) - (tn,m - tn-t,m) 

Substituting these in Eq: (18.56), 

(18.58) 

(18.59) 

A8 
t,.,,.+t - t,.,,. = ex Ax2 [(tn+t,m - t,.,,.) - (t,.,m - tn-t,m)] (18.60) 

If the increments of distance and time are chosen so that 

A6 1 
a-=-

Ax2 2 
{18.61) 

Equation (18.60) reduces to 

ln,m+l = 72(ln+t,m + tn-l,m) (18.62) 

Equation (18.62) is the basis of the graphic method. It implies that the 
temperature at any point at any time is the arithmetic mean of the two 
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temperatures at + and - h.x during the preceding time increment 
!J.O. A straight line drawn through the values of the temperatures at 
(n - 1) h.x and (n + l) h.x intersects the vertical median at the arith­
metic mean where the temperatures at (n- 1) !J.x and (n + 1) h.x were 
the two previous temperatures. 

The complete method is illustrated by Fig. 18.16. Consider a sym­
metrical object such as an infinite slab at initial temperature to s.uddenly 
subjected at both faces to a cooling medium with zero contact resistance 
and temperature T.. The heat flow is along the x axis. Since the tem­
perature distribution about the center plane is symmetrical, only one-half 
of the slab need be considered and the half of the slab under consideration 
is broken up into the distance increments shown by the vertical lines. 
If the initial temperature upon contact is T. at 0 and the temperature 
is to at C, then at the time increment !J.B later the temperature in the plane 
B-B' will be the arithmetic mean of to and T., b1. Points C, D, and E 
remain unchanged during the first increment. During the second time 
increment the temperature at 0 in plane C-C' falls to c2, D and E remain­
ing unchanged. During the third time increment the temperature at b1 

falls to ba and the temperature at D falls to ds. During this increment 
the temperature at the center plane does not change, since it is the mean 
of the values at ± !J.x from the center plane, which are both still at to. 
During the fourth increment the temperature at C falls from c2 to c4, but 
the temperature at the center plane e, is the mean of the two identical 
values of d3 at ± h.x from the center plane and therefore lies on a hori­
zontal line. The procedure can be continued indefinitely with each 
horizontal line across the center plane representing two time increments. 

Example 18.7. The Graphical Determination of the Time-Temperature Distribu­
tion. A steel slab 20 in. thick and at an initial temperature of 500°F is suddenly 
subjected to a temperature of 100"F on both faces. What is the temperature distri­
bution after 20 min? 

Solution. For simplicity t.ake a = 0.40 ft2/hr. Take distance increments Ax 2 in. 
apart. 

Ax = 7i2 = 0.167 ft 

From the conditions of Eq. (18.61) take time increments such that cx(M/Ax•) = %. 

AO = 2 o:~::o = 0.035 hr or 2.1 min 

Number of steps required = 20/2.1 = 9.5 
In Fig. 18.17 half of the slab is divided into distance increments of 2 in. and the 

time intervals are drawn accordingly. After 9 tinle increments corresponding to 
9 X 2.1 = 18.9 min, the temperature at the center plane is 413°F. After 11 incre­
ments or 23.1 min it is 383"F. The value st 20 min can be obtained by plotting a 
time-temperature curve for the center plane alone from which a temperature of 406°F 
is obtained. 
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Time-Temperature Distribution with Contact Resistance. The in­
stances in which the heat·source is applied 'with negligible contact resist­
ance are exceedingly rare. A graphical method was developed by 
Schmidt for a slab when the film coefficient to it was finite. Sherwood. 
and Reed1 have given an excellent presentation of the method. The 
presence of a finite film coefficient or contact resistance indicates that a 
temperature drop occurs between the bulk temperature of the surround-

8 & 4 2 0 
Distance, in. 

Fra. 18.17. Solution of Example 18.7 by the Schmidt me~hod. 

ing medium at T, and the surface of the slab t1. The heat balance across 
the surface is given by 

k (:)_o = h(T.- t1) (18.63) 

where T. is again the temperature of the surroundings and t1 is the 
surface temperature. Accordingly, the temperature gradient across the 
surface is given by 

(dt) T.- t, 
dx_o=~ (18.64) 

Any line cutting the surface of the slab on t vs. x coordinates such as in 
Fig. 18.16 must consequently have a numerical slope of (T. - tr)/(k/h). 
Referring to Fig. 18.18, a slab is divided into distance increments ..O.x, 
except that they are marked off such that the surface of the slab cor­
responds to ·the middle of a distance increment. The reason will be 
apparent as the construction progresses. Next, the origin 0 is set off 
at a distance k/h ft to the left of the surface and at the temperature T,. 

1 Sherwood and Reed, op. cit. 
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The slope of a line drawn from the origin 0 through the surface plane 
then has the slope (T. - t1)j(k/h). By constructing the vertical at 
Ax/2 to the left of the surface, Schmidt's rule can be applied and each 
alternate time increment is represented by a line crossing the surface with 
the appropriate slope. The surface is thus the locus of values of t1. 

The construction is carried out by the preceding Schmidt method until 
the center plane has been passed by a line drawn to Ax/2 at the right 
of the center plane. Since the distance increments are displaced by the 
distance Ax/2, the plane at Ax/2 to the right of the center plane is the 

Fm. 18.18, Schmidt method·with contact resistance. 

mirror image of that at Ax/2 to the left with the temperatures drawn to 
corresponding_ points on the plane to the right. Thus for alternate incre­
ments of time the line slopes up and down. 
· N onsynimetrical cases of heat flow can be studied by this approximate 

method when mathematical derivations lead to involved expressions. 
Such a condition arises when one face of a slab is exposed to a finite film 
coefficient while the other is exposed to a negligible resistance. Another 
common condition is that in which the faces are at two different tempera­
tures or in which the temperatures undergo cyclical variations. For this 
last a number of repeated solutions are required, but they provide results 
which otherwise might be unobtainable. Schmidt has also provided 
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graphical solutions for a number of complex problems such as the heat 
How through layers of dissimilar materials. 

2b. PERIODICALLY VARYING TEMPERATURE 

Periodic Variation of the Surface Temperature. There are a number 
of instances in which the temperature of the heating medium is not con~ 
stant. In some, the medium and the surface temperatures vary har­
monically. Typical examples of the latter are the temperature of the 
earth's surface or within an internal combustion cylinder, although there 
are not many practical applications. Figure 18.19 shows the variation 
at a distance x in a wall whose surface temperature varies as a sine func­

Time,a 
l'w. 18.19. Sine temperature variation 
at surface and at point x ft below. 

tion with time. Inasmuch as the 
heat must travel from the surface 
into the bulk of the material and the 
thermal diffusivity is finite, there is a 
time lag before the temperature-time 
variations at the surface are repr~ 
duced at the distance x. Naturally, 
the maximUm. amplitude at x is less 
than that at the surface, and it is 
still less at greater distances. It 
should be noted that Fig. 18.19. is a 
plot of time vs. temperature and not 
distance vs. temperature, so that 
the decline in the amplitude with 

distance is not indicated. Iff is the number of complete periodic changes 
per hour, the time required for a point within the body to ~espond to a 
variation at the surface is evidently given by 

9=~ IT 
2 '\};;:] (18.65) 

where x is the distance in feet from the surface to the point. If the 
temperature variation is single harmonic, the surface temperature can 
be defined in terms of the maximum surface temperature by 

Llt,._0 = LltoJr sin 2Trj9 (18.66) 

where toM is the maximum temperature at the surface where x = 0. 
At the distance x the temperature has the same period but lags by 
(x/2) ~ hr, the time initially required to travel from the surface 
to x. The maximum temperature at x is given by 

(18.67) 
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The equation for the variation of the temperature at any distance in 
typ.ical problems requires the solution of a Fourier series which is beyond 
the limitations of space here. If the variation at the distance x at any 
time 0 can be expressed as a sine function, it is given by 

l.lt"' = l.ltoue-~..;:;Ji'Q sin ( 21rjO - x .J!l) (18.68) 

If the variation can be expressed as a cosine function instead of a sine 
function, the temperature at any point x is given by 

At"'= AtoMe-~r/1« COS (21rjO- X .J!!) (18.69) 

The flow of heat through a fiat wall for a half period can be determined 
from the basic conduction equation 

dQ' = kA (dt) dO 
dx .,..o 

by differentiating Eq. (18.68) or (18.69) with respect to x, from which the 
following is obtained for Q for a half period: 

{T 
Q = kA !::..toM'\{~ (18.70) 

Example 18.8. Calculations for a Wall with Periodic Temperature Variation. The 
surface of a thick brick wall is subjected to a daily temperature variation from 60 to 
120°F. The cosine variation may be assumed. The cement is assumed to have the 
same. properties of the bricks, which are k = 0.3 Btu/(hr)(ft2)(°F /ft), p = 103lb/fts, 
c = 0.25 Btu/(lb)(°F), and a = k/cp = 0.01164.ft2/hr. 

(a) What is the temperature lag 6 in. below the surface? 
(b) What is the amplitude at this depth? 
(c) ·What is the temperature deviation from the mean after 2 hr? 
(d) What is the heat flow during the half period? 

Solution: 

(a) Temperature lag 6 in. below the surface: 

(b) Amplitude: 

(J =~ ~ rT 
2 "V;;;j 

,.-----,,---
~z ~I 1 

= 2 \lo.Oll64,..~4 "" 6.45 hr 

AtoM = 120 - 60 = 30oF 
2 

At~-• = AtoMe_,..j,.!f«' 

= ao.e-o.s..j,.-/"'24<.,-,X"'O"'.o""l-.:164"' = 5.8"F 

(18.65) 
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(c) Temperature deviation after 2 hr: 

At,= AtoMB-~COS (211-!8- ::c~') 
= 5.8 cos (2 X,. X %4 X 2 - 1.635) 
= 5.8 cos 1.10 = 2.6•F 

(d) Heat :Bow dur-ing the half period: 

2_ = k !:.toM • /2 
A ""\J~ 

= 0.3 X 30 \)0-.-01-1-;;:411"~%-4 = 326 Btujhr(ft2) 

c. REGENERATORS 

(18.69) 

(18.70) 

Introduction. A regenerator is an apparatus in which heat is alter­
nately stored and removed. The broadest applications of regeneration 
have been in the blast and open-hearth furnaces of the steel industry. 
More recently regeneration applications have been extended to the 
"reversing exchanger" for large-scale air-separating plants in the Fischer­
Tropsch process and other synthetic processes. A type of reversing 
exchanger which was popular in Germany employed Frankl regenerator 
packing, which consists of metallic ribbons having corrugations at an 
angle of 45°. Two such ribbons are wound together in spirals which are 
then packed one above the other. Temperature histories and coeffi­
cients have been reported by Lund and Dodge. 1 Several of the proposed 
designs for the reversing exchanger also included· the storage of heat 
by means of extended surfaces. Schack2 presents an excellent survey of 
the literature on regenerators as well as his own work, which is recom­
mended to the reader who is undertaking a comprehensive study of 
regenerator design. As treated here the regenerator is cited as another 
aspect of the U.nsteady state as well as to indicate the general methods 
of heat storage in processes. Actual regenerators require additional 
refinements in assumptions ap.d practices. 

Temperature Variations in Regenerators. The open-hearth furnace is 
charged with molten pig iron and scrap to supply the oxygen requirements 
for the oxidation of impurities. A mixture of hot fuel gas and· air is 
burned above the pool of molten metal, thereby maintaining the tempera­
ture and removing the impurities arising from the pool. The products 
of combustion and oxidation are waste gases containing considerable heat 
which might profitably be recovered by preheating the fuel-gas-air mix­
ture. When the waste gases leave the furnace, they are passed through 

1 Lund, G., and B. F. Dodge, Ind. Eng. Chem~, 40, 1019-1032 (1948). 
2 Schack, op. cit. 
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a cold brick checkerwork to which they give up a large portion of their 
heat. In a matter of a few minutes the bricks become very hot, and at 
.some optimum surface temperature the flow of waste gases is replaced by 
the passage of cold fuel-air mixture on its way to the furnace. This 
mixture is heated while cooling the brickwork back to a low temperature. 
In the meantime the Bow of the waste gases continues over another 
brickwork only to be interrupted by the flow of more fuel-gas-air mixture. 
By employing a sufficient number of brick checkerworks it is possible 
to operate on a continuous basis with fuel-gas-air mixtures alternating 
with the waste gases in the transfer of heat. 

It can be seen that the inlet temperature of either the waste gases or 
the fuel-gas-air mixture to the checkerwork is substantially constant but 
the outlet temperatures vary. This differs from preceding time-tempera­
ture relationships. The cyclic operation of a regenerator consists of two 
separate periods. During the heating period the brickwork absorbs 
heat, and during the cooling period the heat is removed, although the 
periods are usually of unequal duration. To simplify regenerator termi­
nology the conventions of Schack and others will be followed. In these, 
gas refers to the hot medium ·(waste gas) and air to the cold medium. 
Heilgenstadtl has shown that the heat transfer in a generator can be 
represented by a modified form of the Fourier equation for 1 ft 2 of surface 
by 

dq' = H(T- t) 
dA 

Btu/ (period) (ft2) (18.71) 

where q' is the heat transferred during the period fi·om the gas to air 
whose mean temperatures are T and t, respectively. H is the overall 
coefficient of heat transfer for the period, Btu/(period)(ft2)(°F), and 
differs from U in the unit of time. Integrating, since A = ·1, Eq. (18.71) 
becomes 

q' = H(T- t) Btu/(period) (ft2) (18.72) 

Using 6e and 6c to indicate the duration of the gas and air half periods in 
hours, respectively, the heat transferred during the half periods is 

rj = hH(T - t,)6H = hc(t, - t)8c (18.73) 

where t, is the mean temperature of the brickwork, which is assumed 
to be identical for both half-periods in an ideal regenerator and hu and 
he are the gas and air film coefficients, Btu/(hr)(ft2WF}. Solving for 
an ideal regenerator, 

t _ hHT81r + hci8c 
' - hH8H + hc8c 

1 Heilgenstadt, W., Mitt. WarmesteUe Ver. deut. Eisenh., '13, (1925). 

(18.74) 
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From Eqs. (18.72) and (18.73) 

H(T - t) = hnTOH - hctOc (18.75) 

The value of H in Eq. (18.72) is thus the value for the ideal regenerator 
or H,a. Substituting in Eq. (18.73), 

(18.76) 

In an actual regenerator the temperature of the gas decreases several 
times more rapidly than the air is heated. If T, is the mean temperature 
of the surface during cooling only and t. the mean during heating, the 
solution of Eq. (18.73) gives 

H = Hid(1 - t, - T.) (18.77) 
T- t 

Equation (18.71) can also be expressed in terms of the mean temperature 
of the brickwork. 

dq' = hH(T - t.) dA d9 Btu/ (period) (ft2) (18.78) 

Considering the brick as a slab of finite thickness whose temperature 

1.0 

?-il8 
~..-.g 

<I! 0.6 ., 
~ 

~0.4 
"ti 

I 
1/ 

/ !--"' 

/ 

IL 

-
varies periodically on both sides, 
Grober has defined a heat storage 
factor 'Y which is the ratio of the heat 
actually stored in the wall to that 
which could have been stored if the 
conductivity of the wall were infinite or 

q' = q::,..'Y 

where 'Y is /6(4a0/l2). Values of 
f 5(4a9/l2) are plotted in Fig. 18.20. 
In terms of the brick material the 

z 4 6 8 10 weight of the brickwork for 1 ft 2 of 
o.e_~ heat-transfer surface isM/A, where 
xz- 1z the depth is one-half the thickness of 

Flo. 18.20. Heat storage factor. the brick. If c, is the specific heat of 
the solid, the heat absorbed by the brickwork is then . 

dq' = Mcs'Y dt. dA Btuf(period)(ft2
) {18.79) 

Equating (18.78) and (18.79), 

Mc.'Y dt. = hn(T - t,) d9 {18.80) 
or rearranging, 

dt, = ~ (T - t,) 
dO Mc,'Y 
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Differentiating with respect to 8, 

(18.81) 

Solving for dT /dO, 

from which it will be seen thAt the temperature of the gas is not only 
dependent upon the temperature of the wall but also upon its rate of 
change with time. From Eq. (18.73) and based on 1 ft 2 of surface, 

q = ha(T- t,) Btu/hr 

in which q is the quantity of heat absorbed per hour under the potential 
difference T -'- t,. Differentiating with respect to 0 and substituting in 
Eq. (18.81), 

dT ,, -.!!:!!__ (T _ t) + t!_(_J - t.) 
d8 .~1 C,')' ' dO 

(18.82) 

Integrating for a finite heating period 8, 

T q •• B 1 ( ) .i = -- + - qo - qo 
Mc,'Y h" 

(18.83) 

where q0 is the number of Btu transferred per hour at the start of the 
period and qo represents the. transfer after time 8. If T2,e-o is the waste­
gas exit temperature at the start of the period (the time for travel from 
inlet to outlet being negligible) and T2.9-o is the gas exit temperature at a 
finite time after the period has commenced, at the start 

wo qo = A (Tt - T2,e-o) Btu/(hr)(ft2) (18.84) 

and after 0 hr 

where the inlet gas temperature T1 is constant. 

wo 
qe- qo = A (T2,e-o- T2,o-e) Btu/(hr)(ft2

) 

Substituting in Eq. (18.83), 

AT = q •• B 

Me,')' (1- Z~) 

(18.85) 

(18.86) 

(18.87) 
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Although data are available on the heat-transfer coefficients to actual 
regenerators, they can be found roughly from Fig. 24 for smooth surfaces 
by using the equivalent diameter defined by Eq. (6.3) in place of D. 

2d. HEAT TRANSFER TO GRANULAR MATERIALS IN BEDS 

This case is of particular interest in processes employing fixed- and 
moving-bed catalysts. It can also be used to obtain coefficients for com­
bination with regenerator equa6ons when using granular materials, An 
excellent review of the literature on this subject has been given by Lof 
and Hawley. 1 Perhaps the most ambitious original undertaking in this 
field was by Schumann, 2 who formulated and solved the equations for the 
case of an incompressible fluid flowing through a bed of solids with infinite 
thermal conductivity. Schumann assumed that (1) any given particle 
could be considered to attain a uniform temperature throughout at any 
given instant, (2) the resistance to conduction in the solid itself was 
negligible, (3) the rate of heat transfer from fluid to solid at any point 
was proportional to the temperature difference between the two at the 
point, (4) the change in the volumes of fluid and solid with the tempera­
ture variation was negligible, and (5) thermal properties were independ­
ent of the temperature during a temperature-change cycle. Schumann 
calculated temperature-time curves in terms of the groups 

where 

T- to 
T1- to 

h'x hx 
C'v = C'G 

T = gas temperature at any time, °F 
T1 = inlet gas temperature, °F 

t = solid temperature at any time, °F 

h;,o (l _ !') 
• 

to = initial temperature of the solid bed, °F 
C' = specific heat of unit volume of gas at constant pressure, Btuj(ft3) 

(DF) 
c; = specific heat of unit volume of solids, Btu/(ft3WF) 
f' = fraction of voids in the solid bed 
G = mass velocity of fluid, lb/(hr){ft2) 

h' = volumetric heat-transfer coefficient, Btu/(hr)(ftBWF) 
v = average volumetric fluid rate through bed, ft8/(hr)(ft2 of bed 

section) 
x = length of bed, ft 

t Lof, G. 0., and R. W. Hawley, Ind. Eng. Chem., 40, 1061-1070 (1948). 
~ Schumann, T. E. W., J. Franklin Inst., 208, 405 (1929). 
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Schumann's curves were later extended by Furnas, 1 and the data of both 
are given in Fig. 18.21. With a temperature-time curve of this form 
Furnas experimentally developed the equation for the volumetric heat­
transfer coefficient. 

(18.88) 

where T' = average of the inlet air and initial bed temperature, °F 
A' =constant 
D~ = equivalent spherical diameter defined by Eq. (18.89), ft 
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FIG. 18.21. Schumann curves. (Lof and Hawl~y. Industrial Engineering· Chemistry) 

D' _ (6 X net volume of particles)~ 
• - 'lr'· X number of particles (18.89) 

Lof and Hawley carried out experiments on granitic gravel ranging in 
size from 4 mesh to 1.5 in. and air rates from 12 to 66 standard cubic feet 
of air per minute per square foot of gross cross-sectional area. The thick­
ness of the bed was 36 in. They obtained the following dimensional 
equation 

(G)o.1 
h' = 0.79 D~ (18.90) 

Because the volumetric heat-transfer coefficient has not been introduced 
before, Table 18.1, computed by Lof and Hawley, is included for 0.394 in. 
particle diameters and an air rate of 50 standard cubic feet per minute 
per square foot, an inlet temperature of 200°F, and normal voids. The 

I Furnas, C. C., Trans. AIChE, 24, 142 (1930); U.S. Bur. Mines Bull. 361 (1932). 
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TABLE 18.1. SoLID BED CoEFFICIENTS 

Material h', Btu/(kr)(ft3)(°F) 
Iron ores.. .. . . .. . . . . . . . . . . . . . 406-1200 
Limestone.. .. .. .. . . . . . . . . . . . . 460 
Coke .................... · .... 347 
Blast-furnace charge. . . . . . . . . . 260 
Coal ......................... 400 
Firebrick. . . .. . . . . . . .. .. . . .. . 534 
Iron balls.. .. . . . . . .. .. . .. . .. . 668 
Gravel. ...................... 399 

authors suggest that Eq. (18.90) may be freely extrapolated to higher 
temperatures where the coefficient is increased by radiation. 

The following problem has been adapted from Lof and Hawley. 

Example 18.9. Calculation of the Length of a Bed. A bed of granitic-type gravel 
consisting of 1.0 in. particles has 45 per cent voids and is initially at a uniform temper­
ature of 50°F. 60 lb I (hr) (ft•) cross-sectional area of hot air at 200°F is available for 
periods of 6 hr. It is considered wasteful from a heat-recovery standpoint to let the 
exit air leave the bed at a temperature above 90°F. How long a bed can be heated by 
the air stream? 

Data: 

Specific heat of gravel, 0.25 Btu/(lb)(°F) or 41.3 Btu/(ft3)("F) 
Actual density of gravell65 lb/ft3 

Specific heat of air 0.0191 Btu/(ft3)(°F) 

Solution: 

h' = 0.79 (~) o.
7 

= 0.79 (~~) o.
7 

= 79.4 

h'B 79.4 X 6 _ 
2 

O~ 
I - 1. 

c. (1 - j') 41.3 X 0.55 
T-to 90-50 
T, -to = 200 -50 = 0•267 

From Fig. 18.21, 
hxp 
c'G = 24;5 p = 0.0807 lb/ft3 air 

0.0191 X 60 
X = 24.5 X 79.4 X 0.0807 = 4.4 ft 

PROBLEMS 

18.1. 6000 gal of liquid toluene is to be cooled from 300 to 150°F using water from 
85 to 120°F. A pump in the tank is capable of circulating 30,000 lb/hr ~of toluene 
through an external exchanger. Available for the service is 400 ft 2 of heat-exchanger 
surface in various types, all affording approximately the same overall coefficient of 
7 5 Btu/ (hr) (ft•)COF/ft). 

(a) How long will it take to cool an agitated batch using; respectively, a double pipe 
exchanger, 1-2 exchanger, and 2-4 exchanger? 
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(b) How long will it take to cool a noilagitated batch using the same exchangers as 
in (a)? · 

(c) If the batch is cooled to 120•F, how long will it take in (a) and (b)? 
(d) If the pumping rate is increased to 40,000 lb/hr and the coefficient increased to 

90, how long will it take in (a) and (b)? 
18.2. 6000 gal of liquid aniline is to be cooled from 300 to 150°F using water from 

85 to 120°F, A pump in the tank is capable of circulating 30,000 lb/hr of aniline 
through an external exchanger. The overall clean coefficient is 40 Btu/(hr)(ft2)(°F). 

(a) How much surface is required to accomplish the operation in 2 hr using double 
pipe, 1-2 and 2-4 exchangers with both agitated and nonagitated batches? 

(b) How much surface is required for (a) if the time is reduced to 1 hr? 
18.3. Cylindrical steel objects 4 in. long by 6 in. in diameter and at 1000°F are to 

be quenched by being dropped into a tank filled with recirculating water at a constant 
temperature of 100°F. The average overall coefficient on all faces will be about 75. 

(a) How long will it take for the center of the cylinder to reach a temperature of 
125.F? . 

(b) How long will it take for a depth 1 in. below the surface on the long axis to attain 
a temperature of 500°F? 

18.4. A water main at 50°F passes through a mass of concrete at the same tempera­
ture, the whole being exposed to the atmosphere. The main is located 24 in. below 
the surface of the concrete. If the temperature were to fall to o•F, how long would it 
take for the pipe to be in danger of freezing? Use k = 0.65 Btu/(hr)(ft2)(°F), 
c = 0.20, and p =. 140 lb/fta. 

18.5. A steel slab 30 in. thick and at an initial temperature of 100°F is suddenly 
subjected to an air stream with a temperature of 300°F on both sides and a coefficient 
to steel of 5.0. What is the temperature distribution after % hr? 

18.6. The.local daily range of temperatures on a concrete roof is between 80 and 
40°F. Assume that the roof is 12 in. thick and that the data in Example 18.4 apply. 

(a) What variations occur 6 in. below the surface? 
(b) What is the tune lag? 
(c) What is the temperature 4 hr after the maximum has been reached? 

A 
c. 
(J 

c,, c., c. 
c 
Co 

c, 
0' 

I 
c. 
f 
!' 
/I, fo, etc. 
H 
h 
h' 
hHi ha 

NOMENCLATURE FOR CHAPTER 18 

Heat-transfer surface, ft2 

Specific heat of hot fluid added to batch, Btu/(lbWF) 
Specific heat of hot fluid, Btu/(lbWF) 
Constanta 
Specific heat of cold fluid, Btu/(lb)("F) 
Specific heat of cold fluid added to batch, Btu/ (!b) c•F) 
Specific heat of solid, Btu/ (lb )("F) 
Specific heat of unit volume of gas, Btu/(ft3)(°F) 
Specific heat of unit volume of solids, Btu/(ft 3)(°F) 
Number o! complete periodic temperature changes per hour, 1/hr 
Fraction of voids· in solids, dimensionless 
Abbreviations for various functions by which Y is expressed 
Overall coefficient or heat transfer per period, Btu/(period) (ft2) (°F) 
Heat-transfer coefficient, Btu/(hr)(ft2)("F) 
Volumetric heat-transfer coefficient, Btu/ (hr) (ft3) ("F) 
Heat-transfer coefficient during heating and cooling half periods, respec• 

tively, Btu/(hr)(ft=WF) 
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h., h, 

K1, K., etc. 
k 
Lo 
L1,L2 
l 
M 
m 
N 
n 
Nu 
Q 
Q' 
q 

q' 

R 
s 
T 
To 
T. 
T1, T. 
t 
t, 
t. 
tn, tm 
to 
toM 
At 
At8, At: 
Atn,m 
u 
v 

w 

y 
z 
ae 
'Y 
E 
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Heat-transfer coefficient by convection and radiation, respectively, 
Btu/ (hr) (ft2) (°F) 

Constants in batch heating and cooling equations, dimensionless 
Thermal conductivity, Btu/ (hr) (ft2) (°F /ft) 
Rate of liquid addition to a batch, lb /hr. 
Charge and residual quantities of liquid in batch distillation; mol 
Length or width of object or diameter of cylinder, ft 
Weight of batch liquid, lb; weight of solid, lb 
Number of time increments, AO 
Number of cir.culations 
Number of distance increments, A;!; 
Nusselt number, hl/2k 
Heat flow, Btujhr 
Heat, Btu 
Heat flow during a heating or cooling period, Btu/(hr)(fV of regenerator 

surface) 
Heat flow during a heating or cooling period, Btu/ (period) (ft2 of regen-

erator surface) 
Temperature group wc/WO = (T1 - T 2)/(t• ..._ t1), dimensionless 
Temperature group (to - t1)/(T1 - t1), dimensionless 
Temperature of hot fluid or batch at any temperature or time, °F 
Temperature of hot fluid continuously added to batch, °F 
Temperature of surrounding medium, °F 
Initial and final temperatures of hot fluid, °F 
Temperature of cold fluid, batch or solid, °F 
Temperature of solid surface in the Schmidt method, °F 
Temperature of brickwork in a regenerator, °F 
Temperature of solid after n distance and m time in1lrements, °F 
Original temperature of solid, °F 
Maximum surface temperature, °F 
True temperature difference, °F 
Temperature difference after time 8 and distance x, respectively, °F 
Temperature difference after n distance and m time increments, °F 
Overall coefficients of heat transfer, Btu/(hr)Cft2)(°F) 
Average volumetric fluid rate through bed, ft3/(hr)(ft2 of bed cross 

section) 
Weight flow of hot fluid, lb/hr 
Weight flow of cold fluid, lb/hr 
Mol fraction of volatile component in liquid, dimensionless; distance, ft 
Initial and final mol fractions of volatile component in liquid, dimension-

less 
Temperature group (T. - t)j(T. -to), dimensionless 
Temperature group Y in the directions x, y, and z, respectively, dimen-

sionless 
Mol fraction of volatile component in vapor, dimensionless; distance, ft 
Function in the probability integral; distance, ft 
Thermal diffusivity, kfcp, ft2/hr 
Heat-storage factor, dimensionless 
Emissivity, dimensionlesE 
Time, hr 
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Density, lb/ft3 
Radiation coristant, 0.173 X IQ-B Btu/(hr)(ft2)("R4) 

Superscripts and Subscripts (except as noted above) 

0 
p,q 
z, y, z 
8 

Time or distance at start. 
Constants 
Direction 
At time fJ 



CHAPTER 19 

FURNACE CALCULATIONS 

llY JoHN B. DwYERl 

Introduction. . The most important commercial applications of radiant­
heat-transfer calculations are encountered in the design of steam-generat:.. 
ing boilers and petroleum-refinery furnaces. Since the art of the con­
struction of these units developed before the theory, empirical methods 
were evolved for the calculation of radiant-heat transfer in such furnaces. 
Various cont;ributions2 to the literature on general and specific radiant­
heat transfer problems, especially those of H. C. Hottel, have made 
possible a more fundamental approach to furnace design. Several semi­
theoretical methods for furnace radiant-section heat-transfer calculations 
are now availa:ble. Often these methods can be adapted to the rapid 
solution of problems encountered in kilns, ovens, heat-treating and chem­
ical furnaces, and miscellaneous equipment in which radiant-heat transfer 
is of importance. 

It is the purpose of this chapter to present some of th~ empirical and 
semitheoretical methods of furnace radiant-section calculation, data for 
their use, and examples of their application. The limitations of these 
methods are pointed out, and their adaptability to miscellaneous heat­
transfer problems indicated. Included is a brief description of several 
types of boilers and oil heaters currently in use. A discussion of the 
theoretical aspects of radiation from nonluminous gases is presented to 
illustrate the general scope of the problem, and the simplifications and 
assumptions used in reducing theories to practice are also pointed out. 

While it is necessary to calculate the radiant-heat-transfer flux in 
order to design a furnace, many other factors often influence furnace 
arrangement, such as the permissible fluX under various conditions and 
the extent and nature of boiler tube slagging on the efficiency of the 
surface. The precautions which must be taken to avoid the deposition 

1 TheM. W. Kellogg Company. Acknowledgment is made of critical suggestions 
by W. E. Lobo of the same company. 

2 Perry, J. H., "Chemical Engineers' Handbook," 3d ed., pp. 483-498, McGraw­
Hill Book Company, Inc., New York, 1950. McAdams, W. H., "Heat Transmis­
sion," Chap. 3 by H. C. Hottel, McGraw-Hill Book Company, Inc., New York, 
1942. For additional references see McAdams, op. cit., p. 430. 
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of coke in oil-heating or vaporizing furnaces have a pronounced effect on 
the actual design of refinery furnaces. The art of furnace design, in fact, 
often far exceeds the importance of the calculations. 

Steam-generating Boilers. There are two general types of steam­
generating boilers, . the fire-tube boiler and the water-tube boiler. The 
former consists of a cylindrical vessel having tubes passing through it 
which are rolled into the heads at each end of the vessel. The tube 
bundle is generally horizontal, and the upper section of the vessel is not 
tubed. Combustion gases pass through the tubes, and a..;water level is 
carried in the vessel to immerse the tubes completely but at the same 
time allowing disengaging space between the water level and top portion 
of the vessel. In occasional vertical-tube boilers of this type, the tubes 
must be immersed in water for that portion of their length required to 
reduce the temperature of the gases sufficiently to avoid overheating the 
uncooled upper portion of the tubes. Some of the water-cooled parts 
such as shell or tube sheets can be subjected to radiation from the com­
bustion gases, since these parts may form a portion of the enclosure of the 
combustion chamber. The major mechanism of heat transfer from the 
gases to the tubes is convection. Fire-tube boilers seldom exceed 8 ft 
in diameter, and steam pressure is generally limited to 100 to 150 psig. 
Fire-tube boilers are used for low-capacity services up to 15,000 to 20,000 
lb/hr of steam production for domestic, industrial, and process heating 
and for small-scale power generation as in locomotives, etc. Fuels 
employed may be coal, oil, or gas, an:d in some cases, local combustibles 
such as wood, sludge, etc., are used. 

Water-tube boilers, as their name implies, have water within their 
tubes. Combustion of stoker or pulverized coal and coke or of gas or oil 
fuels provides radiation to the boiler tubes, and further heat transfer is 
accomplished by arranging the flow of hot gases over the tubes to provide 
convection-heat transfer. There are three important classifications of 
water-tube boilers: longitudinal drum, cross-,drum straight tube, and 
cross-drum bent tube. The last is the most important of the three and 
will be discussed here briefly. Information on the other types can be 
found in Gaffert. 1 

Figure 19.1 shows a typical low-pressure boiler designed to generate 
200,000 lb/hr of steam at 235 psig and 500°F. Since the saturation 
temperature at this pressure is only 401 °F, 99°E'o of superheat is requi;red. 
Only a small superheater is necessary, since the superheat duty is about 
5 per cent of the total boiler duty. The radiant boiler tubes cover the 
entire wall and roof surface, forming a "water wall" by means of which 

t Gaffert, G. A., "Steam Power Stations," 3d ed., McGraw-Hill Book Company, 
Inc., New York, 1946. 
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the temperature of the refractory walls is kept down, thus decreasing 
their maintenance. Often the water tubes are partially embedded in the 
walls. The radiant-section furnace walls sometimes are protected from 
overheating by circulating cooling air outside them. In the furnace 
shown, water is fed by gravity from the upper drums to headers at the 
bottom end of the water wall tubes on all four radiant walls. Circula-

Fw. 19.1. Pulverized-coa!...fired low-pressure boiler. (Babcock & Wilcox Company.) 

tion is upward through these tubes, and the steam is disengaged from 
water in the upper drums, then passes through a steam separator before 
being superheated. In a low-pressure boiler, the convection tubes reduce 
the flue-gas temperature sufficiently ,that they proceed directly to the 
air preheater, obviating the need of an economizer (feed-water preheater). 
These convection tubes are the bent tubes running from the upper drums 
to the lower drum. Circulation in these tubes is, in general, downward 
in the left (cooler) bank and upward through the hotter bank. 

A typical power-generating steam boiler is shown in Fig. 19.2. It has 
a capacnty of 450,000 lb/hr of 900 psig steam delivered at 875°F. Since 
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FIG. 19.2. Pulverized-coal-fired power-generation radiant boiler. (Babcock & Wilco:e 
Company.) 
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the saturation temperature at. 900 psig is 532"F, considerable superheat 
duty is required. Very little boiler convection surface can be placed 
between the radiant boiler and the superheater, since high-temperature 
combustion gases must be used to attain the required superheat tempera­
ture level with a reasonable amount of superheater tube surface. Since 
feed water must be brought essentially to the saturation temperature 
before it is admitted to the boiler drum, considerable heat is absorbed in 
the economizer section wherein the feed water is preheated, and the 
thermal efficiency of the unit is further increased by preheating the com­
bustion air with the flue gases before they are sent to the stack. 

Petroleum-refinery Furnaces. In atmospheric and vacuum crude 
distillation, thermal cracking, and modern high-temperature gas process­
ing, the direct-fired tubular furnace is the primary factor in the refinery 
uni.t. Furnaces also are widely employed in various heating, treating, 
and vaporizing services. Refinery furnaces of various types are required 
for handling fluids at temperatures as high as 1500"F and at a conibination 
temperature and pressure as severe as l100°F and 1600 psig. 

Oil or gas fu,els are used exclusively in these furnaees, although in the 
near future the need may develop for firing with by-product petroleum 
coke. In general the thermal efficiency of refinery furnaces is consider.:. 
ably less than that of large boilers, since in many cases fuel has little 
worth in the refinery. With the trend toward utilization of a greater 
percentage of the crude oil produced, fuel is becoming scarcer and more 
valuable and refiners are recognizing the need for higher thermal efficien­
cies. It is expected that the range of thermal efficiencies will rise 
from 65 to 70 per cent employed in the past to 75 to 80 per cent in 
the future. 

As in boilers, refinery' furnaces usually contain both radiant- and con­
vection-heat-transfer surface. Occasionally only radiant surface is 
employed for very low-capacity furnaces with duties up to 5,000,000 
Btu/hr. Air preheaters have been used to a very limited extent because 
of the relative unimportance of fuel efficiency; however, even at moderate 
fuel prices their use generally can be shown to be economical. 

In Fig. 19.3 is shown a box-type· furnace fired from the end walls of the 
radiant section. Furnaces of this type might have capacities ranging 
from 25,000,000 to 100,000,000 Btu/hr heat input to the oil. Radi:rnt 
tubes cover the side wall, roof, and bridge-wall (partition between radiant 
and convection section) surfaces. Oil is preheated in the bottom and top 
rows of the convection bj,nk, then passes through the radiant tubes. 
After reaching an elevated temperature (900 to 1000°F) it is passed 
through a large number of coLtvection-section tubes wherein it is main-
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tained at a high temperature for sufficient time to accomplish the desired 
degree of cracking. These convection tubes are called the soaking sec­
tion. The particular furnace shmvn employs flue-gas recirculation which 
serves to increase the convection-section duty and decrease the radiant­
section duty. The amount of flue gas recirculated is controlled by two 
factors, namely, (1) limiting the radiant-section flux to prevent overheat­
ing the tubes and causing coke deposition within them and (2) controlling 

oooooooooooooooooooooooooooo 

Burners 

000 

Reclrculafinqflue qas-

FIG. 19.3. Box-type·furnace. (Lobo and Evans, Transactions AIChE.) 

the temperature gradient through the convection soaker coil. The more 
nearly constant the oil temperature is held for a given outlet temperature 
the greater will be the "soaking factor" and extent of cracking. This 
assumes, of course, that the outlet temperature is the highest oil tempera­
ture. The endothermic reaction heat of cracking may result in a condi­
tion in which .the oil temperature drops from soaker inlet to outlet. Such 
a temperature drop is inadvisable,. particularly in vapor-phase cracking, 
since polymers formed in the vapor may condense on the tube walls and 
undergo further cracking to produce coke. 
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Figure 19.4 shows a De Florez type furnace, which is circular in cross 
section and employs vertical tubes. All the radiant tubes are equidistant 
from the burners, ensuring good circumferential heat distribution, but the 
flux may vary considerably from the bottom of the tubes to . the top. 

FIG. 19.4. De Florez circular furnace. (Lobo and Evans, Transactwna AIOhE.) 

This furnace is fired from the bottom and has so little convection surface 
that an air preheater is employed to provide good thermal efficiency. 

Figure 19.5 shows a double radiant-section box-type furnace. The 
convection-section tubes and thoae in one radiant section are employed 
for one service, while the other radiant section is independently con­
trolled to perform another service. In Fig. 19.6 is an overhead convec­
tion-bank box-type furnace with the stack located on top of the· con-
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000 
Burners 

Fm. 19.5. Double-radiant-section box-type furnace. (Lobo and EvaM, TraMactionB 
AIChE.) 
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FIG. 19.6. Simple furne.ce with overhead convection bank. (M. W. Kelloga Oo.) 
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vection bank. Such an arrangement sa.ves on duct work and stack 
required as compared with a "down-draft" convection-bank arrangement 
as in Figs. 19.3 and 19.5. Figure 19.7 shows a somewhat similar furnace 
employing "A" frame type construction, utilizing an inherently stiff 
structural-steel arrangement to reduce steel costs. 

Figure 19.8 presents a modern multiple radiant-section furnace. The 
convection bank is used for heating two separate oil streams. · Each of 

Oil 
ouflef 

li'efrcrcfory 
side wall 

FrG. 19.7. Oil-heating "A" frame furnace. (M. W. Kellogg Co.) 

these streams is identically heated in one of the outside radiant "heater" 
sections, and allowed to soak in one of the middle radiant "soaker" 
sections. Radiant soakers are preferred to convection soakers because 
they can be controlled better in so far as heat input is concerned. Fur­
thermore, since the tubes can be seen during operation, any deformation 
of the tubes can be noted and tube failures with resultant fires avoided. 
Floor firing of the furnace permits the use of a large number of small 
burners distributed along the lengtn of the tubes, ensuring even flux 
distribution. ThE) small burners can be located close to the side-wall or 
bridge-wall tubes without danger of direct impingement of the burner 
flames on the tubes. As a result, the· cross-sectional dimensions of the 
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furnace can be reduced and tubes made longer than in a furnace fired 
from the end walls with large burners. A saving in the number. of expen­
sive return bends or "headers" employed can thus be realized. 

~ Parfifion or l brid~e wall 
l 

Locaftonof 
floor burner 

Furnace 
floor 

Refmcfory 
side wall 

RadtC!nf 
heafinq 
tube 
.surface 

Fw. 19.8, Overhead convection bank oil-heating furnace provided with separately fired 
radiant sections. (M. W. J{ellogg Co.) 

Radiant-heat-transfer Factors. As pointed out at the conclusion of 
Chap. 4, the general equation for radiant-heat transfer can be represented 
by 

Q = FAF.Ao-(Tf- TV 
= 5'o-A'(Tt - Ti) 

where Q =heat flow by radiation alone to A', Btu/hr 
T1 =temperature of source, 0 R 
T2 =temperature of sink, 0 R 

(4.42) 
(19.1) 

5' = factor to allow for both the geometry of the system and the 
nonblack emissivities of the hot and cold bodies, dimensionless 

A' = effective heat-transfer surface of sink or cold body, ft2 
o- = S~fan-Boltzmann constant, 0.173 X 10-s Btu/(hr)(ft2WR4

) 

It is obvious that the application of such an equation to practical 
engineering problems must incorporate simplifications and assumptions. 
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It will be helpful to develop the bases for those simplifications and 
indicate the assumptions. 

In general, the furnace consists of a heat receiver or sink, a heat source, 
and enclosing surfaces (the last being made up in some part by the sink 
and/or source). While there is complex interaction among these three 
essential parts, they can be evaluated best iu the order given. 

Heat Sink. The usual heat receiver for industrial furnaces is composed 
of a multiplicity of tubes disposed over the walls, roof, or floor of the 

Rereuliilffin(! wall 

FIG. 19.9. Evaluation of the effectiveness factor ex. 

goo - N,o - N,• - Nao - N,o 
OlN. direct = 

aA, direet +as, direct + • • • OlN, direct 
adireot = N 
ll!i<>tal = ll!direot + a.IIroot (1.00 - adlreot) 

0 

Note that a..t, direct, ll<B, diroot, etc., approach equality as distance between radiating plane and 
tube row increases. 

furnace or located more centrally in the firebox. The most common case 
is the one in which bare tubes are arranged in a single row in front of a 
refractory wall. Although there are many rather arbitrary means of 
evaluating the effective heat-transfer surface of such arrangements, a 
rational development has been proposed by Hottel, 1 which now is used 
almost exclusively. It already has been stated that the elements of the 
furnace are best handled individually, and in evaluating the effective or 
"seen" surface of the tube rows, the assumption is made that the heat 
source is a radiating plane parallel to the tube row. End effects as 
described in Chap. 4 are eliminated by assuming both the plane of the 

1 Hottel, H. C., Trans. ASME, GS, 265 (1931). 
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tubes and the radiating plane to be infinite in extent. All surfaces are 
assumed to be black. 

In Fig. 19.9 is shown a method of evaluating the effectiveness factor a: 

by which the surface of a plane replacing the tube row with assumed 
emissivity of 1.0 must be multiplied to obtain an equivalent (cold) plane 
surface. The plane replacing the tubes A.P is equal to the number of 
tubes times length times center-to-center spacing. The first method 
shown is one suggested by Hottel, 1 which is simple and rapid. It is 
assumed that any heat loss through the refractory is equal to the heat 
transferred to the refractory by convection; hence all radiation impinging 
on the wall is reradiated. It can be seen that, as the tubes are spread 
farther apart, the fraction of the radiation originating at a point at the 
source which will be intercepted by the tubes will diminish, hence a will 
decrease. At the same time Acp per tube is increased. The net effect 
is an increase in effective surface per tube but a decrease in effective 
surface per unit surface of furnace wall. The effectiveness of the tube 
is increased because a greater portion of its circumferential area is 
irradiated. The radiation not intercepted by the tubes reaches the 
refractory, from which it is reradiated. If it is assumed that the refrac­
tory is at a uniform temperature (not quite true), the radiation leaving 
the refractory will be intercepted to the same extent as the radiation from 
the source. Hence the total radiation absorbed by the tube row will be 
the fraction [a.!ireot + a.Jireot(1 - Ctdiroot)] of the radiation from the source. 
The illustration shows that several points along the radiating plane must 
be investigated (covering only one-half of the tube center-to-center dis­
tance because of the symmetry of the system) to obtain the average 
fraction of interception. Also by symmetry, only the angle between 90 
and 180 need be investigated at each point. 

A better understanding of the distribution. of the radiant rate on the 
tube circumference is obtained from Fig. 19.10 in which the values are 
developed from the standpoint of the tube surface. The point on a tube 
which is located on the diameter perpendicular to the radiating plane 
and on the side of the tube facing the plane receives radiation through an 
angle of 180°, and hence the a value for this point is 1.00. Other points 
on the circumference can "see" through a smaller and smaller angle as 
one proceeds to the rear of the tube, until a point is reached at which no 
direct radiation from the plane is received. The effectiveness of each 
incremental area of the entire circum'ferenticil tube surface A is evaluated, 
and the sum of these effective areas must be divided by Acp to obtain a. 
Again by symmetry, only half the tube circumference need be investi-

1 Hottel, H .. C., Petsonal communication. 
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gated, and it is rather apparent that the front of the tube absorbs con­
siderably more heat than at other points on its circumference. 

The interception of reradiation can be evaluated in the same manner, 
recalling that the intensity of the reradiation is (1 - a.~; .... ) times the 
intensity of the source. The total of direct radiation· plus reradiation 
can be indicated in the polar coordinate plot to show the actual heat 
distribution. It is important to note the poor ratio between the average 
and the maximum value of a for the various points on the tube circum­
ference. For a normal tube spacing of about 1.8 times outside diameter 

. Remdiafing wall • 

Pfof of direct n:~ditmf 
rate distribution on tube .1-T 
circumference./?emdinlion 
p!of is simi/nr 

4-T 
I 7-T 

6-T 
ft1=LI-T to 1-S;/32 --L.Z-Tfo z.S;PJ=L;f-Tfi:JJ-Sek. 

Mso ad,.r=t{:/to7TDf:(trt}+c-c 
"''ol<rJ=«ttlrecf f ""etirect(1-«<1,i-ecf} ==...:.:...£:---

H&QIT source is piQne pQretllel to tube row 
FIG. 19.10. Evaluation of a showing flux distribution on.tube circumference, 

in oil-refinery furnaces, the ratio is about 2.0, indicating that, at an aver­
age flux of 10,000 Btu/(hr)(ft2) on the total tube surface A, the maximum 
point flux (disregarding factors affecting heat distribution other than a) 
will be 20,000 Btu/(hr)(ft2) on the front face of the tube. The greater 
the ratio of center-to-center distance to outside diameter the lower the 
ratio of maximum rate to average rate, and since a.,_ in all cases is 1.00, 
it can be seen readily from this development of a that the effective surface 
of the tubes increases. Except in special cases, however, the cheapest 
furnace results when tubes are spaced as close together as the physical 
and mechanical limitations of return bends will permit. 
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In the case of double rows of tubes, the back row receives about one­
quarter of the total heat transfer. It is again also important to note that 
the ratio of maximum flux to the average flux (circumferential) for both 
rows of tubes becomes much worse than for a single row. The ratio can 
be obtained by dividing the total circumferential surface for the two rows 
by the total product of aAep for the two rows. Actually the tube emissiv­
ity is not 1.00 as assumed, and there will actually be some reflection from 
one tube to another. The net effect is to increase the effective emissivity 
of the row 2 or 3 per cent which is neglected in design practice. 

Figure 19.11 presents values of a, direct and total, for single and double 
rows of tubes with refractory behind them. From the values of adlrec• 
for the first and second row, it can be seen that a nest of tubes more than 
two rows deep can be assumed to have a value of a..,tal equal to 1.0. For 
convection banks whose tubes are radiated directly by the furnace Acp 
is merely the width times the length of the opening. 

In boiler furnaces tubes are sometimes half imbedded in the refractory, 
are sometimes finned, and occasionally are equipped with metal- or 
refractory-faced blocks. For a more detailed development of a values 
for such arrangemel).ts reference should be made to Hottel. 1 Still another 
serious complication arises in boiler furnaces from the slagging of the 
tubes. 

A method of evaluating the effective radiant-heat-transfer surface for 
various boiler tubes has been presented by Mullikin.2 For slagged tubes 
of any type, the effective surface is 

(19.2) 

where Acp and a are as before with the subscript indicating a slagged 
condition and 
where F~ = conductivity factor, dimensionless 

F, = slag factor, dimensionless 
F. = emissiVity factor, dimensionless 

Note that the tube emissivity is introduced into the evaluation of the 
effective surface in this case while previously the emissivity was con.,­
sidered in the exchange factor 5'. Actually no confusion will result, since 
in the only method discussed here in which (aAcp), is employed F. is 
assumed to be unity. Practical values of F. are 1.00 for bare and finned 
tubes, 0.70 for bare-faced metal blocks shrunk onto the tubes, and 0.33 
for refractory-faced metal blocks. The slag factor will vary from a low 
of 0.6 to 0.9 or 1.0 for well-operated boilers. When the tubes are clean, 
F'. is 1.0, of course. From a review of published boiler tests the slag 

t Hottel, loc. cit. 
z MUllikin, H. F., Trans. ASME, 67, 518 (1935). 
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factor appears to be ordinarily about 0.8 to 0.9. It is impossible to make 
generalizations about the slagging, which may occur with different coals 
(and some oil fuels) and with varying furnace temperatures and the slag 

~ 
For tubes on equile~~teral triangular <:enters; r--

O nonconducfinq but rera~rl.iottinq refmcfory 
.1 surfaGe behind tubes. For All practieotl -r-+--+-+--iO. 

purposes values m01y llll&o 11e used fort
1
ubes 

on fuiriterj' r,mngyro.r rnrer I 
O I 2 3 4 5 6 1 a0 

Rllltio Center to eenter disi.:1nce of tubes in row 
• Outside diQmSter of tubes 

Fm. 19.11. Radiation between a plane and one or more tube rows parallel to the plane. 
(Courtesy of HoUel.) 

factor in such cases is estimated from comparable information. A boiler 
in intermittent service tends to clean itself, while one in continuous 
service reaches an equilibrium state (steady or cyclic) at which the 
effects of the slag do not vary appreciably. Apparently there is:consider· 
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able difference between the reduction in heat absorption due to dry ash on 
the tubes and that resulting when the slag is molten or running. A 
change in operating conditions may clmnge the slag condition and cause 
variations in the accuracy of any equation which considered heat-transfer 
principles without the practical factors. 

Heat Source. The heat to a furnace is pro-0ded primarily in the com­
bustion reaction and in the sensible heat of the combustion air if it has 
been preheated. Gas fuels generally provide nonluminous flames. Oil 
fuels. can be fired to provide flames of varying degrees of luminosity, 
depending upon burner design, extent of atomization, and percentage of 
excess air used. Pulverized coal burners produce a flame containing 
incandescent solid particles and of a greater degree of luminosity than 
the minimum obtainable with oil burners. Stoker firing provides an 
incandescent fuel bed. 

The differences in the characteristics of the flames or heat patterns 
produced in the conventional firing of the various fuels have resulted in 
the development of methods of calculating radiant-heat transmission 
which apply on the one hand to oil-· or gas-fired refinery furnaces and on 
the other lmnd to coal- (either stoker or pulverized) fired units. There 
is no simple, universally applicable method of calculating heat absorption 
in all types of furnaces. At the outset, then, the calculations must differ­
entiate between furnaces fired with gas or oil and furnaces fired with 
solid fuels. It is justifiable to say that heat-absorption-calculation 
methods are further. advanced in refinery-furnace design than in boiler 
work. Undoubtedly this is due at least i11. part to the greater complexity 
of the heat sources and sinks of boiler furnaces. While methods of calcu­
lation for coal-fired furnaces will be presented, the discussion of the heat 
source will be limited mainly to furnaces whose fireboxes are filled largely 
with nooluminous gases and whose bounding surfaces are not part of the 
heat source-as opposed to the case of a stoker-fired furnace. Luminous­
flame calculations require iliformation obtained either from experiment 
or from experience, and some data have been presented by HotteJ.l 

Consider for the moment a furnace. in which gaseous fuel is fired by 
burners .producing nonluminous flames. . Further consider that the path 
of the combustion products through the furnace is very short compared. 
with the dimensions of the plane perpendicular to the path. In such a. 
furnace, equipped with many small burners to give good distribution of 
firing, one would expect little or no variation in the temperature of the 
gases from point to point in the furnace. No luminous flames are present 
to radiate to the tubes or refractory. The only pri1llary sources of radia­
tion are the combustion products themselves, and these are assumed to be 

1 Perry, J. H., "Chemical Engineers' Handbook," 3d ed., pp. 493-495, McGraw-Hill 
Book Company, Inc., New York, 1950. 
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uniform in temperature. There is a great difference in the emissivity of 
various gases at the same temperature. The diatomic gases such as 0 2, 

N 2, and H2 have very poor erilissivities, so low that they may be con­
sidered zero in furnace-design work. On the o~her hand, H20, C02, and 
802 have good emissivities (though much poorer than most solid mate­
rials), and CO has a fair emissivity. The sources of radiation may be 
referred to specifically as the radiating constituents in the combustion 
products. Ordinarily H20 and C02 are the only radiating constituents 
which need be considered, since the small amount of sulfur in most fuels 
is negligible and furnaces are generally operated with sufficient excess air 
to eliminate CO. 

The total radiation from a gas mass containing C02 and H20 will 
depend upon the temperature of the gas and the number of radiating 
molecules present. The volume ·of the gas . and the concentration of 
radiating molecules per unit of volume are therefore a measure of the 
radiation to be anticipated at a given temperature. In actuality the 
geometric shape of the gas mass must also be considered because of the 
angle factor involved in radiation. 

'!'he mean beam length, L ft, is the average depth of the blanket of flue 
gas in all directions for each of the points on the bounding surface of the 
furnace and is used instead of a cubical measure of the volume. The con­
centration of the radiating molecules is measured by their partial pres­
sures. The emissivity of the gas mass in $ furnace is a function of the 
product pL atm-ft, where p is the partial pressure of the radiating 
constituent. If more than one radiating constituent is present, the 
emissivities are additive, although a small correction must be made for 
the interference of one type of molecule with the radiation from the other. 
In calculating the emissivity of the gas mass, allowance must be made 
for the temperatures of both the source and the sink. For heat transfer 
to a black body, one would use the equation 

Qb = 0.173Fb4 [ Eq (ro~r- aq c~~YJA' (19.3) 

where Qb = duty or heat transfer to the black body by radiation from gas, 
Btu/hr 

A~ = effective heat-transfer surface of black body, ft2 

aq = absorptivity of gas at Tb, dimensionless 
Fu = factor to allow for the geometry of a system with a black-

body sink, dimensionless 
Ta = temperature of gas, 0 R 
Tb = temperature of black body, 0 R 
EG = emissivity of gas at TG, dimensionless 
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Practically, aa .can be replaced by Ea evaluated at Tb. When two radi­
ating constituents are present, H20 and C02, the equation can be rewrit­
ten (neglecting the correction factor for interference between the dis, 
similar molecules): 

Qb = 0.1735'b [ (ec + Ew)Ta C~tiY - (Ec + Ew)T. (1~6Y] A~ (19.4) 

where (ec + Ew)Ta = emissivity of gas at Ta 
Ec =emissivity of C02 at Pco, ·Land Ta 
Ew = emissivity of H20 at PH2o · L and T a 

(Ec + Ew)T. = emissivity (substituted for absorptivity) 
Ec = emissivity of C02 at Pco2 • L and Tb 
Ew = emissivity of H20 ::tt PH2o • L and Tb 

It should be noted that in addition to the correction factor which should 
be introduced to allow for interference, the emissivity of water vapor 
has been found by Egbert1 to be a function of its partial pressure. Values 
of L for furnaces of various geometric shapes have been determined by 
Hottel, and Table 19.1 presents a useful digest of these values for furnace 

TABLE 19.1. MEAN LENGTH OF RADIANT BEAMS IN VARIOUS GAS SHAPES 
Dimensional ratio* llfean length L, ft 

Rectangular furnaces: 
1. 1-1-1 to 1-1-3 

1-2-1 to 1-2-4 
2. 1-1-4 to 1-1-eo 
3. 1-2-5 to 1-2-8 
4. 1-3-3 to 1-oo-oo 

Cylindrical Furnaces: 
5. d X d 
6. d X 2d to d X ood 

Tube Banks: 

% ~Furnace volume, ft• 

1.0 X smallest dimension 
1.3 X smallest dimension 
1.8 X smallest dimension 

%diameter 
1 X diameter 

7. As in convection sections L (ft) = 0.4PT - 0.567 OD, in. 
*Length, width, height in any order. 

work. In industrial-furnace design the term rate is used synonymously 
with the term flux in preceding chapters and individual film coefficients 
are not considered. It is convenient to have charts which give the values 
of the radiant-heat-transfer flux q. and q,. as functions of pL and T where 

qc = 0.173ec C~o) 
4 

at Pco, ·LandT 

qw = 0.173ew C~oY at PH.o ·LandT 

qb = 0.173Eb (1~0)' and Eb = 1.00 

t Egbert, R. B., Sc. D. Thesis in. Chem. Eng., MIT, 1941. 
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Such charts are presented in Figs. 19.12 and 19.13 from data by Hottel 
and Egbert. The correction for interference is also given in the insert 
graphs in per cent, and the corrected emissivity is equal to 

EG = [ (qo + qw )To - (qc + qw hs] 100 - % (lg.S) 
(qb)Tr; - (qb)T8 100 

In many .simple cases of radiant-heat transfer from gases to nonblack 
bodies no complications of angle factoi:S need be introduced and the heat­
transfer rate can be calculated simply by 

Q . 100- % 
q =A = Es[(qo + qw)Ta - (qo + qw)TsJ lOO (19.6) 

where the subscript S refers to the cold surface and the emissivity of the 
cold surface is fis. . Such is the case in tube bundles as in furnace convec­
tion sections where radiant-heat transfer is often quite important. In 
this particular case the tubes are surrounded by the gas and no angle 
factor is required. The surface to be used is the circumferential tube 
area. (For banks of tubes there is additional radiant-heat transfer from 
the refractory side walls which add to the average rate or flux.) 

Some conclusions may be drawn from the dependency of the gas emis­
sivity upon pL. For furnaces of the same physical proportions but of 
differing sizes, one w:ould expect the larger to have a higher rate o(heat 
transfer with a given gas temperature (because of the greater value of L). 
The effect of increasing excess air is to decrease the value of p, hence 
the eiillssivity, and the radiant rate for a giyen gas temperature is thereby 
decreased. Though not strictly related to a discussion of the effects of 
excess air, it has been found by experience that. refinery furnaces do not 
operate under optimum conditions because of the use of undue amounts 
of excess air. The combustion conditions of boilers are usually controlled 
more rigidly than refinery furnaces, because of the greater value of fu.el in 
boiler plants. 

Enclosing Surfaces. The part played by the refractory walls, arch, 
floor, etc., of the furnace in transferring heat from the gas to the cold 
surface is often difficult to visualize. The gas mass radiates in all direc­
tions. The emissivity of the gas evaluated from p and L, as discussed 
previously, is directional in that it denotes the radiation impinging on a 
point of the cold surface on the furnace enclosure. All of this radiation 
is directed from various sections of the gas mass toward that particular 
point. However, the various sections of the gas mass also radiate in 
other directions. Some of this radiation may be directed toward refrac­
tory surface (which is not cold), and the refractory in turn reradiates or 
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reflects the impinging radiation, some of it being redirected toward the 
point first considered. The gas mass is quite transparent to the reradia­
tion (more so than to the reflection, since the spectral characteristics of 
the reradiation depend upon the characteristics of the surface of the 
refractory); hence the point on the cold surface receives more radiatjQn 
than would be evaluated from the emissivity of the gas. The refractory 
is somewhat analogous to a reflector placed behind a light source. 

An effective means of illustrating the effect of the refractory is to start 
with an enclosure containing no cold surface. It contains a gas of a 
certain emissivity at a given temperature. If a small aperture is made 
in the enclosure, the radiation streaming through the aperture will be 
equal to that coming from a black body at the gas temperature, no matter 
what the emissivity of the gas may be but provided the enclosure walls 
are well insulated and the system has reached thermal equilibrium. 
Now, if instead of the aperture one places a small section of cold surface 
within the enclosure, the radiation falling upon it will be equal to that 
which would come from black surroundings at the gas temperature. The 
effect of a very high ratio of refractory surface to cold surface is to produce 
a furnace emissivity of 1.0, even though the gas emissivity is low. 

On the other hand, if the entire enclosing surface is cold and black, each 
point on the surface will. receive only the radiation initially directed 
toward it, since radiation in other directions is completely absorbed and 
the furnace emissivity is equal to the gas emissivity. H the emissivity 
of the cold .surface is less than 1, some of the radiation will be reflected, 
and though the net effect of a lower cold surface emissivity will be a 
decrease in heat transfer for a given temperature difference, the decrease 
will not be proportional to the decrease in emissivity. The reflections 
will be absorbed only partly hy the gas, and the unabsorbed portion 
will be added to the primary radiation to some other portion of the cold 
surface. The lower the gas emissivity (absorptivity) the less will be the 
effect of a change in the emissivity of the cold surface. It might be 
mentioned that in a :fire-tube boiler the radiant-heat transfer can be 
evaluated by application of these principles, and it is undoubtedly safe 
to assume that the emissivity of the tube surface is 1.0. 

Qualitatively it has been demonstrated that the net radiant-heat 
transmission will be increased for a given gas emissivity, cold-surface 
emissivity, and gas and cold-surface temperatures by an increase in the 
ratio of refractory surface to cold surface. The random addition of 
refractory (in the form of a partition or bridge wall) does not provide a 
means of increasing the flux withouq increasing the furnace gas tempera­
ture, however. While the ratio of refractory to cold surface may thus 
be increased, it is increased at the expense of decreasing the mean beam 
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length for the furnace. In so-called double radiant-section furnaces, each 
section is best handled as a separate furnace. 

Quantitatively a rigorous evaluation of the effect of the refractory 
surface is very difficult and-beyond the range of practicability for most 
engineering work. Hottel has developed an equation for the overall 
exchange factor which is included in Eq. (4.26). 

p - 1 
' - (1/eF) + (1/e.~) - 1 (19.7) 

in which es is the emissivity of the cold surface, and EF, the effective 
emissivity of the furnace cavity (which will be greater than Eo if any por­
tion of.the enclosure is not cold). Hottel further defines EF as a function 
of the gas emissivity, the ratio of refr.actory surface to cold surface, and 
an angle factor accounting for the geometrical relationships between 
various sections of cold and refractory surfaces. 

In summary, the tube surface must be evaluated as equivalent plane 
surface. The emissivity of the gas mass is a function of its temperature, 
the temperature of the cold surface, the mean beam length of the furnace, 
and the partial pressures of the radiating constituents. The effective 
emissivity of the furnace is a function of the gas emissivity and the ratio 
(and relative arrangement) of refractory to cold surfaces. The overall 
exchange factor. may be obtained from the furnace and cold surface 
einissivities for use in an equation of the Stefan-Boltzmann type for 
calculating the radiant heat transfer. 

(19.8) 

Theoretically the proper average value of To must be used or the calcula­
tion of long furnaces must be carried out in a stepwisemanner. Actu­
ally it is often satisfactory to consider the temperature of the gases leav­
ing the furnace radiant section as the average temperature when the 
degree of turbulence of the gases is high. When highly luminous flames 
or stoker firing are employed additional data are required. It should be 
noted that methods for calculating the average heat transfer rates or 
fluxes in the radiant section give no measure of the uniformity cof the rates 
on various tubes. Either experience or highly analytical calculations are 
required to estimate specific rates. 

DESIGN METHODS 

The common methods for calculating heat absorption in furnace radiant 
sections are surveyed below. Several are illustrated by calculations at 
the conclusion. 
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1. Method of Lobo and Evans.1 This method makes use of the overall 
exchange factor 5' and a Stefan-Boltzmann type equation. It has a good 
theoretical basis and is used extensively in refinery-furnace design work. 
It is also recommended for oil- or gas-fired boilers. The average devia­
tion between the predicted and observed heat absorption for 85 tests on 
19 different refinery furnaces varying widely in physical and operating 
characteristics was 5.3 per cent. The maximum deviation was 16 per 
cent. This method is illustrated by Example 19.1. 

2. Method of Wilson, Lobo, and Hottel.2 This is an empirical method 
which can be used for box-type furnaces fired with oil or refinery gas when 
fluxes lie between 5000 and 30,000 Btu/(hr)(ft2) of circumferential tube 
surface. Other limitations are that the percentage of excess air be from 
5 to 80 per cent and that tube-surface temperatures be at least 400°F 
lower than the radiant-section exit-gas temperature. The mean beam 
length should not be less than 15 ft. This method is widely used in 
industry and is recommended under the above limitations when the 
accuracy of the Lobo-Evans equation is not demanded. For most of the 
tests referred to under the Lobo-Evans method the average deviation 
was 6 per cent and the maximum deviation 33 per cent. This method is 
illustrated by Example 19.2. · 

3. The·Orrok-Hudson3 Equation. This is an early empirical equation 
for calculating heat absorption in the radiant section of a water-tube 
boiler. It has been replaced by more accurate expressions and is of 
limited value for design work. It can be used to estimate the effects of 
changes in firing rate or air-fuel ratio for an existing boiler fired with coal 
or oil if it is known that there will be no appreciable change in either the 
character or extent of the slagging of the furnace tubes. In such applica­
tions it may be necessary to adjust the constant in the equation to suit 
the known operating conditions. The use of this equation is illustrated 
in Example 19.3. 

4. Wohlenberg4 Simplified Method. This is an empirical method, 
though undoubtedly much sounder than .the Orrok-Hudson equation for 
calculating radiant-heat absorption. It is useful only for coal firing. It 
is again repeated that a knowledge of the anticipated slagging is a pre­
requisite to the application of a heat-transfer equation to a b9iler. Tests 
on seven large boilers indicated an average deviation of about 10 per cent 
when the slag factor was estimated from the furnace appearance. The 
maximum deviation was about 50 per. cent for stoker firing, but better 
accuracy was obtained in furnaces fired with pulverized coal. 

1 Lobo, W. E., and J. E. Evans, Trans. AIChE, 35, 743 (1939). 
~Wilson, D. W., W. E. Lobo, and H. C. Hottel, Ind. Eng. Chem., 24, 486 (1932). 
3 Orrok, G. A., T1·ans. ASME, 47, 1148 (1925). 
4 Wohlenberg, W. J., and H. F. Mullikin, Trans. ASME, 57, 531 (1935). 
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APPLICATIONS 

Method of Lobo and Evans. The equation given previously for 
radiant-heat transfer to the cold surface was 

[( T
0

)

4 

( T8
)

4

] Q = 0.1735' 100 - 100 aAcp (19.8) 

In addition some heat will be transferred by convection, and the totai 
heat transfer to the cold surface is 

where A = total tube surface, ft2 

Acp = equivalent cold plane surface, ft2 

5' = overall exchange factor, dimensionless 
he =convection coefficient, Btu/(hr)(ft2WF) 
~Q = tot!j.l hourly heat transfer to the cold surface, Btu/hr 
Ta = temperature of flue gas leaving the radiant section, 0 R 
Ts =tube surface temperature, 0 R 

a = factor by which Acp must be reduced to obtain effective cold 
surface, dimensionless 

The convection· term can be simplified by assuming that he = 2.0 and 
that for this ter~ alone A is approximately 2.0aAcp· Since it is desired 
to divide all terms by 5', a value of 0.57 will be used in its stead when the 
convection term is considered. Then 

~Q [( 1'0 )

4 

( T8
)

4

] aAcp5' = 0.173 lOO - lOO + 7(TG- Ts) (19.10) 

This relationship is shown graphically in Fig. 19.14. In addition to the 
above flux equation, a heat balance is necessary for the solution of the 
heat-absorption problem. The heat balance is as follows: 

Q = Qp + QA + Qn + Qs - Qw - Qa 

where Q = total radiant-section duty,. Btu/hr 
QA = sensible heat above 60°F in combustion air, Btu/hr 
QF = heat liberated by fuel, Btu/hr (lower heating value) 

(19.11) 

Q0 = heat leaving the furnace radiant sections in the flue gases, 
Btujhr 

QR = sensible heat above 60°F in recirculated flue gases, Btujhr 
Qs = sensible heat above 60°F in steam used for oil atomization, 

Btujhr 
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Qw = heat loss through furnace walls, Btu/hr (1 to 10 per cent of 
QF, depending upon the size, temperature, and construction 
of the furnace. 2 per cent is a good design figure) 

As a further simplification Qs can be neglected, and the net heat liberation 
IS 

(19.12) 

The heat leaving in the flue gases at the exit-gas temperature Ta is 

Qa = W(1 + G')Cav(Ta- 520) 

T6 =Fiue gtls temper~ture over briclgew011l, cleq.fahr. 
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Fla. 19.14. Radiant-section heat flux. 
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where W = fuel rate, lb/hr 
(1 + G') = ratio of flue gas leaving the radiant section to fuel fired, lb/lb 

G' = ratio of air to fuel, lb/lb 
Cav = average specific heat of flue gases between Ta0 R and 520°R, 

Btu/ (lb) (°F) 
In applying the equations, the equivalent cold plane surface is evaluated 
with the aid of Fig. 19.11. As mentioned earlier, Acp is the surface of a 

AR/r:J.,Acp 
0.9o~4=~=r~Jz~~~3~~~4~i~sg~~6~~~7

0_9 

!Jc;,=aSfo4 0.4 

0.3 

FIG. 19.15. Overall heat-exchange factor in radiant sections. 

plane replacing the tube row and corresponds to the product of the num­
ber of tubes times their exposed length in feet times center-to-center 
spacing in feet. When the convection section is so located that it 
receives the benefit of direct radiation from the radiant section, it should 
be included in the equivalent cold plane surface. For a nest of tubes 
more than two rows deep, a may be taken as 1.0 and aAcp is merely the 
product of the length times width of the opening of the convection bank. 
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When the convection bank is isolated from the radiant section, it is not 
included in the radiant-section calculations. 

The gas emissivity is calculated from the mean beam length, partial 
pressures of the radiating constituents, tube temperature, and gas tem­
perature (which usually has to be assumed in the first trial calculation). 
The overall exchange factor 5' is shown in Fig. 19.15 as a function of gas 
(aflame") emissivity and the ratio of effective refractory surface AR, 
where 

AR =AT- aAcp 

where AR = effective refractory surface, ft 2 

AT = total area of furnace surfaces, ft2 

aAcp = equivalent cold plane surface, ft 2 

(19.13) 

The exit-gas temperature is obtained by a trial-and-error calculation 
until it satisfies both the heat-transfer and the heat-balance equation. 
To lessen the amount of calculation required in applying the method of 
Lobo and Evans, Fig. 19.14 gives the value of :3Q/aAcp5' for various 
combinations of Ta and Ts. 

It is recommended that, in furnaces where the path of the gas is more 
than 1.5 times the minimum dimension of the cross-sectional area for gas 
flow, a stepwise calculation be employed; typical of such a case would be a 
vertically fired, vertical cylindrical furnace whose height is twice its 
diameter. The top and bottom halves of the furnace would be calculated 
as separate furnaces except that the flue gases from the lower half would 
provide the heat liberation to the second. 

In practice the total furnace duty is calculated first, including the 
sensible heat, heat of vaporization, and any heat of reaction. The 
efficiency of the furnace e is given by 

e=:3QX100 
Qp % (19.14) 

It is determined from a balance between fuel costs and the first cost of 
the furnace (plus air preheater if one is used). The quantity of excess 
air .to be used depends upon the type of fuel, type of burners, type of 
draft, and the temperature of the combustion air. ln practice, however, 
40 per cent excess air is used for designing natural- or induced-draft 
furnaces, 25 per cent excess air for forced-draft furnaces. 

The use of air preheat is dictated by the temperature of the coolest 
material to be heated, the cost of fuel, and the cost of furnace surface and 
to some degree by conventional practices. Air preheaters are easily 
justified by tlie savings in fuel cost, although they complicate the opera­
tion of the furnace and require additional maintenance. 
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When the heat liberation has been determined, the design of a petro­
leum furnace is then established on the basis of the permissible average 
radiant-section rate as defined in Table 19.2 appearing at the conclusion 
of the chapter. The tube diameter is dependent upon consideration of 
the film coefficient, pressure drop, and radiant rate. The spacing of the 
tubes depends upon the characteristics of the headers or return bends. 
The closest possible spacing is used except when special requirements 
arise such as the need for an improved uniformity of flux on the tube 
circumference. 

The most economical furnace design uses the .maximum tube length 
which is compatible with the furnace cross section and which provides 
adequate clearance between the tubes and burners. In some refinery 
units tubes 60 ft long are used, although 40 ft is the more usual limit. 
In boilers tube lengths may even be longer. 

Example 19.1. Calculation of a Furnace by the :Method of Lobo and Evans. A fur­
nace is to be designed for a total duty of 50,000,000 Btujhr. The overall efficiency is 
to be 75 per cent Oower heating value basis). Oil fuel with a lower heating value of 
17, 130 Btu /lb is to be fired with 25 per cent excess air (corresponding to 17. 44lb air /lb 
fuel), and the air p~eheated to 400°F. Steam for atomizing the fuel is 0.3lb/lb of oil. 
The furnace tubes are to be 5 in. OD on SJ,i-in. centers, in a single-row arrangement. 
The exposed tube length is to be 38'6". The average tube temperature in the radiant 
section is estimated to be soo•F. 

Design the radiant section of a furnace having a radiant-section average 1lux of 
12,000 Btu/(br) ft 2 • 

Solution. As in all trial-and-error solutions, a starting point must be assumed and 
checked. With experience, the first choice may come very close to meeting the desired 
conditions. For orientation purposes, one can make an estimate of the number of 
tubes required in the radiant section by assuming that 

A
Q = 2 X average flux = 24,000 Btu/(hr)(ft2) 

a •P 

If the overall exchange factor is 0.57, ~Q/aA,p~ = 24,000/0.57 = 42,000; from Fig. 
19.14 it can be seen that with a tube temperature of 800"F, an exit-gas temperature of 
l730°F will be required to effect such a flux. The duty in cooling the furnace gases to 
l730°F can be calculated, and from it the required number of tubes determined for the 
first approximation of the design. 

. 50 000000 
Heat hberated by the fuel, Qp = ' 0.75 = 66,670,000 Btujhr 

. 66 670 000 . 
Fuel quant1ty = i 7 130 = 3890 lb /hr 

' Air required = 3890 X 17.44 = 67,900 lb/hr 
Steam for atomizing = 3890 X 0.3 = 1170 lb/hr 
Qp = 66,670,000 Btu/hr 
QA = 67,900 X 82 Btujlh at 400°F = 5,5GO,OOO Btu/hr (above 60°F) 
Qs =negligible .(1170 X 0.5 X 190°F) Btu/hr 
Qp + QA = 72,230,000 Btu/hr 
Qw = 2% of QF = 1,330,000 Btu/hr 
Q •• , = Qp + QA - Qw = 70,900,000 Btu/hr 
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Heat out m gases at 1730°F, 25 per cent excess air, 476 Btu/lb of flue gas, 

Qo = 476(3890 + 67,900 + 1170) = 34,500,000 

Q = Qnet - Qa = 70,900,000 - 34,500,000 = 36,400,000 Btujhr (first estimate) 
The surface/tube, A = 38.5 ft X 1r X ~2 = 50.4 ft2 

The estimated number of tubes N, is N, = 12~g0~0~0~~.4 = 60.1 

Try 60 tubes. 
The layout of the cross section of the furnace may be as shown m Fig. 19.16. 

Assumed /!m/f of' 
n:rdti:mf .recfton 

• 2.9!ubes.27s!Jdces@8f:.w=l9'!92' 
r 

k-------20.46 ff -------1 
FIG. 19.16. Furnace of Examples 19.1 and 19.2. 

Equivalent cold plane surface A,,: 

Center-to-center distance "" 87'2 in. 

A,, per tube = ~~ in. X 38.5 = 25.7 ft• 

Total a to a single row, refractory backed, from Fig. 19.11: 

Ratio of center-to-center/OD = 87'2/5 = 1.7 
aA,,/tube = 25.7 X 0.937 = 25 ft2 

aA.., = 60 X 25 = 1500 ft' 

Refractory surface: 

Cl = 0.937 

End walls = 2 X 20.46 X 14.92 = 611 ftz 
Side wall 14.92 X 38.5 575 ft2 
Bridge wall 9.79 X 38.5 = 377ft~ 
Floor and arch = 2 X 20.46 X 38.5 = 1575 ft2 

AT= 3138 ft2 

AR = AT - aA,, = 1638 AR = 
1638 

= 1 09 aA,,. 1509 · 

(Fig. 19.11) 
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Mean beam length: 

.Dimension ratio = 38.5 X 20.46 X 14.92 = 3:2:1 (approximately) 

L = % V'volume = % V'38.5 X 20.46 X 14.92 
L=~ft . 
Gas emissivity: From the analysis of the fuel, the steam quantity, and the assumption 

that the humidity of the air is 50 per cent of saturation at oo•F, the partial pressures 
of COo and HoO in the combustion gases with 25 per cent excess air are 

Pco, = 0.1084 PH,O = 0.1248 pco,L = 0.1084 X 15 · = 1.63 PH,oL = 1.87 

From Fig. 19.12 and 19.13, the emissivity of the gas can be evaluated. 

<G = [ (qcoo at Pco,L + qH,o at PH,oL)To - (qco, at Pco,L + qH,o at PHtoL)Ts] 
· (qb)To - (qb)Ts 

% correction at p+co, = 0·1084 = 0 465 
poo. PH•O 0.2332 · 

Poo,L + PH,oL = 3.56 
% correctiOn = 8% (estimated) 

= [ (6500 + 14,500) - (650 + 1950)](100 - 8.0) 
EG ' 39,000 - 4400 100 
EG = 0,489 

Gverall exchange factor 5': 

AR 
5' at <G = 0.496 and -A = 1.09 

cp 

5' = 0.635 froin Fig. 19.15 

100 - % (19.5) 
100 

Check of gas temperature required to effect assumed duty on assumed surface: 

l:Q = 36,400,000 Btu/hr assumed aA,P = 1500 ft 2 assumed 

_22__ = 36,400,000 = 38 200 
aA.,5' 1500 X 0.635 ' 
TG required (at Ts = 8oo•) = 167o•F compared with 1730°F assumed in heat 

balance) 

The trial indicates that more duty than 36,400,000 Btu/hr will be performed, since 
this duty cools the flue gases to only.1730°F, while the flux corresponding to this duty 
could be effected by a gas temperature of 1670°F. Actually this is a fairly close 
check, and the number of tubes in the furnace need not be changed, since the final 
balance will be struck at about 17oo•F for the assumed furnace. The duty would be 
37,050,000 Btujhr at this exit temperature, and assuming that 5' does not change 
(it will go up slightly) 2:Q/aA,p5' = 39,000, requiring a "driving" temperature of 
1695°F, which is a close enough approximation. The circumferential flux will be 
37,050,000/60 X 50.4 = 12,280 Btu/(hr)(ft') as compared with the 12,000 flux 
specified. Such a difference is negligible. 

In general, if the gas temperature required to effect the duty used in the heat hal-. 
ance falls below the temperature shown by the heat balance, the number of tubes 
assumed is too few or the actual flux will be higher than the assumed rate 
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Method of Wilson, Lobo, and Hottel. The limitations of this method 
have been pointed out. In the original publication several equations 
were presented, but the most useful is the following: 

_g_= 1 
Qp 1 + (G'/4200) VQ:F/aAcp 

(19.15) 

where again G' = lb air/lb fuel and the other nomenclature is similar to 
that given for the Lobo and Evans method. While the cold surface is 
properly evaluated so that the equation is applicable to furnaces having 
double as well as single rows of tubes, the effect of refractory surfaces is 
neglected. The effect of excess air on the radiant-section efficiency is 
measured only by G', the air-fuel ratio, and consequently the equation 
does not hold for fuels having heating values which are either very low 
or very high. The equation is recommended for rapid calculation (within 
its limitations) and for predicting the effects of changes in furnace oper­
ating conditions. 

Example 19.2,_ Calculation of a Furnace by the Method of Wilson, Lobo, and Hottel. 
The furnace of Example 19.1 is to be fired with cracked gas fuel at 40 per cent excess 
air, using no air preheat. If the capacity of the burners limits .the heat liberation, to 
50,000,000 Btujhr, ·what will be the radiant-section duty? (The air-fuel ratio is 
22.36 lb air /lb fuel.) 

Solution: 

Q=50000000X 
1 

' ' 1 + C22.36/42oo) v'5o,ooo,ooo;Isoo 
(19.15) 

= 25,300,000 Btu/hr 

The radiant-section average rate will be 8350 Btu/(hr) (ft2), and the exit-flue-gas 
temperature 1540°F by heat balance. 

Wohlenberg Simplified Method. While this method is an empirical 
method, its derivation is of interest. W ohlenberg1 developed a complex 
theoretical method for evaluating the heat absorption in boiler furnaces 
which took into account the many variables already discussed and in 
addition those factors unique to coal firing. The simplified method, how­
ever, relates the radiant-section absorption efficiency of any boiler furnace 
to a base or standard design by means of factors which correct for the 
differences in all of the characteristics between the two. 

The base design is as follows: 
Furnace volume = 8000 fts 
Release rate = 25,000 Btu/ft3 for pulverized coal firing 

= 40,000 Btujft3 for stoker firing 

t Wohlenberg, W. J., and D. G. Morrow, Trans. ASME, 47, 177 (1925). Wohlen• 
berg, W. J., and E. L. Lindseth, Trans. ASME, 48, 849 (1926). 
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Excess air = 20 per cent for pulverized coal firing 
= 40 per cent fm· stoker firing 

Coal = Illinois bituminous 
Fineness = 75 per cent through 200 mesh 
Fraction cold = unity 

The fraction cold is defined as the effective exposed radiant-heating sur­
face in the furnace divided by the total exposed furnace surface (exclusive 
of the grate in stoker firing). The evaluation of the effective heating 
surface is by the method of Mullikin discussed previously. The absorp­
tion efficiency of the base furnace is 0.452 for pu~verized fuel firing and 
0.311 for stoker firing; the absorption efficiency e of any furnace is the 
ratio of heat absorbed to the heat liberated by the fuel (higher heating 
value) plus the heat in the combustion air. 

W ohlenberg's equation is 

e = FK1K2KaK4K.KJ(1Ka + C' (19.16) 

where the various factors have the following significance: F is chosen 
according to type of firing, pulverized coal or stoker, and the influences 
of the other factors are 

K1 =furnace volume 
K2 = heat liberation rate, Btujft8 

Ka = fraction cold 
K. = excess air 
K 5 =heating value of coal (HHV) 
Ka = pulverizing fineness 
K1 =furnace volume beyond K1 
K 8 = heat liberation rate beyond K2 
C' = air preheat 

The equation does not apply to gas- or oil-fired boilers, although the 
methods proposed by Mullikin or Lobo and Evans may be used. The 
application of the simplified equation is straightforward and gives values 
which are in good agreement with the more complex method of W ohlen­
berg. It has been mentioned several times that the ash or slag on the 
boiler surfaces presents problems beyond those of ordinary heat-transfer 
calculations. Accordingly a basis of evaluating the influence of ash or 
slag under operating conditions must be established before these metho<k; 
can be applied to rational design. 

Orrok-Hudson Equation. This is very similar in form to the Wilson, 
Lobo, and Hottel equation, and as already pointed out, its greatestuse 
is for comparing furnace performance under various operating conditions. 
The fractional heat absorption is 

_g_= 1 
QF 1 + G' ....;c;;m (19.17) 
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where G', Q1 and QF are defined as before and C 11 is the pounds of fuel pe>: 
hour per square foot of projected radiant-heating surface. For one tube, 
CR = (OD in./12) X exposed length. 

Example 19.3. Calculation of Performance by the Orrok-Hudson Equation. 
What per cent increase in the radiant-section heat absorption may be expected in a 
boiler when the firing rate is increased 50 per cent? 

The initial ratio of absorption to liberation is 0.38, and the excess air is expected tl'. 
increase from 25 to 40 per cent as a result of the increased firing :rate. 

Solution: 

·Q,/Q1 is to be determined. 

~ = 
1 

= 0.38 
QF1 1+G'~ 

1 = 0.38 + 0.38G; v CR,/27 

G' rc;,. = 0.62 = 1.63 
1 '\127 0.38 

0 , rc;. = 140 G' {1.scR, = 1.12 x 1 223G, feR, 2 "\}27 125 1 "\j 27 • I'\/ 27 

I rc;, I rc;, 
G2 "\j21 = 1.37G1 "\jzr = 1.37 X 1.63 =; 2.23 

Q, = 1 ~~.23 = 0.31QF, 

Q, = 0.31QF, = 0.31 X 1.5QF, = 1 22 
Q1 0.38Qp, 0.38QFl • 

Hence the radiant absorption will be increased only 22 per cent for an increase of 
50 per cent in the heat liberated. In such a case the effects of the higher exit-flue-gas 
temperature on superheater tu,bes would have to be investigated. 

Miscellaneous Applications. Radiant-heat transfer is of importance 
in sections of a furnace other than the radiant section proper. Radiant­
heat transfer to the "shield" tubes (top two rows) of the convection bank 
of a furnace such as that shown in Fig. 19.16 may be evaluated by the 
method of Lobo and Evans. The procedure is the same as in the case 
of the calculations of the radiant section proper with the exception that 
the gas temperature to be used is that of the gases coming over the bridge 
wall. One would expect that. the temperature to use would be the gas 
temperature after heat has been lost to the shield tubes by radiation. In 
this particular case, however, the· mean radiating temperature is closer 
to that of the gases entering the cavity immediately above the shield 
tubes. Hence no trial and error is involved in calculating this heat 
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transfer, since the radiant-section exit temperature is already known. 
It shoi.tld be noted that, since the convection-heat transfer to the shield 
tubes will be evaluated independently, the value of 'ZQ/ aA.cpS:: correspond­
ing to the gas'temperature and the shield-tube-metal temperature should 
be reduced by the amount 7(Ta - Ts). 

Once the gases have actually made their entrance into the rows of tubes, 
they will continue to lose heat by radiation, and in spite of the rather 
small mean beam length this radiation may account for 5 to 30 per cent 
of the total heat transfer in the entire convection section. This radiation 
can be evaluated by the equation 

[( Ta) 4 

( T8
)

4

] 1 
QRc = 0·173 100 - 100 A (1/eo) + (1/es) - 1 (19.18) 

where ·QRa = radiant-heat flow at a point in the corvection section in 
Btu per hour. Other terms were defined in the Lobo and Evans method. 
It should be noted that no correction for reradiation from the refractory 
side walls is made. (It is more convenient instead to use the method of 
Monrad1 to apply a correction factor to the combined heat-transfer 
coefficient for convection and radiation.) With negligible loss in accuracy 
the last term can be rewritten 

1 
-,-;( 1;-,/,.-Eo7) -+;---;-( 1::-/,-es')-----::-1 = EoEs (HU9) 

and the equation becomes, with further substitution, 

QRc [( ) ( ) (100 - %) A = Es qc + qw Ta - qc + qw Tsl lOO (19.20) 

The use of this ·equation is illustrated by Example 19.4. Another type 
of problem frequently encountered is one in which a kettle or tank is to 
be used for boiling a liquid and the vessel either is direct-fired or is heated 
by waste flue gases from another unit. It can be calculated by applying 
some of the principles already illustrated. Example 19.5· shows such 
an application. 

Example 19.4. Calculation of the Equivalent Radiant Coefficient. In the convec­
tion section of a refinery furnace, tubes are 5 in. OD on 8;!.-2 •in. centers,. spaced on 
equilateral triangular pitch. The flue gases at the row of tubes under consideration 
are at 15oo•F; the tube temperature is 650"F. The flue gase.s contain 10.84% CO, 
and·12.48% H.O by ·volume; Calculate the radiant-heat transfer between the gaS 
and tubes in terms of a coefficient which can be added to the convection-heat-transfer 
coefficient. 

1 Monrad, C. C., Ind. Eng. Ohem., 24, 505 (1932). 
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Solution: 
•s = 0.90 (assumed) 
L = 0.4 (center to center) - 0.567 (OD) (from 7 in Table 19.1) 

= 0.4 (8.5) - 0.567 (5) = 3.400 - 2.835. 
= 0.565 ft 

'Jl'H,oL = 0.1248 X 0.565 = 0.0704 atm-ft 
Pco,L = 0.1084 X 0.565 = 0.0611 atm-ft 

qa,o at Ta.= 1050 qn,o at Ts = 165 
qco, at Ta = 1700 qco, at T 8 = 160 

2750 325 

~a = 0.9(2750 - 325) 

Poo, 0.1084 _ 
0 465 Pco, + Pa,o 0.1084 + 0.1248 - · 

Pco,L + Pa,oL = 0.1315 
%correction = 2% 

Q~a = 0.9 X 2425 X 0.98 = 2140 

The equivalent radiation coefficient is, then, 

hr = }~~ = 150~1:0 650 = 2.51 Btuj(hr)(fVWF) 

which is a very appreciable part of the total coefficient. To correct the total coeffi­
cient h. + h,.forradiationfrom the walls of the convection bank the method of Monra.d 
mentioned previously is recommended. · 

Example 19.6. Calculation of a Heated 
·vessel. Design a simple vessel for con­
tinuously concentrating a solution whose 
boiling point is 480°F. The duty required 
is 500,000 Btu/hr. The source of heat 
available is 3050 lb/hr of flue gas at 
1500°F. A quantity of 48 in. OD pipe 
formerly used in some discarded vessels 
is available. 

Solution. The required unit might take 
the shape of that shown in Fig. 19.17. 
Flue gases flow parallel to the axis of the 
vessel in a tunnel beneath it. Although 
the cold surface is segregated from the 
refractory surface to a greater extent than 
in a furnace radiant section, the Lobo and 
Evans exchange factor can be used with-
out affecting the aecuracy of the solution Fra. 19.17. Simple concentrator of Exam­
nearly so much as the poor choice of a ple 19.5. 
mean· gas temperature. 

Since the vessel will be very long compared with the cross-sectional area of the 
flue-gas path, a stepwise calculation is indicated unless the mean gas temperature can 
be evaluated properly. In a stepwise calculation, the heater could be broken up into 
sections of varying length, each having the same duty. Inasmuch as. the heat trans 
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fer is predominantly radiant and the cold surface is at a conl'!tant temperature. an 
adequate mean temperature is defined by 

To= .v;r~.tnT&,out (19.21) 

The solution is worked on this basis. Assuming that overall heat losses equal 
10 per cent of the duty, the exit-flue-gas temperature is folllld to be 900°F. The cold 
surface is assumed to have an emissivity of 0.9 and tem-perature of 500"F. The flue 
gases contain 7.1% CO, and 14.3% HoO. The gas emi~sivity is found to be 0.259 
at the hot end and 0.27 at the cold end; hence an average value of 0.265 can be used. 
Calculation of the gas emissivity was illustrated in Example 19.1. The equivalent 
surface per foot of length obviously lies between the values corresponding to the arc 
and the chord of the heated portion of the circumference;·hence 

a1t'' = 3.~ + 12%s2o X 11 X 4.0 = 3.85 ft2jft 

AR ft = 3.0 + 3.6 + 3.0 = 9.6 ft' /ft 

Arbitrarily neglecting end wa.lls and also .the side wall refractory over 3'0" above the 
floor, 

~ = ~- =249 
aAcp 3.85 · 

AR 
5' = 0.56 at <G = 0.265 and -A = 2.49 

a. ,,. 

A
Q "' = 15.300 Btu/(hr)(ft2) at To = 1174°F and 7's = 500°F 

a r-p~ 

However, the convection coefficient is small, 1.0 ± Btu/(hr)(ft2)("F), and A/aA,, is 
not 2.0 as in the assumptions for the J,obo and Evans equation. 

A
Q "'(i.e., radiation only) = 15,300 - 7(To - 1'.~) = 10,610 Btu/(hr)(ft2) 

a epv· 

_AQ = 10,610 X 0.56 = 5940 Btu/(hr)(ft2) of aA,, 
a <P 

Convection rate basis, aA,,.: 

___!b_ = 1.0 X (1174 - 500) X Q = 640 
aA,,. 3.85 

~AQ = 5940 + 640 = 6580 Btu/(hr)(ft') 
a cp 

. 500 000 
aA,,. reqmred = TsSO' = 76.0 ft' 

Length required = ~~g~ = 19.7 ft 

Inasmuch as the heat available is fixed in quantity and temperature level, the actual 
design should employ a liberal safety factor (say 25-ft length) and provision should 
be made to control the heat transfer either by means of a flue-gas by-pass or by admit­
ting tempering air at the inlet to the unit. 

Some Practical Aspects of. Refinery Furnaces. While heat-transfer 
calculations are very important in the design of refinery furnaces, some of 
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the other factors which enter into their design (and operation) require 
mention. The furnace must be designed around the burners. If the 
furnace is fired from the end wall so that the flam-es travel parallel to the 
tubes, the cross section of the furnace must be great enough to provide 
adequate clearance between the burners and the tubes. When such 
clearance is not provided, flames impinge on the tubes and may cause 
failures even when moderate pressures and temperatures are employed 
in the tubes. 

When the burners are placed in the floor, side wall, or roof of a box-type 
furnace, a large number of small burners may be used an,d the clearances 
need not be so great. Since the space for locating the burners increases 
with the tube length, the maximum practical tube length may be used 
thereby decreasing the required number of return bends. Tube length 
is limited by the capacity of modern tube mills unless butt-welded tubes 
are used. The method of cleaning the tubes by turbining or the steam­
air decoking method may also be a factor in determining the tube length. 
Ordinarily the design of the convection section requiring a reasonable 
flue-gas velocity for a good convection coefficient determines the tube 
length when the burner spacing. is not controlling. The distribution 
of flue-gas flow in the convection section becomes more. difficult when 
long tubes are used, and for furnaces with 50- to 60-ft tubes at least two 
flue-gas take-offs from the convection section should be provided. The 
care and operation of the burners and allied equipment have a pro­

. nounced effect on the cost of operating and maintaining the furnace. A 
furnace having a duty of 100,000,000 Btu/hr will burn in the neighbor­
hood of a quarter of a million dollars worth of fuel per year, and such a 
furnace will use from 5,000,000 to 15,000,000 lb/year of steam for atom­
izing oil fuel depending upon whether or not the steam-oil ratio is carefully 
controlled. Oil burners should function properly when atomizing with 
0.3 lb of steam per pound of oil. 

Most burners require a certain amount of secondary air which ~ 
admitted through the burner register. It should be pointed out that, in 
general, the burner register should be used to control the air-fuel ratio 
(per cent excess air) while the stack damper shou1d be used to control 
the draft at the top of the furnace. A slight draft (0.01 to 0.05 in. H 20) 
should be maintained at that point at all times, so that leakage through 
the furnace roof or walls is inward. Outward leakage of flue gases dam­
ages the castings and steel supporting the brickwork, warps peep doors 
and explosion doors, and damages the furnace severely. The furnace 
should be provided with a draft-gage connection in the roof to guide the 
operator, but in the absence of such an instrument the appearance of the 
roof tile may be a guide. Dark lines at the joints between the bricks 



712 PROCESS HEAT TRANSFER 

indicate an infiltration of air; bright lines indicate outward flow of flue 
gases. 

The use of more excess air than necessary may often make it impossible 
to maintain the proper draft at the top of the furnace. Furthermore 
the higher the excess air the greater will be the fuel requirement for a 
given duty, and Orsat analyses of the flue gases should be made a part of 
the routine operation to ensure economical furnace performance. Excess 
oxygen in the flue gases increases the rate of oxidation of the tubes and 
tube supports. In some types of furnaces (depending upon the ratio of 
radiant- to convection-section surface) higher excess air results in a 
higher temperature of the flue gases entering the convection section and 
may cause premature failure of the tube sheets in the convection section. 

The higher the radiant flux the lower the first cost of a furnace for a 
given duty. At average fluxes above 15,000 Btu/(hr)(ft2), however, the 
savings diminish rapidly; and the problems of control and maintenance 
of the furnace increase disproportionately. The larger the furnace and 
the greater the ratio of refractory to cold surface, however, the lower 
will be the radiant-section flue-gas temperature for a given radiant flux. 
The average radiant flux permissible in a furnace depends upon the 
charge stock, extent of cracking, the heat-transfer coefficient within the 
tube, the ratio of A/ aAcp (which is the ratio of the rate oil the face of the 
tube to the circumferential rate), and the distribution of fluxes along 
the length of the tubes and for tubes in various locations. All these 
details require consideration, and in Table 19.2 are presented some 
representative values of permissible average rates. 

TABLE 19.2. PERMISSIBLE AVERAGE RADIANT RATES 

Allowable rme, Btuj(hr)(ftl 
Type of furnace of cir~umferential tube area) 

Crude ...................... 10,00()-16,000 
Vacuum.................... 5,00()-10,000 
Naphtha reforming.......... 1,00()-18,000 
Gas oil cracking: 

Heating. . . . . . . . . . . . . . . . . . 10,000-15,000 
Soaking. . . . . . . . . . . . . . . . . . 10,000 

Vis breaking. . . . . . . . . . . . . . . . . 10,00()-12,000 

It should be realized that average permissible rates are rule-of-thumb 
affairs and that, actually, the maximum point rate on a tube or tubes 
is the basic factor which should be prescribed for given conditions. 
Accordingly, the average permissible rate may be increased when tubes 
are spaced farther apart than normal, when the tubes are fired from both 
sides, or when any other specific steps are taken to improve the rate 
distribution. Tubes are generally spaced from one to one and one-half 
tube diru;neters from the face o£ a wall to the center line of the tubes. 
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One diameter is preferable from a practical standpoint, since it decreases 
the weight of the intermediate tube supports. 

In the past, air preheaters have not been used so widely on refinery 
furnaces as on boiler furnaces. The use of air preheat is particularly 
desirable when the inlet temperature of the oil to be heated is quite high. 
When air preheat is employed, a greater proportion of the furnace duty 
is done in the radiant section than when the air is not preheated if a given 
radiant rate is to be maintained. 

In furnace test work flue-gas temperatures should be determined with 
a high-velocity thermocouple, preferably of the multishielded type. 
Tube-metal temperatures can be measured by means of an optical pyrom­
eter or by tube-skin thermocouples. It should be noted that the optical 
pyrometer may indicate temperatures higher than the true skin tempera­
ture; this. is particularly true when the refractory surfaces are much 
hotter than the tubes, in which case some of the radiation received by the 
pyrometer consists of reflected radiation originating at the higher temper­
ature refractory. 

PROBLEMS 

19.1. Using the Orrok-Hudson equation, calculate the efficiency of a boiler radiant 
furnace firing 1.0 ton/hr of coal at an air /fuel ratio of 16.0 Ib air flb fuel. The circum­
ferential area of the boiler tubes is 7000 ft•. 

19.2. Calculate the maximum radiant rate on the circumference of a tube in the 
back (second) row of a· group of double-row tubes in front of a furnace wall. The 
average circumferential rate on a tube in the front row is 10,000 Btu/(hr)(ft2). All 
tubes are 4 in. OD on 7-in. centers, spaced on equilateral triimgular pitch. 

19.3. Using the Wilson, Lobo, and Hottel equation fm: a box-type heater, calculate 
the average circumferential heat-transfer rate in a furnace radiant section when 
(a) heat liberation is 142,000,000 Btu/hr, excess air = 30 per cent (20.75 lb air/Ib 
fuel), aA,p = 1970 ft2, A = 4710 ft 2, (b) as in ·(a) except 60 per cent excess air, (c) as 
in (a) except tubes (same outside dimension and C-C) are added to make A = 6000 ft•, 
(d) as in (a) except heat liberation is 100,000,000 Btujhr. 

19.4. Using the Lobo-Evans method, calculate the fuel required {pounds per hour) 
in a furnace, having the followfug characteristics if an average radiant-section rate of 
12,000 Btu/(hr)(ftz) of circumferential tube area is to. be developed: 

Dimension of combustion chamber. . . . . . . . . . . . . . . 15 by 30 by 40 ft. 
Tube OD ..................................... 5 in. 
Tube center-to-center spacing ................... 10 in. 
Number of tubes (arranged in single row) ........ 90 
Circumferential tube surface .................... 4710 ft2 
Total wall area AT. . . . . . . . . . . . . . . . . . . . . . . . . . . . 4300 ft• 
Fuel oil. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . Oil 
Atomization medium .......................... . 
Heating value of fuel (LHV) .................. . 
Excess air .. ; ................................ . 
Lb air/lb fuel.. ..... ; ........................ . 
Estimated tube temperature ................... . 

0.3 lb steam/lb oil 
17,130 Btuflb 
25% 
17.44 
1000°F 
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Note. Assume the average specific heat {Btu/(lb)("F)] of flue gases to be 0.28 
between 60°F {H.O as vapor) and the exit flue-gas temperature. For water-vapor 
and C02 concentrations in the fiue gases, see Example 19.1. 

19.5. Calculate the fuel requirement for a furnace in which 2000 lb /hr of aluminum 
chips are to be melted continuously. The chips are charged at 60°F. The furnace is 
12 by 12 ft inside cross-sectional dimensions. The height between the level of the 
molten aluminum and the roof is 9 ft. The emissivity of the mass of aluminum may 
be taken as 0.30. Fuel oil is fired as in Prob; 19.4 with 17.44lb air/lb fuel and 0.3lb . 
steam/lb fuel. Assume same average specific heat for flue gas as in Problem 19.4. 

Note. Use the Lobo-Evans equation, correcting from a tube emissivity of 0.9 used 
in the derivation of the overall exchanger factor to an emissivity of 0.3. The value of 
F. is found using the chart. ep is found by substituting 0.9 for •s in Eq. (19.7). 

F. 
F, 
F, 
G' 
h. 
h, 
K,,K2 

L 
N, 
p 
PT 
Q 
Qll(J 
Qs 
Qw 
l:Q 
lJ 
'I.'s 
T, 
T. 
w 

NOMENCLATURE FOR CHAPTER 19 

Heat-transfer surface for convection, ft2 

Area of a cold plane replacing a bank of tubes, ft 2 

Area of effective refractory surfaces, ft2 

Total area of furnace surfaces, ft• 
Effective or "seen" heat-transfer area of sink or cold body, ft 2 

Absorptivity of gas, dimensionless 
Specific heat, Btu/(lb)(°F) 
Lb 'ruel/(hr) (ft• projected radiant-heating surface) 
Influence of air preheat, dimensionless 
Furnace efficiency defined by Eq. (19.14), per cent 
Factor for type of coal firing, dimensionless 
The overall exchange factor to allow for the geometry and emissivities, 

dimensionless 
Factor to allow for the geometry of a system with a black-body sink, dimen-

sionless 
. Conductivity factor, dimensionless 
Slag f11.ctor, dimensionless 
Emissivity factor,. dimensionless 
Ratio of air to fuel, lb/lb; (1 + 0'), ratio flue gas to fuel, lb/lb 
Convection coefficient, Btu/ (hr) (ft2) (°F) 
Equivalent radiation coefficient, Btu/(hr)(ft•)("F) 
Constants 
Mean length of beam, ft 
Number of tubes 
Pressure, atm 
Tube pitch or center-to-center distance, in. 
Radiant-heat flow, Btu/hr 
Radiant-heat flow at a point in the convection section, Btu/hr 
Sensible-heat flow, Btu/hr 
Heat loss through furnace wall, Btujhr 
Combined radiation and convection heat flow, Btu/hr 
Heat .flux, Btu/ (hr) (ft") 
Mean temperature of receiver, "F 
Temperature of source, 0R 
Temperature of receiver, 0 R 
Fuel rate, lb/hr 
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a Effectiveness factor, dimensionless 
~ Angle, deg 

Emissivity, dimensionless 
•F Effective emissivity of the furnace cavity, dimensioniess 
tr Stefan-Boltzmann constant, 0.173 X 10-• Btu/(hr)(ft2)(

0R 4) 

Subscripts (except as noted above) 

A Air 
b Black body 
C Carbon dioxide 
F Fuel 
G Gas 
R Recirculated 
S Surface 
W Water 



CHAPTER 20 

ADDITIONAL APPLICATIONS 

Introduction. There are a number of collateral uses for heat-transfer 
equipment· which have not appeared in any of the preceding chapters. 
Some of these include the commonest and least expensive forms of heat­
transfer surface such as coils, submerged pipes in boxes, and trombone 
coolers. For the most part the heat-transfer elements treated here are 
not very closely related to those discussed in earlier chapters, nor can 
their performances be calculated with equal accuracy. This is an 
important limitation when attempting to calculate the surface require­
ments for a close temperature approach. The following are treated here: 

1. Jacketed, vessels 
2. Coils 
3. Submerged-pipe coil 
4. Trombone cooler 
5. Atmospheric cooler 
6. Evaporative condenser 
7. Bayonet 
8. Falling-film exchanger 
9. Granular materials in tubes 

10. Electric resistance heaters 

1. JACKETED VESSELS 
Vessels without Agitation. Few data are available in the literature 

for predicting coefficients within a jacket or between a jacket and a 
liquid inside a vertical cylindrical vessel in which no mechanical agitation 
occurs. During heating, the latter rely upon free convection which has 
not been correlated except as given in Chap. 10. Free convection-heat­
ing coefficients can be approximated for vessels of large diameter by Eqs. 
(10.8) through (10.11). No consistent data are available for cooling by 
free convection, although the coefficients are undoubtedly lower. 

Colburn 1 has tabulated the results of a number of studies from which 
several broad generalizations can be drawn. For the transfer of heat 
from steam condensing in a jacket to water boiling within the vessel the 
clean overall coefficient is about 250 Btu/(hr)(ft2)(°F) for a copper vessel 

1 Perry, J. H., "Chemical Engineers' Handbook," 3ded., pp. 481-482, McGraw-Hill 
Book CompanJ:', Inc., New York, 1950. 

716 
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and 175 for a steel vessel. The difference is due to the conductivities 
and equivalent structural thicknesses of the two metals, respectively. 
The same coefficients might also be expected for boiling dilute aqueous 
solutions. For water-to-water heating or cooling, an overall coefficient 
of 100Btu/(hr)(ft2)(°F)'appears to be in order provided neither stream 
is refrigerated. The coefficient is perhaps between 75 and 80 for aqueous 
solutions whose properties do not differ greatly from those of pure water. 
For heating or cooling nonviscous hydrocarbons the overall coefficient 
should be reduced to about 50. For fluids classified as medium organics 
in Table 8 a more probable range of coefficients is from 10 to 20. The 
jacket of a vessel may be baffled helically to assure positive circulation. 

A heat-transfer coefficient selected from the groups above cannot be 
incorporated into the Fourier equation Q = U A At except when the vessel 
operates under steady state. A jacketed vessel can be adapted for oper­
ation under steady-state conditions when there is a continuous influx 
and removal of the liquid entering it. Since a jacketed ves.sel is primarily 
a batch vessel, the temperature difference during batch heating or cooling 
is not constant. The coefficient must consequently be substituted into a 
suitable unsteady~state equation, such as Eqs; (18.5), (18.7), (18.9), or 
(18.11), which takes into account the time required to change the temper­
ature of the batch while employing a tempera­
ture difference which varies with time. 

Mechanically Agitated Vessels. Chilton, 
Drew, and Jebens1 have published an excellent 
correlation on both jacketed vessels and coils 
under batch and steady-state conditions and 
employing the Sieder-Tate heat-transfer factor 
j with a Reynolds number modified for 
mechanical agitation. They employed a flat 
paddle. Although much of the work was FIG. 20.1. Jacketed vessel. 

carried out on a vessel 1. ft in diameter, checks were also obtained on 
vessels five times those of the experimental setup. The deviations on 
runs with water were the highest for the fluids tested, which included lube 
oils and glycerol, and were in some instances off by 17.5 per cent. Addi­
tional applications of this method have been discussed by Mack and UhP 
along with calculations. In jacketed vessels it was found that the corre­
lation held up to the agitator rate at which air was beaten into the liquid. 
For water this corresponded to an agitator rate of 200 rpm, and for other 
liquids the rate was. higher. In Fig. 20.1 a typical jacketed-vessel 

l Chilton, T. H., T. B. Drew, and R. H. Jebens, Ind. Eng. Chem., 36, 51Q-516 (1944). 
2 Mack, D. E., and V. W. Uhl, Chem. Eng., 64, No. 9, 119-125; No. 10, 115-116 

(1947). 
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assembly is shown. It consists of a vessel and jacket with suitable means 
for circulating the jacket fluid and a flat two-bladed paddle agitator. 

The dimensions. essential to the calculation are the height of the 
wetted portion of the vessel z, the diameter of the vessel Di> the length 
of the paddle L, and the height of the bottom of the paddle above the 
bottom of the vessel B. Studies rriade by White and coworkers1 indicate. 
that power requirements can be determined as a function of the modified 
Reynolds number, Re, = VN pj p., where L is the length of the paddle in 
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FIG. 20.2. Heat-transfer coefficients from jackets and coils. (Chilton, Drew, and Jebens, 
Industrial and Engineering Chemistry.) 

feet, N the number of revolutions per hour, p the average density, and f.L 

the viscosity of the liquid. Chilton, Drew, and Jebens have employed 
the same modified Reynolds number for heat transfer. Their results are 
given by the consistent equation 

h~; = 0.36 (L2:p)% (c:)» (;)o.l4 (20.1) 

Equation (20.1) is plotted as the lower line in Fig. 20.2. It is seen that 
to scale up from pilot to plant size the change in the coefficient is given by 

(20.2) 

l White, A. M., E. Brenner, G. A. Phillips, and M. 8. Morrison, Trans. AIChE, 30, 
585 (1934). 
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The power requirements are given by the dimensional equation of White 
and coworkers. 

where y = width of the agitator, ft 
N' = speed, rps 
p,' = the viscosity, lb/ft X sec 

(20.3) 

These equations hold for paddle agitators centrally located with L > 0.3Di 
and with a height < L/6. The coefficient in the jacket itself has not 
been determined, although it can be readily estimated for both steam 
and water. The use of this method for the solution of a typical problem 
is given below. 

Example 20.1. Calculation of a Jacketed Vessel. A jacketed vessel has the follow­
ing dimensions: A 12-in. IPS pipe is jacketed by a 14-in. IPS pipe bot.h having dished 
bottoms. It is equipped with a paddle agitator 7.2 in. long and 1.2 in. high located 
at a distance of 1.8 in. from the bottom. The drive speed is 125 rpm. It is to be 
filled to a height of 10 in. with a batch of aqueous reacting liquor at 150°F which 
requires the addition of 32,600 Btujhr to supply the endothermic heat of reaction and 
·maintain temperature. A dirt factor of 0.005 should be provided. At what temper·· 
ature must steam be available for the jacket? 

Solution. This may be regarded as a steady-state problem, since .!J.t is constant. 

L = ;; = 0.6 ft 

N = 125 X 60 = 7500 rev /hr 
p = 62.5 lb/ft• (approximately) 
At 150•F, p. = 0.44 X 2.42 = 1.06 lb/(ft) (hr) 
lc = 0.38 Btu/(br)(ft2)("F/ft) 
c = 1.0 Btu/(lb)(°F) 

Re . = L'Np = 0.62 X 7500 X 62.5 = 160 OOO 
' p. 1.06 ' 

i = 1100 = h;~; (i) -~ (;':) -0.14 

C::) o.u may be regarded as 1.0 for water. 

D; = ~ = 1.01ft 
12 

(Cp.)~ = (1 X l.OG)h = 1 41 
k 0.38 . 

h· = j .!£_ (~)~ (..!!:..)o.u 
1 D; k Jl.w 

= 1100 X~:~~ X 1.41 X 1.0 = 588 Btu/(hr)(ft2)("F) 

!!'or the steam in the j.acket referred to the inside diameter of the vessel, 

h.; = 1500 Btu/(hr)(ft2)("F) 

{Fig. 14) 
(Table 4) 

(Fig. 20.2) 

(Table 11) 
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Using the fuside surface as reference, 

Ua = h1h~·~.; = !~ ~ ~:: = 422 Btu/(hr)(ft2WF) (6.38) 

Ra =- 0.005 ha = _!_ = - 1-- = 200 
Ra 0.005 

1 1 
UD = Uo + Ra 

or 
U = U ohd = 422 X 200 = 136 

D Uu + ha 422 +200 
For calculation of the heat-transfer surface consider the bottom to be a flat plate 

or use tables giving the surface as a function of diameter for elliptical hesds. 

A = 'll X 1.01 X 0.83 + i X 1.01 2 = 3.43 ft2 

The temperature difference is the LMTD, since both streams are isothermal. 

Q = UDAI:.t 
l:.t = 32,600 = 70oF 

136 X 3.43 

Since the reaction occurs at 150°F, the temperature of the steam must be 

T. = 150 + 70 = 220°F 

Note: If a higher temperature of steam were required, the jacket wall temperature 
must be checked by Eq. (6.8) to assure that it is not higher than the boiling tempera­
ture of the vessel fluid. If vapor bubbles form at the inside surface, the film coefficient 
may be reduced by an unpredictable amount. . 

2. COILS 

Introduction. Tube coils afford one of the cheapest means of obtaining 
heat-transfer surface. They are usually made by rolling lengths of cop­
per, steel, or alloy tubing into helixes or double helical coils in which the 
inlet and exit are conveniently located side by side. Helical coils of 
either type are frequently installed in vertical cylindrical vessels with or 
without an agitator, although free space is provided between the coil 
and the vessel wall for circulation. When such coils are used with 
mechanicaJ agitation, the vertical axis of the agitator usually corresponds 
to the vertical axis of the cylinder. Double helical coils may be installed 
in shells with the coil connections passing through the shell or shell cover. 
Such an apparatus is similar to a tubular exchanger, although limited to 
smaller surfaces. Another type of coil is ·the pancake coil, which is a 
spiral rolled in a single plane -so as to lie horizon tally near the bottom of a 
vessel to transfer heat by free convection. Examples of the single helix 
and pancake are shown in Fig. 20.3. The rolling of coils, particularly 
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with diameters above 1 in., requires a special winding technique to pre­
vent the tube from flattening into an elliptical cross section, since dis­
tortion reduces the flow area. 

Tube-side Coeffi~ients. Because of the increased turbulence it is to be 
expected that the tube-side coefficients for a coiled tube will be greater 
for a given weight flow than that for a straight tube. For a double pipe 
helical water-to-water exchanger Richter1 obtained overall coefficients 
which are about 20 per cent greater than those computed for straight 
pipes using similar flow velocities. Jeschke2 obtained data on the cooling 
of air in 1;!-i-in. steel coiled tubing. For ordinary use McAdams3 sug­
gests that straight tube data such as Eqs. (6.1) and (6.2) or Fig. 24 can 
be used when the value of h so obtained 
is multiplied by 1 + 3.5(D/Da), where f'l !1 ~ 
D is the inside diameter of the tube in ~. 1 1 

feet and Dais the diameter of the helix in ~ 
feet. McAdams also suggests that in the ~ I I 

asabmseencceorroefctdi.aotnacoann bspeeacpifipcli'elid'qtuoidtshetmhe ~ 01 / 
' EJ········DH·.·. . 

Precise corrections are not important, 
since in most instances it is customary to 
use either cold water or steam in the tube, 
neither of which is controlling. For 
water flowing in the tubes it is suggested Cal-SINGLE HELIX 
that the uncorrected coefficients be 

(b)·PANCAI<E 
Fro. 20.3. Types of tube coils. 

obtained from Fig. 25. 
Outside Coefficients to Fluids without Mechanical Agitation. There is 

a dearth of data in the literature on the transfer of heat to helical coils by 
free convection. Colburn4 has prepared a table of the available overall 
coefficients. The vertical helical coil is poorly adapted for free-convec­
tion heating, since the same liquid rises from the lowest to the highest 
turns successively, thereby reducing the effectiveness of the upper turns. 
Coefficients for pancake coils can be approximated from Eq. (10.7) or 
(10.11). To date, however, no standard method has appeared for calcu­
lating film coefficients for the outside of a single or double helical shell­
an<i-coil type of exchanger.. When employed for cooling fluids in vessels 
the effect of free convection is small. 

r Richter, G. A., Trans. AIChE, 12, Part II, 147-185 (1919). 
2 Jeschke, D., Z. Ver. deut. Ing., 69, 1526 (1925); Z. Ver. deut. Ing., Erganzungheft, 

24, 1 (1925). 
• McAdams, W. H., "Heat Transmission," 2d ed., pp. 177, 184, McGraw-Hill 

Book Company, Inc., New York, 1942. 
4 Colburn, A. P., in Perry, op. cit., p. 481. 
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Outside Coefficients to Fluids with Mechanicat Agitation.. Chilton, 
Drew, and Jebens1 also obtained a correlation for heat transfer to fluids in 
vessels wit!> mechanical agitation heated or cooled by submerged tube 
coils as shown in Fig. 20.4. Their equation for the coil is similar to that 
for the jacketed vessel with the same deviation and is given by 

hJ)i = 0.87 (£2N P)% (cp.)lo (J!..)o.t4 
1c }L 1c P.to 

(20.4) 

Equation (20.4) ·is represented by the upper line in Fig. 20.2. Its use is 
also similar. As with jacketed vessels, caution is again directed to the 
fact that for batch applications the value of h. cannot be used with the 
Fourier equation. Instead, an appropriate equation must again be 
selected from Chap. 18. However, if the vessel is operated with continu-

ous feed and continuous overflow, the value of h. and 
U D obtained from Eq. (20.4) can be substituted into 
the Fourier equation. If possible, the dirt factor 
should be made the limiting resistance. r Outside Coefficients Using Vertical Pipes. One of 

i the disadvantages resulting from the use of a paddle-
!!' , agitator and helical-coil arrangement is its low mixing 

efficiency. For good mixing and correspondingly 
higher transfer coefficients the agitator must impart 

FIG. 20.4. Tube vertical as well as horizontal flow lines. When using 
coil in a vessel. an agitator of the paddle or vertical-blade turbine 
types and radial tube banks with tubes arranged vertically in the vessel, 
the tubes act as baffles. Rushton, Lichtmann, and Mahony2 investi­
gated this type of arrangement employing a 4-ft tank and a liquid level 
4 ft higk Four banks of four 1-in. IPS vertical pipes were arranged at 
right angles about both a 16-in. six-blade turbine and a 12-in. four-blade 
turbine. The maximum coefficients were obtained when the mixing 
turbine was located at a height 2ft above the bottom. The heat-transfer 
coefficients have been reported for water as functions of the Reynolds. 
number by the folloWing dimensional equations: 
For the 16-in. six-blade turbine: 

Heating: h. = 0.00285 LWp (20.5a) 
JL 

Cooling: h.= 0.00265 LWp (20.5b) 
JL 

1 Chilton, T. H., T. B. Drew, and R. H. Jebens, lac. cit. 
• Rushton, J. H., R. S. Lichtmann, and L. H. Mahony, Ind. Enn. Chem .. 40, 1082-

1087 (1948). 
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For the 12-in. four-blade turbine:. 

(
LW )o.7 

Heating: he = 0.00235 ~ 

cooling: he= o.oo220 ~2:pr·
7 

where Lis the diameter of the turbine. 

723 

(20.6a) 

(20.6b) 

Example 20.2. Calculation of a Tube Coil. The thermal conditions of Example 
20.1 will be used. 32,600 Btu/hr will be introduced into an isothermal liquid at 150°F 
using steam at 220•F. The coils will consist of turns ·of U in, OD copper tubing with 
a mean coil diameter of 9.6 in. How many turns are required? 

Solution: 

L = 0.6 ft . N = 7500 rev/hr 
k = 0.38 Btu/ (hr) (ft2) (°F /ft) 

L 2Np 

p = 62.5 ft 3/lb p. = 1.06lb/(ft)(hr) 
c = 1.0 Btu/(lb) (•F) 

Re; = -- = 160,000 
p. 

j = 1700 (upper line, Fig. 20.2) 

D; = 1.01 ft (if)"' = 1.41, (;;) "·" = 1.0 for water 

he =i~(F)-}S(:J-o.u 

= 1700 X~:~~ X 1.41 = 900 Btu/(hr)(ft2)(°F) 

For steam, 

h,; = 1500 

Uc = h,ht·L = :~ ~ ~~~ = 562 Btu/(hr)(ft2WF} 

Ra = 0.005 ka = -
1 - = 200 0.005 

Ucka 562 X 200 
U D "" U, + ha = 562 + 200 = 147·5 

A - ~ = 32,600 - 3 16 ft• 
- Un tJ.t 147.5 X {220- 150) - . 

External surface/lin ft = 0.1309 ft2/ft 
Per turn = 11"·X 0.8 X 0.1309. = 0.328 ft• 

T 3.16 9 6 urns = 0.328 = . 
3. SUBMERGED-PIPE COIL 

(Table }(I) 

Introduction. This is one of the. simplest and cheapest methods or 
obtaining both cooling and condensing surface. A series of pipes are 
connected by standard fittings and are submerged ln a concrete or wood 
trough with water circulating about the pipes as shown in Fig. 20.5. 
Coolers of this type are of considerable value when the hot fluid is cor­
rosive or erosive such as when carrying suspended abrasive particles. 
The calculations of the trough side are naturally only approximate, but 
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since water flows in the trough, it is not the limiting resistance except 
when the coil is employed to condense steam. 

Temperature Difference in the Submerged-pipe Coil Cooler. Since 
the flow of water outside the coil is mostly along the axes of the tubes, the 
true temperature difference depends upon the arrangement of the tube 
passes. The trough is usually arranged for one pass. If the pipes are 
connected by a header at each end with a single pass so that the pipe fluid 
is in counterflow with the water, the true temperature difference is given 
by the LMTD. If the pipes are connected by return elbows in a multi­
pass arrangement, the flow pattern may be treated as· parallel flow­
counterflow, with the 1-2 exchanger correction applying provided the 
trough liquid is reasonably mixed at every point along the length of 
the pipes. For crossflow arrangements a corresponding correction can 

Hot fluid 
t 

~ ou 

~ 
"I 

fRONT ELEVATION SIDE ELEVATION 
Fm. 20.5. Submerged-pipe coil. 

be obtained from Fig. 16.17 or 20.7b in the event that any of these flow 
patterns apply. Coefficients for the pipe side can be obtained from 
Fig. 24. 

Trough Heat-transfer Coefficients. Trough heat-transfer coefficients 
are usually difficult to evaluate. There are no conventional arrange­
ments and few published data for this type of equipment. In instal­
lations with little or no baffling, a large portion of the cooling water 
by-passes the surface between the coil and the trough enclosure. Owing 
to the low water velocities usually encountered, pipe coils tend to foul 
at a rapid rate because of the growth of algae slime and other scales. 
The use of large fouling factors is requisite not only from the standpoint 
of dirt but as a means of providing additional design safety. Fouling 
factors of less than 0.01 should be avoided, in which case the maximum 
value of the overall.design coefficient will be less than 100. 

Ordinarily there is considerable free space in the cross section o£ the 
trough, so that the actual linear velocity of the water over the coil may 
be extremely small. At the extreme of low velocities the trough-side 
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coefficient will approach the free convection coefficient from a pipe to 
water. To estimate the minimum possible coefficient Fig. 10.4 can be 
used. However, if there is any sort Qf distributiQn of the water, there 
need be no hesitancy in using some multiple of the values obtained from 
Fig. 10.4. 

Slurries and Suspensions. Pipe coils are becoming increasingly 
common. in modern catalytic processes. The catalyst is often a finely 
divided dust which forms a slurry or a suspension with· the carrying 
liquid. Because of the possibility that the solid will settle, slurries flow 
with high velocities to maintain turbulence, and the possibility of solids 
being thrown out of the liquid at elbows can be lessened by using stream­
line fittings. Many slurries are extremely erosive, the solids having an 
abrasive action on the metal, and in this respect the pipe coil is ideally 
suited, since it is possible to use extra heavy or double extra heavy steel 
pipe in assembling the coil. If the continuous erosion causes serious 
contamination to the product or poison!'! the catalyst, it is possible to 
resort to harder alloy pipes fabricated to IPS dimensions. 

Very often data are available separately on the carrying liquid and 
the solid and not on the combined slurry dispersion. With a slurry it is 
fairly common to consider the controlling film coefficient to be that which 
exists between the liquid and the tube wall. The transfer of heat from 
the liquid to the catalyst particles is not considered to offer an appreciable 
resistance. The film coefficient can consequently be calculated for the 
combined heat load in the conventional manner using Eq. (6.2) or Fig. 24 
and based upon the properties of the liquid alone except for the viscosity. 
The presence of the solid changes the viscosity of the liquid to an unpre­
dictable extent, since at low concentrations some fine dusts tend to 
adsorb large quantities of liquid and greatly increase the viscosity. 
Other solids appear to be only superficially wetted and do not change the 
viscosity significantly. Using clays and similar catalysts it may be 
assumed that a concentration of 2 or 3 lb of solid per gallon of mixture 
does not increase the viscosity of the liquid by more than 100 per cent, and 
this higher value is suggested in the absence of actual viscosity data on a 
slurry. 

Example 20.3. Calculation of a Submerged-pipe Coil Slurry Cooler. A spent clay 
catalyst comes from a catalytic reaction vessel as a slurry dispersed in an oil whose 
properties correspond to 28° API gas oil. The clay is dispersed to the extent of 
1 lb/gal. It enters a submerged pipe coil at 675°F and leaves at 200°F. The vis­
cosity of the mixture at 400°F is 2.3 centipoises. The combined flow is 33,100 lbjhr, 
and cooling will be effected by water .of low mineral content from 120 to 140°F. Pipe 
l~ngths will consist of 3-in. extra· heavy steel. pipe 24ft long. 

Whe.t will be the size of the pipe coil? 
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Solution: 

Tav = ~(675 + 200) = 437.5°F C = 0.64 Btu/lb 
Oil, Q = 33,100 X 0.64(675 - 200) =: 10,200,000 Btu/hr* 
Water, Q = 510,000 X 1.0(140 - 120) = 10,200,000 Btu/hr 

At: It IllltY be assumed that one stream carries all of the pipe liquid. Whether 
in crossfiow or parallel flow-counterflow the true temperature-difference 
relations have not beep. derived. A case closely allied to the,iiipe coil will be 
treated for the two- (or more) pass trombone cooler. :fu -any event the 
true temperature difference will be very nearly the same as the LMTD, since 
the outlet temperatures of both streams do not approach each other closely 
and the average temperatures are far apart. 

(5.14) 

T. and t.: The use ·or average temperatures will be satisfactory, since the outside 
coefficient cannot be determined very accurately. 

Hot fluid: tube side, oil 
a; = 6.61 in.2/pipe [Table 11) 
Try all pipes in series. 
Flow area, a, = 6.61/144 = 0.0458 ft 2 

Massvel,G, = Wja, 
= 33,100/0.0458 = 723,000 lb/(hr)(ft2) 

The viscosity is given at 4oo•F, which is 
near enough for this calculation. 
p. = 2.3 X 2.42 = 5.56lb/(ft)(hr) 
D = 2.9/12 = 0.242 ft [Table 11] 
Re, = DG,jp. 

= 0.242 X 723,000/5.56 = 31,300 
i« = 100 
k(cJI./k)'A. = 0.245 Btu/(hr)(ft-Jt°F/ft) 

[Fig. 16] 
h; = i«[k(cp./k)'A)/D [Eq. (6.15)] 

= 100 X 0.245/0.242 = 101 
OD = 3.5 in. [Table 11) 
h;. =hi X ID/OD = 101 X 2.9/3.5 
. = 83.7 Btu/(hr)(ft2)(°F) [Eq. (6.5)] 

Cold fluid: trough Bide, water 
Assume poor circulation and a minimum 
coefficient. 
For a trial assume h. = 150 Btu/(hr)(ft2) 

c·F) 
h;. (T ) 

lw=t.v+hio+ho av-f..v 

[Eq. (6 8)] 

= 130 + 83.7
83-t-7150 (437.5 - 130) 

t1 = .J.-Ww + t..v) 
= .J.-2(240 + 130) = 1s5•F 

Refer to Fig. 10.4: 
at = 240- J30 = no•F 
do= 3.5 in. 
(ll.t/d.) = 110/3.5 = 31.4 
h. = 150 (trial checks) 

= 240°F 

Uc =h. ~·h,. = ~~ ~ ::~ = 53.8 Btu/(hr)(ft)("F) 

1 
R 4 = 0.010 ha = .010 = 100 

u D = ~ = 53.8 X 100 = 35.0 
Uc + ha 53.8 + 100 

A = _!L = 10,200,000 = 1265 ft• u at 35.0 x 230 
External surface/lin ft = 0.917 ft 2/ft 

Pipe lengths required = 0.9{;
6~ 24 = 58 

(Table 11) 

*This is safe, since the specific heat of the solids is only about 0.2 Btu/(lb) ("F) 
and 33,100 lb/hr represents the combined flow. 
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These mllBt be arranged in series either in a single helical stack 29 tubes high or, if 
headroom is not available, in se!/"eratlower stacks, Actually some boiling occurs out­
side part of the pipe surface where t, > 212°F ao as greatly to increase the trough 
coefficient. 

4. TROMBONE COOLERS 

Introduction. Trombone coolers are sometimes called trickle coolers, 
cascade CQolers, horizontal-film coolers, S-type coolers, and serpentine coolers. 
A sketch is shown in Fig. 20.6. Trombone coolers consist of a bank of 
standard pipes one above the other in series and over which water trickles 
downward, partly -eyaporating as it travels. They have been used 
extensively in the heavy chemical, brewing, coke, petroleum, and ice­
making industries. They are frequently man~· of ceramic materials for 
co()ling corrosive gases at atmos-
pheric pressure, such as HCl and Water-=='i".::;::z;:· :;;:-j'::;::::;:-~--;z-;;:J, I 

~ ~ ~ ~ : 
N02. When calculating heat flow Ouf-c:::;,:::;;=, ::;~:::::;1 ~~=:;=:~ 
through ceramics the resistance of 
the pipe wall must be included. 
The trombone cooler presents two 
problems; (1) the evaluation of the 
outside film coefficient and (2) 
calculation of the crossflow true 
temperature difference. 

I ' 

' . 

l<'IG, 20.6. 

I I 

. . ' 

'l'rombone cooler. 

Temperature Difference in the Trombone Coofer. The flow arrange­
ment of Fig. 20.6 in crossflow differs from any of the cases in Fig. 16.17 in 
that the fluid flowing outside the multipass pipes is not mixed over the 
length of the pipes whereas the multipass pipe fluid is mixed. Bowman, 
Mueller, and N agle1 have prepared correction factors F T by which the 
true temperature difference At can be obtained as the product 

FT XLMTD 

for both the return-bend and helical types of trombone arrangement. 
These are given in Fig. 20.7a and band are based, respectively, on the 
following; 

Return bend arrangement: 

1 
~ K = eK,R[cosh K1R + (1 - K 1) sinh K 1R] 

where K 1 = 1- e-st2Cr>, 

Helical arrangement: 

1 ~ K = eK'R(eK,R + KiR) 

1 Bowman, Mueller, and Nagle,. Trans. ASME, 62, 291 (1940). 
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where again K 1 = 1 - e-812 <rl and 

(r) LMTD 
= T1- t/ 

While these apply spedfically to units having but two pipe passes only, 
a small error arises when the corrections are .applied to units having a 
greater number of pipe passes. 

1.0 

0.9 

f. 0.8 
T 0.1 

0.6 

0.5 

t-. 
['o.. 

1\ 

R=4 21- I.Sr-1,\ 0.8 o.M.4o. 

R=T1-T2 1\ t2-t, 11 
0 0.1 0.2 0.3 0.4 0.5 0.6 0.1 0.8 0.9 . 1.0 

S-tz-t, 
T,-t, 

Fw. 20.7a. ·Mellon-temperature-difference correction factor for two-pass trombone. 

w ~ 

0.9 

0.8 "' 
)'.. 

f. 
T 0.1 

R= 3 2 ,;~ 1~:-~ b-~\-4 

R=T,-Tz 
'tz-t,. 

0.& 

0.5 
0 0.1 .0.2 0.3 0.4 0.5 0.6 0.1 0.6 0.9 1.0 

S= tz-t1 

T1-t1 
Fw: 20.7b. Mean-temperature-difference correction factor for two-pass helical trombone. 
(Bowman, MueUer, and Nagle, Tramactions ASME.) 

Outside Film Coefficients. The main published work on this type of 
apparatus was carried out by McAdams and- coworkers at MIT and 
summarized by McAdams, Drew, and Bays.1 (1) It is assumed that no 
evaporation occurs from the surface of the water although it is exposed 
to the atmosphere. (2) It is assumed that half of the liquid flows down 
each side of each pipe in streamline flow. The criterion of streamline 
flow is a Reynolds number, 4G' /~.of less than 2100, where G' = w/2L, 

1 McAdams, W. H-, T. B. Drew, and G. S. Bays, Jr., Trans. ASME, 62, 627-631 

(1940). 
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w is the water rate in pounds per hour, and L is the length of each pipe 
in the bank in feet. The. equation for the transfer coefficients within 
±25 per cent is given by the dimensional equation 

(G')l-2 h = 65 Do (20.7) 

where Do is the outside diameter of the pipe in feet. When the value 
of the Reynolds number exceeds 2100, it is to be expected that the rates 
will be somewhat higher. Any appreciable evaporation will also increase 
the film coefficient. Large fouling factors and low outlet-water tempera­
tures are recommended, particularly when the water has a large mineral 
content. 

Example 20.4. Calculation of a Trombone SOz Cooler. 3360 lb /hr of SOz gas issues 
from a sulfur burner at 450°F and is to be precooled to 150°F in a high-conductivity 
pipe-trombone cooler. 3-in. IPS pipes will be used. Owing to space limitations the 
straight length of the pipe may not exceed 8'0". Cooling water is available at 85°F 
and should not be heated above 100°F because of scale and corrosion from the outside. 

How many pipe lengths are required for the bank when the overall fouling factor is 
0.010? 

Solution: 

Tav = 300°F C = 0.165 Btu/(lb)(°F) 
SO,, Q = 3360 X 0.165(450 - 150) = 166,500 Btu/hr 
Water, Q = 11,100 X 1.0(100 - 85) = 166,500 Btu/hr 

Hot Fluid Cold Fluid 

450 Higher Temp 100 

150 Lower Temp 85 

300 Differences 15 

{Fig. 3) 

350 

65 

285 

LMTD = 169°F (5.14) 
R will be 309{ 5 = 20.0, which is beyond the values plotted in Fig. 20.7b. The 

graph can be used by replacing R by 1/R and S by RS. This interchanges the two 
streams without a.ffecting the temperature relationships. 

1 
R = 20 R = 0.05 

S = (tz - ti) = ~ = 0.0412 
T1 - t1 365 

RS = 20 X 0.0412 = 0.824 

FT = 0.98 
.O.t = 0.98 X 169 = 166°F 
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T. and t.: Average values of the temperatures will suffice since the gas-film coefficient 
does not vary greatly from inlet to outlet. Tav = 300~F and tav = 92.5°F. 

Hot fluid: tube side, 802 

a; = 7.38 in.• [Table 11] 
All pipes will be in series. 
Flow area, a, = 7~38/144 = 0.0512 ft2 

G, = Wja, 
= 3360/0.0512 = 65,600 

D = 3.068/12 = 0.256 ft [Table 11] 
At T. = 3oo·F, 
1.1. = 0.017 X 2.42 = 0.041lb/(ft)(hr) 

[Fig. 15] 
Re, = DG,jp. 

= 0.256 X 65,600/0.041 = 410,000 
iH = 790 
k = 0.0069 (nearest value available in 
Table 5) 
(cp./k)l-3 = (0.165 X 0.041/0.0069)% 

= 0.99 

. k(cp.)l-3 h; =JH- -
D k 

[Eq. (6.15)] 

= 790 X ~~~~ X 0.99 = 21.1 

h;, = h; X ID/OD 
= 21.1 X 3.068/3.50 

= 18.5 Btu/ (hr) (ft2) (°F) 

Cold fluid outside, water 
G = wj2L 

= 11,100/2 X 8 = 694lb/(hr)(ft) 
At t. = 92.5•F, 

p. = 0.80 X 2.42 = 1.94lb/(ft)(hr) 
Re = 4G'jp. 

= 4 X 694/1.94 = 1430 (streamline) 
D, = 3.5/12 = 0.292 ft 
h. = 65(G' jD,)~~ 

= 65(694/0.292)~3 
= 868 Btu/(hr)(ft2)(°F) 

Ua = h.h~;h;, = ~~~ ~ i~:! = 18.1 Btu/(hr)(H2)(°F) 

1 
Rd = 0.010 hd = 0 _010 = 100 

UD = ~ .== 18.1 X 100 = 15 3 
Ua + hd 18.1 + 100 · 

A - _Q_ - 166,500 - 65 6 ft• 
- U At - 15.3 X 169 - . 

External surface/Iii;!. ft = 0.917 

Number of pipe lengths = 0 _ 9;:·~ 8 = 8.95 (use 9) 

5. ATMOSPHERIC COOLERS 

Introduction. The atmospheric cooler is an improvement over the 
trombone cooler particularly for large services. Atmospheric coolers are 
located in cooling towers beneath the fill (see Chap. 17). They are also 
known as spray coolers, bare-tube coolers, and open or aimospheric coolers 
and provide tubular heat-transfer surface for certain services at about 
one-third the cost of conventional shell-and-tube equipment. A typical 
arrangement in an induced-draft cooling tower is shown in Fig. 20.8. 
Perhaps the broadest use of atmospheric coolers lies in the cooling of the 
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jacket water of internal-combustion engines. In a survey of 106 plants 
in the natural gasoline industry, Kallam1 found the atmospheric cooler 
to be the most widely used type, accounting for 44.5 per cent o~ all 
installations. Other methods of jacket-water cooling are the direct 
circulation of the jacket water over the cooling tower, induced-draft 
air-cooled extended-surface units, and the use of a conventional exchanger 
between the cold recirculated cooling tower water and the jacket water. 
Calculations applicable to these methods have already been discussed. 

When piped directly from the atmospheric cooler to the water jacket, 
the water travels in a closed circuit and the same water is continuously 
heated and cooled. Naturally this minimizes corrosion and the deposi­
tion of slime in both the jacket and the tube bundle. Since jacket water 
is usually recirculated over a short temperature range of 10 to 20°F and 

Alrouf 

Fra. 20.8. Atmospheric coolel' showing an arrangement for jacket water cooling • 

.at a temperature to the cooler above l20°F, the advantages of the closed 
circuit are important. 

Other methods of cooling jacket water are less .advantageous. The 
high temperature of the recirculated jacket water prohibits its direct 
circulation over the eooling-tower fill \Yithout an atmospheric cooler 
because the air-saturation loss would be very great. When jacket water 
is cooled by cooling-tower water in an external exchanger, the pumping 
cost of the cooling-tower water is increased by the added pressure drop 
through the exchanger. The equipment cost is also increased. When 
using an atmospheric cooler it is possible to circulate less cooling water 
then required for sensible-heat transfer, since some evaporation occurs 
on the outside of the tubes of the atmospheric cooler. When used for the 
condensation of exhaust steam from turbines or engines, the atmospheric 

'Kallam, F. L., Petroleum Refiner, 27, 371-378 (1948). 
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cooler is then called an evaporative corulenser. This modification will be 
discussed in the next section. 

An atmospheric cooler is a bank of tubes in a supported frame between 
two cast headers with removable bolted covers. A sketch including 
alternate nozzle connections is shown in Fig. 20.9. The headers are 
usually cast in one piece including the nozzles. They vary in length and 
width to conform with the internal structure dimensions of the cooling­
tower supporting structure. Generally the tubes are from 8 to 20 ft 
long with cooler widths of 3 to 6 ft. The width is small, so that the 
major tower-supporting beams can be erected between adjoining cooler 

~------------------------ ------L --------------------- 2 

5 

FIG. 20.9. Atmospheric cooler with alternate nozzle arrangements. (Fo8ter Wheeler 
Corporation.) 

sections. Thus a 24- by 24-ft cooling tower might be equipped with four 
sections having 20-ft tube lengths and 5-ft widths. The tubes are rolled 
directly into the headers and can be replaced when corroded by simply 
unbolting the header covers and reaming out the corroded tube. The 
ou.tside structural framework of the cooler also supports the tubes. If 
the headers are of a weldable material, the framework is welded directly 
to them. If the material cannot be welded, the framework is bolted to 
the headers. 

The tubes are laid out in horizontal rows with about three to seven 
superimposed horizontal rows per header. The vertical pitch between 
the horizontal rows is usually less than the horizontal pitch, since an 
adequate water-flow area must be provided to permit the .free drainage 
of water into the basin. Where a larger number of rows is required, it is 
customary to use two sections one above the othQr, Tube passes may be 
orientated in any convenient manner. 

The advantages of the atmospheric cooler are lower first cost and lower 
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pumping cost. The great disadvantage lies in the rapid rate of scale 
formation on the outside of the tubes due to evaporation. The rate is 
such that succeeding horizontal rows are always superimposed rather 
than staggered for accessibility during cleaning and scale removal. While 
scale may be loosened by thermal shock, the shock does no.t necessarily 
cause it to drop off the tubes and waters of different mineral contents pre­
sent separate scale problems. Scale removal by scraping is often the only 
solution, and the number of horizontal tube rows per section is kept 
small in anticipation of the scale. N otmthstanding these precautions, 
pieces of scale frequently fall from the upper tube rows and lie across the 
lower rows, interfering with the even distribution of water over the tubes. 
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0.8 

0.5 

0 0.4 
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w >;,o.3 
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\ 
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E-% of lola/ heal removed by evaponrt/on 
M-Lbsprnyjmin sq ff prt?J"ecfed tuhe area 
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f .. v. =Mean femperalwe of wakron undoff cooler 
y-~ . 
- Oo 

Z=P11-0o 
PH 

r--:. - 1-- -~ -
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Fxa. 20.10. Atmospheric coolers: Heat removed by evaporation. (Kallam, Refiner.) 

Kallam recommends fouling factors for design which are identical with 
those of Table 12 although the service period is very much shorter. 

The Calculation of Atmospheric Coolers. The method of calculation 
employed here is based on the correlation of Kallam.1 While this method 
has been cited by Nelson,2 the original article presents results without 
experimental data. Kallam states that 45 tests were run on three coolers 
embracing the following variations: cooling water rate, 3 to 38 lb/(min) 
(ft' of projected tube surface); water velocity in tubes, 2 to 14 fps; wind 
velocity at cooling tower, 10 to 1000 fpm; temperature of cooling water 
to atmospheric cooler (off the. fill), 60 to 78°F; temperature of cooling 
water off cooler, 88 to 120°F (to basin); temperature of water to tubes, 
109 to 153°F; temperature of water from tubes, 90 to 141 °F; dry-bulb 

1 Kallam, F. L., Petroleum Refiner, 19, 371-382 (1940). 
t Nelson, W. L., "Petroleum Refinery Engineering," 3d ed., McGraw-Hill Book 

Company, Inc., New York, 1949. 



734 PROCESS HEAT TRANSFER 

temperature, 60 to 76°F; wet-bulb temperature, 54 to 66°F; heat removed 
by evaporation of cooling water, 0.4 to 50.0 per cent. No deviations 
have been given, and Kallam states that the relative humidity of the air 
above the atmospheric cooler did not influence the percentage of evapora­
tion off the cooler. While the method is entirely empirical, the author 
knows of two instances in which coolers calculated by Kallam's method 
proved to be satisfactory in practice. In order to set the temperature 
range for the cooling-tower water over the cooler, an economic balance 
must be carried out between the cost of both the cooling tower and the 
atmospheric cooler for several temperatures to determine the economic 
optimum. 

For the outside film coefficient Kallam employs two dimensionless con­
figuration terms, Y = (P s - D~) I D. and Z = (P u - D,) /PH, where PH 

8-0ven.l{ W1'dth oflube b<mk ff 
h.".Ootside c~fN:ient, Blu/{hrJ(fi'J "F 

3 
L- Tube lenglh, ff 
m-w/Lx 8, I/Jifhr){ff2) 
N-No. of horizonft>l tube rows 

2 Pv· ~rtka'/ #uhe pilch, 'ff 
,.-Wt,osif'J;:'" m'f},n spn:ty femp,Jb/(ffJ(hjJ 

~ ~ 
r 

'w- \flt"_ tQ!K ~ r 

t-1- ~~---
0 
.8 
7 

·;I--" 
zo 30 40 60 80 100 zoo 300 400 600 1000 

ho/No.os 
zooo 5000 10,000 

FIG. 20.11. Atmospheric coolers: Outside film coefficients. (Kallam, Refiner.) 

is the horizontal pitch and D, is the outside diameter of the tubes. Calcu­
lation curves are given in Figs. 20 . .10 and 20.11, although the actual 
groups employed are both arbitrary and dimensionaL There are, in 
addition, two flow terms which are based on different cooler outside areas. 
These are the projected tube area of a horizontal row used for computing 
the water spray M in pounds per minute per square foot of projected 
tube area and the overall ground area of the section calculated as the 
product of the tube length L and the distance between the outer sides 
of the two extreme tubes in a horizontal row B. The latter is used to 
compute the spray in pounds per hour per square foot of base area 
between tube sheets m. Figure 20.10 gives the percentage of the total 
spray water evaporated and is plotted as a function of the spray quantity 
and its mean temperature over the atmospheric section. This permits 
adjustment of the spray quantity so that the combined sensible- and 
latent-beat effects will balance the tube-side heat load. This '"ill be 
demonstrated in the following illustration: 
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Suppose that it is desired to remove 1,000,000 Btu/hr from a bare tube 
cooler consisting of two sections with 20 ft long tubes and a 4 ft wide 
bundle and that the design of the cooling tower is such that the water 
temperature will rise from 70 to 80°F. Assume 1 in. OD tubes with 
2-in. horizontal pitch and 1.%-in. vertical pitch. If no evaporation 
occurred, it would be necessary to circulate 100,000 lb/hr or 200 gpm. 

To determine the quantity of spray with evaporation: 
. 4 X 12 

Number of tubes per honzontal rmv = --
2
- = 24 

Projected area per tube = 712 X 20 = 1.67 ft 2 

Total projected area = 2 X 24 X l.fi7 = 80 ft2 

Do = 712 = 0.0833 ft 
PH = 312 = 0.167 ft 
Y = •PH- Do= 0.167- 0.0833 = 1 O 

Do 0.0833 · 
Z =PH- Do= 0.167- 0.0833 = O 5 PH 0.167 . 
(DoYZ) 0•1 = (0.0833 X 1.0 X 0.5) = 0.7278 

Since the average water temperature over the bundle is 75°F, Mt.v = 75M. 
It is now necessary to assume values of the percentage evaporated E as a 
function of the spray loading, both of which determine the heat load. 

Trial1: 

Assume E = 20 per cent. 

E 0.20 
(DoYZ) 0•1 = 0.7278 = 0·

275 

From Fig. 20.10 
Mt.v = 1040 

M = 1049-is = 13.9 lb/(min)(ft2
) 

Heat removed from cooler sensibly = 13.9 X 80 X 60 X 10 = 667,000 
Btu 

E 
. 1,000,000 - 667,000 X 100 33 at 

vaporatwn = 1 000 000 = IO 
1 1 

The computed evaporation of 33 per cent does not check the assumed 
value of 20 per cent, and a new trial must be made. An assumption of 
18.5 per cent checks with a spray of 17.05 lb/(roin)(ft2

). The heat 
removed sensibly will be 818,000 Btu/hr, and the spray to be circulated 
will be 

818,000 
8.33 X 60 = 163·6 gpm 
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compared with a total of 200 gpm when vaporization is not considered. 
The outside film coefficient can be obtained from Fig. 20.11 or the dimen­
sional equation 

h.= 190No.o5 (mo·~~zr·
4 

(20.8) 

where Pv = vertical pitch, ft 
m = w/LB, 
w = total hourly flow over the section 
~ = viscosity, lb/(ft) (hr) 

N = number of horizontal rows 
Temperature Difference in the Atmospheric Cooler. The correct 

evaluation of the true temperature difference is extremely important in 
this type of apparatus, since the approach of both outlet streams is usu­
ally quite close. As an example of crossflow it is necessary to decide 
whether the spray liquid is mixed or unmixed in accordance with the 
derivations covered by Eqs. (16.71) through (16.103). The spray fluid 
in commercial towers can usually be considered unmixed, and the true 
temperature difference can be obtained through the use of Fig. 16.17b. 

Example 20.5. Calculation of an Atmospheric Jacket Water Cooler. 295 gpm of 
jacket water from a diesel compressor are to be cooled from 143° to 130°F. It is 
possible to convert a 12 X 16 ft cooling tower to permit the insertion of two atmos­
pheric sections side-by-side consisting of 1 in. OD X 16 BWG tubes 12 0" long on 
1 %-in. horizontal pitch and 1}2'-in. vertical pitch. The distance between the extreme 
horizontal tubes in each section will be 4'0". 

Individual dirt factors of 0.003 for the cooling tower water and 0.001 for the jacket 
water .should be provided. 

What will the spray requirement be and how many horizontal rows of tubes should 
be provided in the sections? 

Soltdion: 

Otdside film coefficient: 

Number of tubes per row/section = 4 X 12/1.875 = 25.6 (say 25) 
Total projected area = 2(1712 X 1 X 25) = 50 ft 2 

ABsume a spray of 28 lb/(min)(ft2) 

Average temperature over section = }2'(90 + 110) = 1oo•F 
Mt..v = 100 X 28 = 2800 
From Fig. 20.10 

E 
(D.YZ)D.1 = 0.171 

1 1.875 
D. = 12 = 0.0833 ft PH = 12 = 0.1562 ft 

y = 0.1562 - 0.0833 = 0 874 
0.0833 . 

z = 0.1562 - 0.0833 = 0 466 
0.1562 . 
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(D,.YZ)•·l = (0.0339)&.1 = 0.712 
E ,. 0.171 X 0.712 = 0.12% evaporation 
Heat load = 295 X 500(143 - 130) = 1,920,000 Btujhr 
Sensible heat = 1.920,000(1 - 0.12) = 1,690,000 Btujhr 
Final spray temperature: 1,690,000 = 28 X 60 X 50(t, - 90) 
t2 = 110•F Cheeks for 28 lb/(min)(ft2) 
Total spray = 28 X 60 X 50 = 84,000 lb/hr 

m = L~ = 2 ~4oc:/12 = 875lb/(hr)(ft•) 

m 0•3 = 7.62 
Pwatez = 0.76 cp 
m•·aD.YZ 7.62 X 0.0339 

p.Pv 2.42 X 0.76 X 0.121$ = 1.12 

From Figure 20.11, 
h. 

No.o,=SOO 

Assume three horiwmaJrows/section 

NO.os = 3o.os = 1.057 
h,;. 300 X 1.057 = 317 Btu/(hr)(ft•)(°F) 

Tube-side coefficient 

737 

Assume an even number of passes (using vertical partitions) arranged to give a 
tube-aide velocity of about 8 Ips. Try four tube passes per section· or eight total 
passes. 

0.594 
Flow area/pass, a, = 3 X 25 X 4 X 144 = 0.0775 ft• 

. w 500 
Mass velocity, G, = a, = 295 X 0.0775 = 1,900,000 lb/(hr)(ft2) 

Vel . G, 1,900,000 _ 8 45 f omty = 3600p = 3600 X 62.5 - · ps 

ID = 0.87 in. 
h; = 2300 X 0.93 = 2140 Btu/(hr)(ft2WF) 

ID 0.87 
h;, = h; X OD = 2140 X T.0 = 1860 

Overall coefficienta: 

U = h,h;, = .317 X 1860 = 271 Btu/(hr)(ft2)(oF) 0 ho+h;.. 317+1860 · 
External surface/lin ft = 0.2618 ft2/ft 
Total surface = 2(3 X 25 X 12 X 0.2618) = 471 ft2 

~= 
Hot Fluid Cold Fluid 

143 Higher Temp 110 33 

130 Lower Temp 90 40 

13 Differences 20 7 

(Fig. 25) 

(6.5) 

(Table 11) 
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LMTD = 36.7°F (5.14) 
R = 1%0 = 0.65 S =;..20/53 = 0.377 
FT = 0.97 (Fig. 16.17b) 
t.t = FT X LMTD = 0.97 X 36.7 = 35.6°F 

u = _!L = 1,920,000 = 114 5 
D A .6.t 471 X 35.6 . 

Dirt factor: 

Rd = U'!J;u~D = ;;~ ~ ~~!:! = 0.0051 (hr)(ft'WF)/Btu 

The assumption of three horizontal rows is satisfactory, since a dirt factor of 0.004 
wa5 required. 

The pressure drop on the tube side can be computed from Eqs. (7.45) through 
(7.47). The characteristics which the cooling tower must possess to permit the heat 
removal from the cooling tower water can be determined by the methods of Chap. 17. 

6. EVAPORATIVE CONDENSERS 

Atmospheric coolers were formerly used for the condensation of steam 
from turbines and noncondensing steam engines. They are less fre­
quently used for this purpose now. Although Kallam's method is 
probably satisfactory for the condensation of' organic vapors where the 
condensing coefficient is small by comparison, it is unsatisfactory in the 
case of steam condensation. The condensation of steam requires the use 
of high liquid loadings in the cooling tower because of the large heat flux 
associated with the condensation of a pound of steam. In this range 
the outside coefficients predicted from Fig. 20.11 are probably unreliable. 
It is safer to employ a conventional clean value for the overall coefficient 
than to attempt its calculation. A value of U a of from 350 to 450 
Btu/ (hr) (ft2) (°F) should give a reasonable condenser. 

7. BAYONET EXCHANGERS 

Introduction. A bayonet consists of a pair of concentric tubes, the 
outer of which has one end sealed as shown in Fig. 20.12. Bayonets were 
formerly known as field tubes. Both the outer and inner tubes extend 
from separate stationary tube sheets and extend either into shells or 
directly into vessels. The surface of the outer tube is the principal heat­
transfer surface. Bayonet exchangers are excellently adapted to the 
condensation of vapors under moderate and very low vacuum, outside_ 
the bayonets and in exchanger shells, since the tubes are larger and 
heavier, usually 1 in. OD inside 2 in. OD, and the individual bayonets 
are generally self-supporting without the use of support plates. These 
qualities combine to cause a negligible pressure drop to the flow of vapors 
under vacuum outside bayonets. An example of a vacuum condenser 
arrangement is shown in Fig. 20.13, while the exchanger shown in Fig. 
20.14 is known as a suction heater or suction tank heater. 
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Suction heaters are installed in tanks used for the storage of viscous 
liquids and semiplastics such as molasses, heavy lube oils, fuel oils, and 
asphalt. If a liquid is viscous, it would be necessary to maintain all 
t-he liquid in the tank at a temperature corresponding to a feasible pump-

Tube fluid 

jy T(7nk shell 

fl 
II 

FxG. 20.12. Section through a bayonet (suction-type) exchanger. 

ing viscosity. This could be achieved by means of a steam coil, which 
would be required to supply sufficient heat to offset the tank losses. 
~;nee viscous fluids afford little free convection, the coil would probably 
be supplemented by continuous agitation and if the stored material should 

I 
!Tower 

l 
! 
Fxo. 20.13. Bayonet exchanger as vacuum FIG. 20.14. Tank suction heater with bayo-
condenser. net tubes. 

cool to too low a temperature, its ultimate removal might cause a. serious 
problem. When a suction heater is installed as shown in Fig. 20.14, heat 
need be supplied only while the pumps are operating. As hot liquid is 
removed by the pump, it is replaced by the hydrostatic pressure of the 
liquid remaining in the tank. Bayonets are extremely effective for this 
type of service, but they are also rather e..'l:pensive, and ordinarily the job 
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can be accomplished more cheaply by substituting an unbaffied U-tube 
bundle for the bayonets. 

Temperature Difference in the Bayonet Exchanger. Bayonet ex­
changers introduce some interesting temperature differences which have 

: T 
I \. < 

~f ti \ilr -X-
.?' r' 

Tl.lbe 
.sheets (01) 

-.I" -x-pr 'i:tr 

m 
(c) 

3) 3) I r. tr ttJr 
-x-1! 

(bl 

> 

§) 

Fza. 20.15. · Arrangements of parallel flow and counterflow in bayonet exchangers. 

not been encountered in any of the flow patterns discussed thus far. 
Consider the single bayonet shown in Fig. 20.15a with hot fluid on the 
shell side traveling in the direction shown. The temperature diagram is 
shown in Fig. 20.16. Cold liquid flows into the bayonet by the inner 

tube and is rejected through the annulus in the 
opposite direction. There is a film coefficient 
on the shell side of the bayonet and a coeffi­
cient on the inside of the outer tube yielding 
the overall coefficient U a. There is additional 
heat transfer between the cold medium enter­
ing the inner tube and the heated cold medium 
in counterflow with it in the annulus. The 
flow areas of the inner tube and annulus differ, 
although the weight flow is the same in each 
and the bayonet fluid has different film coeffi­
cients in the inner tube and in the annulus. 

x _. These two coefficients produce a second over-
Fw. 20.16. Temperature dia-
gram for Case I. (Hurd, In- all coefficient u. The temperature distribution 
dustrial Engineering Chemistry.) in Fig. 20.15a is but one of four possibilities. 
The remainder are shown in Fig. 20.15b, c, and d. The true temperature 
difference is seen to be related not only to the flow pattern but also to the 
ratio of the two overall coefficients U and u. 

The derivation employed here is that of Hurd1 and agrees with an 
t Hurd, N. L., Ind. Eng. Chem.; 38, 1266-1271 (1946). 
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unpublished derivation of K. A. Gardner. As reference surfaces the 
outside diameters of the outer and inner tubes are used to define the 
cylindrical areas. The area at the sealed end itself is neglected. Letting 
P be the perimeter of the outer tube and p the perimeter of the inner tube, 
the differential heat balance on each tube~side stream gives 

Adding 

and 

U(T - tn)P dx - u(fP - t1)p dx = -we dt1v 
up(tn - t1) dx = we dt1 

UP(T - f 1
) dx = we(dt1 

- dtu) 

Taking a heat balance on the right-hand end, 

dT = UP (T _ tn) 
dx we 

Differentiating 
d2T = UP (dT _ dt1~ 
dx2 we dx dx J 

Differentiating Eq. (20.12) with respect to x and rearranging, 

arP dt1 wear 
dx =dx-wcdx 

From Eqs. (20.10) and (20.12) 

df = up we (Tt _ T) 
dx we we 

Substituting Eqs. (20.15) and (20.16) in Eq. (20.14) and letting 

(Tt- T) = r, 

_ dzr + (UP _ UP) dr + UPup r = O 
dx2 we we dx (we) 2 

Substituting dr/dx = X and factoring, 

~xz + (UP+ UP) X+ UPup = 0 we we (we)2 
Solving the quadratic 

(20.9) 
(20.10) 

(20.11) 

(20.12) 

(20.13) 

(20.14) 

(20.15) 

(20.16) 

(20.17) 

(20.18) 



742 PROCESS HEAT TRANSFER 

Designate the radical by the letter 1/1, and calling the plus and minus 
solutions xl and x2, respectively, 

x1 = .! uP ( 1 + we + 1/t). 
2We we 

(20.20) 

1 UP ( we ) Xz =-- 1 +--1{1 2We we 
(20.21) 

Equation (20.17) is a second-order differential equation whose solution is 

(20.22) 

From the terminal conditions 

T = T1 when x=L 
and 

T = T2 when X= 0 
from which 

e1= 
(T1 - T2)ex,L 

and 
(T1 - T2)eX•L 

(20.23) eXtL- eX2L c2 = eXtL _ eX,L 

Differentiating Eq. (20.22) with respect to x and substituting in Eq. 
(20.13), 

UP 
elxleXt~ + ezX2eX,z = - we (T - tn) 

Evaluated at x = 0 it becomes 

e1X1 + C2X2 = - ~~ (T2- t2) 

Substituting Eqs. (20.20), (20.21), and (20.23) in Eq. (20.25), 

Solving for ex•Ljex,L and taking logarithms 

(X1- X2)L 

__ In l- (T2 - t2) + ~ (T1 - T2) (1 + ~;_) + ~ ,P(T1 - T2)] 

(T2 - t2) + ~ (Tt - T2) (1 + ~~) - ~ if/(Tl - T2) 

(20.24) 

(20.25) 

(20.26) 

(20.27) 

Eliminating X 1 and X2 by Eq. (20.20) and eliminating L by introduction 
of the Fourier equation WC(T1 - Tz) = UPLJ::.t, where At is the true 
temperature difference between the shell side and tube side, 
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.At = (Tt - Tz)!/1 

ln [(T2- t2) + ~ (Tt- Tz) (1 + ~) + ~ 1/;(Tt- T2)J (
2

0.
2

S) 

(Tz - t2) + ~ (T1 - T2) ( 1 + :~) - ~ 1/;(Tt - T2) 

Substituting the value of 1/1 and eliminating wc/WC by introducing its 
equivalent (Tt - T2)j(tz - lt), 

{(Tt - T2 + t2 - tt) 2 + 4 up (t2 - tt) 2 

l::!.t = 'i UP 

[

Tz- tz + T1- t1 + (Tt - Tz + t2 - t1F + 4 up (t2- t1) 2 

~ ~ 

T2 - t2 + T1 - t1 - (T1 - T2 + t2 - lt) 2 + 4 ~~ (t2 - t1) 2 

(20.29) 

which gives the true temperature difference in terms of the terminal 
differences. In order to establish a graphical representation, dimension­
less parameters will again be used. 

R = T1 - T2 = ~ V = ! (Tt + T2 - t1 - tz) 
~ - tt we 2 t2 - t1 

where V is the arithmetic mean temperature difference per unit tempera­
ture change in the tube fluid. 

F =up 
UP 

where F is the ratio of the conductances per unit of tube length and the 
true temperature difference per unit change in tube side temperature is 
lliD = l::!.t/(t2 - t1). Using these ratios Eq. (20.29) can be written 

.AtD = y'(R + 1)2 + 4F 

ln [2V + y'(R + 1)2 + 4F] 
2V- V(R + 1)2 + 4F 

(20.30) 

'l'his equation also expresses l::!.tD for Case IV in Fig. 20.15d. For Cases II 
and III the equivalents of Eqs. (20.29) and (20.30) are 

~(Tt - T2 - tz + h)2 + 4 ~ (tz - h) 2 

!::J.t =-.~----~-------r======================~ 

l Tz - t2 + Tt -t1 + ~(Tt - T2 - t2 + tt) 2 + 4 ~~ (t2 - lt)2 

~ . 

T2 -t2 + Tt- t1 - ~(Tt - '1.'2- t2 + lt)2 + 4;;; (t2- tt)2 

(20.31) 
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and 

ll.tn = v/(R - 1)2 + 4F 

ln [2V + y(R- 1) 2 + 4F] 
zv - V(R - 1)2 + 4F 

(20~32) 

Equations (20.30) and (20.32) can be rearranged to the form 

).0 

~ 

~ 

"' '\ 
0.9 

2(E/V) 

(
1 + ~) ln __ E 

1-v 

(20.33) 

where for Cases I and IV 
\ 

\ 
E = Yz y(R + 1)2 + 4F (20.34) 

and where for Cases II and III 

\ E = 7'2 V(R- 1)2 + 4F (20.35) 
0.6 

\ 
\ 

The solution of Eq. (20.33) is given 
in Fig. 20.17, and the solution for 

o.s Eqs. (20.34) and (20.35) is given 
0.3 0.4 0.5 0.~/vo.? O.B 0.9 1.0 by Fig. 20.18a and b, respectively. 

Fm.20.17. SolutionofEq. (20.33). (Hurd, Because this method of obtaining 
Industrial EngineeriniJ Chemi•try.) the true temperature difference 
differs so greatly from the methods of preceding chapters, the procedure 
is summarized. 
~ ~ 
10 10 
8 8 
6 6 -fv - ' K<J' 

F4 F4 

z 2 

' "~o" - ~ .... " 
" ,.:> ""' \ ·o 

I 1 
0.5 0.5 

.,...<.)" '\ \ \ 

<"o " \ \ 

~ ~d'> \1 \ \! \ 
0.1 0.1 
0 o z 3 4 5 6 1 8 9 °o z 3 4 5 6 1 8 9 

R for CQSes I cmd ]2' R for CQSe& li Qnd m 

'11 

(Q} (b)-

FrQ.-20.18. Solution of Eqs. (20.34) and (20.35). (Hurd, Industrial Engineering Chemistry,) 

1. Determine R and Y, and after having determined U and u, deter- -
mine F. 
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2. From Rand F determine E in Fig. 20.18a orb for the arrangement 
identified in Fig. 20.15. If V is equal to or greater than 3E, proceed 
directly to step 4, using V as identical with the AtD. 

3. Calculate E/V, and read AtD/V from Fig. 20.17. Multiply by V to 
obtain AtD. 

4. Multiply AtD by (t2 - t1) to obtain At for use in the Fourier equation. 

Example 20.6. Calculation of the True Temperature Difference. 1000 lbjhr of 
fluid of 0.5 specific heat is to be heated from 50 to lOO"F by means of 250 lb/hr of hot 
water in the shell which will be, cooled from 200 to 1oo•F. The bayonet consists of 
1 in. OD tubes within 2 in. OD tubes. U and u are 60 and 120 Btu/(hr) (ft')("F) 
as computed by methods described below. Assume the arrangement of Case III. 

200- 100 
R = 100 - 50 = 2·0 

v = ! (200 + 100 - 50 - 100) = 1 50 
2 100-50 . 

F=120X1=lO 
60 X 2 . 

InFig.20.18bforR = 2.0andF = l.O,theabscissaandordinateintersectatE = 1.10. 
Thus E/V = 1.10/1.50 = 0.739, and from Fig. 20.17 AtD/V = 0.783 and 

.!ltD = 0.783 X 1.50 = 1.175. 

AtD = ~ At = 1.175 X 50 = 58.8°F t, - tt 

The LMTD is 72"F for counterflow. 

Bayonet-exchanger Heat-transfer Coefficients. The bayonet ex­
changer presents no new problem in the calculation of overall heat-trans­
fer coefficients. The overall coefficient u for the outside diameter of the 
inner tube is found in the same manner employed for the double pipe 
exchanger in Chap. 6. The equivalent diameter for the annulus is based 
on the perimeter at the outside diameter of the inner tube and considered 
effective at the outside diameter of the inner tube. To compute the 
annulus coefficient at the inside diameter of the outer tube, the equivalent 
diameter is based on the perimeter at the inside diameter of the outer 
tube and is considered effective at the inside diameter of the outer tube. 
The flux is then corrected to the outside diameter of the outer tube by the 
simple ratio of the inside diameter to outside diameter. 

Shell-side coefficients are treated in the same manner as former proto~ 
types. Condensation and vaporization are treated by the methods of 
Chaps. 12 through 15. The use of a bayonet exchanger for sensible-heat 
transfer in a shell without baffies usually simulates longitudinal flow along 
the axis of the bayonet and .can be computed by the methods of Example 
7.5. For segmentally baffied bayonet bundles use Fig. 28. 



746 PROCESS HEAT TRANSFER 

8. FALLING-FILM EXCHANGERS 

The falling-film exchanger is usually a conventional 1"1 exchanger 
designed to operate vertically as shown in Fig. 20.19a. Liquid enters 
the channel at the top at such a rate that the tubes do not flow full of 
liquid, but instead, liquid descends by gravity along the inner walls of the 

-

.shoulder .refs 
on fvbe.sheef_ 

{b) 

FIG. 20.19. (a) True counterflow fa.Jling-fibn exchanger with circular flow weirs. (b) 
Detail of a circular flow weir for insertion into top of tubes. 

tubes as a thin film. Obviously this. produces a much greater linear 
velocity for a given weight flow than could be obtained if the tube flowed 
full. The vertical tubes could be made to flow full if desired by feeding 
the liquid upward or through the use of a loop seal as discussed in Chap. 
15. McAdamsl quotes Bays2 and coworkers as having determined the 
coefficients for heating water in film flow in 1.5 to 2.5 in. ID pipes 0.4 to 

1 McAdams, ap. cit., p. 203. 
2 McAdams, Drew, and Bays, loc. cit. 
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6.08 ft long. The coefficients are given within ± 18 per cent by the 
dimensional equation 

h; = 120 (1r~)~ (20.36) 

For other liquids McAdams cites a dimensionless empirical equation 
attributed toT. B. Drew for turbulent flow 

(20.37) 

where G' = w/-rrD and J.I.J is evaluated at the average film temperature. 
For streamline flow where the Reynolds number 4G'! P.J is less than 2000, 
Bays and McAdams1 give 

. = [(kap2g) (~)]~ (4G')~ h, 0.67 2 kL 73 % 
. P.J p g P.! 

(20.38) 

Very often a swirl is imparted to the falling film by means of overflow 
pieces having nearly tangential notches which protrude above the upper 
tube sheet. A typical weir is shown in Fig. 20.19b. 

The shell-side coefficient can be computed in the usual manner, using 
Fig .. 28 for sensible coefficients or by the methods of Chaps. 12 or 15 for 
condensation or evaporation. 

9. GRANULAR MATERIALS IN TUBES 

The transfer of heat to or from fluidized solids has become increasingly 
important in modern catalytic and adsorptive processes. The transfer 
of heat to granular materials in beds was discussed as an unsteady-state 
problem in Chap. 18. When a dry granular material travels through a 
vertical or horizontal tube, the flow mechanism is akin to rodlike flow as 
discussed in Chap. 3. Based upon an earlier derivation of Graetz,2 

Drew3 established the theoretical equation for a fluid ~a rodlike flow to be 

t - t .-TeL .-kL orkL 
~. _ t

1 
= 1 - 0.692e-5

•
7s:;- 0.13le- 30

"
4W. - 0.0536e- 74·~ (20.39) 

where T. = constant temperature of the wall 
w = granular flow rate, lb/hr 

For values of (t2 - tt)/(T. - tt) greater than 0.55 only the first term 
of the series need be considered. Equation (20.39) reduces to 

t2 - h = 1 _ 0.692e-5.78r(kLlwc) (20.40) 
T,- it 

'Bays, G. S., and W. H. McAdams, Ind. Eng. Chem., 29, 1240-1246 (.1937). 
• Graetz, L., Ann. Physik, 26, 337 (1885). 
3 Drew, T. B., Trans. AIChE, 26, 26-80 (1931). 
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or 
T- t 
_. __ 2 = 0.692e-5.78.-(kL/W<) 
T.- t1 

(20.41) 

In a study of heat transfer to sand, Brinn and coworkers1 experimentally 
verified the rodlike nature of the flow of several granular materials in 
tubes. They also made the following additional observations: 

1. The transfer of heat to a fluid in rodlike flow is identical with the 
uniteady-state heating of an infinitely long cylinder 'Wtth negligible 
resistance between the heat source and the cylinder as defined by an equa­
tion of the form of Eq. (18.52). The series expression for the infinitely 
long cylinder and Eq .. (18.52) can be shown to be equivalent when the 
values of the exponents in the infinite series of Eq. (20.39) are identical. 
This requires .that the Graetz number wc/kL and the group 4a.8/D2* be 
equal. In these, groups a is the thermal diffusivity, 8 the time iii hours, 
and D the inside diameter of the cylinder in feet. Since the linear veloc­
ity of the material in the tubes is given by 

V = 4
w ft/hr fYII"D2 

and the volume of granular material by 

The time is 

-;rD2 
v. =TL 

(J = 4v. -;rD2 
v 

The transformation is given by 

4a0 = (~) (-;rD2L) = -;rkL 
D2 cpD2 4wj p we 

2. For a given weight flow through the tube the temperature change 
is independent of the diameter. This leads to the interesting point that 
a desired value can be obtained for the heat-transfer coefficient by chang­
ing the tube diameter. 

3. I£ there are other resistances in series with the rodlike flow, it is 
not possible to obtain the overall resistance and hence U by the arith­
metic addition of the resistances. The solutions for such cases are given 
graphically in Fig. 20.20. 

1 Bljnn, M. S., S. J. Friedman, F. A. Guckert, and R. L. Pigford, Ind. Eng. Chem., 
40, 1050-1061 {1948). 

*The inside diameter of the tube D here replaces the general length lin Eq. (18.52), 
aince only cylinders are under consideration. 
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4. It is not necessary to obtain the film coefficient hi for the granular 
material flowing inside the tube in calculating the size or performance 
of the system. It may be obtained as a matter of interest, however, from 
Eq. (20.41) and the following, which defines the arithmetic mean film 
coefficient, 

(20.42) 

While the preceding has applied to granular materials in rodlike flow 
in which the temperature of the wall is uniform, Brinn et al. have also 
solved the equations and given charts for the cases in which the tempera­
ture of the medium in the tube jacket .is not uniform and also for the 
cases where the film coefficient from the jacket fluid to the tube is finite 
and infinite. To this extent they have employed the two temperature 
parameters R' and 8' as an index of the temperature variation of both 
the rodlike and jacket flow and a parameter {3 which is the reciprocal of 
the Nusselt number, so that 

R'=~ we 
where ho; is the jacket coefficient referred to the inside diameter of the 
tube. R is replaced by R' and 8 by 8', since we, t2 and t1 always refer 
to the granular material whether or not it is the colder of the two. Obvi­
ously when R' = 0, it is equivalent to a constant jacket temperature, 
and when {1 = 0, it corresponds to a negligible contact resistance between 
the tube and the jacket fluid or an infinite value of ho;. Graphs for values 
of fJ = 0 and with R' = 0, 0.5, and 1.5 are shown in Fig. 20.20a, b, c, and 
d. The reciprocals of these graphs correspond to the Gurney-Lurie chart 
of Fig. 18.13. 

Data are usually lacking on the thermal conductivity of the granular 
material. Its value differs from the thermal cond,uctivity of the solid, 
since the conduction of heat is obviously affected by granulation. Brinn 
et al. have found an excellent agreement in the value of the thermal 
conductivity for a granular solid when determined by heating or cooling a 
stationary bed similar to that of Chap. 18 or heating or cooling a granular 
solid in a tube under rodlike flow. For Ottawa sand and crushed ilmenite 
ore they report values of 0.172 and 0.132 Btu/(hr)(fVWF/ft), respec­
tively, for stationary beds and 0.155 and 0.141, respectively, for vertical 
rodlike flow. The densities of the granular materials were, respectively, 
101 and 103 lb/ft3 for the Ottawa sand and 149 and 168 for the ilmenite 
ore, although the density of the moving material is usually increased by 
movement. Specific heats for granular solids have been reported for 
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cylindrical pipes for various values of R' and {J. (Brinn, et al., Industrial and Engineering 
Chemistr'JJ.) 
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several materials, and these are somewhat higher than those of the 
solid. For quartz, silica, and Ottawa sand they range from 0.175 to 
0.20 Btu/(lb)(°F). Examples given below have been taken from the 
original reference. 

Example 20.7. Calculation of Sand Cooling with Negllgible Resistance. A sand 
has a specific heat 0.20 Btu/ObWF) and a thermal conductivity of 0.15 Btu/(hr)(ftS) 
("F /ft). It is to be cooled from 284 to 104"F at the rate of 1000 lbjhr by water from. 
86 to 104"F. A bundle will consist of vertical tubes 10'0" long and with inside 
diameters of 2.0 in. 

(a) How many tubes are required? 
(b) How many tubes are required if air from 86 to 104"F is the cooling medium? 
Solution. (a) Assume h.; for water is 500 Btu/(hr).(fV)("F). 

f3 = ~ = 2 X l.05 = 0.0036 
h.;D 500 X 312 

(nearly zero) 

The water cooling rate is 

From Fig. 20.20b 

1000 X 0.2(284 - 104) = 2000 lb/h 
104 ....- 86 r 

R' = ~ = 1000 X 0.2 = O l wa 2000 x 1 · 
S' == t2 - t, = 104 - 284 = 0_91 T, - t, 86 - 284 

{3=0 R' = 0.1 S' = 0.91 
we 
kL = 8.33 

_ 8.33 X 0.15 X 10 _ 62 5 lb/hr 
w- 0.20 . - . 

This is the rate per tube. 
1000 

Total number of tubes = 62.5 = 16 

(b) For air, assume h.; = 9. 
{3 = 0.2 

The air rate using 0.25 for the specific heat of air is 

1000 X 0.2(284 - 104) = 8000 lb/hr 
0.25(104 - 86) 

Interpolating between Fig. 20.20b and c, 

fJ = 0.2 R' = 0.1 S' = 0.91 
we 
kL = 5.23 

w = 39lb/hr 

and 26 tubes are needed. The film resistance increases the size of the unit by 62 per 
cent. 
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10. ELECTRIC-RESISTANC-E HEATING 

Introduction. The transformation of fuel energy into work (and then 
into electricity) is an inefficient process, only a portion of the fuel energy 

Mefttl.rheqfh 

Mcke! chromi'um 

.Seann9 compound 

Cuh!WGI'J view of 11 two-terminGtl (sinqle heGtH 
immer$ion heater 

(a)-IMMERSION HEATER 

(b)- STRIP HEATER 

Approx. Sfins per inch 

0 

(c)-FINNED STRIP HEATER 
FIG. 20.21. Common process resistance heating elements. (Westinghouse Electric Cor­
poration.) 

finally being available as work. The transformation of fuel energy into 
steam can be accomplished theoretically with 100 per cent efficiency. 
These are the practical deductions of the Carnot cycle, and electricity 
costs ten to fifteen times as much as steam in localities which are not 
served by hydroelectric power. For this reason electric resistance heat­
ing has not been considered a part of process heat transfer, although the 
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comparison of the cost of electricity and coal need not necessarily preclude 
its use. There are innumerable applications in which electric-resistance 
heating can be made to operate more effectively than flnid heat transfer 
particularly in batch operations. There are still other advantages which 
may be derived from the compactness of the standard types of electric 
heating elements: the ease with which they provide high temperatures, 
the elimination of combustion hazards, and their ready application to 
automatic regulation and control. It is fairly safe to conclude, however, 
that most of the applications of electric-resistance heating are small com­
pared with those of the majority of industrial processes. 

The three commonest resistance heating elements are the immersion 
heater, the strip heater, and the finned-strip heater. These are shown in 
Fig. 20.21. Others are available such as the cartridge heater which are 
treated by the same general method. Electric heaters consist of resistance 
wires embedded in a refractory which is then encased in a metal sheath. 
Immersion heaters are used for direct introduction into liquids and are 
made with copper sheathing for water heating and steel sheathing for oil 
and organics. The temperature of the copper sheathing may not exceed 
350°F, while the steel-sheathed heaters may operate at a maximum tem­
perature of 750°F. The strip heater is used most for the conduction heat­
ing of solids, and it can also be used for heating air and gases. Strip 
heaters are available with two maximum operating temperatures: 750°F 
for steel-sheathed heaters and 1200°F for chrome-steel-sheathed heaters. 
By far the best suited for air and gas heating is the finned-strip heater 
combining electric heating and extended surface and available with maxi­
mum operating temperatures of 750 and 950°F. 

The technique of handling electric-heating calculations has been 
developed by the electrical industry and is not identic~:~.! with the methods 
employed in either the mechanical or chemical industries.' This is doubt­
less due to the greater standardization of electric equipment. 

The laws governing electric-resistance heating, neglecting the effect 
of the resistance on the circuit, are among the simplest in elementary 
physics. These are Ohm:'s law, I = E/R"' and Joule's law, P = EI, 
where I is the current in amperes, E the voltage, R"' the resistance m 
ohms, and P the power in watts; The rate at which electrical energy 
is converted into heat is given by I 2R". The rate of energy delivery is 
the watt or kilowatt, and this is equivalent to the Btu per hour. Similarly 
the total quantity of energy is the kilowatt-hour or watt-hour, and this is 
equivalent to Btu without a time unit. 

In electric-resistance heating the element is capable of attaining a very 
high temperature. The ultimate temperature attained by a resistance 
heater is that which causes the heat energy to be dissipated at the same 
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rate as it is produced. To prevent the element from burning out, the 
cold fluid or solid must be capable of receiving the heat at a sufficiently 
rapid rate to keep the sheath from exceeding its maximum allowable 

TABLE 20.1. I~IMERSION HEATERS 

Water heaters, copper sheath, I Oil heaters, steel sheath, 
max temp 350°F max temp 750'F 

-·-

Watts/ 
Jm-

Collar, Watts/ 
Im-

Collar, 
mersed No. No. mersed No. No. 

Watts in. 2 im~ 
length, in. 

heats tubes 
Watts in. 2 im-

length, 
in. 

heats tubes mersion 
in. 

IPS mersion 
in. 

IPS 

-------------------- ·---------
1,000 35 8 11,1 1 1 1000 20 9 1~ 1 1 
2,000 35 10 2 3 2 2000 20 17 2 3 2 
3,000 35 15 2 3 2 3000 20 25 2 3 2 
4,000 35 20 2 8 2 4000 20 34 2 3 2 
5,000 35 24 2 3 2 5000 20 41 2 3 2 
7,500 85 30 2 3 4 I 

10,000 35 35 2 3 4 
Forced Circ::ulation 

sooo•i 35 25 2 I 3 2 

i 
6000* 35 30 2 

I 
3 2 

I saoo• I 30 33 2 3 4 

! 
• 230 volts on!,·. All others 115 or 230 \'olts. 

TABLE 20.2. STRIP HEATERS 

Steel sheath, max surface temp 750°1!' 
Chrome steel sheath, max surface temp 

1200'1!' 

Watts/ 
TotJ~1 Heated Watts/ 

Total Heated 
'Yatts length, length, Watts length, length, 

in. in. in. 
in.- in. in .. 

-- - ·---------
150 37 8 4 250 62 8 4 
250 31 12 8 350 44 12 8 
350 25 18 14 500 36 18 14 
500 25 24 20 750 37 24 20 
750 28 31 27 1000 38 31 27 

1000 31 36 32 1500 38 43 39 
1250 32 43 39 I 

temperatme. In other words, the design of electric elements is dictated 
by the flux ·which must be dissipated to the cold materiaL The flux is 
the deliverable energy in Btu. per hour per square foot of surface. Jn 
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electrical units it is expressed in watts per square inch of clement ,surface 
or watts per linear inch of element corresponding to watts per square 
inch for elements of uniform surface per inch of length. 

Flux data for the various types of heater are given in Tables 20.1 
through 20.4. The wattage indicates the output of the element but does 

TABL:S 20.3. FINNED-STRIP HEATERS 

Steel sheath, max surface temp 750°F 
Chrome steel sheath, max surface temp 

950°F 

Watts/ 
Total Heated 

Watts/ 
Total Heated 

Watts length, length, Watts length length, 
in. 

in. in. 
in. in. in. 

-----·· 
250 31 12 8 250 62 8 4 
350 25 18 14 350 44 12 8 
500 25 24 30 500 36 18 14 
750 25 31 27 750 37 24 30 

1000 3,1 36 32 1000 38 31 27 
1250 I 32 43 39 1500 47 36 32 

TABLE 20.4. STRIP HEATERS 

Clamp-on service watts per square inch of contact surface 

Steel sheath, max surface Chrome steel sheath, 
temp 750°F max surface temp 1200°F 

Total 
Watts/in.• 

Total 
Watts/in. 

length, in. length, in. 

12* 21 8* 42 
18 16 12 29 
24 I 16 18 24 
31 i 19 24 25 
36 I 21 31 25 
43 I 22 43 26 

*Passes. 

not indkate its temperature in so doing. Included is the watts per square 
inch or watts per inch which the various elements may dissipate to the 
cold fluid or solid, For finned- and ordinary strip heaters the watts per 
inch removed by air as a function of the air velocity and initial tempera­
ture are given in Figs. 20.22 and 20.23. At low air velocities it is seen 
that there is little advantage to the use of finned-strip heaters in pref­
erence to bare-strip heaters. Since the outlet-air temperature also affects 
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the sheath temperature, Fig. 20.24 relates the surface temperature of 
strip heaters as a function of the flux and the ambient-air temperature. 
When dealing with elements operating at such high temperatures, the 
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Fra. 20.22. Fil)ned·atrip heater air-heating curves. (WestinghQuse Electric Corporation.) 

effect of radiation is of greater importance than in ordinary -steam-heated 
equipme11t. Figure 20.25 relates the losses obtained experimentally 
under varying conditions. The use of these graphs and tables is shown 
explicitly by solving typical problems to which they apply. 
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FIG. 20.23. Strip-heate!' ai!'-heating curves. (Weatinglwwte Electric Corporation.) 

Example20.8a. Immersion Water Heater. A tank2by3by2fthighis£lled with 
water to a height of 18 in. It is required to heat the water from a tap temperature of 
so•F to a demand temperature of 150°F within 2 hr. Thereafter, the tank must 
supply 8 galjhr of water at 150°F. 

What immersion elements are required? 

Bolution: 

Unsteady state. 
Lbwater = 2 X 3 X 1M2 X 62.5 = 562lb 
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Q' == 562.5(150 - 50)1.0 = 56,250 Btu 

Q == 56~50 = 28,125 Btufhr = 
2~i;5 == 8.25 kwhr 

J..osses: 

759 

From .surface of water (Fig. 20.25c) = 2 X 3 X 260 = 1.56kwhr 
From sides of vessel (Fig. 20.25c) = 5.5(2 X 2 X 2 + 2 X 2 X 3)/1000 = 0.11 
From bottom = negligible 

Total losses = 1.67 kwhr 
Total requirement = 8.25 + 1.67 = 9.92 kwhr 

Fra. 20.24. 
tion.) 

100 .----,---,.---...,---,.--.----.---.-.....---.....,..., 

CJO Watts per inch ror.tinq 
VS 

Surface tempe~t~~ture for 
wryinq a~mbient tempettdures-+--fl'-H:..V...-1-J ~80 

Jr1Qr--4~-+-4---t--+--4-~~~~~~ 
..!! 

~60~-4--~--~-+--+--4~~~~~~ ] 
~50+--+--+--+--+--h~~~~~~~ 
-5 
.:40r--t--+-~--~S4~~LA~~~~~ 

Steady state: This is the same as heating 8 galfhr of water. 

Q = 8 X 8.33(150 - 50)1.0 = 6670 Btujhr or 1.95 kwhr 
Losses = 1.67 

Total requirement = 3.62 kwhr 

The unsteady-atate requirement controls the selection of the immersion heater 
requiring 10 kwhr. The nearest size in Table 20.1 is the 4000-watt or 4-kw immersion 
element with a 20-in. immersed length and wired for three heats. Three are required. 
The rate of absorption of heat by water is high, and there is little need ever to check 
the sheath temperature although the same rule is not t;miversally true for organics. 

Example 20.8b. Strip Heater for Air Heating. An oven is charged hourly with 
100 lb of steel which is air dried at 370°F by means of strip heaters located inside it. 
Four air changes per hour are required for the removal of the moisture. The oven is 
3 by 4 by 2 ft insulated with 2 in. of rock wool. The inlet air and steel are at 7o•F. 

What arrangement of strip heaters is required? 
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Fm. 20.25b, Heat losses from smooth solid surfaces. Heat losses from a horizontal sur­
face laid flat on one aide are top surface, 110 per eent of curve Values; bottom surface, 
55 per oent of curve values; averages of losses from top and bottom surfaces, .8272 per cent 
of curve values. 
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Solutiun: 

Heat to steel charge = 10() X 0.12(370 - 70) = 3600 Btujhr 
Heat to air -= 4 X 2 X 3 >< 4 X 0.075 X 0.25(370 - 70) = 540 

Total = 4140 Btujhr or 1.22 kw 
Losses: 

From Fig. 20.25a for 52 ft 2 of oven outside·surface and a temperature rise 
of aoo•F the loss is 5 kw for 1 in. thick insulations. For 2 in. thick insula-
tion the loss is % ==: 2.50 

Total 3. 72 kw 

11 I·Dimensconsofthefcmkused inthisiest 1100 
1- were 2llttin.wide.J334in.long,l2in.deep 
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FIG. 20.25c. Heat losses frozll open hot-water tanks. (We.«tingkouse Electric Corporation.) 

From Table 20.2 it is seen that the energy and space requirement can be fulfilled by 
four heaters of 1000 watts capacity each. The distribution will be poor, however, 
because so .few elements arrl employed, and the use of eight elements of 500 watts is 
preferable. It has been assumed that steel-sheathed elements are used. The surface 
temperature must be checked to assure that this element will not exceed a surface 
temperature of 750•F, since air absorbs heat relatively slowly. 

From T&ble 20.2 the required dissipation is 25 watts/in. From Fig. 20.24 for 37o•F 
air the surface of the sheath will be 680°F and hence is satisfactory. If the tempera­
ture had exceeded 75o•F, a chrome-steel element would have been necessary. 
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Example 20.8c. Finned-strip Heater. Determine the number of finned-strip 
heaters required to raise the temperatll[e of 270 cfm of air flowing in an 18- by 18-in. 
duct from 70 to 120°F. Density of aifat 70°F is 0.075lb/ft'. 

Q = 270 X 0.075 X 60 X 0.25(120 - 70) = 15,200 Btu/hr at 4.47 kw 
Velocity = 270/1.5 X 1.5 X 60 = 2.0 fps 
Refer to Fig. 20.22a. The air is capable of removing 33 watts/in which is the 

maximum dissipation which may be expected. Any group of heaters providing 5 kw 
which do not require a dissipation of more than 33 watU:I/in. and which will fit into 
the dur.,t will be satisfactory. Thus in Table 20.3 elements of 350 watts with a total 
length P.ach of 18 in. each are satisfactory. 

Consider the same service handled by conventional strip heaters without fins. 
From Fig. 20.23a the air will remove 26 watt/in. of heated length. From Table 
20.2 the 18 in. long element with 350 watts capacity will also be satisfactory and 
cheaper. 

Clamp-on Applications. One of the best examples of the versatility 
of the strip heater is the ease with which it can be clamped-on or bound 
to various vessels. When used in clamp-on services, it has been found 
that the temperature drop across the surface-to-surface contact is 14 to 
l9°F per unit of flux. 

Example 20.8d. Clamp-on Plastic Heating. IUs desired to heat a cast-iron plate 
26 by 12 by 1 in. at 70°F on which a plastic with specific heat of 0.22 Btu/(lbWF) 
is to be softened. It is necessary that one 70-lb batch of the plastic be heated on the 
plate after it bas attained a steady state rate from 70 to 300°F in 1 hr. The plate 
will be heated on its underside by clamp-on strip heaters in 1 hr. How many are 
required? 

Solution. The specific gravity of cast ·iron is 7.2, and its specific heat is 0.13 
Btu/(lb)(°F). 

Unsteady state: 

Weight of plate = 26 X 12 X 1 X 62.5 X 7.2/1728 = 81lb 
Q = 81 (300 - 70)0.13 = 2400 Btu/hr or 0.705 kw 
Losses: From Figure 20.25b for a black body the radiation is 1.5 w:atwfm.•. The 

radiation from the top is actually 110 per cent of this value, and from the bottom 
of the plate it is 55 per cent for an average of 82.5 per cent. 

Total radiation loss = 2 X 26 X 12 X 1.5 X 0.825/1000 = 0.80 kw 
Total requirement = 0.70 + 0.80 = 1.50 kw 

Steady state: Input required to plate 

Q = 70 X 0.22(300 - 70) = 3550 Btu/hr or 1.04 kw 
Losses = 0.80 

Total requirement = 1.84 kw 

The steady state is controlling. The requirements are satisfied, by four 24-in. strip 
heaters, but the sheath temperature must now be checked. Since the temperature 
drop per unit flux density is 14 to 19"F, assume an average of 16.5°F. For clamp-on 
strips 24 in. long the watts per square inch deliverable are 16. The total temperature 
drop is the product of the two • 

.tJ.t = 16.5 X 16 = 264°F 
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The sheath temperature is then 300 + 264 = 564°F, which is satisfactory for steel­
sheathed element-s with a 7so•F maximum. 
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NOMENCLATURE FOR CHAPTER 20 

Heat-transfer surface,. ft' 
Height of agitator above vessel bottom, ft; width of an atmospheric cooler, ft 
Specific heat of hot fluid, Btuj(lbWF) 
Constants 
Inside diameter of pipe or tube, ft 
Diam~ter of inside of vessel, ft 
Outside diameter of pipe or tube, ft 
Temperature group defined by Eq. (20.34) or (20.35), dimensio.nless; volt-

age; evaporation, per cent 
The ratio upjUP, dimensionless 
Mass velocity, lb/(hr)(ft1) 
Liquid loading for trombone coolers w/2L, lb/(hr)(ft); for falling filmfl 

w/:rD, lb/(hr)(ft) 
Acceleration of gravity, ftjhr2 

Heat-transfer coefficient, Btu/(hr)(ft2WF) 
Heat-transfer coefficient referred to the inside diameter and outside diameter 

of pipe or tube, Btu/(hr)(ft2)(°F) 
h. referred to the inside diameter; h; referred to the outside diameter, 

Btu/ (hr) (ft2) (°F) 
Current, amp 
Factor for heat transfer, dimensionless 
Temperature group in crossflow (T1 - To)/(T2 - t,), dimensionless 
Constants 
Thermal conductivity, Btu/ (hr) (ft2) (°F /ft) 
Tube length, ft; length of agitator paddle, ft 
Log mean temperature difference, •F 
Spray, lb/(min) (ft2 projected tube area) 
Spray, lb/(hr)(ft• cooler cross-sectional area) 
Agitator speed, rev/hr; number of horizontal tube rows 
Agitator speed, rpm 
Perimeter of large pipe or tube, ft; power, watts 
Horizontal tube pitch, ft; vertical tube pitch, ft 
Perimeter of smaller pipe or tube, ft; 
Heat flow, Btu/hr 
Heat, Btu 
Temperature group (T1 - To)/(t• - t,), dimensionless 
Temperature group in rodlike flow, dimensionless 
Dirt factor, (hr)(ft2)(°F)/Btu 
Resistance, ohms 
Temperature group LMTD/(T,- t,), dimensionless 
Temperature group (t2 - t,)j(T, - t,), dimensionless 
Temperature group in rodlike flow, dimensionless 
Temperature of the hot fluid in general, •F 
Inlet and m.ttlet temperatures of the hot fluid, "F 
Constant hot-fluid temperature, °F 
Temperature of the cold fluid in general, "F 
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Temperature of the film, temperature of the wall, °F 
Inlet and outlet temperature of the cold fluid, •F 
True temperature difference, °F 
Temperature group Atj(t2 - t,), dimensionless 
Overall coefficient of heat transfer, Btu/(hr)(ft2)(°F) 
Overall design coefficient; overall clean coefficient, Btu/(hr)(ft!)(°F) 
Overall coefficient of heat transfer, Btu/(hr){ft2) (°F) 
Velocity, fps; temperature group, dimensionless 
Volume of granular material, ft3 

Wejght flow of hot fluid, lbjhr 
Weight flow of cold fluid, lb/hr 
A function 
Distance, ft 
Space group (PH - D.)/PH, dimensionless 
Thickness of agitator, ft 
Space group (PH - D.)/D., dimensionless 
Height of liquid in vessel, ft 
Thermal diffusivity, ft2jhr 
Dimensionless group, 2k/h.;D 
Time, hr 
Viscosity1 lb I (ft) (hr) 
Density, lb/fta 
A function 
A function 

Subscripts (except as noted above) 

c Coil 
j Jacket 



CHAPTER 21 

THE CONTROL OF TEMPERATURE AND 
RELATED PROCESS VAE1ABLES 

Introduction. The even operation of a process is dependent upon the 
control of the process variables. These are defined as conditions in the 
process materials or apparatuses which are subject to change. Because 
there may be several materials and several pertinent operating factors 
which may change in the simplest of processes, the maintenance of con­
trol over an. entire process is an important aspect of process design. 
Many of the advances in processing technology during recent years have 
been due in part to the widespread use of automatic-control mechanisms. 
Naturally a comprehensive study of so broad a field of endeavor is beyond 
the scope of this text, and it is the intention here to introduce in a prac­
tical way only the most elementary principles of process control. 

Process Variables. When the flow sheet is laid out for a process, the 
temperatures, pressures, and fluid-flow quantities are theoretically fixed 
in accordance with heat, pressure, and material balances. The transla­
tion of the flow sheet into an operable plant requires that special provision 
be made to assure the relative constancy of the various quantities and 
qualities. It is impossible to achieve absolute constancy in even the 
simplest of industrial operations and these do not include the multitude 
of complex operations which are normally encountered. Take the 
simple case of a storage tank to which one pump continuously supplies 
liquid and an identical pump continuously removes liquid. Because of 
differences in suction and discharge, both pumps, acting independently, 
pump at different rates and the liquid level in the storage tank cannot be 
expected to remain constant. 

Similar factors influence nearly every other steady-state condition. 
Consider the utilities alone such as high- and low-pressure steam, cooling 
water, electricity, compressed air, and fuel supply. When any single 
unit process in a plant is either shut down or started up, it may affect the 
supply of the utilities to the other unit processes. Furthermore, when 
the furnaces in a powerhouse are periodically refired, the temperature, 
pressure, and quantity of steam throughout the plant may show some 
variation. Similarly a sudden change in the steam demand at some 
point in the plant for steaming out large vessels may cause a sufficient 
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speed variation to affect the performance of turbine-driven pumps, com­
pressors, and generators including their discharge rates and pressures. 
Or the temperature of cooling-tower water, varying with atmospheric 
conditions, might affect the total heat transfer at critical points in the 
process. Add to these the variations resulting from changes in the com­
position of the feed materials such as boiling points, specific heats, or 
viscosities, and additional fluctuations may be anticipated in the pres­
sure, temperature, and fluid flow of the process streams. 

Automatic control is employed to measure, suppress, correct, and 
modify changes of the four principal types of process variation: 

1. Temperature control 
2. Pressure control 
3. Flow control 
4. Level control 

There are, in addition, other1 controllable variables such as specific 
gravity, thermal conductivity, speed, and composition. Because of its 

importance to heat transfer particular 
attention is given in the following pages 
to temperature control and its relation­
ship to the other principal process 
variables. 

Self-acting and Pilot-acting Con­
trollers. It is the object of all controllers 
to regulate the process variables, and to 
do so they must be capable of first measur­
ing the variables. Some instruments are 
equipped to indicate the variable in .a 
continuously readable form, and others, 
recorders, are equipped with pen and ink 
on a traveling chart calibrated for time. 
These are not essential parts of the 
control but additional conveniences. 

Controllers or regulators are either Fw. 21.1. Self-acting temperature 
controller. self-acting or pilot-acting. A self-acting 
temperature controller is shown in Fig. 21.1. A bulb filled with 
a fluid having a favorable coefficient of thermal expansion is placed in 8 

stream or vessel at the point where the temperature is to be controlled. 
The bulb is connected to the controller by means of a capillary tube. As 
an example of its operation suppose that the temperature of a stream 

1 See also Perry, J. H., "Chemical Engineers' llandbook," 3d ed., pp. 1263-1340 by 
R. W Porter and D. M. Considine, McGraw-Hill Book Company, Inc., New York, 
1950. 
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leaving the shell of a heater is to be controlled by adjusting the flow of 
steam to the tubes of the heater. Any increase in the temperature of 
the stream causes an increase in the pressure of the bulb fluid, which is 
transmitted in turn to the bellows of the regulator assembly. The larger 
area of the bellows amplifies the force acting against the spring and causes 
the valve to move in a direction which decreases the flow of steam. If 
the same type of regulator were used to control the flow of cooling water 
instead of steam, the valve would be arranged to open when the bulb 
pressure increased. The control points of self-acting controllers can be 
varied by means of adjusting nuts, which change the tension on the 
spring. 

In general the temperature-sensitive element consists of a bulb and. 
capillary ffiled or partly filled with a volatile fluid, an inert gas, or an 
expanding liquid. Thennocouple and thermal-expansion elements also 
find wide application in temperature control. With the exception of the 
liquid-filled bulb the total amount of fluid contained in the capillary is 
very small compared with the amount confined in the bulb. If the 
capillary were accidentally to lie across a steam pipe, it would not 
materially affect the measurement of the instrument, since the amount 
of fluid present where the capillary contacts the pipe is exceedingly small. 
Under certain conditions compensation must be included for variations 
in the ambient temperature at the point where the variation is registered. 

From a mechanical standpoint self-acting types of instruments are 
the simplest. Most of these fall into the regulator rather than the instru­
ment class, because the regulator does not actually measure the variable 
but acts upon deviations from the set control point. Many involve no 
calibration in their manufacture whatever but are adjusted to produce the 
desired effect in the field. Typical of this class are weight-loaded reduc­
ing or back-pressure valves, spring-loaded diaphragm valves for reducing 
or back-pressure regulation, and the temperature regulator discussed 
above. 

The second class of instruments are the pilot-acting controllers in 
which the detection of a small variation actuates a more powerful force 
by which the variable is corrected. This class is capable of a greater 
degree of sensitivity than the regulators because they eliminate some of 
the lags which would be inherent in self-acting mechanisms actuated by 
the force of a large volume of fluid. Most pilot-acting instruments use 
compressed air to effect the larger controls, while some employ electric 
relays and motor-driven controllers. The latter are used particularly 
for isolated services or where compressed air is not available. 

The majority of pilot-acting instruments operate on the principle 
shown in Fig. 21.2 or a modification of it. The controller operates 
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between two fluids, one being controlled and another which adds or 
removes heat to or from the fluid being controlled. In Fig. 21.2 com­
pressed air at 15 to 20 psig enters the control head, part passing to a 

'--·-70 dkrphragm v«lve 
Fra. 21.2. Air-operated pilot; 

diaphragm valve and part through the reducer. The discharge air from 
the reducer is at a low pressure and continuously escapes through the 
nozzle by impinging against a flat flapper. While air escapes through the 
nozzle, the diaphragm spring is contracted, since it is also affected by 

the escape of air through the nozzle. This 
holds the valve in the control head against the 
left end of the control head. When a change 
occurs in the temperature of the fluid being 
controlled a capillary spiral or capillary helix 
connected to a temperature-sensitive element 
such as a bulb is displaced in response to the 
temperature change. The movement is used 
to bring the flapper toward the nozzl~, thereby 
obstructing the escape of air and expanding 
the diaphragm spring. This may in turn be 
used to relieve the air pressure on a dia­
phragm valve effecting the control, thereby 
permitting it to close. A movement of the 
flapper of 0.002 in. is sufficient to actuate the 
control. A typical diaphragm valve is shown 

Fw. 21.3. Diaphragm valve. in Fig. 21.3, although diaphragm valves are 
available which either open or close when subjected to the. action 
described. 

Lags. Instrumentation would pose no problem if only a single variable 
were to be controlled. Usually, however, the regulation of a process 
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requires the control of pressurel:l, temperatures, and flow rates and the 
maintenance of adequate liquid levels to assure flow continuity. The 
greatest impediment to precise control results from a series of time lags 
between the measurement of a variation and its correction. These are 
inherent in all automatic control systems. Haigler1 has presented a 
visual picture of the time lags in a simple heat-transfer system from 
which Fig. 21.4 has been taken. Starting with the measurement of the 
variable at a; the lags may be traced alphabetically. 

a, Metrsurinqlaq 
1: Ve!ocify distance !trq 

FIG. 21,4. Sources of lags in automatic control. 

a. Measuring lag 
b. Signal transfer from sensitive element to instrument 
c. Controller operation lag 
d. Signal transfer from controller to re~lator 
e. Velocity-distal)_ce lag until adjusted stream reaches apparatus 
f. Capacity lag until the supply side fluid is adjusted 
g. Transfer lag through tubing from supply to demand side 
h. Capacity lag until the demand side is corrected 
i. Velocity--distance lag until the measuring element detects the 

~orrection 

All these lags are not of equal importance, but they do present dif­
ficulties in the accomplishment of close control such as is required 
by modern high-temperature, high-pressure, and catalytic processes. 
Numerous questions arise in automatic control such as the extent to 
which the regulating valve on the correcting fluid should be opened and 
whether or not the opening should vary with the size of the deviation 
measured. How fast should it open? How much of the time-tempera­
ture relationship of the response of the correction should an instrument 
be able to anticipate? These are particularly important in the larger 
processes in which all the process variables must be controlled simul­
taneously in less time than would accompany the operation of several 
related simple instruments. 

1 Haigler, E. D., Trans. ASME, 60, 633-640 {1938). 
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Automatic-control Mechanisms. For a general background and mathe­
matical development the literature on instrumentation should be con­
sulted. Available to deal with the lags inherent in process control are 
four basic mechanisms. These are 

1. Two-position control (also called on-and-off or open-and-shut), in 
which the overall flow of fluids, Btu, watts, etc., is limited to predeter­
mined maximum and minimum values or completely turned on or off 
when the measured variable exceeds or falls below the control point 
setting. 

2. Proportional control (also throttling), in which the magm'tude of the 
corrective action taken by the instrument is proportional to the extent 
of the deviation of the measured variable from the control point setting. 

3. Floating control, in which the rate of corrective action taken by an 
instrument is proportional to the extent of the deviation of the measured 
variable from the control-point setting. 

4. Proportional control and automa#c reset, in which the corrective 
action taken by an instrument is a combination of proportional control 
plus a corrective action which is proportional to the rate of the deviation 
and the duration of that deviation from the control-point setting. 
Another basic mechanism, the derivative function, is one which applie:: 
a correction which is proportional to the rate of the deviation and which 
is unaffected by the amount or duration of the deviation. 

An example of two-position control may be found in the simple con­
stant-temperature bath. When the temperature falls below a fixed 
minimum, heat is supplied until the bath reaches a fixed maximum 
temperature. The heat supply is then turned off until the bath again 
reaches the minimum whence heat is again supplied (on and off). For 
proportional control consider a vessel of small capacity containing a 
heating element. Cold water continuously enters and hot water leaves 
the vessel. The control-point temperature has been fixed. Suppose 
the temperature of the cold-water supply suddenly drops very much. 
For each degree that the water in the vessel deviates from the control 
point, a greater amount of heat will be supplied. In floating cootrol, the 
rate at which the valve moves is proportional to the deviation of the 
temperature from the control setting. If the temperature is below the 
control point, the valve opens at a constant rate or a rate which increases 
with the extent of deviation. As the control point is reached, the valve 
closes but at a rate in proportion to the deviation. Floating control is 
not well suited to operations requiring rapid temperature control, since 
the correction in the temperature near the control point (narrow band) is 
slow and cyclical. Some floating-control mechanisms are modified to 
give a rapid action outside a fixed narrow band of deviations and a slow 
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action inside the narrow band. A combination of floating and pro­
portional control will make the action more rapid. Proportional control 
and automatic reset correct the action of proportional control when a 
major deviation may continue with additional minor deviations in the 
same variable. Suppose a major demand change occurs. In propor­
tional control the valve position is fixed 
by the magnitude of the deviation, If 
the valve is correcting for a large deviation 
while an additional minor deviation 
occurs, the correction for the minor devia­
tions would be made with a valve which 
is open primarily to the extent of the 
major deviation. The reset shifts the 
proportioning band so that the minor 
corrections can be made as if the major 
deviation were the control point and not 
in proportion to the total deviation from 
the control point. FIG. 21.5. Orifice tapa. 

Flow Control. The temperature control of a fluid can be accomplished 
by changing the flow of a heating or cooling medium. In many instances, 
however, the control of flow may be of greater importance than the con­
trol of temperature, and the methods of automatically maintaining flow 
warrant preliminary consideration. Unlike the expansion of a bulb, flow 
variations are detected by means of the differential pressures they cau.se 

Air line fo controller 

-
Alrfopilof 

/Jttrphrerqm 
valve 

Fia. 21.6. Simple flow control. 

across an orifice. Usually the flange and orifice assembly shown in 
Fig. 21.5 is tapped and fitted with tubes leading to a capillary helix or 
other device which is sensitive to the differential pressure. A displai.!C­
ment changes the position of the flapper, and the remainder of the control 
is similar to that shown in Fig. 21.2. 

The simplest arrangement of flow control is shown in Fig. 21.6. Tb<a 
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flow of compressed air to the pilot controller mechanism is usually 
assumed to be present without being indicated, and very often the con­
troller may also record the variations, thus being a flow-recorder controller. 
In establishing the primary flow control for a process it is important to 
consider whether the pumps will be of the reciprocating or centrifugal 

Olaphmgm 
~Ne ~~----~~ 

A1i- fo p/lof 

Cenlrifugt{/ 
pump 

FIG. 21. 7. Flow control with centrifugal pump. 

types. If a centrifugal· puinp is employed1 flow control can be effected 
by throttling against the pump pressure as shown in Fig. 21.7. In the 
pilot shown in Fig. 21.2 the compressed air leaving the control head kept 
the diaphragm valve open. About 70 per cent of the controllers are of 
this type, and about 30 per cent open if the air fails. The latter type is 
.----------II~ particularly useful when controll-

ing the flow of reflux to distilling 
towers. The use of a by-pass 
around the controller is a standard 
practice which permits the con­
tinued operation of the process 
with manual control if the con­
troller or its air supply should fail. 
When using reciprocating pumps, 
throttling against the displace­
ment of the pump may cause 

Fw. 21.8. Flow control with reciprocating destructive pressures to be built up. 
pump. The flow controller in these cases 
is installed in a by-pass, returning to the reciprocating pump suction as 
shown in Fig. 21.8. In this manner constant discharge is maintained by 
automatically altering the amount of by-passing. The second line hav­
ing but a single valve allows manual by-passing when both the valves 
adjoining the diaphragm valve must be closed because of controller or 
air failure. 
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When using automatic controllers, the flow may be intentionally 
divided so that the bulk of the fluid flows through a continual by-pass 
and only a small amount through the controlling line. This reduces the 
cost of the controller by reducing its size. However, the use of a con­
tinu.q,l by-pass as an integral part of the flow.,.control system introduces 
several unfavorable factors in the maintenance of uniform control. 
Except where the flow lines are extremely large and the control valve is 
expensive, it is undesirable to use a continual by-pass. Like temperature 
control, pressure and level control are often intimately associated with 
the control of flow. 

TEMPERATURE CONTROL 

Instrumentation Symbols. Most of the common arrangements of 
process apparatus require several interrelated instruments to assure 
reasonable control. To simplify representation, the instrumentation 
flow-plan symbols employed here are those suggested in a survey question­
naire by a symbols subcommittee of the Instrument Society of America. 
The legend for a number of the common symbols is given in Fig. 21.9. 
The first letters which appear as instrument designations are 

F =flow 
L =level 
P =pressure 
T = temperature 

The second or third letters are 

C = controller 
G = glass (as LG) 
I = indicator 
·R =recorder 
S =safety 
V =valve 
W =well 

Often it is desirable to assemble all the instruments at a single point 
away from the locality at which the measurement and control actually 
occur. These are referred to as boara.-mounted instruments as differenti­
ated from locally mounted instruments and are designated by a hori­
zontal line through the instrument. Often the instruments on a single 
control board are at some distance from the point of measurement. In 
such cases the response is amplified by a pneumatic transmitter. This is 
particularly requisite for the control of low-pressure fluids at a centralized 
board. 

In the typical instrumentation diagrams which follow, the air lines to 
the instruments and the by-passes around the controllers have been 
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omitted. Except where necessary to manual control, the indicating or 
recording features. have also been omitted1 although they are essential 
to the instrumentation of the process as a whole. 

Whenever a control valve is installed directly in the inlet or outlet 
line of an exchanger, cooler, or heater, the fluid passing through the 

Piping Air lines 

~ _£_ __£__ ~ 
MQnl.lllll DilllphrGtqm Electri tGIII y Slllfety 
vclive Vllllve opemted vc:~lve 

valve 

~t-~-i~ -r. ~ 
type ~ recoroler 

flow meter Differenlit~l- Flow-recorder rotameter 
t~pe mechcmicol 

~ fiDw '"'"~o.ml$iOO 

~ 
Flow recorder with Flow recorder controller 

pneum~lic trG~nsmission with pneumatic transmission 

Temperature Temperature 
well indicator 

Electric connections----

Inteqml 
requle~tinq 

VCIIVe 

8 

Pneummic connection 
to oli01phmgm vt:~lve 

Bootrd- Pneumatic transmitter 
mounted with boGtrd-mounteol 
instrument instrument (receiver) 

Glllqe glass 

Tempemture-recorder 
controller resetting 
flow-recorder controller 

FIG. 21.9. Typical instrument symbols. Instrument lines are usually lighter than piping 
or equipment. 

apparatus must still retain sufficient available pressure so that, when 
operating, the control valve is capable of increasing or decreasing the flow 
of the line. Thus an exchanger which at design flow utilizes nearly all 
of the available static pressure on a line has little pressure available for 
overcoming the effect of the control valve. An instrument is useless 
which operates under such conditions that the control valve is wide open 
and unable to open farther to effect control. Thus when selecting a 
pump for a process the total head must be not only sufficient to overcome 
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the sum of the static heads and pressure drops of the equipment but also 
enough to overcome the drop through the control valve. 

Coolers. Figures 21.10 to 21.12 show three methods of providing con­
trol for coolers. Figure 21.10 is used where the maximum possible cool­
ing is desired or where there is an abundance of cooling water. When an 
overhead volatile product from a distilling column passes through an 
aftercooler and is to be sent to stor­
age, it is cooled as low as possible, 
since any decrease in the evapora­
tion and vent loss may constitute a 
significant economy. In such cases 
only a manual throttling valve is 
provided on the outlet-water line. 
If water is abundant, the manual 
valve is left completely open. The 
only instrumentation suggested is an 

Fw. 21.10. Simple cooler. 

industrial thermometer or temperature indicator on the hot-fluid outlet. 
This enables the operator to make routine checks to ascertain that the 
temperature of the liquid is well below the maximum allowable storage 
temperature. Thermometers are useful at the other nozzles but only 
when checking the performance of the cooler or other apparatus. Ther­
mometer wells are usually provided for this purpose as plugged bosses 

FIG. 21.11. Cooler with fixed hot fluid outlet and near-constant water temperature. 

in the necks of nozzles. If the nozzle necks are not conveniently located 
for testing, the thermometers can be inserted in Tees as near the cooler 
as possible. However, when checking exchanger performance and 
guarantee, the temperatures should be taken at the nozzle necks if at all 
possible. 

The arrangement in Fig. 21.11 is used when a fixed hot-fluid outlet 
temperature and flow quantity are desired. The flow of the hot fluid is 
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controlled independently by the flow controller. The cooling water is 
assumed to have a. relatively constant temperature, so that the hot-fluid 
outlet temperature is controlled by the quantity of cooling water. The 
temperature of the hot-fluid discharge is measured by a temperature­
sensitive element at a and transferred to the temperature controller which 
actuates an air-operated valve on the cold-water discharge at b. If the 
temperature at a varies, the valve at b opens or closes accordingly. This 
same arrangement can be used for gases provided a sufficiently sensitive 
element is used. 

In Fig. 21.12 an arrangement is shown for cooling gases below their 
dew points such as occurs in compressor aftercoolers. The gas is cooled 

Fm. 21.12. Gas cooler with condensate removal. 

and its temperature is measured at a and controlled at the water discharge 
b. The cooled gas and condensate pass into the knockout drum, where a 
liquid level is continuously maintained by the level controller. The 
simplest type of level controller consists of an external float whose 
vertical movement actuates the control. When the level rises above the 
control point or range of the level controller, it opens the valve at c and 
lets the liquid run out. The purpose of the level controller is to maintain 
a liquid seal which prevents the escape of gas from the condensate outlet 
and also prevents the condensate from backing up into the shell. The 
back-pressure regulator or pressure-control valve (PCV) releases gas 
from the knockout drum without upsetting the system flow, pressure, or 
liquid level. 
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Exchange:cs. Exchangers do not always require special temperature 
control. Since their purpose in a process is· to provide the maximum 
recovery of heat, there is no reason to restrict their performance by the 
use of controls. It will ordinarily suffice to use manual valves which 
are kept wide open. The principal controls are usually provided on both 
the cooler and heater which are adjacent to the exchanger. For example, 
when a stream is to serve as the feed to a distilling column, it may enter 
the system through a bottoms-to-feed exchanger as in Fig. 11.1 and then 
through a feed preheater. The temperature control of the stream will be 
effected in the preheater by a flow adjustment of the steam entering the 
preheater. Similarly, when a fluid is cooled in an exchanger, it usually 
passes through a cooler and its temperature is controlled by a flow adjust­
ment of the water. It is not possible to control both the flow quantities 
and outlet temperatures of both streams passing through an exchanger 
at the exchanger itself, since one adjustable quality must always be 
present. Thus, if the outlet temperatures of both streams are to be con­
trolled and the flow or temperature of one stream may vary, the flow or 
outlet temperature of the other stream must also vary. 

There are, however, a number of instances in which the outlet tempera­
ture of one of the streams must be controlled, and such cases are treated 
here. Most of the problems of exchanger instrumentation are encoun­
tered when the two streams are of unequal size, the one being very much 
larger than the other. By the same token the larger stream possesses a 
short temperature range and the smaller stream a very large temperature 
range. Figures 21.13 and 21.14 are typical of this application. In Fig. 
21.13 the hot fluid is considered the large stream and the cold fluid the 
small stream. The hot fluid is to be flow- and temperature-controlled, 
and its inlet temperature is assumed to be subject to small variations. 
The cold fluid is flow-controlled, and its outlet temperature is assumed 
to be reasonably constant. The net Btu removal or injection in this case 
caq best be effected on only a portion of the large stream, and to this end 
the by-pass is provided for temperature control. It will be seen, how­
ever, that the flow control of the hot fluid is carried out on the entire 
stream. This arrangement provides flexible temperature control, allow­
ing any proportion to be by-passed. It also permits the elimination of 
any problems of excessive pressure drop which might result if the entire 
large stream were passed through the exchanger. It is also advantageous 
where an exchanger is repeatedly used for several different services. As 
an example, a particular distilling column and its auxiliaries may be used 
for a time with one feed stock and then changed to another stock for 
another period. The controls shown in Fig. 21.13 will enable the 
exchange of a fairly uniform heat load in the exchanger for the several 
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stocks. The pressure-control valve permits a constant controlled flow 
of the fluid being temperature-controlled, and the only varying qualities 
are the inlet temperature of the temperature-controlled fluid and the 
outlet temperature of the secondary fluid. 

Hoff'!uid 

Fra. 21.18. Exchanger with temperature-controlled large stream. 

Heaters. Few types of apparatus cause greater difficulty than heaters 
using low-pressure steam with temperature control on the cold-fluid outlet 
temperature. The difficulty can be eliminated, however, when proper 
means for removing the condensate and air are provided. All heaters 

Fra. 21.14. Exchanger with temperature-controlled small stream. 

using steam at superatmospheric pressures should be equipped with air 
vents at the highest accessible points. Heaters operating with a cold­
fluid outlet temperature exceeding 212°F as in Fig. 21.15 generally offer 
little difficulty, because the condensate is not subcooled below the pressure 
necessary to force it through the outlet trap. 
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In practice, heaters are often designed for small temperature differ­
ences. Added to this is the fact that they are usually overdesigned, par­
ticularly when clean, so that the cold-fluid outlet temperature and th9 
steam condensate temperature are nearly the same. The cold fluid and 
the condensate may both have outlet temperatures below 212°F (cor­
responding to 0 psig) indicating that more heat is being removed from the 
steam than is desired thereby subcooling the condensate to vacuum. 
Without temperature control a condensate level may build up in the 
heater to cover a portion of the tubes, reduce the available surface and 
the transferred heat load, and reduce the outlet temperature on the hot 

Out Sfeam 

Coldfluidm 

Condense;fe 
FIG. 21.15. Heater for high cold-fluid outlet temperature. 

fluid. If the corrosive action resulting when a condensate level is main­
tained in the tubes is not excessive, the steam flow can be controlled 
manually or by a self-regulating flow controller with a simple trap for 
condensate removal provided the heat demand does not vary too fre­
quently or rapidly for manual adjustment. 

With temperature control a system for the removal of low-pressure 
steam embodying the principles shown in Fig. 21.16 must be employed. 
However, a pressure-control valve may be used to maintain the pressure 
in the heater. When the pressure-control valve is installed in the con­
densate outlet line, the temperature-control valve then varies the con­
densate level in the heater to compensate for varying heat loads. Very 
often an arrangement like that shown in Fig. 21.15 is unsuited for heaters 
providing a low cold-fluid outlet temperature. Without condensate 
covering some of the tubes, the total surface, containing some excess, is 
always exposed and the steam has to condense at subatmospheric pres-



780 PROCESS HEAT TRANSFER 

sure in order to reduce the LMTD and provide the desired cold-fluid 
outlet temperature. On attaining .an abnormally high fluid outlet 
temperature, the temperature-control valve throttles the steam until a 
condensate level builds up inside the heater. By the time the cold-fluid 
outlet temperature has decreased to normal, condensate covers the tubes, 
causing the cond.ensate in the lower portion to be subcooled and a result­
ant vacuum within the heater. When the temperature controller next 
detects a subnormal cold-fluid outlet temperature, it must admit enough 
steam to raise the pressure sufficiently to remove all the subcooled 
condensate and decrease the condensate level in the heater. In doing 

FIG. 21.16. Heater using low.pressure steam. 

this too many tubes may be uncovered by the steam pressure, causing 
the cold-fluid outlet temperature to rise above the control point. This 
procedure causes cycling and a virtually uncontrolled cold-fluid outlet 
temperature. The arrangement in Fig. 21.15 is suitable for heaters using 
high-pressure steam in which the condensing temperature and pressure, 
after passing through the control valve, is sufficiently high to blow the 
condensate out. 

Total Condensers. Figure 21.17 shows the arrangement for a con­
denser with gravity flow of reflux. The principal disadvantage to the 
use of gravity flow lies in. the fact that the condenser and accumulator 
must be elevated above the tower, requiring additional structural support. 
The overhead condensate drains into the accumulator, which is provided 
with a manual vent for continuous bleeding if the operation is at elevated 
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Fm. 21.17. Condenser with gravity flow of reflux. 
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Fm. 21.18. Condenser with pumped reflux. 
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pressure or left wide open if operation is at atmospheric pressure. If 
there is any tendency for noncondensables to enter the system, it may be 
necessary to bleed them at the top of the condenser. The condensate 
builds up a level in the accumulator, and reflux is regulated by the level 
controller. The overhead product is removed at a fixed rate by the flow 
controller. It is seen that there is no positive temperature control other 
than manual in the event that the reflux temperature should fall appreci­
ably below that of the top tray. This may be compensated for, how-

Overhead 
protilvct 

FIG. 21.19. Condensation of a pure volatile product. 

ever, by introducing a temperature controller at one of the intermediate 
trays of the column which operates on the steam line going to the reb oiler 
at the bottom of the column. 

Figure 21.18 is a typical example of a condenser operating with 
pumped-back reflux. The reflux pump is often at the ground level, and 
the condenser and the accumulator are immediately above it. In this 
particular application, the reflux rate is set by the flow controller and the 
overhead product flow is set by the level controller. The reversal of the 
method of overhead product flow control between Figs. 21.17 and 21.18 
is due to the smaller liquid head in the gravity-flow system. Figure 21.19 
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shows an arrangement for the condensation of a pure volatile product 
which must be subcooled in an aftercooler to prevent the flashing of the 
overhead product when its liquid pressure is relieved. A particular 
feature of this type of arrangement is the use of a pressure controller for 
the control of temperature by direct connection between the water outlet 
flow and the tower pressure. When the system contains noncondensables 
this arrangement cannot be employed. 

Figure 21.20 shows an arrangement for a system having noncondens­
ables. The instruments used here differ in the manner by which they 
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FIG. 21.20. Condensation with noncondensables. 

effect control. First, the noncondensables are prevented from building 
up in the system by means of the pressure controller on the accumulator, 
which provides a continuous automatic vent to the atmosphere or to the 
next step in the process if the saturated noncondensables are subjected 
to further treatment. The tower overhead temperature is maintained 
by the controller adjusting the rate of water flow to the condenser and 
likewise adjusting the reflux temperature to maintain the overhead 
product purity. 

Partial Condensers. A partial condenser arrangement is shown in 
Fig. 21.21. The partial condenser is used for volatile materials to enable 
reflux to be pumped back to the tower at substantially the top tray 
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temperature while the remainder of the overhead is condensed and cooled 
so as to prevent refl.ashing when the pressure is released in the storage 
tank. The elements of the control can be identified by comparison with 
Figs. 21.19 and 21.20. 

Tower 

r- =:J 
I 
I 
I 
I 
I 

Temp control 
fo reboiler 

FIG, 21.21. Partial condenser. 

Condensate 
fofrap 

Botfom 
product 

FIG. 21.22. Pump-through reboiler with small bottoms rate. 

Pump-through Reboilers. A reboiler can be critical in a distillation 
process, and its control is extremely important. Furthermore, steam­
heated reboilers are subject to the same operating difficulties encountered 
with heaters. Because pump-through reboilers are used only for small 
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services, the requirements of control are usually more sensitive than 
those for larger operations. 

Figure 21.22 shows the arrangement for a pump-through reboiler where 
the amount of bottom product is small compared with the total flow 
through the reboiler. Figure 21.23 shows the arrangement for cases 
where the bottom product is an appreciable part of the total flow. In 
this case the bottom product rate is set separately by the level controller 

Bottom 
product 

FIG. 21.23. Pump-through reboiler with high bottoms rate. 

Bottom 
product 

CondenS(I"k to trap 

FIG. 21.24. Pump-through reboiler with pure bottoms or constant-boiling mixture. 

so as not to interfere with the reboiler operation. In both Figs. 21.22 
and 21.23 it has been assumed that the liquids have appreciable boiling 
ranges so as to make the use of a temperature controller effective. If the 
bottom product is substantially pure or a constant boiling mixture, as in 
Fig. 21.24, the use of temperature control is impractical, since the 
temperature will remain constant independently of the steam supply. 
Only the flow rate changes, and to overcome this limitation the flow of 
steam is adjusted by the level controller. The reset permits partial 
response of the flow controller so as to increase the level controller range. 
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Natural-circulation Reboilers and Evaporators. Because of their 
similarity the chiller- and kettle-type reboiler are included in this classi­
fication. The instrumentation for the chiller is shown in Fig. 21.25. 
The valve on the temperature controller should be sized for a small 

Vaporized 
ref"rigeranf 

Refrigemnf 

Fro. 21.25. 

--., 
I 
I 
1 
Refriqeraled 

f!vid 

lioffluid 
Chiller. 

L-----cl<l-_,Boffom 
producf 

Fw. 21.26. Kettle-type reboiler. 

pressure drop so as not to reduce the compressor suction or unnecessarily 
increase the power cost. Figure 21.26 shows the instrumentation for the 
kettle reboiler. The functions of the level control are evident. The 
horizontal thermosyphon is shown in Fig. 21.27 with once-through flow 
as compared with a recirculating arrangement. The arrangements of 
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Figs. 21.26 and 21.27 may also serve as the basis for the instrumentation 
of horizontal and vertical evaporators. 

Batch Processes. Batch processes are usually very simple to control. 1 

Most batch processes do not require automatic control of any sort. 

~ L{qwid 
~Boffum 

Elapsed-time 
temperature 
controller TRC 

producf 
FIG. 21.27. ThermosyphoiJ. reboiler. 

Kettle 

Condei1Safe 

Fm. 21.28. Batch distillation with eiapse.d time-tP.mpera.ture controller. 

Batch distillation presents several interesting problems which are shown 
in Fig. 21.28. During batch distillation the still and possibly the over-

1 See particularly Perry, J. H., "Chemical Engineers' Handbook," 3d ed., McGraw­
Hill Book Company, Inc.; New York, 1950. 
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head temperatures change continuously as material is taken off overhead, 
and the related problem is then the control of temperature and pressure. 
Instead of using a temperature controller, an elapsed time-temperature 
controller or program controller is used. It sets a time period for the 
distillation temperatures and throttles the steam while the still tempera-

Boffom 
product 

FIG. 21.29. Automatic control of a distillation process with feed containing some non­
condensable gas. 

ture rises through a timed cycle of temperature rises. The pressure con­
trol is maintained simply by a back-pressure regulator (pressure-control 
valve) on the assumption that there is some small amount of volatiles or 
noncondensables. The reflux is flow-controlled during the entire 
operation. 

Continuous Distillation. Figure 21.29 shows the instrumentation for 
a continuous distillation charged with a feed having noncondensables. 
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With the exception of steam distillation which closely resembles it, other 
types of feed permit the instrumentation to be simplified. Included in 
Fig. 21.29 are the by-passes about the instrument controllers and the 
safety or relief valves on the exchangers. Safety valves are of the expan­
sion-spring type. If it is possible in any way for the flow of the cold 
liquid to be halted because a valve has been accidentally turned off or the 
instrument control fails, a safety valve is placed on the inlet side of the 
cold fluid. It permits the expansion of the halted cold liquid to be 
relieved inasmuch as the hot fluid may continue to flow and prevents 
destructively large pressures from being built up in the liquid lines. 
After the small amount of liquid expansion has been relieved, the valve 
reseats itself. Attention should also be focused on the hook-up of the 
reboiler. Instead of the overflow going to the product outlet, as in the 
recirculating hook-up, the overflow is used to equalize the liquid level on 
a once-through arrangement. This is preferable in the event that the 
reboiler is overdesigned and more than the required amount o vaporiza­
tion may occur. The temperature indicators shown in the column are 
multiple thermocouples connected usually to a single indicating instru­
ment. The instruments which would make a convenient panel board 
for the control of the process are shown by a horizontal line for board 
mounting. 

Conclusion. The elements of process control presented here have been 
among the simplest. The steppingstones by which an' overall modern 
process can be controlled involve far more than the combination of several 
single effects. For these complex applications the many compound 
instruments of particular manufacturers are required to amplify the 
measurements or surpress the lags resulting from a large number of 
controls. 
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T.ABLE 1. CoNVERsiON FAcToRs AND CoNSTANTS 

Energy and power: 

Btu = 0.252 kg-cal 
Btu == 0.293 watt-hr 
Btu == 0.555 pcu (pound centigrade unit) 
Btu = 778 ft-Jb 
Btu/min = 0.236 hp 
Hp = 42.4 Btu/min 
Hp = 33,000 ft-lb/min 
Hp = 0.7457 kw 
Hp-hr = 2543Btu 
Kw = 1.3415 hp 
Watt-hr "" 3.415 Btu 

Fluid flow: 

Bbl/hr = 0.0936 cfm 
Bbl/hr = 0. 700 gpm 
Bbl/day = 0.0292 gpm 
Bbljday = 0.0039 cfm 
Cfm = 10.686 bbl/hr 
Gpm = 1.429 bbl/hr 
Gpm = 34.3 bbl/day 
Gpm X 8 (specific gravity) = 500 X slb/hr 

Heat-transfer coefficients: 

Btu/(hr) (ft2WF) = 1.0 pcuj(hr) (ft2)("C) 
Btu/(hr)(ft2)(°F) = 4.88 kg-cal/(hr)(m2)(°C) 
Btu/(hr)(ft2) (°F) = 0.00204 watts/(in. 2)("F) 

Length, area, and volume: 

Bbl = 42 gal 
Bbl = 5.615 ft• 
Cm = 0.3937 in. 
Ft3 = 0.1781 bbl 
Ft3 = 7.48 gal 
Ft3 = 0.0283 m • 
M• = 6.290 bbl 
M• = 35.314 ft• 
Ft = 30.48 em 
Ft = 0.3048m 
Gal = 0.02381 bbl 
Gal = 0.1337 ft• 
Gal = 3.785liter 
Gal = 0.8327 gal (Imperial) 
In.= 2.54 em 
Liter = 0.2642 gal 
Liter == 1.0567 qt 
M = 3.281 ft 
Ft2 "" 0.0929 m• 
Mt = 10.76 ft2 

793 
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Pressure: 

Atm = 33.93 ft of water at 6o•F 
Atm = 29.92 in. Rg at 32•F 
Atm == 760 mm Hg at 32•F 
Atm = 14.696 psi 
Atm = 2116.8lb/ft~ 
Atm = 1.033 kg/em• 
Ft of water at 60°F = 0.4331 psi 
In. of water at oo•F -= 0.0361 psi 
Kg/cm2 = 14.223 psi 
Psi = 2.309 Ft of water at 6o•F 

Temperature: 

Temperature •c = % (°F - 32) 
Temperature °F = % (0 0 + 32) 
Temperature °F absolute (0R) = •F + 460 
Temperature •c absolute ("K) = •c + 273 

Thermal conductivity: 

Btu/(hr) (ft2WF /ft) = 12 Btu/(hr) (ft2)("F (m.) 
Btu/(hr)(ft2}eF /ft) = 1.49 kg-cal/(hr) (m2)("C/m) 
Btu/(hr)(ft2)("F/ft) = 0.0173 watts/(cm2)(

0 0/cm) 

Viscosity (additional factors are contained in Fig. 13): 

Poise = 1 g/(cm)(sec) 
Centipoise = 0.01 poise 
Centipoise = 2.42 lb/(ft)(hr) 

Weight: 

Lb = 0.4536 kg 
Lb .., 7000 grains 
Ton (short or net) = 2000 lb 
Ton (long) = 2240 lb 
Ton (metric) = 2205 lb 
T~n (metric) = 1000 kg 

Constant&: 

Acceleration of gravity = 32.2 ft/sec 2 

Acceleration of gravity = 4.18 X 101 ftjhr• 
Density of a cubic foot of water "" 62.5lb/ftl 
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TABLE 2. THERMAL CoNDUCTlVITIES OF SoME BUILDING AND INSULATING 

MATERIALS* 

k = Btu/(hr)(ft2WF/ft) 

Apparent 
density 

Material p, lb/ft" OF k 
at room 

temperature 

Aerogel, silica, opacified ................... . 8.5 248 0.013 
554 0.026 

Asbestos-cement boards .................... . 120 68 0.43 
Asbestos sheets ........................... . 55.5 124 0.096 
Asbestos slate .. : ......................... . 112 32 0.087 

112 140 0.114 
Asbestos ................................. . 29.3 -328. 0.043 

29.3 32 0.090 
36 32 0.087 
36 212 0.111 
36 392 0.120 
36 752 0.129 
43.5 -328 0.090 
43.5 32 0.135 

Aluminum foil, 7 air spaces per 2.5 in ....... . 0.2 100 0.025 
351 0.038 

Ashes, wood .............................. . ...... 32-212 0.041 
Asphalt ..........••....................... 132 68 0.43 
Boiler scale (ref. 364) ...................... . 
Bricks. 

Alumina (92-99% AI.Oa by weight) fused .. . 
.Aiumina (64-65% Al.O, by weight) ....... . 

...... 801 1.8 

...... 2399 2.7 
(See also Bricks, fue .clay) ................ . 115 1472 0.62 

115 2012 0.63 
Building brickwork ...................... . ...... 68 0.4 
Chrome brick (32%, Cr,Oa by weight) ..... . 200 392 0.67 

200 1202 0.85 
200 2399 1.0 

Diatomaceous earth, natural, across strata 27.7 399 0.051 
27.7 1600 0.077 

Diatomaceous, natural, parallel to strata 27.7 399 0.081 
27 7 1600 0.106 

Diatomaceous earth, molded and fired ..... 38 399 0.14 
38 1600 0.18 

Diatomaceous earth and clay, molded and 
fired ...........................•...•.. 42.3 399 0.14 

42.3 1600 0.19 
Diatomaceous earth, high burn, large 

pores .............................. .. 37 392 0.13 
37 1832 0.34 
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TABLE 2. THEltMAL CONDUCTIVITIES OF SOME :BUILDING .AND INSULATING 

MATERIALS. *-(Continued) 

Material 

Bricks: (Continued) 
Fire clay, Missouri. ..................... . 

Kaolin insulating brick ................. . 

Kaolin insulating firebrick ............... . 

Magnesite (86.8% MgO, 6.3% Fe,O., 3% 
CaO, 2.6.% Si02 by weight) ............. . 

Silicon carbide brick,recrystallized ..... 

Calcium -carbonate, natural. ............... . 
White marble .......................... . 
Chalk ................................. : 

Calcium sulphate (4H.O), artificial.. ........ . 
Plaster, artificial. . ; .. . . . . . . . . . . . . . . . . . . . . 

Building .............................. . 
Cambric, varnished ....................... . 
Carbon, gas ............ : ................. . 
Cardboard, corrugated ..................... . 
Celluloid ... , ................... : .......... . 
Charcoal flakes ........................... . 

Clinker, granular ......................... . 
Coke, petroleum .......................... . 

Coke, powdered .......................... . 
Concrete, cinder .......................... . 

1:4dry ................................ . 
·Stone ....................... ············ 

Cotton wool. ............................. . 
Cork board ............................... . 
Cork, ground ............................. . 

Regranulated .......................... . 

Apparent 
density 
p, lb/ft3 
at room 

temperature 

27 
27 
19 
19 

158 
158 
158 
129 
129 
129 
129 
129 
162 

96 
84.6 

132 
77.9 

87.3 
11.9 
15 

5 
10 
9.4 
8.1 

•F 

392 
1112 
1832 
2552 
932 

2102 
392 

1400 

399 
1202 
2192 
1112 
1472 
1832 
2192 
2552 

86 

104 
167 

77 
100 

32:...212 

86 
176 
176 

32-1292 
212 
932 

32-212 

86 
86 
86 
86 

k 

0.58 
0.85 
0.95 
1.02 
0.15 
0.26 
0.050 
0~113 

2 .. 2 
1.6 
1.1 

10.7 
9.2 
8.0 
7.0 
6.3 
1.3 
1.7 
0.4 
0.22 
0.43 
0.25 
0.09 
2.0 
0.037 
0.12 
0.043 
0.051 
0.27. 
3.4 

. 2.9 
0.11 
0.20 
0.44 
0.54 
0.024 
0.025 
0.025 
0.026 
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TABLE 2. THERMAL CONDUCTIVITIES OF SOME BUILDING AND INSULATING 

MATERIALS. *-(Continued) 

Material 

Diatomaceous earth powder, coarse ......... . 

Fine .................................... . 

Molded pipe covering ..................... . 

4 vol. calcined earth and 1 vol. cement, 
poured and fired .................... .. 

Dolomite ................................ . 
Ebonite .................................. . 
Enamel, silicate ........................... . 
Felt, wool. ............................... . 
Fiber insulating board ..................... . 
Fiber, red ................................ . 

With binder, baked ..................... . 
Gas carbon ............................... . 
Glass .................................... . 

Boro-silicate type ... .- ... · ................ . 
Soda glass .............................. . 
Window glass .......................... . 

Granite. . . . . .... · ........................ . 
Graphite, dense, commercial. ............... . 

Powdered, through 100 mesh ............. . 
Gypsum, molded and dry .................. . 
Hair, felt, perpendicular to fibers ........... . 
Ice ...................................... . 
Infusorial earth (see Diatomaceous earth).· ... . 
Kapok ................ ···················· 
Lampblack ................................ . 
Lava .................................. ··· 
Leather, sole ...... ·.· ..................... . 
Limestone (15.3 vol % H20) ............... . 
Linen ................ ···.················· 
Magnesia, powdered ....................... . 
Magnesia, light carbonate .................. . 
Magnesium oxide, compressed .............. . 
Marble .................................. . 

Apparent 
density 

p, lb/ft• 
at room 

· temperature 

20.0 
20.0 
17.2 
17.2 
26.0 
26.0 

61.8 
61.8 

167 

38 
20.6 
H.8 
80.5 

139 

30 
78 
17 
57.5 

0.88 
10 

62.4 
103 

49.7 
19 
49.9 

OF 

100 
1600 
399 

1600 
399 

1600 

399 
1600 

122 

86 
70 
68 

68-207 
32-212 

86-167 

32 
104 
68 
86 
32 

68 
104 

.. ·· .... 
75 
86 

117 
70 
68 

k 

0.036 
0.082 
0.040 
0.074 
0.051 
0.088 

0.16 
0.23 
1.0 
0.10 
0.5-o.75 
0.03 
0.028 
0.27 
0.097 
2.0 
0.2-o.73 
0.63 
0.3-Q.44 
0.3-0.61 
1.0-2.3 

86.7 
0.104 
0.25 
0.021 
1.3 

0.020 
0.038 
0.49 
0.092 
0.54 
0.05 
0.35 
0.04 
0.32 
1.2-1. 7 
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TABLE 4. THERMAL CoNDUCTIVITIES oF LIQUIDS* 

k = Btu/(hr) (ft•)("F /ft) 
A linear variation wi~h temperature may be assumed. The extreme values given 

constitute also the temperature limits over which the data are recommended. 
Liq,Uid ::!!: ~ 1quid ::!!: __!!!._ 

Acetic aeid 100%............ . . . . g~ 8:~&9 Heptyl &!coho! (1>·) •.• • • • • • • · • • • · • 1fr 8:&8f 
Acetone ..... ~~."::;:::::::::::::·. 86 0.102 Hexylalcohol(»·)........... 86 0.093 

167 0.095 167 0.090 

rnr,;~~l~~~~: '.'.'.'.' .':::::::::::::: 7~~~ ug4 
Kerosene ............... .. 

Ammonia, aqueous 26%.......... 68 0.261 
14500 00 ·. 20983 Lauric acid ................... . 

Amyl aeetate ........ , .... , ..... , 
Alcohol (n-) ....... , .... ,...... 86 0.094 

212 0,089 
86 0.088 

167 0. 087 
Aniline ............. , ........... 32-68 0.100 

Benzene........................ 86 0.092 
140 0,087 

Bromohenzene...... . . . . . . . . . . . . . 8G 0. 074 
212 0,070 

Butyl acet&te (n-) .•....••.••...•. 77-86 0. 085 
Alcohol (n-)......... .... ... .. . 86 0.097 

167 0.095 
(is<>-).................. 50 0.091 

Caleium chloride brine 30% ....•.. 
15% ...... . 

Carbon disulphide ............... . 

Tetrachloride .... ' ............ . 

Chlorobenzem> .................. . 
Chloroform ..................... . 
Cymene (para) .... ·. , .......... .. 

Decane (n-) ................... ,. 

Dichlorodilluoromethane ... , ..... . 

Diehloroethane .............. , .. . 
Dichloromethane ................ . 

Ethyl o.cet&te ................... . 
Alcohol 100 % •......•..•..•..• 

80% .... ······ ...... . 
60% ............... .. 
40% .... ······ ...... . 
20% ................ . 

100% ............... .. 
Ben1=ene ....... ~ ............. . 

Bromide ..................... . 
Ether ........................ . 

Iodide ....................... . 

Ethylene glycol.. ........... ·, ... . 

Gasoline •......•............•... 
GlyoorollOO% .................. . 

80% .................. . 
60% •......... ·•······· 
40% .................. . 
20% .................. . 

100% .... ' ............. . 

Hep1;ane (n-) .............. , 

Hexane (n-) ...... , ............. . 

86 
86 
86 

167 
32 

154 
50 
86 
86 

140 

86 
140 

20 
60 

100 
140 
180 
122 

5 
86 

0,32 
0,34 
0.093 
0.088 
0.107 
0.094 
0.083 
0.080 
0.078 
0.079 

0.085 
0,083 
0.057 
0.053 
0.048 
0.043 
0.038 
0,082 
0.111 
0.096 

68 0.101 
1)8 0.105 
58 0.137 
68 0,171) 
68 0.224 

'68 0.281 
122 0.087 

86 0,081) 
140 0.082 
68 0.070 
86 0.080 

161 0.078 
104 0.064 
167 0,063 
32 0.153 

86 0.078 
1)8 0.164 
68 0.189 
68 0.220 
68 0.259 
68 0. 278 

212 •

1 

0.164 

86 {l.OS1 
140 0.079 
Sil 0. 080 

140 0.078 

Mercury ....................... . 
Methyl aclohol 100% ............ . 

80'1o ......... .. 
60% ......... .. 
40% ........ .. 
20% ........ .. 

100% ..... "'.'' 
Chloride .•.............. : .... 

Nitrobenzene. ~ .................. 

Nitromethane . .................. 

N onane (n-) . .................... 

Oct&ne (n-) ..................•... 

Oils 
Castor ........................ 

Olive ......................... 

Oleio o.oid., ..•.................. 

Palmitio acid .................... 
Para.ldehyde ..................... 

Pentane (n·) •.••••..•. · ........• 

Perchloroethylene ...............• 
Petroleum. ether ................• 

Propyl alcohol (,...) ............... 

Aloohol (is<>-) .................. 

Sodium ......................... 

Sodill'Ql eh!oride brine 25.0 % ...... 
12.5% ...... 

Steario o.oid .......... : .. ........ 
Sulfurie acid 90% ................ 

60% ......... ······· 

suifur dioxid!.~~.'.'.'::::::::::::: 

Toluene ......................... 

~riehloroethane .................. 
chloroethylene ................ 

Turpen tine ...•.................. 

Vsseline ........... c •••••••••••• 

Water .••..••.......• ·········· 

Xylene ~orlho-) .................. 
meta-) .••.••...•.......• 

68 
157 

212 

82 
68 
GS 
1)8 
68 
68 

122 
5 

86 

86 
212 

86 
140 

86 
140 

86 
uo 

68 
212 
68 

212 
212 

212 
81> 

212 
86 

167 
122 
86 

167 
86 

167 
86 

140 

212 
410 

86 
86 

212 
86 
86 
86 
5 

86 

86 
167 
122 
122 
59 

59 

32 
86 

HO 
17<1 

6S 
68 

0.086 
0,081 

0.102 

4.83 
0.124 
0,154 
0.190 
0.234 
0.284 
0.114 
0.111 
0,089 

0.095 
0,088 
0.125 
0.120 
0.084 
0.082 

0,083 
0.081 

0.104 
0.100 
0.097 
0.095 
0.0925 

0.0835 
0.084 
0.078 
0.078 
0.074 
0,092 
0.075 
0.073 
0.099 
0.095 
0.091 
0.090 

49 
46 
0.33 
0.34 
0.0786 
0.21 
0.25 
0.30 
0.128 
0.111 

0.086 
0.084 
0.077 
0.080 
0.074 

0.106 

0.330 
0.356 
0.381 
0.&118 

0.090 
0.090 

* Fl'om Perry, J. H., "Chemical Engineers' H&ndbook," 3d ed,, MoGraw-Hill Book Company, Inc., 
N..,. York, 1950. 



APPENDIX OF CALCULATION DATA 

TABLE 5. THERMAL CONDUCTIVITIES OF GASES AND VAPORS* 

k = Btu/(hr){ft2){"F jft) 

801 

The extreme temperature values given constitute the experimental range. For 
extrapolation to other temperatures, it is suggested that the data given be plotted as 
log k vs. log T or that use be made of the assumption that the ratio cp,fk is practically 
independent of temperature (or of pressure, within moderate limits). 

Substance "F " Substance "F " 
~ ---

Acetone ........................ 32 0.0057 Dichlorodifluoromethane . . ~ ..... 32 0.0048 
115 0.0074 122 0. 0064. 
212 0.0099 212 0.0080 
363 0.0147 302 0.0097 

Acetylene ..................... -103 0.0068 Ethane ....................... -94 0.0066 
32 0.0108 -29 0.0086 

122 0.0140 32 0.0106 
212 0.0172 212 0.0175 

Air .........•................. -148 0.0095 Ethyl acetate .................. 115 0.0072 
32 0.0140 212 0.0096 

212 0.0183 363 0.0141 
392 0.0226 Alcohol. .................... 68 0.0089 
572 0.0265 212 0.0124 

Ammonia ..................... -76 0.0095 Chloride .................... 32 0.0055 
32 0.0128 212 0.0095 

122 0.0157 363 0.0135 
212 0.0185 413 0.0152 

Ether ....................... 32 0.0077 
Benzene ...................... 32 0.0052 115 0.0099 

115 0.0073 212 0.0131 
212 0.0103 363 0.0189 
363 0.0152 413 0.0209 
413 0.0176 Ethylene ..•................... -96 0.0064 

Butane (1l·) .••.....•.••..••••. 32 0.0078 32 0.0101 
212 0.0135 122 0.0131 

(i•o-) .................. 32 0.0080 212 0.0161 
212 0.0139 

Carbon dioxide ................ -58 0.0068 Heptane (n-) .................. 392 0.0112 
32 0.0085 212 0.0103 

212 0.0133 Hexane (n-} ...............•.•• 32 0.0072 
392 0.0181 68 0.0080 
672 0.0228 Hexene ....................... 32 0.0061 

Dieulphide .................. 32 0.0040 212 0.0109 
45 0.0042. Hydrogen ..................... -148 0.065 

Monoxide ................... -312 0.0041 -58 0.083 
-294 0.0046 32 0.100 

32 0.0135 122 0.115 
Tetrachloride ................ 115 0.0041 212 0.129 

212 0.0052 572 0.178 
363 0.0065 Hydrogen and carbon dioxide ... 32 

Chl~>rine ...................... 32 0.0043 0% H, ...................... 0.0083 
Chloroform .................... 32 0.0038 20% ......................... 0.0165 

115 0.0046 40% ......................... 0.0270 
212 0 0058 60% ................. · ........ 0.0410 
363 0.0077 80% ......................... 0.0620 

Cyclohexane ................... 216 0.0095 100% ........................ 0.10 
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TABLE 5. THERMAL CONDUCTIVITIES OF GASES AND VAPORS. *-(Continued) 

Substance OF k Substance OF k 

Hydrogen and nitrogen .. , ...... 32 Nitric oxide ... : . .............. -94 0.0103 
0% H, ..................... 0.0133 32 0.0138 

20% ............. ······ ..... 0.0212 Nitrogen ...................... -148 0.0095 
40% ........................ 0.0313 32 0.0140 
60% ........................ 0.0438 122 0.0160 
80% ........................ 0.0635 212 0.0180 

Hydrogen and nitrous oxide .... . 32 Nitrous oxide ........ .......... -98 0.0067 
0% H, .................... , 0.0002 32 0.0087 

20% .............. ·········· 0.0170 212 0.0128 
40% ........................ 0.0270 
60% ........................ 0.0410 Oxygen ....................... -148 0.0095 
80% .. · ........................ 0.0650 -58 0,0119 

Hydrogen sulphide ............. 32 0.0076 32 0.0142 
122 0.0164 

Mercuzy . .................... · 392 0.0197 212 0.0185 
Methane ...................... -148 0.0100 

-58 0.0145 Pentane (n-) . .•..•.•..••••.... 32 0.0074 
32 0.0175 68 0.0083 

122 0.0215 (iso-) ... , ............. 32 0.0072 
Methyl alcohol. ............... 32 0.0083 212 0.0127 

212 0.0128 Propane ...................... 32 0.0087 
Acetate ..................... 32 0.0059 212 0.0151 

68 0.0068 
Methyl chloride ............. , .. 32 0.0053 Sulphur dioxide ................ 32 0.0050 

115 0.0072 212 0.0069 
212 0.0094 
363 0.0130 Water vapor .................. 115 0.0120 
413 0.0148 212 0.0137 

Methylene chloride ............. 32 0.0039 392 0.0187 
115 0.0049 572 0.0248 
212 0.0063 752 0.0315 
413 0.0095 932 0.0441 

*From Perry, J. H., "Chemical Engineers' Handbook," 3d ed., McGraw-Hill Book Company, Inc., 
New York, 1950. 
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Specific heat' Btu/{lb.l(Deg. F.l 

No. Li uld Ran • De .F. 

29 Acetic Acid 100" 32- 176 Specific 

32 Acetone 68- 122 Heat 

52 Ammonia - 94- I 22 
37 Amyl Alcohol -58- 11 
26 Amyl Acetate 32-212 
30 Aniline 32-266 
23 Benzene 50- 176 I 
'Z7 Benzyl Alcohol ·4- 86 
10 Benzyl Chloride -22- 86 2A 2 
49 Brlne,25% CaCir -40- 68 3 0 
51 Brine, 25% NaCI -40- 68 0 03A 

44 Butyl Alcohol 32c212 40 04A 
2 Carbon Disulfide ·148- 71 
3 Carbon Tetrachloride 50- 140 
8 Chlorabenzene 32- 212 50 
4 Chloroform 32- 122 

21 Decane -112- 77 60 
6A Dichlaraathana -22- 140 06A 
5 Dichlaramethone -40- 122 7 7A 

15 Olphenyl 176- 248 0 0 &010 
22 Diphenylmethane 86- 212 oa 
16 Oiphenyl Oxide 32- 392 

110 d2 013A 16 Dawtherm A 32- 392 
24 Ethyl Acetate -58- 11 '"co ol3 
42 . Alcohol 100% 86- 176 16 1~ 82o 
46 " 95% 68- 176 Cb 021 
50 " " 50" 68- 176 22o 0 17 19 024 
25 Benzene 32- 20 

I Bromide 41 - 75 250
23 

13 Chloride -22- 104 026 
36 Ether -148- 77 y 29Cf>oo31cJ4 7 " Iodide 32- 21 2 
39 Ethylene Glycol ·40- 392 

280 329f03'5 
33o 

41 
3¢ ~39 3G 

42 s ~ 48 0 
Q) 44 40 

2A Freon-II(CC1 3 Fl 
6 • •12[CC1e~) 
4A • ·21(CHCieF} 
7A " ·22(CHCIF2) 
3A " .·113(CCI2F· CCIFzl 
38 Glycerol 
28 Heptane 
35 Hexane 
48 Hydrochloric Acid, 30% 
41 Isoamyl Alcohol 
43 Isobutyl Alcohol 
4 7 Isopropyl Alcohol 
31 Isopropyl Ether 
40 Methyl Alco-hol 
13A Methyl Chloride 
14 Naphthalene 
12 Nitrobenzene 
34 Nonone 
33 Octane 

3 Perchlorathylene 
45 Propyl AI cohol 
20 Pyridine 

9 Sulfuric Acid 98" 
11 Sulfur Dioxide 
23 Toluene 
53 Water 
/ B Xyl~na gr~~0a 
17 Para 

43 
460 047 

Ran 
·4· 158 

·40- 59 
•4- I 58 
-4- 140 
·4· 158 

·40- 68 
32· 140 
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-~~~: 2~~ oso 
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FIG. 2. Specific heats of liquids. ( OhiUon, Colburn, and Vernon, based mainly on data from 
International Cruical TableB. Perry, "Chemical EnuineerB' Handbook," 3d ed., McGraw­
HUl Book Company, Inc., New York, 1950.) 
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C = Specific heat= Btu 1 (I b)( deg. F) 

5 6 
Og 0 

No. Gas Ranae·Oea.f 
10 Acetylene 32- 390 

0 
II 12 

tooo 0 

15 . 390- 750 0 
16 " 750-2550 15 
27 Air 32-2550 
12 Ammonia 32-1110 
14. . 1110-2550 
IB Carbon Olo•ide 32- 750 
24 . . 

750·2; 
26 Carbon Monoxide 32-25 
32 Chlorine 32- 3 
34 . 390-2550 

3 £thane 32- 390 

17A 
0 t7C 18 
oo 0 178 0 

170 
9 . 390-1110 
6 . 1110-2!550 
4 EthyJene 32- 390 
II 390-11 tO 

22 
0 

13 . 
1110~1i 17B Freon-11 (CC~F) 32- 30 

17C . • ·21 (CH 12 Fl 32-
17A • ·22(CHCI F.) 32-
170 • -113(CCizF·C~IFz) 32- 300 

I Hydrogen · :32-1110 
2 " 1110-2550 

35 Hydrogen Bromide 32-2550 
30 • Chloride 32-2550 
20 . Ffuorida 32-2550 
36 . Iodide :32-2550 
19 . Sulfide 32-1290 
21 . . 1290-2550 
5 Met~ane 32- 570 
6 570-~~ 
7 . U1.90·2 

2!5 Nitric Oxide 32-1290 
28 " . 1290-2!550 
26 Nitrogen 32-2550 
23 OlC~~en 32- 930 
29 930-2550 
33 Sulfur 570-2550 
22 Sulfur Dioxide 32- 750 
31 . " 750-2550 
17 Water 32-?.550 

1 
0 

so 
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0 

c 
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14 

016 

017 
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19 21 0 0 e4 
230 ° 26

28 e?i?s 
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FIG. 3. Speoifio heats of gases at 1 atm. (Perry, "Ohemic.al Engineer8' Handbook," 3ded., 
McGraw-Hill Book Company, Inc., New York, 1950.) 
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TABLE 6. SPECIFIC GRAVITIES AND MOLECULAR WEIGHTS OF LIQUIDS 

Compound 
Mol. •• Compound Mol • .. wt. wt. 

Acetaldehyde ....... . 44.1 0.78 Ethyl iodide ....... , ....... 155.9 1.93 
Acetic s.cid,_100% .. . 60.1 1.05 Ethyl glycol. ................... 88.1 1.04 
Acetic acid1 70% ... . 1.07 Formic acid ... ................. 46.0 1.22 
Acetic anhydride ............ . 102.1 1.08 Glycerol, 100% ....... , ......... 92.1 ·1.26 
Acetone ................ . 68.1 0.79 Glycerol, 50% .................. 1.13 
Allyl alcohoL ......... . 58.1 O.Sf n-Heptane .•..................• 100.2 0.68 
Ammonia, 100% ........ . 17.0 0.61 n-Hexane ................ .-..... 86.1 0.66 
Ammonia, 26% . .... . 0.91 Isopropyl alcohol. .............. 60.1 0.79 
Amyl acetate ....... . 130.2 0.8f Mercury ....................... · 200.6 13.55 
Amyl alcohol. ...... . 88.2 0.81 Methanol, 100% .. 32.5 0.79 
Aniline ..•.......... 93.1 1.02 Methanol, 90% ..... : . ..... 0.82 
Anisole ............ . 108.1 0.99 Methanol, 40% ............ 0.94 
Arsenic trichloride .. . 181.3 2.16 Methyl acetate ............ 74.9 0.93 
Benzene ........... . 78.1 0.88 Methyl chloride ............ 50.5 0.92 
Brine, CaCh 25% ....... . 1.23 Methyl ethyl ketone ............. 72.1 0.81 
Brine, NaC! 25% .......... . 1.19 Naphthalene ................... 128.1 1.14 
Bromotoluene, ortho . ........ . 171.0 1.42 Nitric acid, 95 % ....... , ........ 1.50 
Bromotoluene, meta . .. . 171.0 1.41 Nitric &eid, 60 % ............... , 1.38 
Bromotoluene, para ... ....... . 171.0 1.39 Nitrobenoene ................... 123.1 1.20 
n-Butane •...•..... : . ....... . 58.1 0.60 N1trotoluene, ortho .............. 137.1 1.16 
.:-llutane ........... , ........ . 58.1 0.60 Nitrotoluene, meta .............. 137.1 1.16 
Butyl acetate .................. . 116.2 0.88 Nitrotoluene, para . ............. 137.1 1.29 
n-Butyl alcohol. .... . 74.1. 0.81 n-Octs.ne ....................... '114.2 0.70 
i-llutyl alcohol. .............. .. 74.1 0.82 Octyl alcohol. .................. 130.23 0.82 
n-Butyric acid ..... . 88.1 0.96 Pentachloroethane. , ............ 202.3 1.67 
i-Butyric acid . ................ . 88.1 0.96 n-Pentane ...................... · 72.1 0.63 
Carbon dioxide .......... . 44.0 1.29 Phenol. ........................ 94.1 1.07 
Catl>on disulfide ......... . 76.1 1.26 Phosphorus tribromide ........... 270.8 2.85 
Carbon tetrachloride . .... . 153.8. 1.60 Phosphorus trichloride ............ 137.4 1.57 
Chlorobenzene ........... . 112.6 1.11 Propane: ....................... 44.1 0.59 
Chloroform .............. . 119.4 1.49 Propionic acid . ................. 74.1 0.99 
Chlorosulfonic acid ............ . 116.5 1.77 n-Propyl alcohol. ... . . . . . . . . . . . . 60.1 0.80 
Chlorotoluene, ortho ..... . 126.6 1.08 n-Propyl bromide ............... 123.0 1.35 
Chlorotoluene, meta ...... . 
Chlorotoluene, para .. .... . 

126.6 1.07 n-Propyl chloride ............... 78.5 0.89 
126.6 ui7 n-Propyl iodide ................. 170.0 1.75 

Cresol, meta . ........ : ... . 108.1 1.03 Sodium ........................ 23.0 0.97 
Cyclohexanol. .......... . 100.2 0.96 Sodium hydroxide, 50% ......... 1.53 
Dibromo methane .............. . 187.9 2.09 Stannic chloride ............... ·. 260.6 2.23 
Dichloro ethane ................ . 99.0 1.17 Sulfur dioxide .................• 64.1 1.38 
Dichloro methane . ........ :· . .. . 88.9 1.34 SuUuric acid, 100 % •......•..•.. 98.1 1.83 
Diethyl oxalate ................ . 146.1 1.08 Sulfuric acid, 98% .............. 1~84 
Dimethyl oxalate ......... . 118.1 1.42 Sulfuric acid, 60% .............. 1.50 
Diphenyl. ........... . 154.2 0.99 SuUuryl chloride ............... 135.0 1.67 
Dipropyl oxalate ......... . 174.1 1.02 Tetra chloroethane .............• 167.9 1.60 
Ethyl acetate ............. . 88.1 0.90 Tetrachloroethylene ...........• 165.9 1.63 
l>thyl alcohol, 100% ............ . 46.1 0.79 Titanium tetrachloride ........... 189.7 1. 73 
Ethyl alcohol, 95% ............. . 0.81 Toluene ........................ 92.1 0.87 
Ethyl alcohol, 40 % ............. . 0.94 Trichloroethylene •.............. 131.4 1.46 
Ethyl benzene ................. . 
Ethyl' bromide .............. .' .. . 

106.1 0.87 Vinyl ae&tate ................... 86.1 0.93 
108.9 1.43 Water .....•................... 18.0 1.0 

Ethyl chloride ......... . 64.5 0.92 Xyl~ne, ortho .................. 106.1 0.87 
Ethyl ether ............ . 74.1 0.71 Xylene, meta. . .................. 106.I 0.86 
E~hyl formate ............. . 74.1 0.92 Xylene, para ................... 106.1 0.86 

*At approximately 6S°F. These values will be satisfactory, without extrapolation, for moat engi­
n~q problems. 
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FIG, 10. Enthalpies of light hydrocarbons. [Scheibel and Jenny, Ind. Eng. Chem., 37, 993 
(1945).] 
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FIG. 11. Enthalpies of petroleum fractions. 
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APPENDIX OF CALCULATION DATA 

Ll OU I D 

Acetic ocid 
Acetone 
Ammonia 
Am~l ~lcohoH-isol 
Benzene 
Butone{-nl 

Butone(-iso) 
Butyl ~lcoholl-nl 
Butyl alcohol (-isol 

II II 

Butyl olcohol (-secl 

~~~~0~1';fi~~i~~ tert l 
Corban disulfide 
Corban fetroohlaride 
Chlar'ne 
Chloroform 
Dichloroethylene l-ei•) 
Dimeth~l "mine 
Diphen~l 

" 
Diphen~l oxide .. . 
Eth<>ne 
Et~yl alc~hol 

Ethyi <>mine 
Ethyl chloriofe 
Ethylene 

Ethyl ether 
" 
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Sulfur ~ioxide 
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" 

fo Rcmge 
'F t 0-t 'F 
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FIG. 12. Latent heats of vaporization. [Reproduced by permission of Chilton, Colburn, and 
Vernon, personal communication (reviaed) 1947.] 
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TAliLE 7. THERMODYNAMIC PROPERTIES OF STEAM 

Dry saturated steam: pressure table* 

Specific volume Enthalpy Entropy internal 

Temp, 
energy 

OF Sat. Sat. Sat. E\•ap Sat. Sat. E'l'ap s .. t. Sat. Sat. 
liquid vapor liquid vapor liquid. liquid vapor vapor 

t ., •• ht hto h, 81 "8Jg . •• 'UJ "'• Ilif:74 0.01614 333.6 69.70 Tii36.3 TI05.0 0.1326 1.8456 1.9782 69.70 1044.3 
126.08 0.01623 173.73 93.99 1022.2 1116.2 0.1149 1.7451 1.9200 93.98 1051.9 
141.48 0.01630 118.71 109.37 1013.2 1122.6 0.2008 1.6855 1.8863 109.36 1056.7 
152.97 0.01636 90.63 120.86 1006.4 1127.3 0.2198 1.6427 1.8626 120.8 5 1060.2 
1&2.24 0.01640 73 .. 52 130.13 1001.0 1131.1 0.2347 1.6094 1.8441 130.12 1063.1 

170.06 0.01645 61.98 137.96 996.2 1134.2 0.2472 1.5820 1.8292 137.94 1065.4 
176.85 0.01649 53.64 144.76 992.1 1136.9 0.2581 Uii;S& 1.8167 144.74 1067.4 
182.86 0. 01653 47.34 150.79 988.5 1139.3 0.2674 1.5383 1.8057 150.77 1069.2 
188.2S 0. 01656 42.40 156.22 985.2 1141.4 0.2759 1.5203 1.7962 156.19 1070.8 
193.21 0. 01659 38.42 161.17 982.1 1143.3 0,2835 1.5041 1.7876 161.14 1072.2 

m:gg,g:&lm 26.80. 180.07 970.3 1150.4 0.3120 1.4446 1.7666 180.02 1077.5 
26.29 181.11 969.7 1150.8 0.3135 1.4415 1. 7549 181.06 1077.8 

~~:&~~s:mg~ 20.0S9 196.16 960.1 1156.3 0.3356 1.3962 1. 7319 196.10 1081.9 
16.303 208.42 952.1 1160.6 0.3533 1.3606 1.7139 208.34 1085.1 

2~0.3310.01701 13.746 218.82 946.3 1164.1 0.3680 1.3313 1.6993 218.73 1087.8 

2o9.28:0.01708 11.898 227.91 939.2 1167.1 0.3807 1.3063 1.6870 227.80 1090.1 
267 .25!0.01715 10.498 236.03 933.7 1169.7 0.3919 1.2844 1.6763 235.90 1092.0 
274.44~0.01721 9.401 243.36 928.6 1172.0 0.4019 1.2650 1.6669 243.22 1093.7 
281. OliO. 01727 8.615 250.09 924.0 1174.1 0.4110 1.2474 1,6585 249.93 1095.3 

287 .07r-01732 7.787 256.30 919.6 1175.9 0.4193 1.2316 1.6509 266.12 1096.7 

292.710.01738 7.175 262.09 915.5 1177.6 0.4270 1.2168 1.6438 261.90 1097.9 
297.970.01743 6.655 267.50 911.6 1179.1 0.4342 1.2032 1.6374 267.29 1099.1 
302.920.01748 6.206 272.61 907.9 1180.6 0.4409 1.1906 1.6315 272.·38 1100.2 
307 .60,0.01753' 5.816 277.43 904.5 1181.9 0.4472 1.1787 1.6259 277.19 1101.2 
312.03 0.01757 5.472 282.02 901.1 1183.1 0.4531 1.1676 1.6207 28Li6 1102.1 

316.25 0.01761 5.168 286.39 897.~ 1184.2 0.4587 1.1571 um 286:11 1102.9 
320.27 0.01766 4-.896 290.56 894.7 1185.3 0.1641 1.1471 290:27 1103.7 
324.12 0.01770 4.652 294.56 891.7 1186.2 0.4692 1.1376 1.6068 294.25 1104.6 
327.81 0.01774 4.432 298.40 888.8 1187.2 0.4740 1.1286 1.6026 298.08 1105.2 
334.77 0.01782 4.049 305.66 883.2 1188.9 0.4832 1.1117 1.5948 305.30 1106.6 

341.25 0.01789 3.728 312.44 877.9 1190.4 0.4916 1.0962 1.5878 312.05 1107.6 
347.32 0.01796 3.455 318.81 879.9 1191.7 0.4995 1.0817 1.5812 318.38 1108.6 
353.02 0.01802 3.220 324.82 868.2 1193. or.5069 1.0682 1.6751 324.35 1109.& 
358.42 0.01809 3.015 330.51 863.6 1194.1 0.5138 1.0556 1.5694 330.01 1110.5 
3&3.53 0.01815 2.834 335.93 859.2 1195.1 0.5204 1.0436 1.5640 335.39 1111.2 

368.41 0.01822 2.675 341.09 854.9 1196. 010.5266 1.0324 1.5590 340.52 1111.9 
373.06 0.01827 2.532 346.03 850.8 1196.9 0.5325 1.0217 1.5542 345.42 1112.1> 
377.51 0.01833 2.404 350.79 846.8 1197.6 O.li3Sl 1.0116 1.5497 350.16 1113.1 
381.79 0.01839 2.288 355.36 843.0 1198.4 0.5435 1.0018 1. 5453 354.68 1113.7 
400.9$ 0.01865 1,8438 376.00 825.1 1201.1 0.5675 0.95811 1.5263 375.14 1115.8 

417.33 0.01890 1.5433 393.84 809.0 1202.8 0.5879 0.9225 1.5104 392.79 1117.1 
431.72 0.01913 1.3260 409.&9 794.2 1203.9 0.6056 0.8910 1.49&6 408.45 1118.0 
444.59 0.0193 1.1613 424.0 780.5 1204.5 0.6214 0.8630 1.4844 422.6 1118.5 
456.28 0.0195 1.0320 437.2 767.4 1204.6 0.6356 0.8378 1.4734 435.5· 1118.7 
467.01 0.0197 0.9278 449.4 755.0 1204.4 0.6487 0.8147 1.4634 447.6 1118.6 

476.94 0.0199 0.8424 460.8 743.1 1203.9 0.6608 0.7934 1.4542 458.8 1118.2 
486.21 0.0201 0. 7698 471.6 131.6 1203.2 0.6720 0.7.734 1.4454 469.4 1117.7 
494.90 0.0203 0. 7083 481.8 720.5 1202.3 0.6826 0.7548 1.4374 479.4 1117.1 
503.10 0.0205 0.6554. 491.5 709.7 1201.2 0.6925 0.1371 1.4296 488:8 1116.3 
510.86 0.0207 0.6092 500.8 699.2 1200.0 0.7019 0.7204 1.4223 598.0 1115.4 

518.23 0.0209 0.5687 509.7 688.9 1198.6 0.7108 0.7045 1.4153 506.6 1114.4 
525.26 0.0210 0.5327 518.3 678.8 1197.1 0.7194 0.6891 1.4085 516.0 1113.3 
531.98 0.0212 0.5006 526.6 668.8 1195.4 0.7275 0.6744 1.4020 523.1 1112.1 
538.43 0.0214 0.4717 534.6 659.1 1193.7 0.7355 0.6602 1.3957 530.9 1110.8 
544.61 0.0216 0.4456 542.4 649.4 1191.8 0.7430 0.6467 1.3897 538.4 1109.4 

556.31 0.0220 0.4001 557.4 630.4 1187.8 0.7575 0.6205 1.3780 652.9 1106.4 
567.22 0.0223 0. 3619 571.7 611.7 1183.4 0.7711 0.5956 1.3667 566.7 1103.0 
577.46 0.0227 0. 3293 585.4 593.2 1178.6 0.7840 0. 5719 1.3559 580.0 1099.4 
587.10 0. 0231 0. 3012 598.7 574.7 1173.4 0.7963 0,5491 1.3454 592.7 1095.4 
596.23 0.0235 0.2765 611.6 556.3 1167.9 0.8082 0.6269 1.3351 605.1 1091.2 

635.82 0.0257 0.1878 671.7 463.4 1135.1 0.8619 0.4230 1.2849 662.2 106.5.6 
668.13 0.0287 0.1307 730.6 360.6 1091.1 0.9126 0.3197 1.2322 717;3 1030.6 
695.36 0.0346 o,.Q858 802.5 217.8 1020.3 0.9731 0.1886 1.1615 783.4 972.7 

3206.2.705. 40 0.0503 0.@503 902.7 0 902.7 1.0580 0 1.0580 872.9 872.9 

Abs 
pres.s., 

ps1 

p 
-r.o 

2.0 
s.o 
4..0 
6,0 
6.0 
'1.0 
8.0 
9.0 

10 
14.,696 

11> 
20 
21> 
30 
31> 
4.0 
45 
&0 
lUI 
60 
65 
'10 
'11> 
80 
85 
90 
95 

100 
110 
1!10 
130 
140 
1110 
160 
1'10 
180 
190 
liDO 
llliO 
300 
380 
,00 
450 
600 
1160 
600 
650 
TOO 
'150 
800 
850 
900 
950, 

··1000 
1100 
1200 
1300 
1,00 
1&00 
2000 
2500 
3000 
.3206.2 

*Abridged "Thermodynamic Properties of Steam" by Joseph H.'. Keenan and Frederick G. Keyes. 
lohn Wiley & Sons, Inc., New York, 1937. 
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APPENDIX OF CALCULATION DATA 

TABLE 7. THERMODYNAMIC PROPERTIES OF STEAM.-(Continued) 
Dry saturated steam: temperature table* 

Specific volume Enthalpy Entropy 
Abo 

press., psi Sat. Evap. Sat. Sat. Evap. Sat. Sat. Evap. Sat. 
liquid vapor liquid vapor liquid vapor 

p .. , ''• "• hi h1o h, ., .,. •• 
0.08854 0.01602 3306 ~ 0.00 1075.8 1075.8 0.0000 2.1877 2.I877 
0.09995 0.01602 2947 2947 3.02 1074.1 1077.1 0.0061 2.1700 2.1770 
0.12170 0.01602 2444, 2444 8.05 1071.3 W79.3 0.0162 2.1435 2.1597 
0.14752 0.01602 2036.4 2036.4 13.06 1068.4 1081..5 0.0262 2.1167 2.1429 
0.17811 0.01603 1703.2 1703.2 18.07 1065.6 1083.7 0.0361 2.0903 2.1264 

0.2563 0.01604 1206.6 1206.7 28.06 1059.9 1088.0 0.0555 2.0393 2.0948 
0.3631 0.01606 867.8 867.9 38.04 1054.3 1092.3 0.0745 1.9902 2.0647 
0.5069 0.01608 633.1 633.1 48.02 1048.6 1096.6 0.0932 1.9428 2.0360 
0.6982 0.01610 468.0 468.0 57.99 1042.9 1100.9 0.1115 1.8972 2.0087 
0.9492 0.01613 350,3 350.4 67 .9_7 1037.2 1105.2 0.1295 1.8531 1. 9826 

1.2748 0.01617 265.3 265.4 77.94 1031.6 1109.5 0.1471 1.8106 1. 9577 
1.6924 0.01620 203.25 203.27 87.92 1025.8 1113.7 0.1645 1.7694 1. 9339 
2.·2225 0.01625 157 .. 32 157.34 97.90 1020.0 1117.9 0.1816 1. 7296 1.9112 
2.8886 0.01629 122.99 123.01 107.89 1014.1 1122.0 0.1984 1.6910 l.8894 
3.718 0.01634 98.06 97.07 117.89 1008.2 1126.1 0.2149 1.6537 1.8685 

4.741 0.01639 77.27 77.29 127.89 1002.3 1130.2 0.2311 1. 6174 1.8485 
5.992 0.01645 62.04 62,06 137.90 996.3 1134.2 0.2472 1.6822 1.8293 
7.510 0.01651 50.21 60.23 147.92 990.2 1138.1 0.2630 1.5480 1.8109 
9.339 0.01667 40.94 40.96 157.95 984.1 1142.0 0.2785 1.5147 1. 7932 

11.526 0.01663 33.62 33,64 167.99 977.9 1145.9 0.2938 1.4824 1. 7762 

14.123 0.01670 27 .. 80 27.82 178.05 971.6 114!1.7 0.3090 1.4508 1.7598 
14.696 0.01672 26.78 26.80 180.07 970.3 1150.4 0.3120 1.4446 1. 7566 
17.186 0.01677 23.13 23.15 188.13 965.2 1153.4 0.3239 1.4201 1.7440 
20.780 0.01684 19.365 19.382 198.23 958.8 1157.0 0.3387 1.3901 1.7288 
24.969 0.01692 16.306 16.323 208.34 952.2 1160.5 0.3531 1.3609 1.7140 

.29.825 0.01700 i3.604 13.821 216.48 945.5 1164.0 0.3675 1.3323 1.6998 
35.429 0.01709 11.746 11.763 228.64 938.7 1167.3 0.3817 1.3043 1.6860 
41.858 0.01717 10.044 10.061 238.84 931.8 1170.6 0.3958 1.2769 1.6727 
49.203 0.01726 8,628 8.645 249.06 924.7 1173.8 0.4096 1.2501 1.6597 
57.556 0, 01735 7.444 7.461 ·259.31 9_17.5 1176.8 0.4234 1.2238 1.6472 

67.013 0. 01745 6.449 6.466 269.59 910.1 1179.7 0.4369 1.1980 1.6350 
77.68 0.01756 5,609 5.626 279.92 902.6 1182.5 0.4504 1.1727 1.6231 
89.66 0.01765 4.896 4.914 290.28 894.9 1185.2 0.4637 1.1478 1:6115 

103.06 0.01776 4.289 4.307 300.68 887.0 1187.7 0.4769 1.1233 1.6002 
118.01 0. 01787 3.770 3.788 311.13 879.0 1190.1 0.4900 1.0992 1.5891 

134.63 0. 01799 3.324 3.342 321.63 870.7 1192.3 0.5029 1.0754 1.5783 
153.04 0.01811 2.939 2.957 332.18 862.2 1194.4 0.5158 1.0519 1.5677 
173.37 0.01823 2.606 . 2.625 342.79 853.5 1196.3 0.5286 1.0287 1.5573 
195.77 0.01836 2.317 2.335 353.45 844.6 1198.1 0.5413 1.0059 1.5471 
220.37 0.01850 2.0651 2.0836 364.17 835.4 1199.6 0.5539 0.9832 1.5371 

247.31 0.01864 1.8447 1.8633 374.97 826.0 1201.0 0.5664 0.9608 1.5272 
276.75 0.01878 1.6512 1.6700 385.83 816.3 1202.1 0.5788 0.9386 1.5174 
808.83 0.01894 1.481l 1.5000 :&n~ 806.3 1203.1 0.5912 0.9166 1.5078 
343.72 0.01910 1.3308 1.3499 796.0 1203.8 0.6035 s:m~ 1.4982 
381.59 0.0192& 1.1979 1.217-1 418.90 785.4 1204.3 0.6158 1.4887 

422.6 0.0194 1.0799 1.0993 430.1 774.5 1204.6 0.6280 0.8513 1.4793 
466.9 0.0196 0. 9748 0.9944 441.4 763.2 1204.6 0.6402 0.8298 1.4700 
514.7 o·.o198 0.8811 0.9009 452.8 751.5 1204".3 0.6523 0. 8083 1.4606 
566.1 0.0200 0. 7972 0.8!.72 464.4 739.4 1203.7 0.6645 0. 7868 1.4513 
621.4 0.0202 0. 7221 0.7423 476.0 726.8 1202.8 0.6766 0.7653 1.4419 

680.8 0.0204 0.6545 0.6749 487.8 113.9 1201.7 0.6887 0. 7438 1.4325 
812.4 0.0209 0.5385 .0.5594 511.9 686.4 1198.2 0. 7130 0.7006 1.4136 
962.5 0.0215 0.4434 0.4649 536.6 656.6 1193.2 0. 7374 0.6568 1.3942 

1133.1 0.0221 0.3647 0.'3868 562.2 624.2 1186.4 0. 762110.61211.3742 
1325.8 0.0228 0.2989 0.3217 588.9 588.4 1177.310.7872,0.56591.3532 

1542.9 0.0236 0.2432 0.2668 617.0 548.51165.5 0.81310.51761.3307 
646.7 
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Temp.t 
OF 

t 
3ll 

S6 
40 
46 
liO 

60 
70 
80 
!10 

100 

110 
120 
lSO 
140 
150 

160 
170 
180 
190 
200 

210 
212 
220 
230 
2i0 

260 
260 
2711 
280 
290 

300 
310 
820 
330 
S4D 

SliD 
360 
370 
sao 
390 

400 
UD 
4ZO 
430 
440 

4li0 
460 
470 
480 
490 
1500 
520 
540 
560 
680 
&00 
620 620 1786.6 . 0.0247 0.1955 0.2201 503.6 1150.310.8398,0.46641.3062 

640 2059.7 0.0260 0.1538 0.1798 678.6 452.0 1130 . .5 0.867910.41101.2789. 640 
6&0 2365.4 0.0278 0.1165 0.1442 714.2 390.21104.410.8987i0.34851.2472 .660 
680 2708.1 0.0305 0.0810 0.1115 757.3 309.9 1067.2 0.935110.27191.2071 680 

TOO 3093.7 0.0369 0.0392 0.0761 823.3 11g.1 ~gNI~:~gg1o.&484U~~ 
'700 

'705.4 3206.2 0.0503 0 0.0503 902.7 '706.-l 

*Abridged from "Thermodyn~;ruic Properties of Steam" by Joseph H. Keenan and Frederick G. 
Keyes, John W.!ley & Sons, Ino., New York. 



818 PROCESS HEAT TRANSFER 

TAllLE 7. THEIDWDYNAMIC PROPERTIES OF STEAM.-(Coritinued) 
Properties of superheated steam* 

Abspress.,)lsi 
(sat temP) 200 300 400 500 600 100 800 900 1000 1100 1200 1400 1600 

----•. -.. -.. -.-.. -.. -.-.! '3"'92...-..8 452.3 IH2.0 571.6 631.2"600:875if.48iiif.9'869.'5929.i 9BS.7TIOf.8W7.0. 
h ........... 1150.41195.81241.71288.31335.71383.81432.81482.71533.51585.21637.71746.71857.5 1 

(101.74) 

5 
(162;24) 

10 
(192.21) 

1U96 
(212.00) 

20 
(J!27.96) 

iO 
(267.25) 

-60 
(292.71) 

so 
(312.03} 

100 
(327.81) 

GO 
(341.25) 

11.0 
(353.02) 

:ISO 
(363.53) 

180 
(373.06) 

200 
(381. 79) 

220 
{389.86) 

240 
(397.37} 

260 
(40U2) 

m· 
(411.05) 

300 
(417.33) 

350 
(431.72) 

•............ 2.0512 2.1153 2.1720 2.2233 2.2702 2.3137 2.3542 2.3923 2.4283 2.4825 2.4952 2.5666 2.6137 
..... . .. .. .. . 78.16 90.25 102.26 114.22 126.16138.10 150.03 161.95173.87185.79 197.71 221.6 245.4 
h ........ .. 1148.81195.0 1241.21288.o

1
p35.41383.6t432.71482.6 1533.41585.11637.71745.7 1857.4 

............. 1.8718 1.9370 1.9942 2.04561".0927 2.13612.1767 2.2148 2.2500 2.28512.3178 2.3792 2.4363 
.............. 38.85 45.00 51.04 57.05 63.03 69.01 74.98 80.95 86.92 92.88 98.84110.77 122.69 
h ........... 1146.61193.91240.61287.5 1335.11383.4 1432.51482.4 1533.21585.01637.61745.61857.3 
$, .•.•.•... . 1. 7937 1.85951.91721.9689 2.0160 2.0596 2.1002 2.1383 2.1744 2.2086 2.2413 2.3028 2.3598 
................... 30.53 34.68 38.78 42.86 46.94 51.00 56.07 59.13 63.19 67.25 75.37 83.48 
h........... 1192.81239.9 1287.11334.81383.21432.31482.31533.11584.81637.61745.51857.3 
.................. 1.81601.8743 1.92611.97342.0170 2.0576 2.0958 2.1319 2.1662 2.1989 2.2603 2.3174 
................... 22.36 25.43 28.46 31.47 34.47 37.46 40.45 43.44 46.42 49.41 65.37 61.34 
h........ 1191.6 1239.2 1286.6 1331.4 1382.9 1432.11482.1 1533.0 1684.7 1637.4 1745.4 1857.2 
.................... 1.7!3081.8396 1.89181.93921.9829 2.0235 2.0618 2.0978 2.13212.1648 2.2263 2.2834 
.................... 11.04012.62814.16816.68817.19818.702 20.20 21.70 23.20 24.69 27.68 30.66 
h ................. 1186.81236.5 1284.81333.11381.91431.31481.4 1532.41684.31637.01745.11857.0 
• .................. 1.6994 1.7608 1.8140 1.8619 U058l.9467 1.9890 2.0212 2.0565 2.0883 2.1498 2.2069 
................... 7.259 8.351 9.40310.4.2711.44112.44913.452 14.45415.483 16.45118.446 20.44 
h ........... ...... 1181.61233.61283.01331.81380.91430.51480.81531.91583.81636.61744.81856.7 
.......... ... 1.64921.7135 1.76781.81621.86051.9016 1.94001.9762 2.0106 2.0434 2.1049 2.1621 
• ......... : .. ............ 6.220 7.020 7.79! 8.D62 9.32210.077 !0.830 11.68212.33213.83() 15.325 
h.. ... :..... 1230.7 1281.1 1330.5 1379.9 1429.7 1480.11531.3 1583.4 1636.2 1744.5 1856.6 
...... ' .................. 1.6791 1. 7346 1. 7836 1.82811.8694 1.9079 1.9442 1.9787 2.0115 2.0731 2.1303 
........................ 4.937 5.589 6.218 6.835 7.446 8.062 8.656 9.259 9.86011.06012.258 
h........... 1227.61279.11329.11378.91428.91479.51530.81582.91635.71744.21856.2 
..... .... .. .. . ........ 1.8518 1.70851.75811.80291.34431.88291.91931.95381.986;2.0484 2.1056 
......................... 4.081 4.636 5.165 5.683 6.195 6.702 7.207 7.710 8.212 9.21410.213 

~:: :. ·. ·.: : : : : : : : : : : : ~~~is~ i~~~~~ }~~~7~ i~ii2~ i:~~~ ~~Z~2~ i~~g~ i~~~ }~~a! ft~s~ ~~~~ 
~ .................... 3.~3-~~m4.E5 .• ~m6.mL~~~~~8.m 
h........... .... 1221.11275.21326.41378.81427.3 H78.21529.715S1.91634.D 1743.51855.7 
... . .. .. . .. . .. ........ 1.6087 1.6683 1. 7190 1. 7645 1.8063 1.84511.8817 1.9183 1.9493 2.0110 2.0683 
......................... 3.008 3.443 3.849 4.244 4.631 5.015 5.396 6.775 6.162 6.906 7.656 
~.......... ... ~~6~.11~0Y~714a4~.5~.1M~41~51m21R5 
""· .... · ................. 1.5908 1.6519 1. 7033 L74gt 1. 79111.83Ql 1.8667 U014 1.9344 1.9962 2.0535 
,,.,. .................... 2.849 3.044 3.411 3.764 4.110 4.452 4.792 5.129 ll.466 6.136 6.~ 
11........... . . . ~.14.0 1271.01323.51374.71425.61476.81528.61581.01634.11742.9 1855.2 
............... ".. 1.57451.6373 1.68941.73551.77761.81671.85341.88821.92121.9831 2.0404 
........................ 2.361 2.726 3.060 3.380 3.693 4.002 4.309 4.613 4.917 5.521 6.123 
h........... .... .. 1210.31268.91322.11373.61424.81476.21528.01580.51633.71742.61855.0 
.......... ... . .. . . 1.55941.6240 1.67671.72321.78551.80481.84151.87631.90941.9'113 2.0287 
......................... 2.125 2.465 2.772 3.086 3.352 3.634 3.913 4.191 4.467 5.017 5.565 
h........... . . . 1206.~ 1266.7 1320.7 1372.0 1424.0 1475.5 1527.5 1580.0 1633.3 1742.3 1854.7 
........................ 1.5453 1.6117 1.66521.7120 1. 7545 1.7939 1.83081.8656 1.8987 1. 9607 2.0181 
......... .. . . .. ..... 1.9276 2.247 2.533 2.804 3.068 3.327 3.584 3.839 4.092 4.597 5.100 
h... . . . . . . . . . .. 1202.51264.5 1319.21371.51423.21474.8 1526.91579.61632.91742.01854.5 
............. .. .. 1.52191.60031.65461.70171.74441,7839 1.82091.85581.88891.9510 2.0084 
......... . . -- ...... 2.063 2.330 2.582 2.827 3.067 3.305 3.541 3.776 4.242 4.707 
h.. . .. ..... .. 1262.31317.71370.41422.31474.21526.31579.11632.51741.71854.2 
......... .. . . ........ 1.5897 1.64471.69221.73521.77481.81181.84671.87901.94201.9995 
........... .. .. .. ...... 1.9047 2.156 2.392 2.621 2.845 3.066 3.286 3.504 3.938 4.370 
h. . . . . . . . . . - ... 1250.0 !316.21369.4!421.51473.51525.81578.61632.11741.4 1854.0 
............. . .. .. .. . .. . .. .. 1.57961.63541.68341.72651.76621.80331.83831.87161.93371.9912 
... .. .. .. .. .. .. .. .. . .. ... 1.7675 2.005 .. 2.227 2.442 2.662 2._859 3.065 3.269 3.674 4.078 
h.... . . . 1257.6 1314.71368.3 1420.61472.8 1525.21578.11631.7 1741.0 1853.7 
•. .. .. .. .. . .. .. .. . .. .. . 1. 5701 1. 6268 1. 6751 1. 7184 1. 7582 1. 7954 1. 83()5 1. 8638 1. 9260 1. 9835 
............. ...... 1.4923t.70361.8980 2.084 2.266 2.445 2.622 2.798 3.147 3.493 
h........ . . . . . . . . ....... 125U 1310'.91365.51418.51471.11523.8 1577.01630.11740.31853.1 
............. .. .. . . . ...... 1.54811.60701.65631.70021.74031:77771.81301.84831.90861.9663 

t ·:·.·:: ·::::: · · · · · · ·:: ...... Mr~ fa~F~ h~~~~ hii~ll4~~~r 1~2~3~ 1M~~ 1~2~~~ 1~a~5~ 1~g~g 
............................... 1.52811.58941.63981.68421.72471.76231.79771.83111.89361.9513 

400 
(444.59) 

• Abridged from "Thermodynamic Properties of Steam," by Joseph lL K"'OUUD and Frederick G. Key.., John Wiley 
.t SoliS. Inc., New York, 1937. · · 



APPENDIX OF CALCULATION DATA 

TABLE 7. THERMODYNAMIC PROPERTIES OF STEAM.-(Continued) 
Properties of superheated steam* 

819 

Abs Preas., pli Temp, •F 
(sat temp) 500 55& 600 ~ 640 660 680 700 800 &00 1000 1200 1400 1600 

...... 1.12311.21551.30051.32321.3652 1.39671.42781.4584 1.1iii741.7516 'f.8Q28 2.170 2.443 2.714 
450 h.' .. 1238.4 1272.0 1302.81314.6 1326.2 1337.5 1348.8 1359.9 1414.3 1467.7 1521.0 1628.6 17B8. 7 1851.9 

(456.28) ...... 1.50951.54371.57351.58451.59511.60541.61531.62501.66991.71081.7486 1.81771.8803 1.9381 
> ..... 0.99271.0800 1.15911.1893 1.2188 1.2478 1.2753 1.3044 1.4406 1.5715 1.6996 Ul504 2.197 2.442 

5&0 h .... 1231.31266.81298.61310.71322.61334.21345.71357.01412.11466.0151.9.61627,61737.9 1851.3 
(467.01) • ..... 1.49191.5280 U588 1.67011.5810 L59151.60161.6.llll 1:66711.69821.7363 L80561.8683,1.9262 

...... 0.8852 0.96861.04311.07141.09891.12591.15231.17831.30381.42411.5414 1.77061.9957 2.219 
li60 h .•.. 1223.7 1261.21294.3 1306.8 1318.9 1330.81342.5 1354.0 1409.9 1~64.3 1518.2 1626.6 1737.1 1850.6 

(476.94) ...... 1.47511.5131 1..'14511.55681.5680 1.57871.58901.59911.64521.68681.72501.79461.857511.9155 
...... 0.7947 0.8753 0.9463 0.9729 0.99881.02411.04891.07321.18991.3013 1.40961.62081.8279 2.033 

600 h.: .. 1215.7 1255.6 1289.9 1302.7 1315.2 1327.4 1339.3 1351.1 1407.7 1462.5 1516.7 1625.5 1736.3 1850.0 
(486.21) a ..... 1.458B 1.4990 U323 1.6443 1.55581.5667 1.57731.58751.53431.67621.71471.78461.8.4761.9056 

... . .. 0. 7277 0. 7934 0.8177 0.8411 0.8639 0.8860 0.90711.0108 1.1082 1.2024 1.3853 1.5641 1.7405 
VOO A •••••••••• 1243.212SQ.61294.31307.51320.3 1332.81345.01403.21459.01515.9 1623:/i 1734.81648.8 

(503.10) ...... 1.47221.00841.52121.58331.5449 1.55591.56651.61471.6573 1.69631.76661.82991.8881 
............ 0.6154 0.6779 0.7006 0.7223 0.7433 0.7635 0.7833 0.8763 0.96331.04701.20881.36621.5214 

800 4 .......... 1229.81270.71285.41299.4 1312.91325.91338.61398.61455.41511.01621,41733.21847.5 
(518.23) ...... 1.44671.4863 1.50001.51291.52501.53661.54761.59721.64071.68011.75101.8146 1.8729 

o ........... 0.5264 0.5873 0.608Q 0.6294 0.6491 0.6680 0.6863 0.7716 0.8506 0.9262 L07'h 1.2124 1.3509 
900 h .......... 1215.0 1250.11275.91290.91305.11318.81332.11393.9145L81508.11619.3173,1.61846.3 

(531.98) •......•...• 1.42161.46531.48001.49381.50661.51871.53031.58141 .. 6257 1.6656 1.73711.8u09 1.8595 
.... . . 0.4533 0.5140 0.5350 0.5546 0.5733 0.5912 0.6084 0.6878 0. 7604 0.8294 0. 9615 1.0893 1.2146 

1000 h .... .•..•• 1198.31248.81285.91.281.91297.01311.41325.31389.21448.21505.11617.31730.01845.0 
{544.61) ............. 1.39611.44501.46101.47571.4893 1.50211.51411.56701.61211.6525 1.72451.78861.8474 

1100 t ... :: ~2a4f~ ~~~~~ M~~~ r2~~~2 ~~~f M~4~ M~~~ ~4::~: ~4i~~ ~a~l~~ M~8~ is!~~~ 
(556.81) •. .. . . 1.42511.44251.45831.47281.48621.4989 1.5535 1.59951.64051.71301.71751.8363 

1200 x·:.:: ··· · · · · · · · · · ~2~~f M~~~ ~2:~~~ ~2i~~g ~2~~~ ~an~g ~a~~~~ ~4~~~ ~4~r~ ~i>I~~I M~~ ~s~~i 
(567 .22) .................. 1.4052 1.4243 1.44131.4568 1.4710 1.4843 1.5409 1.5879 1.6293 1. 7025 1. 7672 1. 8263 

'· .. ' ............. 0.3174 0.3390 0.3530 0.3753 0.3912 0.4062 0.4714 0.5281 0.5805 0.6789 0.7727 0.8640 
1400 h ................ 1193.0 1218.41240.41260.31278.51295.51369.!1433.11493.21608 91723.71840.0 

(587.10) .................. 1.36391.3877 1.40791.42581.44191.45671.5177 1.56661.6093 1.68361.74891.8083 
..... . 0.2733 0.2936 0.3112 0.3271 0.3417 0.4034 0.4553 0.6027 0.5906 0.673810.7545 

1600 h.... 1187.81215.21238.71259.61278.71358.4 1425.3 1487.011104.61720.51837.5 
(604.90) ...... 1.34891.37411.39521.41371.43031.4964 1.54761.69141.66691.73281.7926 

... .•. 0 • .2407 0.2597 0.2750 0.2907 0.3502 0.3986 0.4421 0.5218 0.5968,0.6693 
1800 h.... 1185.11214.01238.51260.31347.21417.41480.81600.41717.31835.0 

(621.03) ... .•. 1.3377 1.39381.38551.4014 1.4765 1.113011.5752 1.6520 1.7185 1.7786 
... . . . 0.1936 0.2161 0. 2337 0.2489 0.3074 0.353~ 0.3935 0.4668 0.535210,5011 

2000 h.... 1145.61184.91214.81240.01385.51409,.1474.51596.11714.11832.5 
(635.82) ... . . . 1.2945 1.3300 1.3564 1.3783 1.4576 1.5139 1.66031.6384 1. 7055 1. 7666 

... .. • 0.1484 0.1686 0.2294~,.2710 0.3061 0. 3678 0.4244 0.4784 
2500 h.... 1132.31176.81303.61387.81458.41585.31706.11826.2 

(668.13) ....................... ' .................. 1.26871.30731.41271.47121.62731.50881.67751.7889 
•..... ~~~~u~~~o.~o.~o.-

3000 h .... .......................................... 1060.71267.21365.01441.81574.3 1698.01819.9 
(695.36) ................................................ 1.11100 1.369& 1.443U.4984 1.583'1' 1.6540 l. 7163 

...................................................... 0.1583 0.19810.2288 0.2806 0.3267 0.3703 
3306.2 h .... ................................................ 1250.51355.2 1434.71569.8 1694.6 1817.2 

(705.40) ...... .... .. .. .................................. 1.35081.4309 1.48741.6742 1.64521.7080 
... .... .. . .. . .. .. .. .. . .. 0.0306 0.1364 0.1762 ~.2058 0.2646 0.2977 0.3381 

3500 h.... . . .. .. .. 789.51224.91340.7 1424.51563.31689.81813.6 
.......................... ' .................... 0.95111 1.32411.4127 1.47.23 1.56151.6336 1.6968 
•. ; .. . .. . .. . .. .. .. .. .. .. .. .............. 0.0287 o, 1052 0.1462 0.1743 0.2192 0.2581 0.2943 

'
000 

::.-.:: ...... :::::: ........ ::: ::: ::. · · · ...... ~:~H~~sH~lM ~~:s~ i~:ifi~~is! ~~~9~ 
•. .. .. . .. .. . .. .. .. .. .. .. .. .. .. . .. .. . .. .. ...... 0.0276 0.0798 0.1226 0.1500 0.1917 0.2273 0.2502 

,5&0 h.... .. . .. . . .. . .. .. .. .. .. .. .. . .. ............ 753.5 1113.9 1286.51388 41540.81673.51800.9 
... ... .. .. .. • .. .. . .. . .. . .. . .. . .. .. .. .. .. 0.92351.2204 1.8529 1.4253 1.52351.5990 1.6640 
............................................... 0.02eB 0. 0593 0.1036 0.1303 0.1696 0.2027 0 . .2329 

5&00 h.... . .............. 746.41047.11200.51369.5 1529.51665.3 1704.5 
...... .. .. .. . .. .. . .. .. .. .. .. .. .. . 0.91521.16221.32311.4034 1.50661.5839 1.6499 
...... .. . .. . . .. .. . .. .. .. ....................... 0.0262 0.0463 0.0880 0.1143 0.1516 0.1825 0.2106 

5500 h.... ...... ... . . . . . . . . . . ........... 741.3 985.01224.11349.3 1518.21657.01788.1 
...... ...... . .. .. . . .... . .... .. . .. .. . 0.90901.10931.29301.38211.4908 1.56991.6360 

• Abridl<ed from "Thermodynamio Properties of Steam." by Joseph H. Keenan and Frederick G. Keyes, John Wiley & 
Sons, Inc, 'New York, 1937, 
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ENGLER DEGREES 

TIME IN SECONDS-S ... YBOLT IIJNIVUS...L & fURQLl. REDWOOD Ha.. 1 1 1. lHGW TIMi 

FIG. 13a. Viscosi.t~· conversion chart, 

0.60.81.0 2 3 4 561610 

Reduced pressure, pR= fr.ritieQl 

zo 30 

FIG. 13b. Viscosity correction chart for gases at different pressures. [Comings and Egly, 
Ind. E1l(J. Ckem., 82, 715 (1940).1 



APPENDIX OF CALCULATION DATA 

VISCOSITIES OF PETROLEUM FRACTIONS 

For temperature ranges employed in the text 
Coordinates to be used with Fig. 14 

X y 

76°API natural gMoline ......... : ...... . 
56°API gMoline ....................... . 
42• API kerosene ............... . 
35• API distillate .............. . 
34 • API mid-continent crude ..... . 
28"API g3.13 oil ........................ . 

14.4 
14.0 
11.6 
10.0 
10.3 
10.0 

6.4 
10.5 
16.0 
20.0 
21.3 
23.6 

VISCOSITIES OF ANIMAL AND VEGETAliLE OILS* 

Acid Sp gr; 
X y 

No. 20/4•C 

Almond ............ 2.85 0.9188 6.9 28.2 
Coconut ..... ....... 0.01 0.9226 6.9 26.9 
Cod liver ........... . '·' .. 0.9138 7.7 27.7 
Cottonseed ....... . 14.24 0.9187 7.0 28.0 
Lard ..... ...... 3.39 0.9138 7.0 28.2 
Linseed ....... . . ... 3.42 0.9297 6.8 27.5 
Mustard .. ...... . . . .... ' 0.9237 7.0 28.5 
Neatsfoot ......... 13.35 0.9158 6.5 28.0 
Olive ............ ..... 0.9158 6.6 28.3 
Palm kernel ..... ... 9.0 0.9190 7.0 26.9 
Perilla, raw . . . . . . . . . 1.36 0.9297 8.1 27.2 
Rapeseed ..... .. ' ... 0.34 0. 9114 7.0 28.8 
Sardine ............ 0.57 0.9384 7.7 27.3 
Soybean ......... ... 3.50 0.9228 8.3 27.5 
Sperm ....... . . ... 0.80 0.8829 7.7 26.3 
Sunflower ..... " .• . ~ 2.76 0. 9207 7.5 27.6 
Whale, refined. .... I 

I 
0.73 0.9227 7.5 27.5 

821 

*Based on data at 100 and 210'F of A. R. Rescorla and F. L. Carnahan, Ind. Eng. Chem., 28, 1212-
1213 (1936). 

VISCOSITIES OF CoMMERCIAL FATTY ACios* 
250 to 4oo·F 

Sp gr 
X y 

at aoo•F 

Lauric ... ..... ' ..... 0.792 10.1 23.1 
Oleic .... . .. . . . . ... 0.799 lO.Q 25.2 
Palmitic ............. I 0.786 9.2 25.9 
Stearic .............. 0.789 10.5 25.5 

*:From data of D. Q. Kern and W. Van Nostrand, Inrl. Eng. Chem .. 41, 2209 (1949)._ 
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Liquid 

PROCESS HEAT TRANSFER 

VISCOSITIES OF LIQUIDS* 

Coordinates to be used with Fig. 14 

xlv Liquid X y 

Acetaldehyde ................ 15.2 4: ~ Freon-21. ................... 15.7 7. 5 
Acetic acid, 100% ............. 12.114.2Freon-22 .................... 17.2 4.7 
Acetic acid, 70%.. . . . . . . . . . . 9t517. 0 Freon-ll3 ................... 12.511.4 
Acetic anhydride ............. 12.712.8Freon-ll4: .................. 14.6 8.3 
Acetone, 100%._. ............. 14.5 7.2Glycerol, 100% .............. 2.030.0 
Acetone,35% ................ 7.915.0Glycerol,50% ................ 6.1l19.6 
Allyl alcohol. ................ 10.2 14.3 Heptane ..................... 14.1 8.4 
Ammonia, 100% .............. 12.6 2.0Hexane ...................... 14.7 7.0 
Ammonia, 26% ............... 10.113.9 Hydrochloric acid, 31.5% ...... 13.0 16.6 
Amyl acetate ................. 11.812.5 Isobutyl alcohol.... . . . . . . . . . . 7.118.0 
Amyl. alcohol........ . . . . . . . . . 7.5 18.4 Isobutyric acid ............... 12.2 14.4 
Aniline ...................... 8.118.7IsopropyLalcohol.. ........... 8.216.0 
Anisole ...................... 12.313.5 Mercury ..................... 18.416.4 
Arsenic trichloride ............ 13.914.5 Methanol, 100% .............. 12.410.5 
Benzene ..................... 12.5 10.9 Methanol, 90% ............... 12.3 11.8 
Brine, CaCI., 25% ............ 6.615.9 Methanol, 40% ............... 7.815.5 
Brinet NaCl, 25% ............ 10.216.6 Methyl acetate ............... 14.2 8.2 
Bronune ..................... 14.213.2 Methyl chloride .............. 15.0 3.8 
Bromotoluene .......... · ...... 20.015.9 Methyl ethyl ketone .......... 13.9 8.6 
n-Butane .................... 15.3 3.3Naphthalene ................. 7.918.1 
Isobutane .................... 14.5 3. 7Nitric acid, 95% .............. 12.813.8 
Butyl acetate ..... .- .......... 12.311.0Nitric acid, 60% .............. 10.817.0 
Butyl alcohol. ............... 8.617.2Nitrobenzene ................. 10.616.2 
Butyric acid ................. 12.115.3Nitrotoluene ................. 11.017.0 
Carbon dioxide ..... ." ......... 11.6 0. 3 Octane ...................... 13.710.0 
Carbon disulfide .............. 16.1 7. 5 Octyl alcohol........ . . . . . . . . . 6.6 21.1 
Carbon tetrachloride .......... 12.7 13.1 Pentachloroethane ............ 10.9 17.3 
Chlorobenzene ............... 12.3 12.4 Pentane ..................... 14.9 5. 2 
Chloroform. . . . . . . . . . . . . . . . . . 14 .4 10. 2 Phenol. .. . . . . . . . . . . . . . . . . . . . 6. 9 20 . 8 
Chlorosulfonic acid ........... 11.2 18.1 Phosphorus tribi'omide ........ 13.8 16.7 
Chlorotoluene, ortho .......... 13.0 13. 3 Phosphorus trichloride ........ 16.2 10.9 
Chlorotoluene, meta .......... 13.312:t Propane ..................... 15.3 1.0 
Chlorotoluene; para ........... 13. 3 12. 5 Propionic acid ................ 12. 8 13. 8 
Cresol, meta.. . . . . . . . . . . . . . . . 2. 5 20. 8 Propyl alcohol. .. .. .. . . . . . . . . . 9 .116. 5 
Cyclohexanol. ................ 2.924.~ 1~:opyl bromide ............... 14.5 9.6 
Dibromoethane ............... 12.715 .c IL"ropyl chloride ............... 14.4 7.5 
Dichloroethane ............... 13. 2 12. 2 Propyl iodide. . . . . . . . . . . . . . . . 14 .111 . 6 
Dichloromethane ............. 14.6 8.9Sodium ...................... 16.413.9 
D!ethy1 oxalate ............... 11.0 16.1t~.odiu~ hydr?xide, 50% ....... 3.2 25.8 
Dimethyl oxalate ............. 12.315.< 

1
\'?tanmc chlorrde .............. 13.512.8 

D~phenyl. ................... 12. 0 18. ~ Sulfur. dio:liOide ................ 15 . 2 7 .1 
Dipropyl oxalate ............. 10.3 17·. Sulfunc aCid, 110%. . . . . . . . . . . 7. 2 27.4 
Ethyl acetate ................ 13. 7 9 .1 Sulfuric acid, 98% . .. . . . . . . . . . 7. 0 24. 8 
Ethyl alcohol, 100% .......... 10.513.8 Sulfuric acid, 60% ............ 10.2 21.3 
Ethyl alcohol, 95%. . . . . . . . . . . 9. 8 14.3 Sulfuryl chloride .............. 15.2 12 .4 
Ethyl alcohol, 40%. . . . . . . . . . . 6. 5 16. 6 Tetrach!Qroethane ........... ·. 11.9 15.7 
Ethyl benzene ................ 13.211.5 Tetrachloroethylene ........... 14.2 12.7 
Ethylbromide ............... 14.5 8.1 Titanium tetrachloride ........ 14.4 12.3 
Ethyl chloride ................ 14.8 6.0 Toluene ..................... 13.710.4 
Ethyl ether .. ~ ............... 14. 5 5. 3 Trichloroethylene ............. 14 . 8 10. 5 
Ethylformate ................ 14.2 8.4 Turpentine .................. 11.514.9 
Ethyl iodide ................. 14.710.3 Vinyl acetate ................. 14.0 8.8 
Ethylene~lycol. .............. 6.023.6Water ....................... 10.213.0 
Formic acid .................. 10.7 15.8 Xylene, ortho ................ 13. 5 12.1 
Freon-11 .................... 14.4 9.0Xylene,meta ........ · ........ 13.910.6 
Freon-12 .................... 16.8 5.6 Xylene, para ................. 13.910.9 

*From Perr.vt J. H., u Chemical Engineers' Handbook," 3d ed., McGraw-Hill Book Company, Inc., 

N•w York. 19611. 
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Viscosity 
Centipoises 
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Fm. 14. Viscosities of liquids. (Perry, "Chemical Engineers' Handbook," 3d ed., McGraw 
Hill Book Company, Inc., New York, 1950.) 
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VISCOSITIES OF GASES* 
Coordinates to be used with Fig. 15 

Gas X 

Acetic acid ................. . 7.7 
Acetone ...................... . 8.9 
Acetylene .................... . 
Air .......................... . 

9.8 
11.0 

Ammonia ..................... . 8.4 
Argon ...................... : .. 
Benzene ...................... . 

10.5 
8.5 

Bromine ..................... . 
Butene ....................... : 

8.9 
9.2 

Butylene ................. . 
Carbon dioxide ................ . 

8.9 
9.5 

Carbon disulfide ............... . 
Carbon monoxide .. · ........... . 

8.0 
11.0 

Chlorine ..................... . 
Chloroform ................... . 
Cyanogen .................... . 
Cyclohexane .................. . 
Ethane ................. . 
Ethyl acetate ........... . 
Ethyl alcohol. .......... . 
Ethyl chloride ......... . 
Ethyl ether ............ . 
Ethylene ................ · ...... . 
Fluorine ...................... . 
Freon-11 ..................... . 
Freon-12 ..................... . 
Freon-21 ............. . 
Freon-22 .............. · ....... . 
Freon-113 .................... . 
Helium ...................... . 
Hexane ...................... . 
Hydrogen. . . . . . . . . . . . ....... . 
3H, +1N2 ••••••••....••....•• 

Hydrogen bromide ............ . 
Hydrogen chloride .. 
Hydrogen cyanide ....... . 
Hydrogen iodide .......... . 
Hydrogen sulfide .......... . 
Iodine ................... . 
Mercury ............... . 
Methane ................ . 
Methyl alcohol. ............... . 
Nitric oxide ...... · ...... . 
Nitrogen .............. . 
Nitrosyl chloride ....... . 
Nitrous oxide .. , ... . 
Oxygen ............ . 
Pentane ........... . 
Propane:. . . . . . . . . . ....... . 
Propyl alcohol. . . . . ....... . 
Propylene .................... . 
Sulfur dioxide ................. . 
Toluene ...................... . 

~ !te~ ~~i~e~~~~~~~a~e .... .' .' : : : : : 
Xenon ...................... : . 

9.0 
8.9 
9.2 
9.2 
9.1 
8.5 
9.2 
8.5 
8.9 
9.5 
7.3 

,10.6 
11.1 
10.8 

'10.1 
11 .. 3 
10.9. 
8.6 

11.2 
11.2 
8.8 
8.8 
9.8 
9.0 
8.6 
9.0 
5.3 
9.9 
8.5 

10.9 
10.6 
8.0 
8.8 

11.0 
7.0 
9.7 
8.4 
9.0 
9.6 
8.6 
9.5 
8.0 
9.3 

y 

14.3 
13.0 
14.9 
20.0 
16.0 
22.4 
13.2 
19.2 
13.7 
13.0 
18.7 
16.0 
20.0 
18.4 
15.7 
15.2 
12;0 
14.5 
13.2 
14.2 
15.6 
13.0 
15.1 
23.8 
15.1 
16.0 
15.3 
17.0 
14.0 
20.5 
11.8 
12.4 
17.2 
20.9 
18.7 
14.9 
21.3 
18.0 
18.4 
22.9 
15.5 
15.6 
20.5 
20.0 
17.6 
19.0 
21.3 
12.8 
12.9 
13.4 
13.8 
17.0 
12.4 
10.5 
16.0 
23.0 

*From Perry, J. H., "Chemical Engineers' Handbook, 11 3d ed., MaGraw-Hill Book Company, Inc., 
New York, 1950. 
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Viscosity 
Centipoises 
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Fm. 15. Viscosities of gases. (Perry, "Chemical Enoineers' Handbook," 3d ed., McGraw­
Hill Book Company, Inc., New York, 1950.) 
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Fw. 16. Values of k(cJL/k)~i for hydrocarbons. 
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FIG. ·17. The caloric temperature factor F.. (Standards of Tubular Exch4nuer Manufacturers Association, 2d ed., New York, 1949.) 

:... 
~ 
~ 
l;:j 

~ 
a 
"';1 

~ 
t-< 
~ 

~ p,.. 
'-'3 
c:: 
!<: 
l;:j 
;.,.. 

~ 

00 

"" ""' 



~ 
i5 o:O.S 

t 
Q 
1.1.1 

~0.7 
ti 
0: 

~ 
;:;: 

~0.6 
at" 

- ·- ··-s 
T1~ LMTD CORRECTION FACTOR,F;-

(' J ~ tz 
I SHELL PASS 2 OR MORE TUBE PASSE-S 

( ( tl 
R· TI-T! S= t, •t, ~~ 

Te· - tt-tl T1-tt 
- ---•----

Fm. 18. LMTD correction factors for 1-2 exchangers. (Standards of Tubular Exchanger Jl,fanufacturers Association, 2ded., 
New York, 1949.) 

00 
1:\:) 
00 

;g 
0 

~ 
~ 
::::: 
~ 
~ 

~ 
ll>-

t1 
~ :;.:, 



« 
~ 
:E·0.9 

L 
~ lltltiiWI.Imllltllll~l~l~l~ll 

LMTO CORRECTION FACTOR,FT 

~ 
~ 
~ 
~ 

~ 
Q 

8 :.... 

~ 
~ 
;;: 

T,~ 

I : !)~:: 
2.. SHI:LL PASSES 40R MORE- TUBE PASS~ 

h. 
FIG. 19. LMTD correction factors for 2-4 exchangers. 
New York, 1949.) 

R• T,-T2, 
tz-tr 

S= tt-t, 
T1-t1 

(Standards of Tubular Exchanger Manufacturers Association 2d \d., ~ 
<.0 



1.0 

s 
LMTO CORRECTION FACTOR,Fy 

5 SJ.JELL PASSES <0 OIG MORE TUBE PASSES 

R• t-t; 
- I 

S: h-t1 
T,-t, 

Fm. 20. LMTD correction factors for 3-6 exchangers. (Standards of Tubular Exchanger ~Manufacturers Association, 2d ed,, 
New York, 1949.) 

(X) 
0-' 
0 

~ a 
Q 
l:;j 

~ 

~ 
1-3 

~ 
~ 
':r,j 
l:;j 
~ 



g 
~b.9 

I tto.s 
E 

~ 
~~ cc:0.7~ a: . . ~--

~ 
ai 
t- ~ ,, 0.6 ~'+}4: ... . . ·~" 

lL. 

T,,t._ t~. 

0.8 0.9 

LMTO CORRECTION FACTOR,FT 

~ 
§ 
k 
~ 
~ 
t-< 
Q 

8 :... 

~ 
~ 1.0 :... 

~ 
rr 

SH:LLS p· ) 4- Sl-tELL PASSES 8 OR MORE TUBE PASSES 

L~ 
) 

Tz{ t, 
FIG, 21. LMTD correction factors for ,4-8 exchangers. 
New York, 1949.) 

R· T,-Tz 
. tz-t. 

S: t2.-t1 
t,-t, 

·-· 

(Standards of Tubular Exchanger Manufacturers Association, 2d ed., gg ,_. 



1111111!111111111 llllllllm±mlllllllllllllllll\llllllllllllrillll tli!illmlllllllllllll!UII9il!l:lfll'l:l~lll!ltl§l~ 'ffi!:mfllliDf!~~~ 
« g 
~0.9 
~ 

~ 
ti 
~0.8 

"'" a 
~ 
go.1 
~ w 
0. 
::E 

~0.6 
.t: 

s 

?It 
Tt t_ h. LMTD CORRECTION FACTOR,FT 

5 Sl-IELL PASSES 10 OR. MORE TUf>E PASSES 
SHtU.S C I 

I 

_Ltl i 
J R- T1-T1 5 _t-z.-t, tt_ . t:-t, - T1•tt __ :fTt-'-~-

Fm. 22. LMTD correction factors for 5-10 exchangers. (Standards of Tubular Exchanger Manufacturers Association, 2d ed., 
Ne:w York, 1949.) 

oO 
1:1-' 
~ 

;g 
0 
Q 

~ 
"" t:r:: 

~ 
'-3 

~ 
!<: 
~ 
~ 



a: 
g 
(.) 

;1: 

~ 
ffi o.s 
It 
0 

~ 
~0. 

~ 
:::1: 

~0.6 
.t 

§ SHtLS. • 
_j_ 

Tz f 

s 
LMTD CORRECTION FACTOR • Fy I 

(p SHELL PASSES 120RMOR.b- TU5E PASSES 
I 

R· T,-T2 
• t2-tl 

s- tz-t, 
- T,-t, 

I 
FIG. 23. LMTD correction factors for 6-12 exchangers. (Standards of Tubular Exchanger Manufacturers Association, 2d ed., 
New York, 1949.) 

~ 
::g 
~ 
~ 
~ 
~ 
t-< 
~. 

8 
~ 

~ 
~ 
~ 

00 
~ 
~ 



"'t =Flow "rea through tubes, sq, ft 
c · =Specific heot of fluid, Btu/lb l< •f 
D =Inside di.,meter oftubes. ft 

Re=DG ... 

G =M.,ssvelocity, W/r~.t.lb/hr l< sq fl­
h; =Film coefficient,Btu/hr • sq f~ • •f 
k =1hermr1.l conductivity, Btu/hr x sq fl x °F/ft 
L =Length of p01th, ft 
w =Weight flow of flu1d,lb{hr 
I" =Viscosity 01tthe caloric temper.,ture,lb/ft. hr 
1-"w= Viscosity r1.l the tube woll temperr1.1ure,lb/ft x 

FIG-. 24. Tube-side heat-transfer curve. (Adavted frqm Sieder and Tate.) 
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APPENDIX OF CALCULATION DATA 
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l!'IG. 25. Tube-side water-heat~transfer curve. [Adapted from Eagle and Ferguson, Proc. 
Roy. Soc., A127, 540 (1930).) 
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Fw. 26. Tube-side friction factors. (Standards of Tubular Exchanger Manufacturers Association, 2d ed., Ne:w York, 1949.) 
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APPENDIX OF CALCULATION DA71A 

Return pressure loss/pass =4velocitv hemds ' 
Totml return pressure·loss=(4veloci 

_ 4n vz £Dl.!5) 
or, APr-s 2g' fi44 
g' =Acceleration of gravity, ft/secZ 
n = Number of tube passes 
IIPr•Return pressure Glrop, psi 
s & Specific gravity 
V =Velocity, fps 

FIG. 27. Tube-side return pressure loss. 
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Fw. 28. Shell-side heat-transfer curve for bundles with 25% cut segmental baffles. 

00 co 
00 

~ 
~ 
~ 

~ 
"'3 

~ ;:.. 

~ 
~ 
l?j 



..: 

FIG. 29. Shell-side friction factors for bundles with 25% cut segmental baffies. 
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840 PROCESS HEAT TRANSFER 

TABLE 8. APPROXIMATE OVERALL DESIGN COEFFICIENTS 

Values include total dirt factors of 0.003 and allowable pressure drops of 5 to 10 psi on 
the controlling stream 

Coolers 

Hot fluid Cold fluid Overall Un 

Water Water 25Q-500§ 
Methanol Water 25{)--500§ 
Ammonia Water 25Q-500§ 
Aqueous solution& Water 25Q-500§ 
Light organics* Water 75--150 
Medium organics t Water 5Q-125 
Heavy organics:j: Water- 5-751[ 
Gases Water 2-50~ 
Water Brine lOQ-200 
Light organics Brine 4Q-100 

Heaters 

Hot fluid Cold fluid Overall Un 

Steam Water 20Q-700§ 
Steam Methanol 20o-700§ 
Steam Ammonia 20Q-700§ 
Steam Aqueous solutions: 
Steam Less than 2.0 cp 20Q-700 
Steam More than 2.0 cp lOQ-500§ 
Steam Light organics lOQ-200 
Steam Medium organics 5Q-100 
Steam Heavy organics 6-60 
Steam Gases 5--50~ 

Exchangers 

Hot fluid Cold fluid Overall Un 

Water Water 25Q-500§ 
Aqueous solutions Aqueous solutions 25Q-500§ 
Light organics Light organics 4Q-75 
Medium organics Medium organics 2Q-60 
Heavy organics Heavy organics 1Q-40 
Heavy organics Light organics 3Q-60 
Light organics Heavy organics lQ-40 

*Light organics are fiuids. with viscosities of less than 0.5 centippi.Se and include benzene, toluene, 
acetone, ethanol, methyl ethyl ketone, gasoline, light kerosene, and naphtha. 

t Medium organics have viscosities of 0.5 to 1.0 centipoise and include kerosene, straw oil, hot gas oil, 
hot absorber oil, and some crudes. 

+ Hmvy organics have viscosities above 1.0 centipoae and include cold gas oil, lube oils, fuel oils, 
reduced crude oils, tars, and asphalts. 

i Dirt factor 0.001. 
II Preaanre drop 20 to 30 psi. 
, These rates are greatly inlluenced by the operating preaanre. 



APPENDIX OF CALCULATION DATA 

TA13LB 9. TUBE-SHEET LAYOUTS (TUBE COUNTS) 

Square Pitch 

841 

%, in. OD tubes on l-in. square pitch 1 in. OD tubes on 1~-in. square pitch 
---

Shell 1-P 2-P 4-P 6-P- 8-P 
Shell 

1-P 2-P 4-P 6-P 8-P ID; in. ID, in. 
-------- ---- ~ --------

8 32 26 20 20 8 21 16 14 
10 52 52 40 36 10 32 32 26 24 
12 81 76 68 68 60 12 48 45 40 38 36 
13%; 97 90 82 76 70 13%; 61 56 52 48 44 
15%; 137 124 116 108 108 15%; 81 76 68 68 64 
17%: 177 166 158 150 142 17%; 112 112 96 90 82 
19%; 224 220 204 192 188 19%; 138 132 128 122 116 
21%: 277 270 246 240 234 21%; 177 166 158 152 148 
23% 341 324 308 302 292 23% 213 208 192 184 184 
25 413 394 370 356 346 25 260 252 238 226 222 
27 481 460 432 420 408 27 300 288 278 268 260 
29 553 526 480 468 456 29 341 326 300 294 286 
31 657 640 600 580 560 31 406 398 380 368 358 
33 749 718 688 676 648 33 465 460 432 420 414 
35 845 824 780 766 748 35 522 518 488 484 472 
37 934 914 886 866 838 37 596 574 562 544 532 
39 1049 1024 982 968 948 39 665 644 624 612 600 

IX in. OD tubes on lU 6-in. square pitch 171 in. OD tubes on 1%-in. square pitch 

10 16 12 10 
12 30 24 22 16 16 12 16 16 12 12 
13%; 32 30 30 22 22 137;1; 22 22 16 16 
15%; 44 40 37 35 31 15%; 29 29 25 24 22 
17%; 56 53 5i 48 44 17% 39 39 34 32 29 
19%; 78 73 71 64 56 19% 50 48 45 43 39 
21%; 96 90 86 82 78 21% 62 60 57 54 50 
23%; 127 112 106 102 96 237;1; 78 74 70 66 62 
25 140 135 127 123 115 25 94 90 86 84 78 
27 166 160 151 146 140 27 112 108 102 98 94 
29 193 188 178 174 166 29 131 127 120 116 112 
31 226 220 209 202 193 31 151 146 141 138 131 
33 258 252 244 238 226 33 176 170 164 160 151 
35 293 287 275 268 258 35 202 196 188 182 176 
37 334 322 311 304 293 37 224 220 217 210 202 
39 370 362 348 342 336 39 252 246 237 230 224 

-
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TABLE 9. TtmE-SHEET LAYOUTS (TUBE CouNTS).-(Continued) 
Triangular Pitch 

%in. OD tubes on 1% 6-in. triangular % in. OD tubes on l-in. triangular 
pitch pitch 

Shell 1-P 2-P 4-P 6-P 8-P Shell 1-P 2-P 4-P 6-P 8-P 
ID, in. ID, in. 

8 36 ""'"32" 26 ""24 18 8 37 30 24 24 --
10 62 56 47 42 36 10 61 52 40 36 
12 109 98 86 82 78 12 92 82 76 74 70 

13~ 127 114 96 90 86 1374 109 106 86 82 74 
15 4 170 160 140 136 128 1574 151 138 122 118 110 
1774 239 224 194 188 178 17% 203 196 178 172 166 
1974 301 282 252 244 234 1974 262 250 226 216 210 
2174 361 342 314 306 290 2174 316 302 278 272 260 
2374 442 420 386 378 364 2374 384 . 376 352 342 328 
25 532 506 468 446 434 25 470 452 422 394 382 
27 637 602 550 536 524 27 559 534 488 474 464 
29 721 692 640 620 594 29 630 604 556 538 508 
31 847 822 766 722 720 31 745 728 678 666 640 
33 974 938 878 852 826 33 856 830 774 760 732 
35 1102 1068 1004 988 958 35 970 938 882 864 848 
37 1240 1200 1144 1104 1072 37 1074 1044 1012 986 870 
39 1377 1330 1258 1248 1212 39 1206 1176 1128 1100 1078 

1 in. OD tubes on 174-in. triangular pitch 174 in. OD tubes on 1~a-in. triangular 
pitch 

8 21 16 16 14 
10 32 32 26 24 10 20 18 14 
12 55 52 48 46 44 12 32 30 26 22 20 
1374 68 66 58 54 50 1374 38 36 32 28 26 

1574 91 86 80 74 72 1574 ·i~ 51 45 42 38 

17~ 131 118 106 104 94 17~ 66 62 58 54 
19 4 163 152 i40 136 128 19 4 95 91 86 78 69 
2174 199 188 170 164 160 21~ 117 112 105 101 95 
23~ 241 232 212 212 202 23 4 140 136 130 123 117 
25 294 282 256 252 242 25 170 164 155 150 140 
27 349 334 302 296 286 27 202 196 185 179 170 
29 397 376 338 334 316 29 235 228 217 212 202 
31 472 454 430 424 400 31 275 270 255 245 235 
33 538 522 486 470 454 33 315 305 297 288 275 
35 608 592 562 546 532 35 357 348 335 327 315 
37 674 664 632 614 598 37 407 390 380 374 357 
39 766 736 700 688 672 39 449 436 425 419 407 

1U in. OD tubes on 1>i-in. triangular 
pitch 

12 18 14 14 12 12 
1374 27 22 18 16 14 
15~ 36 34 32 30 27 
17~ 48 44 42 38 36 
19~ 61 58 55 . 51 48 
21 4 76 72 70 66 61 
23~ 95 . 91 86 80 76 
25 115 110 105 98 95 
27 136 131 125 118 115 
29 160 154 147 141 136 
31 184 177 172 165 160 
33 215 206 200 190 184 
35 246 238 230 220 215 
37 275 268 260 252 246 
39 307 299 290 284 275 
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TAllLE 10. HEAT ExcHANGER AND CoNDENSER TUBE DATA 

Wall Flow area 
Surface per lin ft, ft 2 

Weight 
Tube BWG thick- ID, in. per tube, per lin ft, 

OD,in. ness, in. in.• 
Outside Inside 

lb steel 

---
72' 12 0.109 0.282 0.0625 0.1309 0.0748 0.493 

14 0.083 0.334 0.0876 0.0874 0.403 
16 0.065 0.370 0.1076 0.0969 0.329 
18 0.049 0.402 0.127 0.1052 0.258 
20 0.035 0.430 0.145 0.1125 0.190 

% 10 0.134 0.482 0.182 0.1963 0.1263 0.965 
11 0.120 0.510 0.204 0.1335 0.884 
12 0.109 0.532 0.223 0.1393 0.817 
13 0.095 0.560 0.247 0.1466 0.727 
14 0.083 0.584 0.268 0.1529 0.647 
15 0.072 0.606 0.289 0.1587 0.571 
16 0.065 0.620 0.302 0.1623 0.520 
17 0.058 0.634 0.314 0.1660 0.469 
18 0.049 0.652 0.334 0.1707 0.401 

1 8 0.165 0.670 .0.355 0.2618 0.1754 1.61 
9 0.148 0.704 0.389 0.1843 1.47 

10 0.134 0.732 0.421 0.1916 1.36 
11 0.120 0.760 0.455 0.1990 1.23 
12 0.109 0.782 0.479 0.2048 1.14 
13 0.095 0.810 0.515 0.2121 l.OO 
14 0.083 0.834 0.546 0.2183 0.890 
15 0.072 0.856 0.576 0.2241 0.781 
16 0.065 0.870 0.594 0.2277 0.710 
17 0.058 0.884 o:613 0.2314 0.639 
18 0.049 0.902 0.639 0.2361 0.545 

1U 8 0.165 0.920 0.665 0.3271 0.2409 2.09 
9 0.148 0.954 0.714 0.2498 1.91 

10 0.134 0.982 0.757 0.2572 1. 75 
11 0.120 1.01 0.800 0.2644 1.58 
12 0.109 1.03 0.836 0.2701 1.45 
13 0.095 1.06 0.884 0.2775 1.28 
14 0.083 1.08 . 0.923 0.2839 1.13 
15 0.072 1.11 0.960 0.2896 0.991 
16 0.065 1.12 0.985 0.2932 0.900 
17 0.058 1.13 1.01 0.2969 0.808 
18 0.049 1.15 1.04 0.3015 0.688 

172' 8 0.165 1.17 1.075 0.3925 0.3063 2.57 
9 0.148 1.20 1.14 0.3152 2.34 

10 0.134 1.23 1.19 0.3225 2.14 
11 0.120 1.26 1.25 0.3299 1.98 
12 0.109 1.28 1.29 0.3356 1.77 
13 0.095 1.31 1.35 0.3430 1.56 
14 0.083 1.33 1.40 0.3492 1.37 
15 0.072 1.36 1.44 0.3555 1.20 
16 0.065 1.37 1.47 0.3587 1.09 
17 0.058 1.38 1.50 0.3623 0.978 
18 0.049 1.40 1.54 0.3670 0.831 
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TAllLE 11. DIMEI>!SIO"I>lS OF STEEL PIPE (IPS) 

Nominal 
pipe size, OD, in. Schedule ID, in. No. 
IPS, in. 

~~ 0.405 40* 0.269 
sot 0.215 

X 0.540 40* 0.364 
SOt 0.302 

% 0.675 40* 0.493 
SOt 0.423 

3-i 0.840 40* 0.622 
80t 0.546 

% 1.05 40* O.S24 
sot 0.742 

1 1.32 40* 1.049 
SOt 0.957 

1.%; 1.66 40* 1.380 
sot 1.278 

13-i 1.90 40* 1.610 
SOt 1.500 

2 2.3S 40* 2.067 
SOt 1.939 

23-i 2.SS 40* 2.469 
sot 2.323 

3 3.50 40* 3.068 
sot 2.900 

4 4.50 40* 4.026 
sot 3.826 

6 6.625 40* 6.065 
sot 5.761 

B S.625 40* 7.981 
sot 7.625 

10 10.75 40* 10.02 
60 9.75 

12 12.75 30 12.09 
14 14.0 .30 13.25 
16 16.0 30 15.25 
18 18.0 20t 17.25 
20 20.0 20 19.25 
22 22.0 20t 21.25 
24 24.0 20 23.25 

" Commonly known as standard. 
t Commonly known &a extra htlavy. 
t Approximately. 

Flow area 
Surface per lin ft, 

pe~ pipe, 
ft.z/ft. 

.m. Outside Inside 

0.058 0.106 0.070 
0.036 0.056 

0.104 0.141 0.095 
0.072 0 .. 079 

0.192 0.177 0.129 
0.141 0.111 

0.304 0.220 0.163 
0.235 0.143 

0.534 0.275 0.216 
0.432 0.194 

0.864 0.344 0.274 
0.718 0.250 

1.50 0.435 0.362 
1.28 0.335 

2.04 0.49S 0.422 
1. 76 0.393 

3.35 0.622 0.542 
2.95 0.50S 

4.79 0.753 0.647 
4.23 0.609 

7.3S 0.917 0.804 
6.61 0.760 

12.7 1.17S 1.055 
11.5 1.002 

2S.9 1. 734 1.590 
26.1 1.510 

50.0 2.258 2.090 
45.7 2.000 

7S.8 2.814 2.62 
74.6 2.55 

115 3.338 3.17 
138 3.665 3.47 
183 4.1S9 4.00 
234 4.712 4.52 
291 5.236 5.05 
35'5 5.747 5.56 
425 6.283 6.09 

Weight 
per lin ft, 

lb steel 

0.25 
0.32 

0.43 
0.54 

0.57 
0.74 

O.S5 
1.09 

1.13 
1.48 

1.68 
2.17 

2.28 
3.00 

2.72 
3.64 

3.66 
5.03 

5.SO 
7.67 

7.58 
10.3 

10.8 
15.0 

19.0 
2S.6 

28.6 
43.4 

40.5 
54.8 

43.8 
54.6 
62.6 
72.7 
78.6 
84.0 

. 94.7 
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TABLE 12. FouLING FAcToRs* 

1ren1perature of heating roediuin ............ Up to 240°F 240-400oFt 
Ten1perature of water ...................... 125°F or less Over 125°F 

Water velocity, Water velocity, 

Water 
fps fps 

3ft Over 3ft Over 
and less 3ft and less 3ft 

Sea water ................................ 0.0005 0.0005 0.001 0.001 
Brackish water ............................ 0.002 0.001 0.003 0.002 
Cooling tower and artificial spray pond: 

Treated make-up ........................ 0.001 0.001 0.002 0.002 
Untreated .............................. 0.003 0.003 0.005 0.004 

City or well water (such as Great Lakes) ..... 0.001 0.001 0.002 0.002 
Great Lakes ..................... · ......... 0.001 0.001 0.002 0.002 
River water: 

Minimum ............................ 0.002 0.001 0.003 0.022 
Mississippi. ................... : ........ 0.003 0.002 0.004 0.003 
Delaware, Schuylkill ..................... 0.003 0.002 0.004 0.003 
East River and New York Bay ............ 0.003 0.002 0.004 0.003 
Chicago sanitary canal. .................. 0.008 0.006 0.010 0.008 

Muddy or silty ............................ 0.003 0.002 0.004 0.003 
Hard (over 15 grains/gal) .................. 0.003 0.003 0.005 0.005 
Engine jacket ............ ; ................ 0.001 0.001 0.001 0.001 
Distilled ................................... 0.0005 0.0005 0.0005 0.0005 
Treated boiler feedwater ................... 0.001 0.0005 0.001 0.001 
Boiler blowdown .......................... 0.002 0.002 0.002 0.002 

t Ratings in the last two columns are bil.sed on a temperature of the heating medium of 240 to 400°F. 
If the heating medium temperature is over 400"F, and the coolin~t medium is known 'to seale these 
ratinga ahould be modified accordinaJy; 

Petroleum Fractions 
Oils (mdustrial): 

Fuel oil ..................... 0.005 
Clean recirculating oil. . . . . . . . 0. 001 
Machinery and transformer oils 0. 001 
Quenching oil. .. . . . . . . . . . . . . 0. 004 
Vegetable oils ............... 0.003 

Gases, vapors (industrial): 
Coke-oven gas, manufactured 

gas ...................... 0.01 
Diesel-engine exhaust gas ..... 0.01 
Organic vapors. . . . . . . . . . . . . . 0. 0005 
Stearn (non-oil bearing) . . . . . . 0. 0 
Alcohol vapors. .. . . . . . . . . . . . 0. 0 
Stearn,. exhaust (oil bearing 

from reciprocating engines) 0.001 
Refrigerating vapors (condens-

ing from reciprocating com­
pressors) .. . . . .. . . . . . . . . . . . 0. 002 

Air ........................ 0.002 

Liquids (indus~rial): 
Organic. . . . . . . . . . . . . . . . . . . . 0. 001 
Refrigerating liquids, heating, 

cooling, or evaporating. . . . . 0. 001 
Brine (cooling) .............. 0.001 

.Atinospheric distillation units: 
Residual bottoms, less than 

25°API ................... 0.005 
Distillate bottoms, 25° API or 

above. . . . . . . . . . . . . . . . . . . . 0. 002 
Atmospheric distillation units: 

Overhead untreated vapors .. . 
Overhead treated vapors .... . 
Side-stream cuts ............ . 

Vacuum distillation units: 
Overhead vapors to oil: 

From bubble tower . (partial 

0.0013 
0.003 
0.0013 

condenser~ .............. 0.001 
From flash pot (no appreci-

able reflux). . . . . . . . . . . . . 0. 003 

• 1lton4Grda of Tt<lnolar Buhanger Manu/aclurera Aaaocialion, 2d «l., N IJfll York, 1949. 
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TABLE 12. FoULING FACTORS. *-(Continued) 

Overhead vapors in water- Lean oil .................... 0.002 
cooled condensers: Overhead vapors ............ 0.001 

From bubble tower (final Gasoline .................... 0.0005 
condenser) .............. 0.001 Debutanizer, Depropanizer, De-

From flash pot ............ 0.04 pentanizer, and Alkylation 
Side stream: Unit~.: 

To oil. ................... 0.001 Feed ...................... . 
To water. . . . . . . . . . . . . . . . . 0. 002 Overhead vapors ........... . 

Residual bottoms, Jess than Product coolers ..... , ....... . 
20°API ........... , .. ,:. :. 0.005 Product reboilers ........... . 

Distillate bottoms, ·over Reactor feed .......... : .... . 

0.001 
0.001 
0.001 
0.002 
0.002 

20• API. . . . . . . . . . . . . . . . . . . 0. 002 Lube treating units: 
Natural gasoline stabilizer units: Solvent oil tnixed feed ........ 0.002 

Feed ....................... 0.0005 Overhead vapors ............ 0.001 
O.H. vapors ................. 0.0005 Refined oil .................. 0.001 
Product coolerS and exchangers 0. 0005 Refined oil heat exchangers 
Product reboilers. . . . . . . . . . . . 0. 001 water cooled~. . . .. . . . . . . . . . 0. 003 

H:S Removal Units: 
For overhead vapors ........ . 
Solution exchanger coolers ... . 
Reboiler ................... . 

0.001 
0.0016 
0.0016 

Gums and tars: 
Oil-cooled and steam gener-

ators ................... 0.005 
Water-cooled .............. 0.003 

Solvent ..................... 0.001 
Deasphaltizing units: Cracking units: 

Gas oil feed: 
Under 500°F.. . . . . . . . . . . . . 0. 002 
soo•F and over. . . . . . . . . . . . 0. 003 

Naphtha feed: 
. Under 5oo•;F .............. 0.002 

500°F and over. . . . . . . . . . . . 0. 004 

Feed oil. .. .. . . . . . . . . .. . . . . . 0. 002 
Solvent. . .. . . .. . . . . . . . . . . . . . 0. 001 
Asphalt and resin: 

Oil-cooled and steam gener-
a~or8 ................... O.oo5 

Water-cooled .............. 0.003 
Solvent vapors .............. 0.001 
Refined oil. ; ............... ; 0, 001 
Refined oil water cooled ...... 0.003 

separator vapors (vapors from 
separator, flash pot, and 
vaporizer) .... , . . . . . . . . . . . 0. 006 

Buqble-tower vapors. . . . . . . . . 0. 002 
Residuum .................. 0.010 

Dewaxing units: 
Lube oil ................... . 

Absorption units: Solvent ..................... . 
Gas ........................ 0.002 Oil wax mix heating ......... . 
Fat oil ..................... 0.002 • Oil wax mix cooling~ ........ . 
t Precautions must be taken against deposition of wax. 

Crude Oil Streams. 

0.001 
0.001 
0.001 
0.003 

&-199°F I 200'"-299°F I 3{)()-4990]' I 500°F and over 
Velocity, fps 

Under 2-4 
4ft. 

Under 2-4 4ft Under 2-4 ~ ft Under 2-4 
4ft 

2ft ft 
and 

2ft ft. and 2ft ft and 2ft ft 
and 

over. over over over 
=---Dey .. .0.003 0.002 0.002 0.003 0.002 0.002 0.004 ().003 0.9()2 0.005 0.004 o·.ooa 
Salt§ .0.003 0.~2 0.002 0.005 0.004 0.004 0.006 0.005 0:004 0.007 0.006 0.005 

i Refers to a wet crude-any crude that has not been dehydrated. 
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SUBJECT INDEX 
(The principal tables, graphs, and equations are shown in boldface type) 

A 

Absolute pressure in surface condensers, 305 
Absolute temperature, 3, 5, 74, 192 
Absclute viscosity, 28 
Absorbents, 222, 341 
Absorbers, 222 
Absorption, 341 

in. gasoline recovery, 222 
of luminous flames, 690 

Absorption oil, 4, 235 
Absorptivity, definition of, 67 
Acceleration head loss, 486 
Ac.etic acid, 185 
Acetone, 185, 470 
Adiabatic compression,.192, 196, l!i7 
Adiabatic humidification, 671-'573 
Adiabatic temperature, 192 
Adsorptive processes, 747 
After condensers, 394, 396, 397 

jet, 394, 564 
surface, 395, 397. 

Aftercoolers and aftercooling, 192-196 
Agitation in vessels, effect of, on Coefficient, 717'-

719, 721-733 
on transfer time, 725-733 

Agitators, paddle, 717, 722 
turbine, 722 

Air, 191, 196 
atmospheric, reasonable maximum tempera­

tures of, 696 
summer w.et-bulb temperatures of, 1194-1196 

compression of, 192, 195 
di!'Solved in water, 1M, 302 
enthalpies for, 685 
over.finned strip heaters, 7117 
over finned tubes, 535, 643 
friction factors for, 191, 836, 839 
heat-transfer coefficients in, 192 
humid heat of, 688 
humidities of, 1186, 1186 · 
as steam contaminant, 302, 397 
over strip heaters, 7116 
(See also Gas; Gases) 

Air compressors, 195 
Air conditioning, 544, 611 
Air gap, resistance of, ·15 
Air jet pump, 305, 306, 394 

(See also Ejector) 
Air leakage in surface condensers, 306, 397 
Air preheaters, 678, 680, 701 

851 

Alcohol heater, calculation of 241 
Algae, 164, 724 
Allowable pressure drop, in condensers, 272 

in exchangers, 108 
Alloys, properties of, 799 
American Petroleum Institute (API), degrees 

API, definition of, 4 
American Society for Testing .Materials (ASTM), 

353 
Ammonia, 193, 619 
Analogies, between electrical and heat conduc­

tion, 12, 627 
between heat transfer, and fluid friction, 54-67, 

564, 574 
between heat transfer and mass transfer, 340, 

564, 574 
Analysis of performance, in cooling towers, 602 

in double pipe exchangers, 110 
in 1-2 exchangers, 148 
in 2-4 exchangers, 181 

Aniline, 217 
Annealing, 645 
Annual fixed charges, 21, 158, 159, 222, 224 

in distillation, 325 
in evaporators, 386, 389 

Annual operating hours, 158 
Annuli, in bayonets, 7 45 

in condensing films, 264 
in cofA tubes, 210 
in double pipes, 104-106 

API (see American Petroleum Institute) 
Apparent overall coeflicient.s, 399 
Apparent temperature drop, 399 
Approach temperature, in barometric con .. 

densers, 396 
in cooling towers, 594 
in exchangers, 85 
in parallel flow--<>ounterflow exchangers, 146 

Aqueous solutions, 398, 453 
heat-transfer coefficients of, in pipes and tubes, 

103 
properties of, 161 
(See also specific chemical names) 

Area, crossflow, in shell-and-tube exchangers, 138 
effective, 4> radiant heat transfer, 78-82, 683, 

684, 686 
for heat transfer in cylindrical resistances, 16 
in tubular equipment, 129, 306 

Asphalt, 739 
ASTM distillation, 353 

calculations Ulling, 356-367 
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Atmospheric coolers, 581, 594, '180-'188 
Atomic energy, 515 
Atomie volumes, table of, 844 
Automatic control, 766 
Automatic-control mechanisms, 771 
Automatic reset, 770 
Average fluid temperature (aeo Caloric tempera­

ture) 

B 

Back-pressure regulators, 767, 776 
Baffie pitch, 129, 227 
Baffie spacers, 129 
Baffiee, 129-131 

dam, 294, 33i 
disc and doughnut, 130 
helical, in jackets, 717 
longitudinal, in divided flow exchangers, 478 

in 2-4 exchangers, 175, 176, 179 
orifice, 131 
segmental, 130 

horizontally and verticaiJy cut. 180 
maximum and minimum. spacing for, 129, 

.1126, 227 
for aide-to-aide flow, 130 
split segmental, 180 
for up-and-down How, 130 

Balanced preesure drop, 280, 294 
Bare pipes, heat losses from, 17-21 
Bare tube coolers, 581, 594, 730-738 
Barometric condensers, 394, 396, 425, 427 

water requirements in, 396 
Batch· cooling and heating, of liquids, 625, 659 

agitated, CE>leulation of time for, 635-636 
coefficients for, 627 
by coils, 626-628 
by counterflow exohangers, 628-631 
by 1-2 exchangers, 631-633 
by 2-4 exchangers, 633 
by jackets, 626-628 

without agitation, calculation of time for, 
63&-637 

by coils, 633 
by counterflow exchangers, 633--635 
by 1-2 exchangers, 635 
by 2-4 exchangers, 635 
by jackets, 6$3 

of solids C••• Conduction, unsteady} 
Batch processes, 624 

vs. continuous processes, 624 
instrumente.tion for, 787 

Be.tch stills, 637 
Bayonet exchangers, 738--7 46 
Beam length, 689 
Beattie-Bridgmt>n eqU&tion, 191 
Benzene, 113, 338, 502, 635 
Berl sa.ddles, humidification characteristics of, 600 
Bessel functions, 539 
Biot number, 37' 
Birmingham wire gage (BWG), 128 
Black ash, 426 
Black body, 66 

Bisek liquor, 426 
Blanketing in vaporization, 376 
Blast. furnace, 664 
Blast-furnace charge, heat transfer to, 670 
Bleed heater, 388 
Bleed steam, 387, 417 
Blowdown, 381, 884, 893, 454 
Bohr, 63 
Boil-up r&te, 298 
Boiler feed water, 302 
Boilers, definition of, 378 

steam-generating, 675 
efficiency of, 678, 701 
Jlre-tube, 675, 695 
water-tube, 675 

Boiling, 375 
film and nuclear, 377 
(See also Evaporation; Vaporization) 

Boiling point vs. bubble point, 322 
Boiling-point elevation, 400 
Boiling-point rise (BPR), 399, 400 
Boiling range in multicomponent mixtures, 322, 

468 
Boltzmann, 3, 74 
Booster-ejectors, 393-395, 443 

steam consumption in, graphs, 444: 
Bottoms product, 255 
Boundary layer, 54-57 
Breathing in reboilers, 485 
Brine, 433, 473 

specific gravity of, 808 
specific heat of, 804 
thermal conductivities of, 800 
viscosities of, 822 

Brix, definition of, 418 
Bubble caps, 254 
Bubble point, vs. boiling point, 322 

definition of, 322 
Bubble-point mixtures, multicompon.ent, -calcula.­

tion of, 322-325 
using equilibrium constants, 324 
using relative volatilities, 325 

Buffer layer, 57 
Building materials, thermal conductivities of, '191 
Bulk temperature, 206, 215 
Bundle, 135, 217, 229 
Butane, 285, 316, 317, 331, 464 
Butane vapor-pressure curve, 321 
By-passing, 772,. 773 
By-product power, 391 

Calcium scale, 380 
Calcium sulfite, 426 

c 

Cal!>ulation, of deeuperheater·condensers, 283-
289 

of double pipe exchangel"!l, 110 
of double pipe extended-surface exchangers, 130 
of 1-2 exchangers, 148 

in series, 184 
of 2-4 exchangers, 181 
of 1-2 extended...,urf01ce e:rchan~IB, 534 
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Calculation, oi 1-2 horizonte.l oondensers, 274-
277 

of surface condensers, 307 
trial-and-error, 19, 231 
of 1-2 vertical condensers, 277-280 
(See also Index to Principal Apparatus Calcula-

tions) 
Calming sections, 44 
Caloric fraction, 96 
Caloric temperature, 93-97 

calculation of, 97 . 
Caloric-temperature factor, 96, 81'1 
Caramalizing, 420 
Carbon dioxide, 344, 690 
Carbon disulfide, 299 
Camot cycle, 301 
Cartridge heaters, 754 
Caacade coolers, 727 
Catalysts, fixed and moving bed, 624, 668 
Catalytic processes, 725, 747, 769 
Catohalls, 403, 425 
Caustic embrittlement, 433 
Caustic soda (see Sodium hydroxide) 
Cell liquor, 438 
Centipoise, 28 
Centistokes, 28. 
Centrifugal pumps, .flow control in, 772 
Ceramics, 727 
Channels, 129, 133, 305 

.flow area in, 202 
Characterization factor, 5 
Chemical evaporators, 378, 40()-449 
Chemical furnaces, 674 
Chemical reaction, 298 
Chiller, 459, 472-475 

instrumentation for, 786 
Chlorbenzene, 338 
Clausius-Clapeyron equation, 400 
Clean overall coefficient, 106 
Cleaning lanes, 12S 
Cleaning transfer. surface, 108 
Cleanliness factor, 307 
Clearance between tubes, 128 
Coal, a.s fuel, 675, 678, 689, 705 

heat transfer to, 670 
Coefficient of heat transfer (see Heat-transfer 

coefficient) 
Coils, pancake, 721 

pipe, submerged, 723-725 
vertical, 722 

in tanke, time for heating w.ith, 626-628 
tube, helical, 720 

calculation of, 723 
Coke, heat transfer to, 670 
Coke deposits, 675, 679 
Colloidal dispersions, properties of, 161 
Combustion, 689-692 
Components in pruise rule, 315 
CompOsition of vapor mixture, 313 

calculation ·of, 323-327 
.between dew point and bubble point, 327, 362 

Compression, adiabatic, 192 
polytropic, 192 

Compressor e.fterooolers, 192-195 
temperature control for, 776 

Compressors, single and multietage, 192, 195 
Condensate, pumped return of, 273 
Condensate depreaeion in surface condensers, 

305 
Condensate loading (see Condensation) 
Condensate return pump, 273 
Condensation, 252-312, 313-374 

dropwise, 252, 338 
film, 252 

in bayonet exchangers, 738 
coefficients of, graph, 267 
w.ith condensable impurities, 281 
dimensional analysis of, 253 
of exhaust steam, 268, 39'1 
graphical e.ne.lysis of, 308 
heat load vs. temperatUre in, 313 
in horizontal tubes, condensate loading of, 

269 
on hori•ontal tubes, 261 

coefficients of, equaton, 266 
condensate loading in, 265, 266 

horizontal vs. vertical, 268 
on inclined surfaces, 260 
isothermal, 252 
w.ith nonoondensable impurities, 281, 397 
nonisothermal, 281 
Nuaaelt's theory of, 256-263 
recommended curves for, 267, 270 
recommended equation, 266, 267 
of single vapors, 252-312 
of steam, equations, 266 

presence of air in, 281 
in surface condensers, 301-309 

nomenclature, 305 
of superheated vapor, 281 
vapor-loading, 265 
variation of, w.ith temperature, 313 
on vertical surfaces, 257-260 

coefficients of, equation, 266 
condense. te loading in, 265 
flow transitioh height of, 270 

working equations for, ll64.-l!66 
in vertical tubes, semiempirical coefficients 

of,t70 
zone of, 282, 289 

Condensation of mixed vapors, 313-3'10 
binary mixture, 318 
oondensing curve for, 319 

calculation of, 329 
oondenaing range of, by phase rule, 317 
differential, 328 
immiacibles from noncondenaable gas in, 352-

372 
misciblea .from immiscible in, 337 
multicomponent mixture in, 319-337 
from noncondenaable gas, 313, 317, 564 
ph.o.ae-rule appUoationa in, 315 
of two miscible vapors, 317, 318 
of steam from air, 343 
from noncondensable gas, 339, 367 

calculation of, 346-351 



854 PROCESS HEAT TRANSFER 

Condenser tubes, 128 
dimensions of, 84.3 

Condenser vacuum, in surface condensers, 305 
Condensers, air-cooled, 545 

ba.rometno, 394, 396, 425, 427, 432 
for batch distillation, 639 
calculation types of, 271 
definition of, 102 
and dephlegmatora, 280 
evaporative, 73.2, 738 
instrumentation for, 780-783 
low-level, 396 
operathtg pressure of, 325, 577 
partial, 280, 318 

instn.amentation for, 783 
refiux, 288 
shell~and-tube, Condenser-subcooler, calcula­

tion of, 290-293 
1-1, 282, 289, 299 
1-2, 271, 274., 277, 280, 281, 283, 285, 289, 

290, 295, 325, 332, 345 
deauperheater, c&lculation of, 285-289 
divided-fiow, 246 
horizontal, 268, 269 

with gravity reftux, 268 
n-propanol-water, calculation of, 27-!r--277 
split-flow, 274 

horizontal vs. vertical, 269 
knock-back, 298 
multicomponent-mixture, calculation of, 335 
partial, 280 
reftux-type, 298 

calculation of, 299-301 
steam-CO,, calculation of, 346 
surface, for steam, 2.55, 301-309, 427, 433 

calculation of, 308 
crosafiow in, 304 
·dissolved air, in, 302 
pressure drop in, 302 

vertical, 268 
condenser-subcooler, calculation of, 289-

293 
n-propanol-water, calculation of, 277-280 
with single tube piiSB, 271 

vacuum, 274, 738 
(8ee a!•o Aftercondenaera; Condensation; De­

superheater-condensers; Intercondensera) 
Condensing curve, 319, 329 

influence of -components on, 352 
for multicomponent mixture, calculation of, 

332, 366 
Condensing range for multicompone.nt mixture, 

calculation of, 332 
Condensing zone, 282, 289, 295, 331 

for mixed vapors, 331 
Conditioning of air,. 544,. 611 
Conductance, definition of, 6 

unit, definition of, I7 
Conduction, Fourier's general equation of, 11 

periodic, 624, 662-664 
steady, 2, 6-23 

through compo!lite wall, 14 
through ce>mpooite pipe wall, 16 

Conduction, steady, through condensate film, 
263 

in extended surfaces (• .. ·Extended surfaces) 
in fins (• .. Extended surfaces) 
through fiuidB, 8 
through granular materials, 747 
graphical solution of, 21 
through insulation, 17, 20 
through metalo, 12 
through nonmetal solids, 7 
through pipe WQll, 15 
through resistances. in seriea, 14 
with ribs, 22 
through solids, 8 
temperature gradient in, 2, IO 
three-dimensional, II 
through wall, 13 

unsteedy, 624, 639-670 
annealing, 645 
with constant environment -temperature, in 

bricksbape, 653,656-657 
with contact resistance, 641, 647-657 
without contact resistance, 64~47 
in cube, 645, 646, 651 
in cylinders, 645, (146, 651 

with constant environment temperature, .in 
finitely thick. wall, 644., 647, 651, 651 

graphical solution of, 657-662 
Gurney-Lurie charts for, 652-665 
in infinitely thick wall, 641 
in infinitely wide slab, 645, 646, 651 
Newman's method for, 653-657 
in rectangular shapes, 648 
Schack charts for, 64.9, 6&0 
Schmidt method for, 657-662 
in spherea, 645, 646, 651 
in square bars, 645, 646, 651 
time-temperature-distance ill, 641, 657-662 

and Frink! regenerators, 664 
to granular materials, 668-670 
with heat--source variations, 624 
heat-storage factor m, 666 
in infinitely thick wall, calculation of, 643 
with periodic temperatures, 624, 662-664 
in regenerators, 625, 66-lr--668 
in reversing exchangers, 515, 664 

Conductivity (•ee Thermal conductivity; Elec-
trical conductivity) 

Conductors, definition of, 8 
Configuration factor, 555 
Consistent units, 37 
Constant boiling mixture, 281, 318, 319, 638 
Constant pressure in condensers, 316, 322 
Constants, 794 
Contact resistance, 9, 640, 647 
Continuity equation, 31, 567 
Continuous vs. batch proeeasea, 624 
Contraction head loss, 108, 112, 148, 273, 487 
Control proceas, automatie, 766 

manual, 772 
Controllers, pilot-acting, '167 

self-acting, 766 
Controlling film coefficient, 87, 96 
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Convection, ,2, 25-27 
'in cooling towel'S, 586-590 
forced, 2, 25-27 

in annuli, double pipe exchangers, 105 
with ei tended surface, 524 

in batch cooling and heating, 626-637 
in batch operations, 625-559 
in condensate films, 270 
in Pipes and tubes, correlation of, 46-51 

experimental determination of, 43--46 
for liquids, 103 
recommended eq nations, 103 
for solutions, 166 
for water, 155, 836 

in shells, 136-140 
for gases, 192 
for liquids, 136, 166, 838 
recommended equation, 13'1, 838 
for solutions, 166 
for water, 155 

and simultaneous diffusion, 586-590 
free, 3 

from coils, 721 
dimensional· analysis of, 206 
in evaporators, 375, 400 
for gases, 215 
heater calculation of, 217 
in jacketed veaaela, 716 
in pipes and tubes, horizonts.J, 205 

vertical, 206 
outside Jrlpes and tubes, 214 

recommended equation, 2:15 
from planes, 215 
and radiation, 18, 218 
recommended equations, 216, 217 
and streamline flow, 206 

in furnaces, 675 
·natural (aee Convection, free) 

Conversion factors, 793, 794 
force to mass, 34. 
kinetic energy to heat, 34 

Coolers, 102 
atmospheric, 581, 594, '1811-788 
cascade, 727 
direct-contact, 614-621 
drip, 727 
horizontal-film, 727 
instrumentation for, 77li 
open, 730 
8-type, 727 
eerpentine, 727 
spray, 780 
submerged-pipe coil, 723-727 
trickla, 727 
U'ombone, 727-730 

temperature difference in, 727-728 
(Su al•o Fomhangers) 

Cooling towers, 563, 570, 576-611 
air enthalpiea for, 18& 

air loading in, 584, 601 
approach temperaturtt in, 594., 606 

Cooling towers, atmospheric, 577, 578 
wind velocities for, 180 

calculation of diffusion units of, 591, 602-605, 
609-611 

crosallow in, 579 
as dehumidifiers, 611, 613, 614 
depreciation in, 602 
design conditions for, 594-598, 601, 602, 607 
diffusion unit in, 591, 6024104, 612 
diffusion units va. petiormance, .591 
drift Joss in, 578; 583 
droplet surface in, 582 
elevation of, above sea level of, 606 
enthalpjes for, 1185 

above sea level, 586 
enthalpy-temperature plot for, 591 
equations for, 688 
lana for, 609, 613 
!ill in, 581-583, 590 
jilm surface in, 582 
aooding in, 601 
fogging from, 598 
forced draft in, 577 
graphical integration in, 591 
guarantees for, 602, 605, 603-611 
]loat balance in, 583-585, 614 
induced draft in, 577 
liqnid film resistance in, 593 
loading in, 584, 601 
loading variations in, 609 
Jog mean enthalpy difference in, 592, 603 
Di&ke-up in, 584 
mechanical draft in, 577 
natural circulation i,;, 577, 578-581 
natural draft in, 577, 579 
number of diffusion unita in, .59-0 
numerical integration in, 591 
operating raJ:!.ge in,. 607 
performance calculations of, 601-60& 
performance characteristics of, 599 
perfornU.nce curves of, 609-611 
pressure drop in, 601 
process conditions for, 594-598 
process conditions affecting size of, 605-508 
recirculation in, 578 
e~asonal variations in, 608 
without simplified L&wie numbers, 614 
staging in, 608 
summer wet-bulb, 696 
unaaturation of inlet air, 607 

Cooling-tower water in evapora.tor~condenaera, 39Q­
Core tubee, 209 
Correlation of experimental data on 11uid fricuon. 

51-54 
on heat kansfer, to extended surfaces, 526 
in pipes, 46-51 

Cosine law, 79 
Cosmic rays, 62 
Coat, of cooling watert 154, 159 

of exchangers, installed, 223 
minimum annual, 225 

in relation to size, 224 
tube diameter, 228 
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Cost, minimum, of insulation, 21 
of steam, 165 

Countercurrent (s88 Counterflow) 
Counterflow, definition of, S5 

heat recovery in, 92 
methods of approximating, 184 
temperature difference in, S7 

Cox chart, 356 
Cracking, thermal, 67S, 679 
CriticiU radius, 20 
Critical temperature difference, 376, 377, 400 
Critical velocity, 53 
Crossflow, 545 

in surface condensers, 304, 307 
temperature difference in, 546-553, 727-72S 

CroBBflow area in shell-and-tube. exchangers, 13S 
Crude oil, 4, 121, 151, 203 

utilization of, 678 
Cube, conduction in, 645, 646, 651 
Curvilinear squares, 22 
Cycle efficiency, .303 
Cycles, Carnot, 301 

power, 301, ass; 391 
Cylinders, free convection from, 214, 116 

radiation from, 77 
unsteady conduction in, 645 

D 

Dalton's law, 320 
Dam baffie, 294, 331 
Deaeration of feed water, 302 
Defecation of sugar, 418 
Degree of freedom, 315 
Dehumidification, 576, 611, 613, 614 
Dephlegmator, 2SO 
Derivative function, 770 
Design, thermal, of exchangers, 

method for, 225-229 
outline of, 229-231 

Design overall coefficient, 106 
Desuperheater-condensers, 2S2-2S5 
Desuperheaters, 19S 
Desuperheating, 271, 2S1, 454 
Desuperheating zone, 2S2, 331 
Dew point, 195, 316, 339 

of uiulticomponent mixtures, 316, 322 
calculation of, 322-325 

using equilibrium const..,nts, 324 
using relative volatilities, 326 

of vapor-gas mixtures, 195 
calculation of, 196, 361 

Dew-point vs. wet-bulb temperature, 573 
Dew points, syetems with two, 352 
Diameter, equivalent, 

in annuli, 104:, 745 
in core 'tubes, 210 
iti shells, 138, 167, 535, 888 
spherical, for solids, 669 

Diameters, of pipes, SU 
of tubes, 84S 

Diaphragm valves, 76S 
Differential condensation, 328 

Dilfusion, 253, 281, 318, 339, 367, 564-570. 
613 

film thickness in, 576 
height of transfer unit of, 570 
rate of, 341, 343 
and simultaneous convection, 586-590 
transfer unit for, 570 
two-film theory of, 565 
of vapor through gas, 303, 339 
(See also Cooling towers; Direct-contact trans-

fer) 
Diffusion coefficient, 341, 572 
Diffusion unit, 591, 602-604, 612 
DiffU8ional heat transfer, 340 
Diffusivity, 343, 567 

calculation of, 344 
(S88 also Thermal diffusivity) 

Digesters, 426 
Dimensional analyeis, 3()...41 

of condensation, 253 
evaluation of equations from, 44 
of fluid friction, 34 
of forced convection, streamline :ftow, 40 

turbulent flow, 35 
of free convection, 206 
by Pi theorem, 38-40 
problems in, 57 
theory of models in, 38 
of unsteady conduction, 643 

Dimensionless constants, 31 
Dimensionless groups, 36 

names of common, 37 
Dimensions, of common variables, table, 

ss 
consistent, 37 
derived, 30 
fundamental, 30 
six-dimension syetem of, 32 

Direct-contact transfer; 564-621 
calculation of gas cooler for, 615-619, 620 
channeling in, 600 
for cooling gases, 612-614 
dehuurldifiers in, 611, 613, 614 
flooding in, 601 
heat balances in, 614 
height of transfer unit in, 570 
humidification characteristics of packings in. 

599, 600 
with liquid film resistances, 593 
without m&BB transfer, 619 
packed towers for, 598-601, 619 

humidification coefficients, 198--601 
sensible-heat transfer in, 619-621 

theory of, 565-570 
transfer unit in, 570 
(See also Cooling towers) 

Direct-contact vs. tubular equipment, 563 
Direct-fired kettle, 708 
Direct-fired still, 637 
Direct-fired tank, 708 
Direct-fired tubular furnace, 67S 
Dirt factors <••• Fouling factors) 
Dirty overall coefficient, 106 
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Disengagement, in chemical evap<>rat<>ra, 404 
in p<>wer-plant evaporat<>rs, 379, 380, 454 
in vsporirers, 454 

Disengaging drums, 455, 4S6 
Diatillate, 255 
Distillati<>n, batch, 624, 637-639 

instrumentation for, 787 
Rayleigh equation for, 638 

continuous, 253-255, 281, 2891 338, 353, 453, 
491-102, 777 

ASTM, 353 
of crudes, 678 
Bash reference line for, 354 
in gasoline recove,.Y, 222 
instrumentation for, 788 
minimum reflux for, 499 
nomenclature for, 254 
operating pres.sure of, 325 
processes of, 4191-102 
reference line for, 354 
reflux control of, 772 
steam, 222, 337, 352 

instrumentation for, 789 
theoretics.! plate, .498 
trapout, 457 
trne boiling point (TBP), 353 

Distillery waste, 418 
Distilling columna, 222 

condenser arrangements for, 268, 271, 274, 290 
operating pressure of, 325 

Divided flow, 246, 274, 478 
Double pipe excha.ngers (aee Exchangers) 
Downcomer, 255 
Drag in fluid flow, 55 
Drip coolers, 727 
Dropwise condensation, 252 
Dry gases, coolers for, 192 
Duhring's rule, 399 

E 

Economic (••• Optimum) 
Econ<>mi•ers, 192, 544, 554, 677, 678 
EF curve, 355 

(••• also Equilibrium Bash) 
Effective tem~ature difference (•ee Temperature 

differenee) 
Efficiency of exchanger, 170 
Ejectors, 305, 306, 394, 443, 457 

calculation of, 445 
steam consumption in boosters, graph, 444 

Elapsed-time contr<>ller, 788 
Electric resistance heating, 753-763 
Electrical conductivity, 12 
Electrolytic decomposition, 433 
Electrolytic solutions, 320 
E!ectromagnetio theory, 62 
Emis8ive power, 65 
Emissivity, 3, 68 

of diatomic gases, 690 
of metals and their oxides, 7o-7ll 
of miscellaneous materials, 'Ill 

Emissivity factor, 82, 687 

Emulsions, properties of, 161 
Endothermic reaction, 679 
Energy, conversion factors for, 798 

spectral, 64 
Engines, internal-combustion, 731 

steam, 165, 301, 390, 397 
Enlargement head loss, 112, 148, 273, 487 
Enthalpy, of air, saturated, Iiiii, 586 

of light hydrocarbons, 81S 
of petroleum fractions, 814 
of pure hydrocarbons, 812 
of steam, 816-819 

Enthalpy change, in turbines, 301 
Entrance head loss, 112, 148, 273, 487 
Equilibrium, in phase rulJ>, 314 
Equilibrium constants, 321, 810 
Equilibrium Jlaah, 354 
Equilibrium tempers,ture, 252 
Equivalent diameters, in annuli, 104., 745 

in core tubes, 210 
ahell...,ide crossflow, 1S8, ISS 
spherics.!, for solids, 669 
volumetrict in cross:flow, 555 

Ethyl alcohol, 241, 470 
Evaporation, 375--449 

blanketing in, 377, 378 
bubble formation in, 375 
chemical, 378, 400-409 

flashing in forward-feed, 408, 411 
free, 409 
mixed feed in, 408 
parallel feed in, 408 
solids distribution in, 427 
(See al•o Evaporators) 

critical temperature diff-erence in, 3'16 
effect of preasure and properties on, 377 
factors affecting, 377 
heat flux in, allowable, 384 

definition of, 377 
Kelvin theory of, 375 
maximum attainable flux in, 377 
mechanism of, 375-377 
multiple-effect, 382--390, 408 
with parallel feed, 385, 389, 408 
from pools, 375--398, 459 
power-plant processes of, 386-393 
pressure correction for, 377 
for pure water 375--397 
roughness of surface in, 375 
surface tension in, 375 
vacuum, 390 
vapor binding in, 377, 378 
(See alao Vaporization) 

Evaporative condensers, 738 
Evaporator-condensers, 387, 388 
Evaporatora, chemical, absence of blowdown in., 

398 
accepted heat iluxea for sugar solutions in, 

421,425 
accepted overall coefficients in, 379, 412, 414, 

453 
for soda waste liquor, 429 
for sugar solutions, 421, 425 
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Evaporators, ohem.ieal, algebraic ca.lculatj-ons of, 
409-413 

apparent temperature difference in, 383 
apparent temperature drop in, 399 
backward-feed, 399, 409 

outline of, 411-412 
operation difficulty in, 416 

boiling-point riae in, 399, 400 
calculation of, 409-449 
calculation of sugar, 418-426 
calculation of triple-effect backward-feed, 

414, 416 
calculation of triple-effect forward-feed, 412, 

.414 
ca.teha.lls lor, 403, 425 
cl'ystallization in, 401 
economy in, definition of, 413 
extrapolated evaporation in, 422 
forced-circulation, 400, 405, 406, 467 

caustic soda..in, calculation of, 43~442 
1-2 exchangers as, 470 
inside vertical element in, 405 
outside horizontal element in, 406 
outside vertical element in, 406 
velocities int 440 

forward-feed, 398,. 408 
outline of, 409-411 

hydrostatic head in, 417, 426 
industrial problems of, 418-449 
minimum initial cast of, 412 
minimum surface for, 412 
multiple-effect, 398,' 408 
natural-circulation, 400-<!05 

basket-type, 401, 403, 453 
calandrla vertical-tube, 401-403 
horizontal-tube, 401, 453 
long-tube vertical, 401-404, 425, 426, 459, 

486, 491 
eoda liquor in, calculation of, 426-433 
standard, 403 
sugar, calculation of, 418-426; 447-449 
(Su also Reboilers, natural-circulation, 

vertical thermosyphon) 
nonalgebraic calculation of, 41~49 
optimum number of eifects !or, 416 
parallel feed in, 408 · 
pressure distribution in, 413 
quadruple-eifect, 398 
ooxtuple-effect, 427 
eing!e-effect, 400 
standard number o! effects for, 416 
steam cost in, 409 
steam economy in, 413 
supersaturation in, 408 
temperature distribution in, 415, 421, 427 
thermocompression, 418, 442-447 

sugar solutions in, calculation of, 447-449 
(See alao EvaporatiQn, chemical) 

definition of, 102, 378, 453 
design methods in, 379 
disengagement in, 379 
function of, 378 
instrumentation for, 787 

Evaporators, power-plant, 378-397, 453 
bent-tube, 382 
blowdown in, 381 
deecaling, 381 
distillers in, 386 
double-effect, 384, 386, 388, 389 
evaporator-eondell!lers with, 387, 388 
heat fiux in, 384 
beat head in, 383 
heat transformers· in, 38!l, 390-392 
make-up of, 386-389 
multiple-effect, 384-386, a89 

pressure distribution in, 390 
vacuum in, 389 

over&ll coefficients for, 882, 383 
process for, 386, 389 
quadruple-effect, 389 
reducing valve in, 392 
salt-water diStillers for, 386, 392 
separators for, 380 
serpentine-tube, 382 
shocking, 382 
single-effect, 386 
temperature head of, 383 
triple-effect, 386, 388, 389 
types of scale in, 381 
water treatment for, 380-382 

Exchanger performance, 148 
Exchanger rating, 148 
Exchangers, approach temperature ln, 85, 146. 

175 
bayonet, 738-746 
cleaning of, 108 
definition of, 102 
double pipe, 10Z ·123 

calculation for series, 113-115 
calculation outline for, 110-112 
calculation for series-par&llel, 121-123 
condensation in, 269 
with extended surfaces (..,. Extended sur• 

faces) 
:flow areas and equivalent diameters of, 110 
series-parallel arrangements in, 115 
series-parallel calculation of, 121 
standard .fittings for, 103 
true ·temperature difference in, 120 
with viscosity correction, 120 

efficiency of, 170 
guar&ntees for, 775 
instrumentation. for, 777 
with longitudinal .fins, 523, 534 
shell-and-tube, &nn!l&l fixed charges for, 222, 

224 
cost of, in relation to size, 224 

in relation to tube diameter, 228 
ln relation to tube length, 229 

1-1, 187 
for batch heating, 628-632 
with e:<tended surfaces, 534, 544 
as vaporizers, 457, 488 

1-2, aqueous solution in, calculation of, 161-
163, 167 

without bafiles, 166 
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Exoha.ngers, shell-and-tube, 1-2, for batch heat-
ing, 62_6 

e&loulation of, 151-153 
e&loulation outline o!, 14.9-111 
eondensation in shells of, 266 
as condensers, 271 
as coolers,.154, 161, 238 
core tubes for, 206 
definition of, 145 
double-tube sheets, 135 
efficieney of, 170 
with extended surfaoee, 534 
with fixed tube sheets, 132 
with floating head, 133 
as gas aftercooler, calculation of, 193-195 
as heaters, 164, 241 

calculation of, 167 
oil-to-oil, calculation of, 151-153, 231-235 
outlet temperatures of clean; 170 
with packed floating head, 135 
with pull-through floating head, 132 
in aeries, 176, 184 

calcula.tion of, 184-187 
shell-aide flow are" of, 138 
shell-aide friction. factors, ass 
shell-aide mBSS velocity, 137 
•!!ell-side pressure drop, 147, 8ll8 
with split-ring floating head, 133 
with streamline flow, 203, 207 
U-bend, 135 
as vaporizers (o .. Vaporizers) 
water-to-water, calculation of, 155-168 

2-2, 176 
2-4, for batch heating, 626· 

calculation of, iat 
definition of, 175 
with extended surfaces, 534 
oil-to-oil, oalcnlation of, 235 
oil-to-water, caloulation of, 181-184 
in series, calculation of, 235 
with remov,.ble-ba.ffie floa.ting head, 179 
with welded-ba.ffie floating head, 179 

3-6, 177, 235 
4-8, 178, 184 

oil-to-oil, calculation of, 235 
with extended surfaces (••• Extended our-

faces, shell-and-tube ex9hangers) 
falling-film, 746 
optimum, 224 
optimum velocities In, 227 
mass velocities in, 227 
rating of, 148, 149, 225 
return presaure Ioes in, 148 
shell-<~ide pressure drop for, 147, 838 
split-flow, 245 

calculation of, 246-250 
with stationary tube sheets, 129, 131 
with tube coils, 720 
tube-<~ide pressure drop in, 148, 886 

with solutions, 160. 
with streamline flow, 202 
temperature cross in, 146, 1 '15 
temperature-cross increase in, 175 

Exchangers, with transverse fins, 544 
vaporiting, 378. 453, 458 

Exhaust steam, 165 
Exhaust temperature, 301 
Exit head loss, 112, 148, 273, 487 
Exothermic rea-ctions, heat removal, 245 
ExpanSion head loes, 112, 148, 273, 487 
Expansion joints, 131 
Experimental evaluation of convection coeffi­

cients, 43-51 
Extended surfaces, 192, 512-562 

air-cooled, 545, 131 
double pipe exchangers, 514, 523 

calculation of, IISD-1131. 
common sizes of, 5:11. 
efficiency curves for, liS' 
heat-transfer coefficients for, 11211 
·pl"OSIIure drops in, Iilii 
temperature difference In, 524 

fins, clasaification of, 514 
discontinuous, 515, 554 
effectiveness of, 519 
ideal, 544 
longitudinal, 514, 538 

efficiency calculation of, 522 
efficiency curves of, US 
efficiency derivation of, 515-519, 538, 

541 
weighted-efficiency calculation of, 522 

transverse, 514, 538-546, 553-562 
disc, 514, 554 
efficiency curves for, IU; 
eflicienoy derivation of, 538-541 
heat-transfer coefficients for, 553, IIU 
helical, 514, 554 
pressure drop for, 555 
star, 514 
weighted efficiency of, 541 

wall temperature of, 527-530 
weighted eflicienoy of, 519, 524 

pegs, 515, 559 
efficiency curves of, 1143 

shell-and-tube exchangers, 514, 534 
calculation of, 535-538 

spines, 515, 541, 559 
effi-ciency curves of, IU. 

Extrapolated evaporation, 422 

F 

Falling-lilm exchangers, 746 
Fanning equation, 62 

for annuli, 104 
friction factors for, sa 

Fatty acids, properties of (see Liquids) 
specific gravi~y of, 821 
viscosity of, 821 

Feed water, deaeration of, 302 
Fermentation of sulfite liquors, 427 
Ferrules, 127, 402 
Fictitious compounds, 356 
Field tubes, 738 
Film boiling, 317 
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Film coefficients, 25, 26 
control of, 87 
(See also Heat-transfer coefficients) 

Film resistance, 25 
FUm temperature, in condensation, 260 

in forced convection, 99 
in free convection, 215 

Film theory, 26 
Filmwise condensation, 252 
Finned strip heaters, 754, 756, 757, 762 
Fins (see Extended surfaces} 
Firebrick, heat transfer to, 670 
Fixed charges, 21, 158, 159, 222, 224 
Fixed-tube-sheet exchangers, 129, 131 
Flared nozzle, 271 
Flash evaporation, 409, 416, 435 
Flash reference line, 354 
Flash- tanks, 387 
Flash vaporization curve, 355 
Floating control, 770 
Floating head, 132 

flow area in, 202 
split, 180 

Floating-head cover, 132 
Floating-tube sheet, 132 
Flow, side-to-side, in condensers, 272 

in exchangers, 130 
Flow control, 771 
Flow of fluids (see Fluid flow) 
Flue gas, 246 
Fluid flow, conversion factors for, 793 

dimensional analysis of, 34 
drag in, 55 
pressure drop in, 34, 109 
streamline, 29, 40, 201 
transition velocity in, 53 
turbulent, 29, 35 
velocity distribution in, 29 
(See also Friction factors; Pressure drop) 

Fluid friction, 34 
(See also Friction factors; Pressure drop) 

Fluid shear; 27 
Foaming, 381, 400 

in soda process, 426 
Forced circulation, in evaporators, 405, 406 

in vaporizers, 454 
Forced convection (see Convection) 
Fouling factors, 106, 846 

in water-to-water exchangers, 155 
Fourier equation, 87, 106, 107, 110, 201, 225 

for parallel-counterflow exchangers, 144, 177 
Fourier general equation, 11, 86 
Fourier number, 37 
Fourier series, 645. 663 
Fractional distillation, 493-502 
Fr.actions from crude oil, 4 
Free convection (see Convection} 

and radiation, 18, 218 
and streamline .flow, 206 

Frequency of radiation, 62 
Friction, analogy of, to heat transfer, 54-57, 564, 

574 
Friction factors, 52 

Friction factors, for ~anning equation, II 
for fluids, in shells, 889 

in tubes, 886 
baffied, 8811 
unbaffied, 167 

(See also Pressure drop) 
Fronts, in multicomponent mixtures, 329, 333 
Fuel oil, 4, 675, 678, 689 
Fugacity, 320 
Furnaces, air preheaters for, 678, 680, 701 

atomizing steam for, 698, 711 
average flux in, 687, 696 
blast, 664 
calculations of, Lobo and Evans method, 697, 

698-705 
Orrok-Hudaon equation, 697, 706, 707 
Wilson, Lobo, and Hottel method, 697, 705 
Wohlenberg simplified metb,od, 697, 705 

chemica.!, 67 4 
coking in, 675, 679 
conductivity factor for, 687 
design methods for, 696-708 
with double tube rows, 687 
dry ash in, 689 
effective refractory surface for, 701 
effectiveness factors for, 685, 687 
emissivity factors for, 82, 687 
enclosing surfaces for, 684, 692-696 
equiva.len t cold plane, 685 
excess a.ir in, 689, 690, 701, 706, 711 
fuels for, 675 
gas vs. coal-firing, 689 
heat balances in, 698 
heat sinks for, 684-689 
heat sources for, 684, 689-692 
heat-treating, 67 4 
kilns, 674 
maximum :flux in, 687 
mean beam length, '6110-6111 
oil.vs. coal-firing, 689 
open-hearth, 664 
Orsat analysis of, 712 
ovens for, 674 
permissible flux in, 67 4, 702, 712 
petroleum-refinery, 678-683 

"A" frame, 682 
average flux in, 686, 696 
box-type, 678 
bridgewalls for, 678 
convection surface in, 678 
De Florez, 680 
double-radiant box-type, 680 
down-draft convection-bank, 682 
efficiency of, 678, 701 
maximum flux in, 686 
multiple radiant-section, 682 
overhead convection-bank, 680 
polymers in, 679 
radiant surface in, 678 
soaking section in, 679 
tube spacing in, 686 

pulverized-coal-firing,_ 689, 706 
radiant-rate distribution, 685 
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Furnaces, regenerative, 624 
reradiation in, 685 
shield tubes in, 707 
slf!g factor, 687, 6Ba 
slagging in, 67 4, 687 
stoker-firing, 689, 706 
tube cleaning in, 711 
tube-skin temperature, 713 
(See a!•o Boilers, steam-generating; Radiation) 

G 

Gaees, absorption of, 222 
compression of, 192, 195 
cooling by direct contact, 614-621 
co;rrosive, 727 
direct-contact transf~r, 564 
in exchangers, 19G-198, 245, 246-250 

ammonia cooler for, calculation of, 193--195 
coolers for, 192, 246-250 

wet, calculation of, 197 
flue, 246 
free convection to, !116 
friction factors for, 191, 836, 889 
as fuels, 675, 678, 689 
heat-transfer coefficients of, 192 
lean, 222 
natural, 222 
noncondenaable, in vapor mixtures, 302, 313, 

339-352 
nouluminous, 674, 689 
Prandtl numbers for, 191 
properties of, compared with Jiqnids, 190 
radiating, 690 
reactor, 285 
rich, 222 
specific heat of, 80& 
thermal conductivity of, 801 
under vacuum, 191; 195 
viscosity of, 82& 
viscosity correction for, 820 
wet, coolers for, 195 

Gas-turbine cycles, 515 
Gas oii, .4, 46, 209, 482, 530 
Gasoline, 4, 222, 476 
GaUBB's error integral, 641 
Gibbe' phase rule, 313-318 
Gilliland forD).ula, 344, 568 
Graetz number, 37, 202, 748 
Granular materials, in beds, 025, .668-670 

in tubes, 747-752 
Graphical solution, of conduction, 21 

of process temperatures, 224 
of steam-condensing coefficients, 309 

Grashof number, 37, 206, 215, 400, 405 
Gravel, heat transfer to, 670 
Gurney-Lurie charts, 611~&& 

H 

h, individual heat-transfer coefficient, definition 
of, 26 

Hairpin, 102, 523 
HDU, height of diffusion unit, 591 

Heat, mechanical eqnivalent of, 34 
of reaction, 679 · 
of solution, 625, 630, 631 
total (••• Enthalpy) 
of vaporization, 815 

Heat capacity (•ee Specific heat) 
Heat economizers, 192 
Heat-exchanger tubes, 128, 8'3 
Heat exchangers (••• Exchangers) 
Heat flow (see Conduction) 
Heat head in surface condensers 305 
Heat interchangers (see Exchan~ers) 
Heat lOBS from pipe, 17 

to air, coefficients of, 18 
Heat recovery, in counterflow 92 

in 1-2 exchangers, 169, 170,' 177 
in 2-4 exchangers, 177, 178, 179 
instrumentation for, 777 
lack of, in. exchangers, 175 
in parallel flow, 93 
of waste heat, 192 

Heat regenerators, 625, 664-668 
Heat transfer, definition of, 1 
Heat-transfer coefficients, in annuli, 105 

with extended surfaces, 626 
for atmospheric coolers, '13,, 736 
for bayonet exchangers, 745 
for coils, 718, 721-723 
condensation, of binary mixturet, 319 

graph of, !167 
of miscible-immiscible mixtures, 388 
of miscibles and immiscibles from noncon­

densable, 352, 367 
of multicomponent mixtures, 330 
of steam, 266 

in surface condensers, 806 
in steam distillation, 338 
in tube, horizontal, 269 

vertical, equation, 165 
on tube, horizontal, equation, 165 
on tubes, horizontal, equation, 266 

vertical, equation, 265 
controlling, 87 
conversion factors for, 793 
definition of, 3, 18 
desuperheating, calculation of, 286 
evaporation, accepted overall, 379, 412, 414 

453 
apparent overall, 399 
effect of pressure on, 378 
of soda waste liquor, 429 
of sodium hydroxide, 441, 442 
of sugar solutions, 421 
of water from pools, 382 

extended surfaces, double pipe exchangers, 19.6 
longitudinal fins, &2&, 535 
transverse fins, &6& 

in falling-film exchangers, 747 
forced convection, for gases (vapors), 192 

in pipes and tubes, au 
in shells, 838 

fo~ liquids, in pipee and tub.,, 108, 83' 
m shells, 838 
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Heat-tranafer coefficients, forced convection, for 
water in pipes and tubes, 8311 

free convection, from miscellaneous shapee, 11111 
from pipes, to gases, 11111, 1116 

to liquids, lllll, Ill '1 
for granular materials in beds, 6'70 
individual, 26 

in surface condensers, 308 
in jacketed vessels, '716-719 
overall, 86 

approximate, 840 
arithmetic mean, 94 
clean, 106 
definition of, 106 
dirty, design, 106 
in evaporators, power-plant, 382, 383 
in surface condensers, 806 
true mean, 94 
in vapor-noncondensable syste-ms, 343 

peri.odic, 665 
from pipes to air, 18 
from pipes to gases, 214, 1116 
in pipes and tubes, au 

water, 836 
for radiation, 77 
for reboilers, 474 
in shells, bafHed, 136-139, 838 

unbafHed, 166 
for slurries, 725 
for solids, 670 
for solids in rodlike flow, 749 
f<>r steam as heating medium, 164 

effect of dissolved air on, 302 
for steam from noncondensables, 367 
for suspensions, 725 
in tubes, 103 

gases and liquids, 834. 
water, 83& 

for unsteady state, 717, 722 
va.porization, forced-circulation, isothermal 

boiling, 461 
maximum allowable, 460 
noniaothermal boiling, 469 
in shells, 461 
in tubes, 470 

natural-circulation, 474 
in chillers, 472, 4 74 
in horizontal thermosyphons, 479 
in kettle reboilers, 47'4 
maximum allowable, 460 
in vertical thermosyphons, 488 
weighted, 480 

of vapors from noncondensables, 36T 
for vertical condenser-subcodlers, 289 
volumetric, 668, 669 
for water, in shells, 137 

in tubes, 1&6 
weighted clean overall, in deauperheater-eon­

densers, 284 
for mixed vapors, 331 
for vapor from. noncondenaable gas, calcula­

tion of, 351 
weighted trial overall, 285 

Heat-transfer factor jy, 50, 104, Ill 
Heat-transfer factor JA, 192 
Heat-treating furnaces, 674 
Heaters, bleed, 388 

definition of, 102 
instrumentation for, 77&-780 
stage, 388 
sugar-juice, 422, 425 
(886 also Exchangers) 

Height ci diffusion unit (HDU), 591 
Height ci transfer linit (HTU), 570, 590 
Henry's law, 569, 638 
n-Heptsne, 282 
;;..Hexane, 355 
n-Hexane, 322, 331 

vapor-pressure curve of, 321 
Holdup, in bateh procBBSes, 624 

in distillation, 478 
Horizontal condensers (••• Condensers, shell-and­

tube) 
Horizontal condens~r-subcooler, 294 

calculation of, 295--297 
Horizontal film coolers, 727 
Horbonts.l vs. vertical condenser-subcoolers, 298 
Hot well,. 305 
HTU, height of transfer unit, 570, 590 
Humid heat, 588 
Humidification, 563, 57D-577, 613, 614 
Humidification coefficients, 598-601 
Humidifiers, 589, 614 
Hydraulic radius, 104, 13"8 

in condensate films, 264 
Hydrocarbon gases and vapors, specific heat of, 

80'1 
therm'll conductivity of, 801 

Hydrocarbon liquids, equilibrium constants for, 
810 

molecular weights of, 860 
Prandtl numbers for, 8116 
specific gravity of, 809 
specific heat of, 806 
thermal conductivity of, 803 
vapor pressures of, 811 

Hydrocarbons, heat-transfer (see Heat-transfer 
coefficients) 

light, enthalpies of, 813 
pure, enthalpies of, 8111 

Hydrogen, 190, 690 
Hydr.ogen chloride, 727 
Hydi-ostatic head, in evaporators, -'08 

for reflux return, 272 
Hyperbolic tangents, Glll 

IBP (••• Iuitial boiling point) 
Ideal solutions, 319, 495 
Ideality, criteria of, 320 
Individual film coefficients (••• Heat-transfer 

coefficients) 
Ilmenite, 749 
Immersion heaters, 754, 755, 758 
Immiscible mixtures, 314 
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Incinerators, rotary, 426 
Infinite series, 747 
Infrared, near and far, 65 
Initial boiling point (IBP), 4, 853 
Instrument Society of America, 773 
Instrumentation symbols, 773 
Instrument., 767 
Insulating materials, thermal conductivity of, 795 
Insulation, maximum beat loss through pipe, 20 

optimum thickness of, 21 
Insulator, definition of, 2, 8 
Intensity of radiation, 64 
Intercondensers, 397 
Intercoolers, 192, 195, 197, 198, 339 

calculation of heat load in, 196 
Ionic solutions, 320 
IPS (see Iron pipe size) 
Iron balls, heat transfer to, 670 
Iron ores, heat transfer to, 670 
Iron pipe dimensions, 8U 
Iron pipe size (IPS), 8U 

J 

ie, i• (see Heat-tranefer factor) 
Jacket wator cooling, 731 
Jacketed vessels, 625, 716 

heat-transfer coefficients for, 716-71t 
time for heating, 626--621! 

Jet condenser, 394, 564 
Jet propulsion, 515 
Joule's law; 754 

K 

Kelvin evaporation theory, 375 
Kerosene, 4, 151, 207 
Kettle, direct-fired, 708 
Kettle reboilers (see Reboilers, natural circulation) 
Kilns, 674 
:Kinematio viscosity, 28 
E.1rchhoff's law, 67 
Kleinschmidt still, 442 
Knock-back condensers, 298 
Knockout drums, 776 

L 

Laminar flow (see Streamline flow) 
Laminar layer, 54-57 
Latent heat of vaporization, 811 
Lean oil, 222, 235 
Level control, 766, 776· 
Lewis number, 574, 612 
Ligament between tubes, 128 
Lignin, 426 
Lime, 418, 433 
Lime-soda prooeaa, 381 
Limestone, heat trana1er to, 670 
Liquid-level control, 766, 776 
.Liqni.W, cooling and heating (see Heat-transfer 

coefficients) 
specific gravity of, 808 

Liquids, speoifie heat of, 804. 
thermal conductivity of, 8011 
viscosity of, 828 

LMTD (see Logarithmic mean temperature 
difference) 

Loading, in cooling towers, 584-f 601 
in aurface condensers, 306 

Logarithmic mean temperature difference 
(LMTD), 42 

Loop seal, on horizontal condenser-subeoolera, 
294, 331 

on vertical condenaer-subcoolers, 289 
Low-level condensers, 396 
Lube oil, 4, 121 

M 

Magnesium bisulfite, 427 
Magnesium eca!e, 380 
Magnesium sulfite, 426 
Mass-diffusion coefficient, 341 
Mass transfer, 339, 564, 612, 614 
Mass velocity, 35 

in sheDs, 137 
in tube bundles, 150 

Materi&l transfer (•.., Mase transfer) 
Maxwell's electromagnetic theory, 62 
Mean beam length, 69D-692 
Mean temperature, 201 
Mechanical equivalent of heat, 34 
Metals, properties of, 799 
Methyl aloohol, 619 
Micron, definition of, 62 
Mineral oils (see Hydrocarbons, Petroleum) 
Minimum annual COE!t of exchanger, 225 
Miscible mixtures, 314 
Mixing, in streamline flow, 202 

in temperature-difference assumptions, 140, .547 
Models, theory of, 38 
Mol fraction, 320 
Molasaes, 789 
Molecular volume, 344 
Momentum transfer, 54, 842 
Monochromatic properties, 65 
Multicomponent mixtures, 319-329 

empirical solution of, 353 
fictitious compounds oi, 356 
modified by immisciblea and noncondensa.bles, 

352 
rehoiler duty for, 505 

Multipass exchangers (see Exchangers, 1-2) 
Multiple-effect evaporation, 384, 389, 408 

N 

Naphthn, 4, 231, 482 
Natural circulation, in eva.pora.tore, 400-40.5 

in vaporizers, 454 
Natural convection (•ee Convection, free) 
Natural gas, ·222 
Natural gasoline industry, 731 
Newton's law of eooling, 3 
Newton's rn1e, 27 
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Newton's· second law, 30 
Nickel, 438 
Nitric oxide, 727 
Nitrogen, 615, 690 
Nomenclature (11ee conclusion of each chapter) 
Noncondensable .gaS (•ee Gases) 
N oneondensing turbines and engines, 165 
N onideal solutions, 320 
Nonluminoua gases, 674 
Normal tots! smisivity, table, 7CI-73 
Nozzle, flared, 271 
Nozzle entry allowances, 134 
Nuclear boiling, 377 
Number of transfer unite, 570, 590 
Nusaelt number, 37 
Nuaselt's theory, 256-263 

0 

Ohm's law, 6, 12, 754 
Oils, as fuels, 675, 678, 689 

petroleum, classification of, 4 
degree API of, 4 
enthalpies of, 812--814 
equilibrium constants of, 810 
friction factors of (see Friction factors; Pres­

sure drop) 
heat transfer to (see Heat-transfer coeffi­

cients) 
molecular weights of, 360 
pressure drop in (aee Friction factors; Pres­

sure drop) 
specify gravity of liquid, 80S 
specific heat, of liquid, 806 

of vapors from, 807 
thermal conductivity, of liquid, 803 

of vapors from, 801 
vapor preasures of, 811 
viscosity of, 8S1 

(See also Specific names of oils) 
On-and-of! control, 770 
Open coolers, 730 
Open-hearth furnace, 664 
Open-and-shut control, 770 
Operating pressw:e, of condenser, 325, 577 

influence of, on gas heaters and coolers, 191 
Optical glaas, annealing, 645 
Optimum atmospheric-cooler temperature, 734 
Optin;mm effects in evaporation, 416 
Optimum efficiency of cyclea, 387 
Optimum exchanger, 224 
Optimum outlet-water temperature, 158 
Optimum pressure in distillation, 325 
Optimum process conditions, 221 
Optimum recovery temperature, 224 
Optimum reflux ratio, 499 
Optimum thermal fin, 544 
Optimum thiokneas of insulation, 21 
Optimum uae of exhaust 1md proeeas ste&m, 

166 
Optimum velocities, 225 
Organic fiuida, heat transfer of, 103, 840 

(See al•• Bes.t-transfer coefficients) 

Organic solutions, properties of, 161 
Ott a. ws sa.nd, 7 49 
Outer tube limit, 134 
Ovens, 674 
Overall coefficients of heat transfer (su Heat­

trs.nsfer coefficients) 
approximate valuee of, 840 
graphic&! analysis of, 308 

Overhead product, 255 
Oxygen, 535, 690 

diasolved in water, 306 

p 

Packed fioating-head exchangers, 135 
Packed towers (see Direct-contact transfer) 
Paper-pulp processes, 426 
Paper-pulp waste liquors, 426 
Parabolic velocity distribution, 40, 201 
Pa.rallel-counterllow, 139 
Parallel feed in evaporators, 384 
Parallel flow, 85 

heat recovery in, 93 
temperature difference in, 90 

Parallel flow-counterflow, 139 
P&rtial condensers, 280, 318 
Partial phase ch&nge, 283 
Partial pressure, 321 
Pebble heaters, 624 
Peclet number, 37 
i-Pentane, 290 
n-Pentane, 290, 314, 316, 317, 331 

vapor pressure curve of, 321 
Perfect gas law, 191, 192 
Performance, of cooling tower, 602 

of exchanger, 148 
Periodic he,.t-transfer coefficient, 665 
Petroleum coke, as fuel, 678 
Petroleum. fractions, classi£.-cation of. 4 

light ends, 4 
Petroleum industry, 41 353 
Petroleum oils (see Oils) 
Petroleum-refinery furnaces (••• Furnaces) 
Phase, definition of, 313 
Phase changes, partial, 283 
Phase equilibrium, 314, 321 
Phese rule, 252, 313-318, 5&4 
Phosphate solution cooler, 161 
Pi theorem, 38 

forced convection by, 39 
Pipe stills (••• Furnaces, petroleum-refinery) 
Pipes,. dimensions of, 8'3 

friction in (see Friction factors; Pre.liBurB 
drop) 

heat losses from, 17-21 
Pipe-w&ll temperature, 97 
Pitoh, baB!e, 129 

tube,128 
Planck, 63 
Planck's law, 66, 69 
Plate in distillation, 264 
Poise, 28 
Poiseuille, 28 
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Polytropic <lompreaon, 192 
Pmential, definition of, 6 
Power, by-product of, 391 

conversion factors for, 793 
Power cycles, 301 
Power-plant evaporators, 37&-397 

(See also Evaporatol'B) 
Power aeries, 31 
Prandtl analogy, 57 
Prandtl number, 37, 50, 215 
Prandtl numbers for gases, table, 191 
Precondense~. 395, 397 
J'reheatera, in batch distillation, 639 

in continuous distillation, 221 
with make-up evaporators, 387 

Pressure, conata.nt, in distillation, 271 
conversion factors of, 7U 
effect of, on boiling coefficient, 378, 382 

on thermal conductivity, 8 
on viscooity, 820 

PreBBure boooter, 390 
Pressure-control valve, 767, 776 
Pressure distribution in evaporators, 413 
p,....,ure drop, 34 

a.Uowa.ble, in eompJ:e8BOr intercoolers, 195-
jn condene.era, 272 
jn cooling -t.awers, 601 
in exchangers, 108 

in annuli, 109 
balanced, in subcoolers, 280, 294 
in crullers, 475 
of condensing vapors, 273 
in double pipe exc:,hangers, entrance and exit 

looses, 109 
on extended surfaces, longitudinal fins, &25 

transVerse tins, GIS 
in horizontal thermosyphono, 480 
instrumentation fol" low, 777 
in kettle reboilers, 475 
in partial condensets, 280 
in pipes and tubes, 148, 202, 886 

of condensing steam, 165 
of condensing vapors, 273 
deviation of, 34 
equations for, 112 
friction factors of, &3, 886 
of gases, 191 
of liquids, 14.8 

over pip£8 and tubes, in cri>SSfiow, 554 
in reboilers, natural-ciroulation, <i.El9 
in reJation ~o heat transfer, 54-57 
in shells, HT, 889 

balanced, in condensation, 280, 294 
of condensing steam, 165 
of condensing v-&pors, 278 
of gas£8, 191 
split-flow, 245 
of steam, 165 
unbaffied, 166 

in surface condelll!ers, 307 
in tubes, friction faotom for, 886 

return losses for, 148, 887 
Wifliaiiia and Hazen equation, 307 

Pressure drop, in vaporizers. natural-eireulation~ 
461, 4611 

Pressure-drop allowance, 108 
in compressor intercoolers, 195 
in condensers, 272 

Pressure gradient, 84 
Pressure-volume-temperature relationships, 820 
Priming in evaporators, 381 
Probability integral, 641 
Process conditions, 110, 229 

optimum, 221 
PrilceBB be.ot tl'.onsfer, 3 
Process lags, 768 
Procese steam, 165 

vs. exhaust steam, 165 
Process temperatures, 85 
Process variables, 765 
Program controllers, 788 
n-Propanol, 27 4 
Properties, of llquid solutions, 161 

of saturated steam, 816, 817 
of superheated steam, 818, 819 

Proportional control, 770 
and reset, 770 

Propyl alcohol, 274 
Psychrom&trie chart., 584 
Pull-thrnugh floating-head exchan.gEra, 132 
Pumps, selection of, 774 

Q 

Quantum theory, 63 
Quenching, 641, 647, 653 

R 

Radiant energy (••• Radiation) 
Radiant-heat flux, 674 
Radiant-heat transfer, 78--82 

(See alao Ra<liation) 
Radiant-heat-transfer factors, 683-696 
Radiation, 62-84, 674-715 

absorptivity of, 67 
between any source and receiver. 78 
black-body, 6& 
charaeteristies of, 62 
coefficient of heat-transfer, 77 
to completely absorbing receiver, 77 
bet~reen conoentric <>ylinders, 7'1 
between con~entrio aph.eroo.l 77 
c.IDstsnt, '14 
cosine Jaw of, 74 
definition of, 3, 62 
distribution of, 64 
emission of, 63 
en:rlsaive power of, 65 

influence of temperature on, 69 
enrlss.ivity oi, 8, 68 

experimental -deter:min&tion of, 68 
normal total, 69 

table of, 7Q-'13 
and free convection. 18. 218 
frequency of, 62 
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Radiation, of furnaces (••• Furnaoeo) 
geometric factor of, 80 
heat-transfer coefficient of, 77 
incidence of, 66 
intensity of, 64 
Kirchhoff's law of, 67 
from luminous flame&, 689 
monochromatic proPerties of, 65 
from nonluminous gases, 674, 689 

carbon dioxide, 690, 693 
carbon monoxide, 690 
sulfur dioxide, 690 
temperature over bridgewall, 699 
water-vapor, 690, 694 

origin of, 63 
oscillating field of, 62 
oscillator, 63, 64 
overall heat-exchange factor of, 700 
between parallel planea, 74 
between perpendicular planes, 81 
between pipe' and duct, 82 
Planck equation for, 66 
between planes of different emissivity, 74 
between pla.te and pla.ne, 81 
quantum theory of, 63, 66 
reflectivity of, 67 
Stefan-Boltzmann law of, 69 
and temperature of sun, 66 
total emissive power of, 65 
transmissivity of, 67 
ultr&violet, 66 
velocity of propagation of, 62 
w&ve velocity of, 62 
wave length of, 62 
Wien's displacement law of, 66 

Radio waves, 62 
Raoult'slaw, 320, 638 
Raschig rin~, humidifi-cation charaoteriatics of, 

600 
R&ting an exchanger, 148 

outline of, 1'9 
Rayleigh equation, 638 
Reaction time, 624 
"Reboilers, 102, 255, 378, 453, 454, 459 

for batch stills, 637 
divided-flow, 246 
eft'eot of column pressure on, 325 
forced-circulation, for aqueous solutions, 470 

film coefficients for, 461 
instrumentation for, 784 
maximum allowable tlux for, IB9 
maximum coefficient for, 4:60 
pressure drop in, 461-463 
pump-through, 457, 458, 464--470 
specific gravities in, 461-463 
with vapors in tubes, 470, 471 

heat balances for, 491 
heat-flux limitations in, 459 
influence of feed on, 500 
natural-circulation, baffied thermosyphon, 485 

bundle-in-column, 459, 478 
horizontat thermosyphon, 459, 478-482, 485 

calculation of, 482485 

Reboilers, natural-ciroula.tion, iiUitrumentation 
for, 786 

kettle, 459, 471 
calculation of, 475-477 

maximum allowable flux for, '59 
maximum coefficient for, '60 
once-through, 458, 479, 480 
overdesign in, 485 
recirculating, 458, 479, 480, 482 
vertical thermosyphon, 459, 482, 486-488 

calculation of, 488-;491 
temperature-difference limitations of, 4.59 
vaporization curves of, 469 

Receiver, definition of, 1 
Reciprocating pumps, flow control with, 772 
Recirculation rate, 482 
Recirculation ratio, 482, 486-488 
Recorders, 766, 772 
Recovery of gasoliile from natural gas, 222 

(See also Heat recovery) 
Reference line, distillation, 354 
Reflectivity, 67 
Reflux, 255 

flow control of, 772 
gravity return· of, 268, 271, 272 
ins!rumentation for return of, 781 
(See al•o Distillation) 

Reflux condensers, 298 
Refrigerants, 627 
Refrigeration cycles, 472 
Regenerators, 625, 664--668 
Regulators, 767 
Reheater, 392 
Reheating, 176 
Relative volatilities, 325 
Relief valves, 789 
Removable bundle exchangers, 1ll2 
Reain, 426 
Resistance, contact, 9, 640 

definition of, 6 
to electricity flow, 6, 13 
to fluid llow, 6 
to heat flow, 6 

unit, definition of, 18 
Resistance heating, 753-763 
Resistances in series, 14 
Resistivity, electrical, 12 
Return pressure drop, 148, 202, 83'1 
Reversing exchanger, IH5, 664 
Reynolds analogy, 54"-57 

applied, to diffuaion, 342· 
to distillation, 343 

Reynolds number, 29 
critical value, 53 
modified for agitation, .718 
variation of, in streamline Jlow, 202 

Itibe, conduction in, 22 
Itich oil, 222, 235 
Rodlike il.ow, in fluids (see Streamline flow) 

in solids, 7 47 
Rotated square pitch, 128 
Roughness, effect of, on fluid .frictiori, 53 

on heat transfer, 104 · 
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S-type coolers, 727 
Safety valveB, 789 

s 

Salt solutions, properties, 161 
Saturation temperature, 252 
Saybolt Seconds Universal (SSU), 29 

conversion factors for, UO 
Say bolt viscometer, 29 
Scale, calcium and magnesium, 380 

in evaporators, 37!1-382, 400 
impurities causing, 301 
remove.! of, by shock, 382, 733 

Scale factors (see Fouling factors) 
Schack charts for rectangular shapes, 649, 650 
Schmidt method, 657-662 
Schmidt number, 37, 342 
Sea water, 392 
Self-diffusion, 564 
Semiplastics, 739 
Separators, 380, 454, 457 

steam, 380, 455 
Series, Fourier; 645, 663 

infinite, 7 4 7 
power, 31 

Serpentine coolers, 727 
Shear stress in fluids, 27 
Shell-and-tube condensers (see Condensers) 
Shell-and-tube exchangers (see Exchangers) 
Shell-side film coefficients (see Heat-transfer 

coefficients) 
Shell-.sid-e equivalent diameters, crossfiow, 137,838 
Shell-side flow area, 138 
Shell-side mass velocity, 137 
Shell sizes, 129 
Shocking for scale removal, 382 
Sieder-Tate equation, 103, 206 
Sieder-Tate heat-transfer factor, 104 
Skin friction, 55, 342 
Slabs, unsteady conduction ju, 645. 657 
Slag in boilers, 67 4 
Sludge as fuel, 67 5 
Slurries, 725--727 
Soaking in cracking, 679, 682 
Soap in water conditioningt 380 
Soda ash, 433 
Soda process, 426 
Soda waste liquor, BPR of, 430 

evaporation of, 425--433 
specific heat of, 429 

Sodium carbonate, 426 
Sodium chloride, 398 

number of effects for, 416 
Sodium hydroxide, 161, 398, 399, 426 

boiling point vs. pressure relations of, 435 
cooler for, calculation of, 238 
corrosion by, 438 
evaporation of, 433-442 
number of effects for, 416 
relative heat contents of, 438 
speeific-gra vity curve of, 436 
specific-heat curve of, 437 

Sodium sulfide, 426 

Sodium zeolite, 381 
Solids, specific heat of, 799 

thermal conductivity of, 795-'199 
Solids in beds, 66!Hl70 
Solution exchangers, 160 
Solutions, ideal, 319, 495 

nonidee.l, 320, 324 
Source, definition of, 1 
Specific graYity, of alloys, 799 

of hydrocarbons, 809 
of liquids, 808 
of petroleum fractions, 809 
of metals, '199 

Specific heat, of alloys, 799 
of gases, 190, 806 

correction for pressure, 191 
of granular solids, 750 
of hydrocarbon liquids, 806 
of hydrocarbon vapors, 807 
of liquids, 80!1. 
of liquid solutions, 161 
of metals, '199 
of petroleum fractions, 806 
of vapors, 807 

Speotral energy, 64 
Spheres, rS.diation fromt 77 

unsteady conduction in, 645 
Split fiow, 245, 274 
Split-ring aasembly, 133 
Split-ring floating-head exchangers, 133 
Spray coolers, 730 
Spray driers, 576 
Spray ponds, 576, 579, 581 
Spray towers, 576, 579, 581, 600 
Spray washers, 570, 611 
Square pitch, 128 

rotated, 128 
SSU (see Saybolt Seconds Universal) 
Stage heater, 388 
Stanton number, 37 
Stationary tube-sheet exchangers, 129, 131 
Steady state, definition of, 11 
Steam, bleed, 387 

condensation of, 253 
economy of, in evaporators, 384, 413, 416 
as heating medium, 163, 167, 203, 207, 211, 242, 

464 
optimum use of exhaust and process, 165 
superheated, 386 

as hea.ting medium, 164, 198 
Steam boilers, 67 5 
Steam distillation, 222, 337, 352 
.Steam engines, i65, 301, 390, 397 
Steam generato-r, unfired, 457, 48G 
Steam hea.te.r, ca.lcula.tion of, 161 
Steam load in surface condensers, 305 
Steam loading in surface condensers, .306 
Steam motive in ejectors, 395, 446 
Steam pressure drop in shells and tubes, 165 
Steam tables, 815-819 
Stsam turbines, 165, 301, 386, 390, 397 
Steel industry, 624, 664 
Steel pipe dimensions, 843 
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Stefan-Boltzmann constant, ·74 
Stefan-Boltzmann law, 69 
Stokes, 28 
Storage tanka, free-eon vection heaters for, 217 
Straw oil, 4, 46, 231 
Streamline flow, in condensate iilms, 256 

transition from, 270 
definition of, 29 
dimensional analysis of, 40 
in 1-2 exchangerst mixed, calculation of, 203 

unmixed, calculation of, 207 
fouling factors for, 214 
parabolic velocity distribution in, 40, 201 
in pipes and tubes, core tubes for, 209 

correction of, for free convection, 206 
heat-transfer equation for, 103 
highest attainable temperature .in, 201 

in shells, 214 
variation of Reynolds number in, 202 

Streamline flow and free convection, 206 
Streamline shapes, 605 
Strip heaters, 754-756, 759 
Stripping {see Disttllation, steam) 
Subcooling, 269, 280, 282, 289-298 

in surface condensers. 305 
Subcooling zone, horizontal, 294, 331 

vertical, 289 
Submerged pipe ooil, 723"-725 
Submergence in condenser~subcoolers, -289, 294 
Sucrose (see Sugar) 
Suction pressure, 305 
Suction tank heater, 738 
Sugar, 398, 401, 417-426 
Sugar solution heater, 167 
Sugar solutions, BPR for, 420 

evaporation of, 418-427, 447-449 
number of effects of, 416 

specific heats of, 420 
SuUate process, 426 
Sulfite liquor fermentation, 427 
Sufite process, 426 
SuUur dioxide, 690, 729 
Superheat, 252 

in distilling column, 454 
in steam vs. organics, 281 

Superheated steam, 281, 818 
Superheated vapor, 281, 283, 454 
Superheaters, in furnaces, 675 
Surface, effective, in radiant-heat tranafer, 78-82, 

683, 684, 686 
in tubular eqnipment, 129, 306 

Surface coefficient of heat transfer, 18 
Surface condensers, 301~09, 427, 433 

coefficients for, 306 
dual-bank, 304 

Surface tension of organics and water, 376, 381 
Suspelll!ions, 725 
Sutherland constant, g 

T 

Table salt, 398 
production of, number of effects for, 416 

Tails in multicomponent mixtures, 329, 333 
Tank suction heater, 738 
TBP (••• True boiling point) 
Temperature, absolute, 3, 5, 74, 192 

in adiabatic compression, 192 
arithmetic mea.n, 46 
bulk, 206, 215 
caloric; 93-97 
conversion factors for, ·794: 
cut-off, 639 
dry-bulb, 571 
film, in condensation, 260 

in forced convection, 99 
in free convection, 215 

mean, 201 
periodically varying, 625 
pipe-wall, 97 
tube-akin, 713 
wet-bulb, 57G-573 

Temperature approach, in barometric condensers, 
396 

in cooling towers, 594, 607 
in exchangers, 146 

Temperature control, 765-789 
Temperature cross, )46, 175 

in desuperheater-condensera, 284 
increase of, in exchangers, 175 

Temperature difference, ·85 
arithm~tic mean, 201 
critical, in evaporation, 376, 877 

in vaporization, 460 
in desuperheating, 282 
effective (see Temperature difference, true, 

weighted) 
between fluid and pipe, 41 
logarithmic mean, 42 

calculation of, 9Q-93 
correction factors in, for 1-2 exchangers, 818 

derivation of, 144 
correction in, for 2-4 exchangers, 829 

for 3-6 exchangers, 830 
for 4-8 exchangers, 831 
for 5-10 exchangers, 83ll 
for 6-12 exchangers, aas 
for R greater than 20, 729 

counterfiow derivation of, 87 
parallel-flow derivation of, 90 

mean, 201 
optimum, in coolers, 158-160 

in beaters, 16!) 
with parti"l phase changes (••• Temperature 

difference, weighted) 
in power-plant evaporators, 383 
in submerged pipe coils, 724 
true (see Temperature difference, weighted) 

from ASTM curve, 354 
in atmospheric coolers, 736 
in bayonet exchangers, 740-745 
comparison of, between 1-2 and 2-4 excbaDg­

ers, 177 
in condensation, of binary mixtures, 319 

of vapor from noncondenaahle gas, 843 
in condenser-subcoolers, vertioal, 295 



SUBJECT INDEX 869 

Temperature d.i~erence, true, in condensing mix-
tures, 314 

in counterflow, 97, 553 
in croasflow, 546--553, 727-728 
crossBow correction -curves in, 549 
crossBow vs. parallel-counterflow, 547, 553 
in desuperheater-condensers, 283 
in divided flow, 479 
in ·I-2 exchangers, 139-147, 828 
in 2-4 exchangers, 176--179, 8~9 
in horizontal thermosyphons, 479 
for R greater than 20, 729 
in series-parallel counterflow, 117-120 
in split-flow exchangers, 245 
from TBP curve, 354 
in trombone coolers, 727-728 

vs. tube length, 86 
weighted, in condensa.tiont of miaeiblee. and 

immisoibles from noncond-enea.hle, 356 
of multlcompone.nt mixture, 329, 332 

in -condenaer-subcoolers, horizontal, 295 
vertical, 290, 291 

in condenaera, batch, 639 
in desuperheater-condeneers, 283 

caleulat;on of, 286 
in preheater-vaporizera, 461, 465 

Temperature-difference correction for R greater 
than 20, 729 

Temperature distribution, vs. heat load, in con­
densation, 282, 313 

in counter8ow, 42 
in moving fluid$, 202, 747-751 
in moving solids, 748 
va. tube length;. in 1-2 condensers, isothermal 

condens~tion of, 283 
in counterflow, 86 
in 1-2 desuperheater-condensers, 283 
in 1-2 exchangers, 140, 145, 176 
in 2-4 exchangers, 176 
in parallel flow, 86 
in split flow, 2~5 

Temperature effect on thermal conductivityt 8 
Temperature-entropy plot, 574 
Temperature gradient, 2 

in petroleum soaking, 679, 682 
in streamline flow, 202 

Temperature range, 85 
in condensati~n, 281, 285, 313, 314 
in desuperhee.ting, 285 

Temperature rise in surfaee condensers, 305 
Tempering coils, 544 
Terminal-temperature difference, 306 
Theory of models, 38 
Thermal conductivity, of alloys, 79!1 

of building and insulating materials, 79&-798 
conversion factorS for, 7941 
from electrical conductivities, 12 
experimental determination of, for liquids and 

gases,8 
for nonmetal solids, 7 

of gases, 190 
and vapors, 801 

Thermal conductivity, of granular ooli&, 749 
of hydrocarbon liquids, 803 
influence of temperature and preaaure on, 8 
of liquid solutions, 161 
of liquids, 800 
of metals, 799 
of petroleum fra.ctions, 803 
units of, 7 

Thermal cracking, 678, 679 
Thermal diffusivity, 11, 641, 662 
Thermal-expansion elements, 767 
Thermal shock for scale remaval. 382, 733 
Thermocompression, 418, 442-447 

steam economy of, 444 
steam requirement for, graphs, 4'3 
sugar evaporation by, 447-451 

Thermocompression.evaporation, 447-449 
Thermocouples, 767 
Thermodynamics, definition of, 1 
Thermometer wells, 775 
Thermosyphons (see Reboilers, na.tural-circula.· 

tion) 
Time of· cooling and heating batches, calculation 

of, 635-{!37 
with coU-in-tank, 625-628 
with counterflow exchangers, 625, 628-631, 

633-635 
with 1-2 exchangers, 626, 631-633, 635 
with 2-4 exchangers, 633, 635 
with jacketed vessels, 625-628 

Time of cooling and heat;ng soli&, 639-662 
(See also Conduction, unsteady) 

Time of reaction, 624 
Toluene, 113, 338, 502 
Total emissive power, 65 
Towers (••e Direct-contact trs.nsfer; Distilling 

column). 
Transfer unit, 570, 590 
Transition region, 52, 103 
Transition velocity, 53 
Trapout, 457 
Trea.tingt chemical, 298 
Triangular pitch, 128 
Trickle coolers, 727 
Trombone coolers, 727-730 

temperatuce difference in,· 727-728 
Trouton's rUle, 495 
True boiling point (TBP), 353 
True temperature difference (••• Temperature 

difference) 
Tube bank (see Tube bundle) 
Tube bundle, 135, 217, 229 
Tube coils, 625 
Tube counts, 134, 226, 8410, 84.1 

reduction of, for extra passes, 248 
Tube diameters, common, 228 
Tube expanding, 127 
Tube lengths, common, 228 
Tube passes, 131, 227 
Tube pitch, common, 128 

radial, 305, 307 
staggered, 272 

Tube resistance to heat transfer, 309 
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Tube rolling, 127 
Tube-sheet layoute, 128, 133, 840, 841 
Tube sheete, 127 
Tube standards, 228 
Tube stills (see Fumaces, petroleum-refinery) 
Tubes, bent, 382 

common sizes of, 128 
field, 738 
serpentine, 382 

Tubular equipment (••• Exchangers, shell-and· 
tube) 

TUbular Ezclmnger ManU.{adurerSJ Association, 
S!Gndarda o/lke, 137, 148, 828-834, 837, 845 

Turbines, 165, 301, 386, 390 
Turbulent flow, in condensate films, 270 

definition of, 29 
Two-pooition control, 770 

u 

ut over&!! coefficient of beat transfer, 86 
U-bend exchangers, 135 

double-tube sheet, 135 
as suction heaters; 740 

Ultraviolet; 66 
Unit r-esista.nce, definition of, 18 
Unite, consistent, 37 
Unsteady conduction (••• Conduction) 
Unsteady state, 624 

v 

Vacuum, in evaporation proceaaeaJ 393 
gaseo under, 191 
in autface condensers, 305 

Vacuum processes, 390 
water temperatures for, 594 

Valveo, regulating, 767 
Vander Waals' equation, 191 
Vapor, saturated, 282, 289 

superheated, 281 
Vapor belt, 271 
Vapor binding, 376, 378 
Vapor-diffuoion (• .. Difiusion) 
Vapor-liquid equilibria in phaae rule, 313 
Vapor.liquid relatio,..hipa; of biiu•ry mixtureo, 

318 
of multioomponent mixture, 319-329 
of vapor and noncondensable gas, 339 

Vapor mixtures (••• Condensation of mixed 
vapors; Vaporization) 

common types of, 315 
compooitions of, 313 

Vapor pressure, of hydrocarbons, 811 
of water, 816 

Vapor-recovery syetem, 222 
Vaporization,252,322,326,375,400 

blanketing in, 468 
from clean surfaces, 459 
maximum ooeflicients for, .Ut 
from poole, 459 
(See aloo Evaporation; Evaporators; Vapcr­

U:era; Reboilersl 

Vaporizers, 102, 378, 453, 468, 459 
1-2 exchangers as. 459, 461 
forced-circulation, 454 

calculation of, 464-468 
as evaporators, 470 
film coefficiente for, 461 
isothermal boiling, 461 
maximum allowable flux, 4119 
maximum coefficient, 460 
nonisothermal boiling, 468 
preosurs drop in, 461-463 
pump probleiDB in, 457 
specific· gravities in, 461-463 
vapot'!f in tubes of, 470, 471 

forced- vs. natural-circulation, 457 
fouling in, 455 
natural-circulation, 456 

hydrOstatic head in, 456 
maximum allowable flux in, U9 

preheating in, 461 
recirculation in, 455, 456 

Vaporizing equipment, classification of, 378 
Vaporizing exchangers, 378, 453, 458 
Vaporizing processes, 453, 465 
Velocity, of drainage, 256 

of water, in coolers, .155 
in surface conde,..ers, 306 

Velocity distribution, parabolic, 40, 201 
Velocity gradient, 27 
Vertical condensers (see Condensers, shell-and 

tu!?e) 
Vertical condenser-aubcooler, 28\1 

calculation of, 29Q-293 
Vessels, with coils, time for heating, 626-628 

direct-fired, 709 
jacketed, heat-transfer coefficiente for, 716-719 

time for heating, 626-628 . 
Viscosity, 27 

of animal and vegetable oils, Ul 
conversion chart for, 820 
conversion factors fepr, 71' 
of fatty acids, 811 
of gases, 190, au,, BillS 
of liquids, 8211, US 
of liquid solutions, 161 
of petroleum fractions, 811 
pound-force, 28, 258 
pound-mass, 28, 258 

Viscosity correctiont for gases, UO 
foJ; nonisothermaillow, 99, 120 

Viscous flow (••• Streamline flow) 
Volumetric equivalent diameter, 555 
Volumetric heat-transfer coefficient, 668, 669 

w 

Waste heat recovery, 192 
Waste liquor; sulfate, 426 
Water, a.lgae in, 154, 724 

as cooling medium. 154, 161, 193, 594 
distilled, 165, 384, 443 
evaporation of {a .. EV&I!Oration) 
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Water, hllol'd and soft, 380 
optimum outlet temperature of, in exchangers, 

158 
calculation of, 159 

in power cycles, 301 
raw, 155 
sea,392 
in shells, heat-transfer coefficients of, 137 
treatment of boiler-feed, 38()-382 
in. tubes, heat-tr.ansier coeffiei~nts of, 155, 

8311 
velocity of, in coolers, 155 

in surface condensers, 306 
well, 285 

Water conditioning, 38()-382 
Water boxes, 129-133, 305' 

Water reuse, 577 
Wavelength, 4 
Weighted temperature difference (au Tempera­

ture difference) 
WeU water, 2S5 
Wet-bulb temperature, 57D-573 

vs. dew-point, 573 
Wet gases, coolers for, 195 
Wien's displacement law, 66 
Wind, maximum velocities of, 597 

summer data on, 582 
Wood as fuel, 675 

z 

Zeolite proceas, 381 
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